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PE1 PE ON TAP GIUA HOC KY I NAM HOC 2026-2027

MON: TOAN 12
Thoi gian lam bai: 90 phut

DANG THUC 1: Tric nghiém nhiéu phwong an lra chon. (3 diém) Thi sinh tra 101 tir cau 1 dén cau

12. Mdi cau héi thi sinh chi chon mot phuong an.

Cau 1. Cho ham sé ' / (‘) c6 bang xét ddu dao ham nhu sau
X |-o =2 0

[ ]

400

3 \ + 0 _ | - 0
Ménh dé nao dudi day ding?
A. Ham sd nghich bién trén khoang (—:-2) .
B. Ham s6 dong bién trén khoang (72; 0) .
C. Ham s6 dong bién trén khoang (7902 O) .
D. Ham s6 nghich bién trén khoang (0 2).

Cau2. Choham s * =/ ()¢5 ¢ thi nhu hinh v& bén.

VA
54
4
\ﬂ—
55
].-

X

. —»

Ménh dé nao sau day la ding?
A. Ham s6 di cho dong bién trén khoang (0: 2).
B. Ham s6 dé cho dong bién trén khoang (- +JO)
C. Ham s di cho nghich bién trén khoang (71; 2)
(1)
Cau 3. Cho ham sé =/ 1) lién tyc trén R va o6 dao ham

y=r(x) dong bién trén khoang nao dudi day?
A (2) g. (=71, c. (),

D. Ham s6 di cho nghich bién trén khoang
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Cau 4. Cho ham J (’C) ¢6 bang bién thién nhu sau:

] —ox [ 3 + o0

f'fzx) + 1] 0

f(x) / ) \

o0

Gia trj cuc tiéu cia ham sé da cho bang
A 3. B. . C. 0, D. 2.

Céu 5. Cho ham sd f(x) , bang xét ddu cua ]’(x) nhu sau:

X ‘ —=n -1 0 1 4+
f(x) ‘ + 0 - 0 — 0 +
S6 diém cuc tri cua ham sb da cho 1a
A0, B.2. C. 1. D. 3.
Ciu 6. Diém cuc tiéu ciia dd thi hams§ = % #4379 13
23]
A (B8 g, (0:5) c.\327), p. (1:0)
cv=(4-7) 11 : 1
Cau 7. Ham so ! li -' c6 gia tri l1on nhat trén doan [ 1’1] la
A. 10 B. 12, C. 14, p. 17,

Cau 8. Cho ham s6 - / (l) c6 bang xét diu dao ham nhu sau

T |—:x: —3 -2 -1 0 1 +oC

f(z) + 0o 4 o - 0o + 0 - o0 -

Gia trj 16n nhat cua ham sé y=1 (‘) trén khoang (-t +J@) bang

a0, g/ (2), c. /D), p. /().

A =1 (x) lim f(v)=1  lim f{x)=-I . o
Cau 9. Chohamso = cO va 't . Khang dinh nao sau day la khang
dinh diang?

A. D6 thi ham s6 da cho c6 hai tiém cin ngang 1a cac dudng thang X = Iya x=-1
B. D6 thi ham s6 da cho khong c6 tiém can ngang.
C. D6 thi ham so6 da cho c6 dang mot ti€ém cén ngang.

D. Db thi him s6 d cho c6 hai tiém can ngang 1a cic duong thing ¥ =1 va V="1,

Cau 10. Ham s6 nao sau day c6 mot tiém can:
X+3 _'.,"\' Fiv=2 4 2x

V r=-— V=— V=

A, :2.1'—]_ B. x+3 c. x-1 D. X+l
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Lo +b

Cau11l.Chohamsé ~~ ¢¥—1 ¢g dd thi nhu hinh v& bén dudi.

by |

2
O R

—

Gi4 tri cua tong S=a+b+c béng

A.5=0, B. S=-2. C.5=2, D. =4,
Ciu 12. Bang bién thién duéi day 1a cia ham sé ndo trong cic ham sb sau?
T |—oo 0 2 +0o0
Y + 0 - 0 +
2 +oo
y
oo —2
A V= —x 43 -3 B. = o3 - c. V= v =32 p. V= v =3 2

DANG THU'C 2: Tric nghiém ding sai (4 diém) Thi sinh tra 10i tir cdu 1 dén cau 4. Trong moi y a),
b), ¢), d) moi cau thi sinh chon ding hoac sai.

Céu 1. Cho ham sé /() xac dinh trén R va c6 bang bién thién nhu hinh v&.
I - ;x_ 1 3 T +OD
f'(x)

- 0 + 0 - 0 4
+09 19 +00
/
flx) /
—17
—18
(7:420)

a) Ham so dong bién trén khoang * ~

py [ (N=706),

¢) Ham sb nghich bién trén khoang (1; 7) .

x’—z

d) Phuong trinh S5 lam nghiém duy nhat.
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Cau 2. Cho hamsé * =/ (%) ¢4 dao ham lién tuc trén R . Hamsé -~ =/ (%) e thi nhu hinh dudi

day.

y = f(x)

SN

a) Him sb -~ /() ¢6 hai cuc tri.

b) Ham sd v=/(x) ddng bién trén khoang (& +'73).

o F (1= 2)=1(4)

d) Trén doan [-14] thi gia tri 16n nhat cia ham sb v=[(x) la f(1) .

Ty

Céu 3. Cho ham sé vt ¢oddthila (C) Xét tinh ding sai cta cac khing dinh sau:

V=

a) Do thi ham s6 (C) c6 hai duong tiém can.

b) Giao diém cia hai tiém can la 7 (270).

¢) Khoang céch tu O @n tiém can xién béng 42 .

d) Puong tiém can xién cta dd thi ham s6 (C) di qua diém M (U: _4) )
ST

|
A \ AT - r A 1N \ C
Cau 4. Cho ham so vt2 6 dod thila duong cong ( )
a) Biet ham s6 c6 2 diém cuec tri khi d6 tong cua gid tri cuc dai va gia tri cuc tiéu bang —4.

\ ‘A A ‘A ” A PR X 4. LR . N 1
b) Buong tiém can xién cua do thi ham so6 di qua diém ( )

SN )
ba | L

3|' -~
\ -4 i . (C A , fs 4o 2 —3dr—h= . -2 \
¢) Phuong trinh ti€p tuyén voi ( ) vudng goc véi duong thang * ~ - 0=0 g qua diém /

Iv+3=m | i

A .'-: ra 2 . .
d) Bé phuong trinh © _| ¢6 4 nghiém phén biét thi 7> 2

DANG THUC 3: Tric nghiém tra 16i ngin. (3 diém) Thi sinh tra 1i tir cau 1 dén cau 6.
' : v oe(—L0)x, e(1:2)

A \ A T =0x 4 |'I].'l_-" = Ot ] . . I4 R X, X 5 ~
Cau 1. Cho hamsb ' = ¢ CUT Y dat cuc tri tai cac diém 172 thoa méan

cAL 1N A 4 < A ~ , XX, N 1e 1 AL co4eR . A A
Biét ham s6 dong bién trén khoang ( e ) Do thi ham so cat truc tung tai diém c6 tung d6 am. Trong

cacso & b va ¢ coO bao nhiéu sO0 am?
2+ 20x+ 18

r + R + R X=X \ R sl w X =
13 co diem cuc ti€u I va diém cuc dai bang

Cau 2. Cho ham s
Tinh'p_ _.x|+.x3'
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Ciu 3. Nong do thudc trong mau ctia mot bénh nhan ? gio sau khi tiém 1a C(t) (mg/ml) véi C(t) duoc

. 0.4
(_"|:Ir}= 1.2 : 00!3 N , N ‘ e ~

cho boi cong thuc ¢ +1 . Tim ndng do thudc ton du, tirc 1a nong do thudc van con trong
co thé thé nan nhan trong dai han.

Cau 4. Mot coe chira 25 ml dung dich NaOH vé6i nong do 100 mg/ml. Mot binh chira dung dich NaOH

, re A A A \ 4 C(x) 10 A <A \
khac vo1 nong do 9 mg/ml duoc tron vao coc. Goi ( ) la nong do cia NaOH sau khi tron * (ml) tir
binh chira, ta thay nong d6 cua NaOH trong coc s€ luén giam theo * nhung luén 16n hon mot s6 4. Tinh
a?

Cau 5. Gia str doanh s6 ban hang (don vi triéu dong) ctia mot san phdm méi trong vong mot sé ndm nhat

. ) =53000 4 me .
dinh tuan theo quy luat logistic dugc mé hinh hoa bang ham so ) (¢ + e }, v6i 120 13 thoi

gian tinh bdng nam ké tir khi phat hanh san phim m&i, 7 =0 13 tham s6. Khi d6 dao ham /() s& biéu
thi toc d6 ban hang. Biét rang tdc do ban hang ludn ting trong khoang thoi gian 10 ndm du phat hanh
san pham, khi d6 gia tri nho nhit ciia " bang bao nhiéu?

Céu 6. Bac Binh sir dung mot khiic gd hinh tru c6 dudng kinh bang 32 cm dé 1am mot chiée xa nha. Bé
dam bao tinh thAm mi thi bac Binh du dinh s& cho tho xé khiic gd thanh mot chiée xa co tiét dién ngang
(1a mién gach soc nhu hinh v& bén) bao gdm moét hinh vudng 4BCD va 4 miéng phu 13 4 hinh chit nhat

A.B.C.D

M A s R M A \ \ T s A r s 10 M
bang nhau. Bon diém nam trén dudng tron ( ); miéng phu MNPQ 6 hai dinh M-V nim

A \ \ T \ . 39 M A - , A ’ 5 < A A \
trén duong tron ( ) va hai dinh P.Q nam trén canh 48 . Mit khéc, dién tich cua tiét dién ngang cang
16n thi chiéc xa chiu lyc cang tot. Hoi bac Binh c6 thé tao ra mot tiét dién ngang ¢6 dién tich 16n nhat
bang bao nhi€u centimet vudng (lam tron két qua dén hang don vi)?

Dang thic 1

Dang thurc 2
Dung
Sai Sai B;m bung
bung | Pung | Sai | PBung
Sai | Bung D;m Sai
Dang thirc 3
1 0,013 mg/ml 9 684 om?
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4

-2

GIAI CHI TIET

DANG THUC 1: TRAC NGHIEM NHIEU PHUONG AN LUA CHON

Cau 1. Cho ham sé ~ =/ (%) c6 bang xét dau dao ham nhu sau:

X |—,:r_tu =2 0

440

3 ‘ + 0 _ | _

nao dudi day ding?
, , —ope =D

A. Ham s0 nghich bién trén khoang (—0:-2) .
B. Ham s6 dong bién trén khoang (72;0) .
C. Ham s6 dong bién trén khoang (_xjg 0) .
D. Ham s6 nghich bién trén khoang (0; 2).
Loi gidi.
Tur bang dau:

"(x)>0 . (=202} . .. £ 2 X N . \
A ¥) trén (—2i-2) nén ham so6 dong bién trén khoang nay.

Lo ) 8

Ménh dé

./ (x)<0 trén (72;0) va (O; 2) nén ham sb nghich bién trén cac khoang do.

~ —o0; 0 A 5 TR A oy = — ~ \ Je ~ b e ~ \
* Trén ( * ) , dau cua ! (x) doi tor duong sang am tai ¥ = 2 nén ham sb khong dong bién trén toan

khoang.

Vi vay ménh dé dung 1a D.
bap an: D.

Cau 2

Cho ham sé =/ (%) ¢ ¢ thi nhu hinh vé& bén.

VA

-1+

Ménh dé nao sau day 13 ding?

A. Ham sb di cho dong bién trén khoang (0; 2).

B. Ham s6 d3 cho ddng bién trén khoang (- +JO) .
C. Ham s di cho nghich bién trén khoang (_1; 2) .

D. Ham s6 di cho nghich bién trén khoang (=:1) .
Loi gisi.
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Quan sat d6 thi, khi X tang tir —© dén 1, gia tri /() giam lién tuc; tai ¥ =1 @9 thi dat gi4 tri nho nhat
rdi tang trd lai khi ¥ > 1.

Do d6 ham s6 nghich bién trén khoang (_Z; l) :

Pap an: D.

Cau 3

c v=1f(x v )=(1—-x :'_'.,'- _7‘—.,
Cho ham s6 - f('\) lién tuc trén R va c6 dao ham fle)=(=x) (e )

V .
Hamsb * /(%)
—c0; l)

ddng bién trén khoang nao dudi day?
Al
g, (=),
c. (13),
Loi gidi.

(1-x)" 20

e N v+ 1) (3—-x
Taco* vO1 moi ¥, nén dau cua - i A '

%) eha yéudo BT quyét dinh.

Céac mdc ddi ddula x=-1, x=1 x=3 Trong do x=113 nghiém bdi chan cua j’(x) nén déu cua
/() khong dbi khi qua ¥ =1.

VG X <1 (x+1) "‘;0, 3-x>0 pen -f'(“')<0.

eVoi 1<x<3 x=l, (:.\'+1)3 7”0, 3-x>0 pan f'(“')>0_

VG X >3- {:_\'+1]3 7‘""0, 3-x<0 pen -f'(“‘)<0'

. Lo x —1:3 : .
Vi thé ham s6 dong bién trén ( E ) Trong cac phuong &n da cho, khoang (1’ 3) nam hoan toan trong

khoang dong bién.
Pap an: C.
Cau 4
Cho ham J (x) c6 bang bién thién nhu sau:
T —0Q 0 3 +0o0
fi(r) + 0 — 0 +
+oc
f(z) \
o 5

Gia tri cyc tiéu cua ham so6 da cho bang

Loi giai.
Tai ¥ = 3 , dao ham do6i dau tir am sang duong nén * = 3 1a diém cuc ti€u cua ham so. Theo bang bién
thién,
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f(3)=-5.

Vay gid tri cyc tidula =3,
Pap an: B.
Cau s

Cho ham s f(x), bang xét ddu cua _f'(x) nhu sau:

X ‘ - =1 0 1 +a0
f’{x]‘ + 0 - 0 — 0 +

S6 diém cuyc tri cua ham sé da cho 1a

A0,

B. 2.

C. L.

D. 3.

Loi giai

eTai ¥~ -1 , ! (x) d6i diu tir duong sang am nén ham s6 co mot diém cuc dai.

. _ ! X)= 0 X N ” . , A A N — A b e R .
eTai ¥ = 0 , A ) nhung dau ctia S (x) 0 hai phia déu &m, nén ¥ = 0 khong phai diém cuyc tri.
*Tai XY= 1 , f (x) ddi dau tir Am sang duong nén ham s6 c6 mot diém cuc tiéu.

Vay ham s6 o tit ca 2 diém cuc tri.

bap an: B.

Cau 6

Diém cyc tiéu ctia dd thi hams§ »' =+ 1 2
A (-1 —8).

B. (&%),

1)
C. 3 27 .

p. (L0).
Loi gidi.
Ta co

Suy ra hai nghiém la

N1A A o 2 A A
Vihé socua X~ trong ¥ 4m nén

Taco ¥ <0 tren (_x"_]) va V>0 tren [ 2/,
Do d6 ¥ =~ 1a diém cuc tiéu ctia ham sd.

Tinh tung do:

V(=== (=1) (1) #5(-1)-5=-8.

Vay diém cyc tiéu cua db thi la (_l' _8).
Pap an: A.

Cau 7

Ham sb
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y=(4-27) 4]

c6 gia tri l6n nhét trén doan [71;1] la
A 10,

B. 12

C. 14,

D. 17,

Loi giai.

vei VSl g g 0507 <1

Do 4—x >0 pan [4-x7) =10

o max y=1o+1=17.
Déu bang xay ra khi ¥ =0 Vi vay =]

bap an: D.

Cau 8

Cho ham sé - / (x] 6 bang xét dau dao ham nhu sau:

vl 3 2 0 1 4o
J(=) + 0 + 0 - 0 4+ 0 — 0 -
Gi4 tri 16n nhat cta ham s6 y=/ (x] trén khoang (=& +m) bang
a /),
g/ (2),
c. /D),
p. /(0

Loi giai.

(-0) f(x)>0

Trén khoang nén ham s6 dong bién.

Trén khoang (0;1) va (l"' +Z) , S(x)<0 nén ham sb nghich bién.

(=L+e0

Vi vay khi xét trén ) , ham s6 tang dén * =0 sau d6 giam. Do d6 gi4 tri 16n nhat bang
/(0).

Pap an: D.

Cau9

Cho ham s y=/ (l) co
_lj‘m fx)= ]._lipn flr)=-1

Khang dinh nio sau day 14 khang dinh diing?

A. D6 thi ham s6 da cho c6 hai tiém cin ngang 13 cac dudng thang X = Iyax=-1
B. D6 thi ham s6 da cho khong c6 tiém can ngang.

C. D6 thi ham s6 da cho c6 dung mdt ti€ém can ngang.

D. Db thi him s6 d cho c6 hai tiém can ngang 1a cic duong thing ¥ =1 va V="1,

Loi giai.
Theo dinh nghia ti¢m cén ngang, tu
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lim f{x)=1
suy ra y=1p mot tiém can ngang. Tuong tu, tir
lim fix)=-1

suyra = ~l1a mot tiém can ngang.

Vay db thi c6 hai tiém can ngang 1a V' = 1y v=-1

Pap an: D.

Cau 10
Ham s6 nao sau day c6 mot tiém can?
x+3
V=
A, 2x-1,
_I_.': P D,
I
B. x+3
4
.1.-‘ e
C. x—1
2x
V= —
D. Y+ 1
Loi giai.
Xét tung phuong an:
X+3 1 1
v= X =— y=—
A. 2x =1 ¢6 tiém can dimg 2 vatiém can ngang 2:¢6 2 tiém can.
B. Ta chia da thurc:
4+ 3x-2 2
3 x43

Do d6 dd thi ¢6 tiém cén dimg ¥ = =3 va tiém can xién ¥ = ¥: ¢6 2 tiém can.

- 4
C. -1 ¢6tiém can dimg ¥ =! va tiém cén ngang ¥ = U.¢6 2 tiém can.
D. Vi ¥ +1>0 y6i moi X nén khong co tiém can dung. Ddng thoi

L
lim ——=10,
nén db thi chi c6 mot tiém can ngang ¥ = 0
Dap an: D.
Cau 11
__ax+b

Chohamsé ~ <¥—1 ¢6 do thi nhu hinh v& bén dudi.
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Gia trj ctia tong S=a+b+tc bangA. $=0.

B.S=-2,
C.5=2,
D. S=4,
Loi gidi.
1
. N , en—1= e v=—,
T d6 thi, ti€ém cén dung la * = 1. Véimausd ex—1 ,tacod 4
1
—=l=c=1
Do d6 =
Tiém can ngang trén hinh la y=-1 . V&1 ham phan thure bac nhét trén bac nhét, tiém can ngang la
a a
J,’ = —_, — = —1 .
¢ Suyra ¢
vi¢=1pgpa=-1
D) thi cét truc hoanh tai * =2, do d6 24 +h=0.
Thay a:—l: 24+ h=0=H=2,
Vay S=atbhice=-l1+2+1=2
Pap an: C.
Cau 12
Bang bién thién dudi day 1a cua ham so nao trong cac ham so sau?
T | —oo 0 2 T+
Y + 0 ~ o +
2 +oo
y
o —2
A y=—XxX + 3.1':—1
B VY=X I -1
C yr=2x _1.. 2
D yY==x —3.1': 2
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Loi giai.
Tir bang bién thién, dao ham phai c6 hai nghiém ¥ =0 va X=2 ddng thoi c6 dau +0—0+.

Xét phuong an D:
v=oa =34 2
Ta ¢6 _1'I = 3.1': —br=13x [.,— 1}
Suyra ¥ = 0 tai ¥=0 ya ¥=2 vgidiu dung nhu bang bién thién.

=2, ¥(2)=8-12+2==-2

Ngoai ra Y (O)
ding vai cac gia tri trong bang.

Pap an: D.

DANG THUC 2: TRAC NGHIEM PUNG - SAI
Cau 1

Cho ham 6~ =7 ) x4c dinh trén R va c6 bang bién thién nhu hinh vé.

T |—oo 1 3 7 +o00
fi@)  — o 4+ o - 0 4
+oc —13 +o0o

f(z)
—17

—18

a) Ham s6 dong bién trén khoang (7; +T).

Loi giai. Trén (7; +m) , tir bang bién thién ta co S(x)>0 , nén ham s6 dong bién.
Keét luan: Dang.
F()</(3)
. Cill= =17 (31=—-11
Li gidi. Theo béng bién thien, | (1= 17/ (3)=—13.
Vi ~17<-13 ngn - ”{'HJ}.
Két luan: Piing.

¢) Ham sé nghich bién trén khoing (L7),
Loi giai. Trén (1’ 3) , M ) - nén ham s6 dong bién; con trén (3’7) , AC ) <0 nén ham so6 nghich bién.

Vi vay ham s6 khong nghich bién trén toan khoang (1; 7) .
Ket luan: Sai.
2

— = b X== y
)= nhan 3 1am nghiém duy nhat.

fe)=0ere1:3:7).

d) Phuwong trinh 3

Loi giai. Tir bang bién thién,

Do do ._.'r(_a_l.'—]:l= ]
= dr-le 37,
| 2.4 5]
Suy ra I 373 3]
2
xX=—
Vay 3 khong phai nghiém duy nhét.
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Két luan: Sai.
Cau 2

- /()

Cho ham s~ =/ (%) ¢ dao ham lién tuc trén R . Ham sé - c6 d thi nhu hinh dudi day.

y
y=f(z)

4\

Tur d6 thi ta doc duoc
flo)=0eve -1 4],

DAu cua _f(x) la:

< v . . .
a) Ham so - ¢0 hai cuwe tri.

Loi giai. Diu cua /(%) d6i khi qua ca ba diém —1, 1, 4. Vi vay ham sb c6 ba diém cuc tri.
Ket luan: Sai.

b) Ham s6 * /() dong bién trén khoing UH_I).

e eos ~ (1;4) ,}"(-\‘)<0 A \ £ . <k s N 4 1ax 4 re A £ A
Loi gidi. Trén , nén ham so nghich bién; chi tir ¥ > % ham s6 méi dong bién. Vi vay
khong thé déng bién trén toan khoang (l; +x) .

Két luan: Sai.
" -~ £ -

o )= £(2)>1(4)
Lo gigi. Tren (04) /() <0 60/ nahich bién. Vi

l<2<4
nén

F(1)= F(2)= 7 (4)
Két luan: Diing.
d) Trén doan [-1:4] thi gi4 tri 16m nhét ciia ham s6 =/ (x) I/ (1)
Loi gidi. Trén [_1;1] , ham sd déng bién; trén [1; 4], ham s6 nghich bién. Do d6 / dat gia tri 16n nhét

trén doan [_1;4] tai X = 1
Keét luan: Dang.
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o =2x4 2
A \ A Y= - ¥ , A PP (C) 7 ’ / e o 7 2 .

Cau 3 Cho ham so X+~ ¢o6dothila . Xét tinh dung sai cua cac khang dinh sau.
o =2v+ 2 1o
L x4 —.

Ta chia da thoc: ¥+ 2 x+2

Suy ra dd thi ¢ tiém can ding ¥ = 2 va tiém can xién ¥ = —4

A . \ A C , . \ oA A
a) Do thi ham so ( ) ¢0 hai dwong tiém can.

Li gidi. D6 thi co dung hai tiém can la ¥=—2 va ¥ =¥~ 4,

Két luan: Pung.
1(-2:-6)

b) Giao diém cua hai tiém can la .

Lo gidi. Thay ¥ =2 vao V=4 4.

rv=-2-4=-0.

. 2.

Do d6 giao diém 1a | (-3¢

Ket luan: Pang.

¢) Khoang cach tir O gén tiém cén xién bing 42 .

v—des r—p—4=10.

0-0-4 -
PR Ll RT3
F o+ (=1) J2

Loi gidi. Tiém can xién c6 phuong trinh - = -

Khoing cich tir ©(%0) dén duomg thing nay 1a

Khong phai 4\/5.
Ket luan: Sai.

d) Puwong tiém cén xién ciia do thi ham s (C) di qua diém MA0: _4) .
Lovi gidi. Vi ¥=0_ duong thing ¥ =¥~ cho =4 Vivay (%) thuse tiem can xien.

Két luan: Diing.

Cau 4 )
Cho ham s6
,'-.': } 3'. } 3
y=—— \
vt2 ¢6ddthila duong cong (C) .

r=x+1 : JEXE -
Ta cod vl

ol ] ::[_x. ) : }_
Suy ra e 2) (x+2)

a) Biét ham s6 ¢6 2 diém cuec tri khi d6 tong ciia gia tri cuc dai va gia tri cuc tiéu bang —4.

Loi gidi. Ta co

Phuong trinh ¥ =
r=-3vr=-1

0 ¢6 hai nghiém
Xét dhu V'

« V>0 tren (_Oﬁ_z));

e V<0 en (—3:-2) va (72:71);

. V>0 trén (_1:'+JO).

Do d6 ¥ =3 la diém cuc dai, ¥ = —1 13 diém cuc tiéu.

., . v(=3)=-3,
Céc gia tri cuc tri: - (=3)
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v(-1)=1.

Keét luan: Sai.
. oA ~ oA ., A Lps o K 3 X A(O;l)
b) Pudng tiém can xién cua do thi ham so di qua diém .
I
y=x+1+4
Loi gidi. Tu x+2
v+ 1.

suy ra tiém can xién la *' =~

Thay ¥ = 0 duge V=1, nén 4(0:1) thuoc duong tiém can xién.
Ket luian: Ping.

\ . X X .. (C A P [ \ 2 =3 —h= . R
¢) Phwong trinh tiép tuyén véi () vudng goc v6i duing thing ¥ ~3 ~0=0 g qua diém
I )
o -
5733
Loi giai. Puong thang ¥ 3V ~0=0
1
c6 hé s6 goc 3. Vi thé tiép tuyén vudng goc véi dudng thing nay phai co hé sb goc —3.
Ta giai y=-3.
]—;‘:—3 e ] —=4 T l
I I X to=T—.
Toela 12 (e 2) 2
3 5
A :_:..'. - _:.
Suy ra = -
3
xX=—=
Véi 2
3 1 3
r=—=tli—==
2 1/2 2
P T T
e
CBTS o e)
Vay *+ -~ =/ nam trén va ti€p tuyen tai B ¢c6 hé so goc 7.
Phuong trinh tiép tuyén tai B 1a
-% 4 1
p—==3|x+ 2
2 L2
v=-—3x—3.

hay - )
Do d6 khang dinh da cho dung.
Keét luan: Pung.

; 4 3x+3=mlr+2 A
d) Pé phuong trinh & 7 ' C " |'" | ¢6 4 nghiém phan biét thi 7> 2,
Loi giai. Vi -+ 7 3+ 350 y4i moi X, néu phuong trinh ¢6 nghiém thi phai c¢6 7>V

Vi X2 |.r+E|:.x'+E.

nén phuong trinh tré thanh ~ © + 2

i+ 4+ ——=m.
hay X+ 1
1

T Pay [ X }: o+ I+ —— . . , . . , X X
Trén (=2 ), ham 2o gi4 tri nho nhat bang 1 tai ¥ = -1 vi vay dé co hai nghi¢m &

phia x>=2 cap m>1.
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vei x<-2, rrd=-(ee2)
_'.,"t F 3+ 3
- = ik
nén x+2
. 1
f |:_.".'}= e Tl EEE
bit x+2

Trén (—x-,—Z) , h (x) dat gia tri nhd nhat bé'mg 3 tag ¥= -3 Vi vay dé c6 hai nghiém ¢ phia * < -2 ¢in
m > 3.
Mubdn ¢6 tong cong 4 nghiém phan biét thi phai ddng thoi c6 hai nghiém & mdi phia cua ¥ = =2, tic 1a
m > 3.
Vi thé diéu kién 7 > 2 1a khong dung.
Két ludn: Sai.
DANG THUC 3: TRAC NGHIEM TRA LOI NGAN
Cau 1
Cho ham s
v=ax +hx’ ot d

e - 2 , ~ X —LOyr, =( 12
dat cuc tri tai cac diém % théaman T [- )x s(l:2)

Biét ham s6 dong bién trén khoang (Y“'xl ) D6 thi ham sb cit tryc tung tai diém co tung do am. Trong

cac s6 & b

Loi gidi.

va € ¢6 bao nhiéu sO6 4m?

XXy 18 L 4R P A o R T PO V) ,
Vi “1°"2 13 hai diém cuc tri nén “1°2 1a hai nghiém cua » . Ta c6

V'=3ax" +2bx+c=3a (x—x {x—x,)
X )

. . A P R | S ez daly=x )r—x =0
Gitra hai nghiém Y10%2 tich (= Jx=x) . Do d6 muon afx=x)lr=x) thi @ <0.
So sanh hé so:

' >0,

\ A 2A ¥ ~ XWX n ,. Y EN. ,
Ham s0 dong bién trén (3:x,) nénVaéi ( ,taco -

3ax” + 2hv + ¢ =3ax” =3a(x +x, ) o+ 3ax v,

2h==3alx +x, ). ¢=3axnx,.

Suy ra !
3a
”:——[. 0 .".':} ]
Do <0 taco 2
" ' . R .
Mit khac <O<Xy KXy < 0. Do do & = v = 0.
Viy trong ba s6 a.b,¢ chico @ 1a 56 am.
Pap 4n: 1.
Cau 2
. 257+ 200+ 18
i ¥= ;[:'}:;
Cho ham so x+13

P=-2x+x,.

-

7 gr AR R X=X N gr R s X=X ’
c6 diém cuc tiéu I va diém cuc dai 2. Tinh
Loi gidi.

o (v)=2x+ ——.
Ta bién doi x+13

Suy ra
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j_ﬁ:[] - 2
Gigi f(¥)=0.  (x+13) e (xr+13) =9

Suy ra hai nghigm la * = 10 =10

) 3
."r'[_.'-.'}= T
Ta c6 Lot
N A e [ 1A 2 .
Tai ¥ =—16: fr(=10) nén ¥ =16 13 diém cyc dai. \
. ,__10 ,.".rrt;—]“]'.“.‘«“. N ,__10 P .2
Tai *= L nén ¥~ la diém cuc tiéu.
o= i [l i — =
Do do i 10. Vaflyjr 2=10)+(=1o)=4
Dap an: 4.
Cau 3
h A £ . , e LA A fooin e en ‘C(Z‘) . .
Nong dg thude trong mau cua mot bénh nhan ? gio sau khi tiém la , don vi mg/ml, véi
Clt)= ,[?‘J' £ 0,013,
. P

Tim ndng d6 thude t6n du, tirc 1a ndng do thude van con trong co thé bénh nhan trong dai han.
Loi giai.

by ~ £ LA \- e , Clt . ;
Nong do thuoe ton du trong dai han 1a gidi han cta ( ) khi ! = +%;

limC ()= lj:'n: 0,013 .

. 0.4 _ _
lim ———=10, limC{¢)=0.013.
Vi ""' 2 ’né‘n"' )
Vay nong do thudc ton du 1a 0,013 mg/ml.
0,013

Pap an:
Cau 4’ ‘
Mot coe chira 25 ml dung dich NaOH véi nong do 100 mg/ml. Mot binh chira dung dich NaOH khac véi

X ~ o \ £ . C(x) v A c A s .
nong d6 9 mg/ml dugc tron vao coc. Goi ( ) la nong d6 cua NaOH sau khi tron * ml tir binh chtra.
Nong do cia NaOH trong coc Iudn giam theo X nhung luén 16n hon mét s6 4. Tinh 4.

Loi giai.

mg/ml.

Ban dau, luong NaOH trong chc 1a 25-100 = 2500 mg.

Sau khi thém ¥ ml dung dich néng d6 9 mg/ml, lugng NaOH thém vao la Ox mg.
Téng thé tich dung dich 1a 25+x

. 2E00 4 9y
( |: ..I.-}=-"'|——.
Do do =2
. O x+ 23)+ 2275 2275
. Clx)=— - =94 —.
Bién doi: w23 LR
’}’}?{
| -
,. - g . C(x)>9.
Véi ¥20 taco ¥+25 nén (x)

N ClimC(x)=09.
bong thoi -+

Vay ndng do ludn 16n hon 9 mg/ml va tién dan dén 9 mg/ml.

Pap an: ¢=9,

Cau s

Gia sir doanh sb ban hang, don vi tridu dong, ctia mot san pham méi duge mé hinh hoa bang
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F()=300(1 +me '),

voi 120 1a thoi gian tinh bing nam ké tir khi phat hanh san pham méi, 7 <0 1a tham sb. Pao ham /()
biu thi toc do ban hang. Biét rang téc d¢ ban hang luén tang trong khoang thoi gian 10 ndm dau phat
hanh san pham. Tim gia tri nhé nhat cua 77 .
Loi gidi.

)= 500 2t —me ).
e /(0= 500(2 =)
Téc d6 ban hang tang khi S (t) la ham tang, tac la / (\r) =0
trong 10 nam dau.
fU(e)y=500(2+me ).

Ta tinh
. P . < A 1R , - A . A, . . f—
Vi m<0 va e giamkhi ! ting, nén biéu thirc ¢ ting theo ! . Do d6 /(1) nho nhit tai =0,
ST U A U =0
Piéu kién can va dua la 1 ( )
S00(24m)=0 o s 0

Suyra -
Két hop vai <0, -2=m=0.

Vay gia tri nho nhét cia 7 13 M =—2.

Pap 4an: 2,

Cau 6

Béc Binh sir dung mét khuc gd hinh tru ¢6 duong kinh bang 32 cm dé 1am mot chiéc xa nha. Tiét dién

AB.C.D 34

ngang gdm mot hinh vudng ABCD 3 4 hinh chit nhat bang nhau nhu hinh v&. Bén diém
trén duong tron (7 ); hinh chit nhat ¥MPQ ¢6 hai dinh M-V nim trén dudng tron (") i hai dinh

P.Q nim trén canh 4B . Héi dién tich 1én nhat cua tiét dién ngang bﬁng bao nhi€u centimet vudng, lam
tron dén hang don vi?
M___N

W B
78/

Loi gidi.
Puong tron c6 ban kinh R=16.
Vi hinh vuéng ABCD ppj tiép duodng tron nén duong chéo hinh vudng bang duong kinh dudng tron:
AC=32.
1%
AB= = =1642.

Do d6 canh hinh vudng Ia \E
Son=(1042) =512,

bat tam duong tron 1a 0, Chon hé truc sao cho canh 48 nam ngang. Khi d6 khoang cach tir O dén

A5 _ /3.

canh 4B bang nira canh hinh vudng: 2

Di¢n tich hinh vuong:
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Xét hinh chir nhat MNPQ phia trén. Goi X 1a nira do dai PQ e 1a PO =2x,

vgi 0= v =82

Do M-V nim trén duong tron ban kinh 16 nén tung d¢ cta M.N o véitam O 13 V256—x7
Vicanh 4B cach tim mot doan 8\/5 , chidu cao cua hinh chit nhat MNPQ 15 h=~N250- v -8

s = 2x(+250- 7 —842).
I I: '
S(x)=512+8x({250- 5 —842).

Dién tich mdt hinh chir nhat phu la

C6 4 hinh chif nhat bang nhau nén téng dién tlch tiét dién 1a

_T[_.l.}:- E 25— — —“-\l'r_ |
Ta tinh dao ham: " V230-

| "|=-\.|:'|_ -
—
e o)

S'(x)=8|
Suy ra

Vi tai nghiém cuc dai ta co 256-2x" > 0, binh phuong hai vé:
|{ﬂ"‘|:"|— X r _]ﬂ'\-(ﬂ"‘f‘l—n '
Dit ¥ =x".
Ta dugc w'— 2240 + 8192 = 0.
Suyra = 1122 10V17.
Do 0=x° <128 chinhan © =112-10J17.
v=47-17.
S =054.410.

Thay vao biéu thirc dién tich, ta dugc

\ \ A 1.s . = 08
Lam tron dén hang don vi: Shas 084,

Vay dién tich tiét dién ngang 16n nhét 12 684 cm?2.

Hay

Pap an: 684 cme,

PE 2 DE ON TAP GIUA HQC KY I NAM HQC 2026-2027
MON: TOAN 12
Thoi gian lam bai: 90 phut

PI-![SN I. CAu tric nghi¢m nhiéu phwong an lya chon. (3 diém) Thi sinh tra 10i tir cau 1 dén cau 12.
Moi céu hoi thi sinh chi chon mdt phuong an.

2a’
Cau 1. Tinh chiéu cao / cua mot khéi chop cothétich 3 va dién tich ddy bang 3a’
Ja a 2a 2a
h=— h=— h=— h=—
A 2. B. 3. c. 3. D. 9.

Cu 2. Cho ham s6 = (Y) xac dinh va lién tuc trén khoang |~ ) o bang bién thién nhu hinh
dusi day.

uigeli.xyz Trang 19




uigeli.xyz

T DO -1 1 o0
y ] } 0

v ﬂ:\ 1/3\

Ménh dé nao sau ddy 13 ménh dé ding.

A. Ham s6 nghich bién trén khoang b 3) .

(
B. Ham s6 nghich bién trén khoang (~ee21) .
(

l,+33)

D. Ham s6 nghich bién trén khoang (- —HT)

Cau 3. Buong cong trong hinh v& dudi day la do thi cia ham s6 ndo sau day?
y

C. Ham s6 nghich bién trén khoang

A\
VA

T+ 3

A. y= 4 2 ] B. y=-x

CAu 4. Cho ham s y=f (‘) lién tuc trén R va c6 dd thi nhu hinh vé sau day.

S6 diém cuyc tri cua ham s6 1a
A3 B. . C. 4. D. 2.

Ciu 5. Cho ham sé * /() lién tuc trén doan [-1:3] ¢6 @ thi nhu hinh v& dudi day.

2

. \ A IR IR T SR - VI S TS G e ~ -1;3
Goi M va ™ lan lugt 1a gi4 tri 16n nhat, gia tri nhé nhat ciia ham so6 da cho trén doan [ ] .

Gia tri cia M+ bing
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A MAm=-1 B. M+m=5 C. M+m=0 D. M+m=3
2x+1
V=
Cau 6. Tiém can ding va ti€ém can ngang cua do thi ham s6 ¥—=1 ¢ phuong trinh duong thang lan
Iuot 1a
| [
Py — - _ — 7
A.'1 3.-1 I. B. Y =Lky=2 c.y=kx=2 D..'L 2 e
"+ 2x-3
| —
Cau 7. Puong tiém can xién cta do thi ham sé =2 la duong thang c6 phuong trinh nao dudi
day?
A. _l-’:,\'+4. B. _1-":,-\'_4' C. _1":‘.’1‘4‘1. D. _1-":,\'_2‘
Lo +5
Cau 8. Tim diéu kién cta tham sé 7 déhamsé6 ~ 2¥+1 ddng bién trén ting khoang xac dinh cia né.
A, m>10 B. m=10 c. m<0_ pD. mM<0
Cau 9. Cho hinh chop S-4BCD ¢ day ABCD 13 hinh chit nhat, 4D =a DC= a3 : canh bén 34
vudng goc voi mit phang day (4 BCD), SA=2a Tiph goc gitta canh SC va mat phang (ABCD).
A. 60" B. 90" c. 30, D. 45
Ciu 10. Him s6 '~ oS3 dat cyc tiéu tai diém 0. Gia tri cuc tiéu Y0 1a
11’ = é l.‘ —_ ﬂ
A Vo=l B. 0 =78, c.”' 3 p. 27
av+1
V=
Cau 11. Biét ham so x=b ¢odd thi nhu hinh v€ sau.
u
/ 1
1
2 i / 1 2 :
II[ (]
'l
Hay tim gia tri thuyc cua ¢ va b
A 4=2yy b=-1 B.a=lyyb=-2 C.a==2yyb=1 D.a=-lyah=2
x—=2
R N . Y= [0-2] .
Cau 12. Gia tri nho nhat cua ham so X+1 trén doan L bang
Min y=0 Min y =4 Miny =1 Min y=-2
A, [ : B. [l . c. "] : p. [ :

PHAN II. Cau tric nghiém dung sai. (4 diém) Thi sinh tra 16i tir cAu 1 dén cau 4. Trong mdi ¥ a), b),
¢), d) & moi cau, thi sinh chon ding hodc sai.

Céu 1. Cho hinh chép tam giac déu S.ABC ¢4 canh day bang 2a  Biét rang goc gitta canh bén va mit
day cuia hinh chop bang 30" . Hay xét tinh diing, sai ciia cac khing dinh sau.

) (v6i diém M 1a tam day).
b) Goc gitra canh bén S4 va mat day cua hinh chop la goc SAB
2a

¢) Khoang céch tur dinh S’ t6i mat phang (AB(') bang 3 .

a) Puong thing SH vuéng goc véi mit phing (AB
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2a3\/§

9

d) Thé tich khéi chop S-4BC ¢4 gia tri bang
Can 2. Chohamsé * =/ () ¢ bang bién thién duéi day.
1 1 b

AL 20

_—
L

fl(z) 2

Hay xét tinh diing, sai cta cac khang dinh sau.

. . D= 11
a) Tap xac dinh cua ham s6 D=R. ]'.

b) Gi4 tri 16n nhét ciia ham s6 v=r() bing 3.

¢) Ham s r=r (\) ddng bién trén khoang (*‘T": 1) )
b= 2x
BEEER

d) Bang bién thién ¢ trén 1a ciia ham so
x+2

V=

Cau3.Chohamsd  2¥—1, Céac ménh dé sau 1a diing hay sai?

p-gr, |1
a) Tap xac dinh cua ham s6 1a |~ 2] .
b) Ham s6 khong c6 cuc tri.

. A

V=———-s
ST
0 (2v—1) '
d) Ham s6 trén dong bién trén R .
Céu 4. Cho ham sb / (‘) c6 dao ham S (x) xé4c dinh, lién tuc trén R va ! (x) ¢ d6 thi nhu hinh vé

dudi day.
/)

0 I

Hay xét tinh diing, sai cta cac khang dinh sau.
x)=0%re(-2:2
a) f[_.l.} '.E[_ }

b)

¢) Ham s6 * = /() c6 3 diém cuec tri.

Min f{x)= /({4)
d) Ham sd Y - nghich bién trén khoang (0; 4).
PHAN III. CAu tric nghiém tra 101 ngin. (3 diém) Thi sinh tra 1i tir cau 1 dén ciu 6.
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r P = I ‘ f ]\ 4
Ciu 1. Cho ham s = (%) Jien tuctrén V' S 66 bang bién thién nhu hinh vé.
| * -0 -1 1 40
| » - 0 - -

1

o|  Se g

+o]

—a

Tong s6 duong tiém can dung va duong tiém can ngang cua dd thi ham sb y=/ (\) la
Cau 2. Cho hinh chép S.ABC ¢4 day 1a tam giac déu canh bang 3 canh bén 4 vuong goc voi mat day
(A‘?C); canh bén S8 =0 _ Tinh khoang cach tir 4 dén mit phing (SBC). (Két qua lam tron dén hang
phin trim) o | o
Cau 3. Gid str doanh s6 (tinh bang s6 san pham) cua mot san phdm mdai (trong vong madt sO ndm nhat
. 3000

‘ )= :

dinh) tuan theo quy luat logistic dugc moé hinh hoa bang ham so6 I+3c 120 trong d6 thoi gian

t dugc tinh bang nam, ké tir khi phat hanh san pham méi. Khi d6, dao ham o s& biéu thi toc do ban

hang. Hoi sau khi phat hanh bao nhiéu nim thi tbc d6 ban hang 13 16n nhat? (Két qua diwoc lam tron dén

hang phan muoi)
e :

Cau 4. Biétring L € (vai D¢ =Z g3 ¢ 1a phan s t6i gian, > 0)1a tap hop tht ci chc gid trj cia

£ AR e oA y=—x +(2m=1)x + (m=2)x+5 . A s A R (4 b i ,
tham so /' dé ham so - - nghich bién trén trén N . Gid tri bi€u thic

hl bl
h—¢°

P =
2da  bang bao nhiéu?

Cau’s. Cho ham s6 =/ ) lien tuc, ¢6 dao ham trén R . DA thi ham sé -~ =/ (%) shu hinh vé sau:

F
1

i

Y

" ¢06 bao nhiéu diém cuc tri?

e

= g(x)=/(x)-

Hamsé =
Cau 6. Cho m6t tAm ton hinh vuong canh ¢ = 240 ¢cm. Ngudi ta cit ¢ bn goc tim t6n bon hinh vudng
bang nhau, roi gap tam ton lai dé dugc mot cai hdp khdong nap dé dung nudc.
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X

G___

Trong cac khdi hop tao duoc, khbi hop co thé tich 16n nhat dung ’du'qc bao nhiéu lit nudc?
(voi gia thiét cdc mép noi khong dang ke)
BANG DAP AN

Phin I

Phan 11

Phin III

GIAI CHI TIET ‘ ]
PHAN L. TRAC NGHIEM NHIEU PHUONG AN LUA CHQN
Cau 1l

szaa

Tinh chidu cao / cua mot khdi chop c6 thé tich 3 vadién tich day bang 3a’,
3a
h=—
A 2.

n=2
B. 3,
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h= 2—(1
C. 3.
h= 2a
D. 9
Loi gidi.
7 , y=La
Goi S 1a dién tich day. Theé tich khoi chop dugc tinh boi
- 2a’
3w STy 2
h=—=—3 -2
Suy ra S 3a
Vay chon C.
bap an: C.
Cau 2
Cho ham s =7 () xac dinh va tién tuc tren (") o bang bién thien nhu hinh dusi day.
T 00 -1 1 {00
y' - 0 + 0 —
+00 3
1 00

Ménh dé nao sau day 1a ménh dé ding?

; S -1;3
A. Ham s0 nghich bién trén khoang (-t )
B. Ham s6 nghich bién trén khoang (—oei1) .
C. Ham s6 nghich bién trén khoang (l; +3::).
D. Ham sd nghich bién trén khoang (_1:' +JO) .
Loi giai.
Tt bang bién thién ta doc dugc:

S(x)<0 trén (o 71) nén ham sé nghich bién trén khoang nay.

S)>0 an CED e ham o6 dong bién trén khodng nay.

f(x)<0 trén (l; +95) nén ham sb nghich bién trén khoang nay.
Do d6 ménh d& dung 14 ham sb nghich bién trén (L+o2)
bap an: C.
Cau 3 . )
Puong cong trong hinh v€ dudi day 1a do thi ctia ham s6 nao sau day?
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/
\/r; \ z

S 0w p
1l
|
|

Loi giai.
A1 s Ay 1 A \ . [s o2 1A . Se as e A A A 3 SR
D6 thi c6 dang mgt ham bac ba va nhanh trai di 1én, nhanh phai di xudng. Vi vy h¢ s6 cia * phai am.

Trong cac phwong an, chi phuong an B 13 ham bac ba c6 hé s6 bac ba am: "'~ 3x+1

A A .1-| = _3.."_.: ; ? — 3(]_ ..II_.-: i
Kiém tra thém: _

=0 r =zl

Suyra "

Ham s ¢6 mot cuc tiéu tai ¥ = —1va mot cuc dai tai ¥ = 1 , phu hop v6i hinh v€. Hon nita
v(0)=1

dung voi giao diém cua db thi va truc tung trén hinh.

bap an: B.

Cau 4

\ L Vv=1(x) .. ~ AN s .
Cho ham s0 - / ( ) lién tuc trén R va c6 dd thi nhu hinh sau.
]

29 ) |\ T

4

i€m cuc tri cia ham so la

oA~ WA
M

Quan sat do thi:

etai Y= -1 , d6 thi di chiéu tir tang sang gidm nén c6 mot diém cuc dai;
etal ¥ = 0 , d6 thi di chiéu tir giam sang tang nén c6 mot diém cuc tiéu;
e tai X=1 dd thi déi chiéu tir ting sang giam nén c6 mot diém cuc dai.
Vay ham s6 ¢6 tht ca 3 diém cuc tri.

Pap an: A.
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Cau s

Cho ham sb y=/ (x] lién tuc trén doan [_1; 3] ¢6 d6 thi nhu hinh v& dudi day.
v

2]

Xy -1;3
Tur @6 thi trén doan [ L ]:
« gia trj 16n nhét dat tai X =2 va bang M =2
« gia tri nho nhit dat tai ¥ = 3va bang "= -3

cm=Y4(=-3)=—
Do d6 M= 2+1( 3) l
Pap an: A.
Cau 6
2x+1
y=
Tiém can ding va tiém can ngang cia do thi ham so x—=1 ¢ phuong trinh 1an luot 13
V:l
A 2.x=1
B. le; y=2.
C. y:]; X=2_
1
X =—
D. 2;772
Loi giai.
Mau sb béng 0 khi *—1=0=x=1

Tai X = 1 , tur sO bang 3#0 , nén duong thang ¥ = 113 tiém can dang.
R
y===2
Tr va mau déu bac nhat nén tiém can ngang la ti s cac hé so cua *: 1

Viy tiém can dng va tiém cin ngang lan lugt 1a X = Lyva V= 2 .
Pap an: B.
Cau 7

Puong tiém can xién cua dd thi ham s6 R
la duong thang c6 phuong trinh nao dudi day?
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Do d6 x-2
5
Khi ¥ = £ thj v—2
Vi vay tiém can xién ctia do thi 1a V' =
Pap an: A.
Cau 8

x+4

mx + 5

Tim diéu kién ctia tham s6 7 déhamsé ~ 2¥+1 dong bién trén ting khoang xac dinh cta no.
A, m>10

B. m=10

c. m<0

pD. m<0

Loi gidi.

Tap xdc dinh1a * 2/ L 2

w 2o )= 2(mx 4 3) =10

1= =

(2x+1) (2x+1)

Pao ham:

Trén moi khoang xac dinh, (él' FLY >0

Pé ham s6 dong bién trén timg khoang xac dinh, can y=>0
v6imoi X thudc tap xac dinh, tirc 1a 7 — 10 = 0= =10

Néu =10 thi ham s6 bang hing sé 5 trén timg khoang xac dinh nén khong ddng bién theo nghia
nghiém ngét.

Pap an: A.

Cau9

Cho hinh chop S-ABCD ¢y dgay ABCD 13 hinh chit nhat, AD=a  DC = a3 ; canh ben 54 vudng goc

(ABCD) va S4=2a Tinh goc gilra canh SC va mat phang (ABCD).

v6i mit phang day
A. 60"

B. 90,

c. 30,

D. 45,

Loi giai.

§4 1 ABCD
Vi * | L{ ABCD)

nén hinh chiéu vuéng goc cia S 1én mat phang day 1a 4. Do d6 hinh chiéu cua
duong thing SC 1én mat phing (ABCD) la A€

Vay goc gilra SC va (ABCD) la goc gitra SC vy AC , turc 1a goc SCA
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Trong hinh chit nhat ABCD; AC=NAD* + DC* =\d* + 34" =2a
Tam giac S4C vuong tai 4 va S4=AC= 2a

Suy ra tam giac S4C vuong can tai A nén SCA =45

bap an: D.

Cau 10

—x 47+ Sx=5

Ham sb '~

A o=

<R [Py 4 X, .7 . + R \
dat cuc ti€u tai diém “°. Gia tri cuc tiéu Yo 1a

Loi gidi.
V= —3x7 4204 S

Ta co -

L
Il
=
o
I
Lad
|
[
|
el
Il
=

Giai phuong trinh =0 thy duoc =30+ 2 x4
5
X=—
Suy ra hai nghiém la * = 1 va 3
Xét dau V'
V'<0

(4
.y'>0 trén 3 ;

2]
it
trén \3 .

(—oci-1)

trén ;

1y'<0

Vi Y ddi ddu tir Am sang duong tai ¥ =1, ham s dat cuc tiéu tai "0 -1

==l == (1) (=1} +5(-1)-5=-%

Khi do
bap an: B.
Cau 11
o ax+1
Biéthamsd =~ ¥—) ¢6 dd thi nhu hinh vé sau.
y
’/ A
____________ Ll i

)
1+

Hay tim gia tri thuc cua ¢ va b.
A a=2 b=-1
B. a:1’ b=-2
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c.a=-2 b=1
p. a=-1 ’ b=2
Loi giai.
Tur d thi ta thdy tiém cén dimg 1a X = —1
Déi v6i ham sb da cho, tiém can ding la ¥ = b
Suy ra b=-1
Mit khéc, tir va mau déu bac nhat nén tiém cén ngang la y=a
Tir db thi, tiém can ngang 1a ¥ = 2
Suyra ¢ =2
Vay ¢ =2, b=-1
Dap an: A.
Cau 12
x—2

, , V= 0:2] ..
Gia tri nho nhat cia ham so X+1 trén doan [ ’ ] bang

Ta cod vO1 moi YE [0:' 2].
Vay ham sb déng bién trén [0; 2]. Do do gia tri nho nhét dat tai du trai X = 0.

miny=y(0)=—=-2

= (o) 1
Dap an: D.
PHAN II. TRAC NGHIEM DUNG - SAI
Cau 1
Cho hinh chép tam giac déu S.ABC ¢4 canh day bang 2a  Bibt gbc gitra canh bén va mat déy cua hinh
chop bang 30", Goi # 1a tam day.
Xét tinh dung, sai cta cac khang dinh sau.
a) S vudng goc véi mat phing (AB(").
b) Goéc gitra canh bén SA4 va mat day cua hinh chop la goc S4B

2a
¢) Khoang cach tir dinh S t6i mét phing (AB(') bang 3 .
24° \E

d) Thé tich khdi chop S-4BC bang 9
Loi giai.

Vi 5-4BC |3 hinh chop tam giac déu nén chan dudng cao tir S xudng day 1a tim H cua tam giac déu
ABC Do 6 SH L{ABC)

Vi vay a) dung.

Hinh chiéu vudng goc ciia SA 1én mat phang (ABC) la AH . Vi thé goc giita SA va mat phing (ABC)
1a goc SAH | khong phai goc SAB

Vi vay b) sai.

Tam giac 4B C' qu canh 2¢ . Ban kinh duong tron ngoai tiép tam gidc déu bang
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,
4H ==L

NG

Theo gia thiét SAH =30

Trong tam giac vudng SAH AH
2a 1 2

SH = Aftan30 = =2 _ =Y

Suy ra '"'G “-'E 3

Do SH 13 khoang cach tir S dén mit phing d4y nén c) dang.

S = %[:1[.'}: = [.""\ll'l_?.

Dién tich day:

r'=l_<;__.<_. _w:l a3 =
Thé tich khéi chép: 3 3 3 9
Vi viy d) ding.
Két ludn: a) Pung; b) Sai; ¢) Ping; d) Pung.

Cau 2
Cho ham s =/ (%) ¢ bang bién thién dudi day.
T s -1 | tox
f(x) + - 0 -
2 3
1 —00 1

Xét tinh dung, sai ctia cac khang dinh sau.
a) Tap xéac dinh ctia ham s6 1a e et B }.
b) Gia tri 16n nhét cia ham s6 y=/ (x] bang 3,

¢) Ham sd y=/ (‘) déng bién trén khoang (*"C; l) .

d) Bang bién thién trén 13 ctia ham s6
Loi giai.
Tir bang bién thién, tai * = -1 ¢ duong phan cach va ham s6 khong xac dinh. Cac gia tri khac déu thudc

mién xac dinh. Do d6 D=(—xi=1)o(-L+x)

Vi vay a) dung.
Trén nhanh * > —1 ham sé tang tir —° dén gid tri 3 tai =1, sau do giam va tién dan dén —1. Trén
nhanh ¥ <—1 , cac gia tri ciia ham s6 nhé hon 2. Vi thé gia tri 16n nhét cta toan ham sd 1a
3
Vi vay b) dung.
Khoang (_Z': l) chira diém ¥ =1 ma tai d6 ham s6 khong xac dinh, nén khong thé noi ham sé dong

‘A A \ ) —a0; 1 ~ ) » A \ A 2A A A A (oo \
bién trén toan khoang ( f ) . Hon nira bang chi cho thay ham s6 dong bién riéng trén (— ) va

(-1:1)

Vi viy c¢) sai.
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2x
Xéthamsboydy ¥t

ki r<—1 g PG ) TS

Pao ham trén khoang nay la

Trong khi bang bién thién cho thay ham s6 dong bién trén (—:=1) . Hai két qua khong phu hop.
Vi vay d) sai.

Két luin: a) Pung; b) Piing; ¢) Sai; d) Sai.

Cau 3

X+2

Chohamsé ~ 2v—I
Xét tinh ding, sai cua cdc ménh dé sau.
1Y
D= —xi— |I
a) Tap xac dinh cua ham so 1a ' ud
b) Ham so khong co cyec tri.

,f|

L | —

2

N

.II.
¢)
d) Ham s6 dong bién trén R .
Loi giai.

Do do ' “/
Vi vay a) dang.

_(20-0)=2(x42) s

(2x—1) (2x-1)

I
1!

Pao ham:

Véimoi * thude tap xac dinh, V<0

Pao ham khéng bang 0 tai bat ky diém ndo trong tap xac dinh va ham sb nghich bién trén timg khoang
xac dinh. Do d6 ham s6 khong co cyec tri.
Vi vay b) dung.

, 5 3
V- S
n e RE | I o (2x—1Y
Theo cong thirc vira tinh, - khong phai .
Vi viy c¢) sai.
1
X =— ' PR r
Ham s6 khong xéc dinh tai 2 va trén moi khoang xéc dinh lai c6 V<0 , nén khong thé dong bién

trén R .

Vi vay d) sai.

Két luin: a) Pung; b) Ping; ¢) Sai; d) Sai.
Cau 4

Cho ham sé * /() c6 dao ham /(%) xéc dinh, lién tuc trén R va /(%) c¢6 dd thi nhu hinh duéi day.
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4V

Xét tinh dtng, sai cta cac khang dinh sau.

\'E(—E:E}.

b) Trén khoang (2;“0), gi4 tri nho nhat cua f(x) la f(4).
v=r(%) ¢6 3 diém cuec tri.
v=f{2-x)

a) / (\) >0 voi moi -

¢) Ham s -

d) Ham s6 - nghich bién trén khoang (0:4)

Loi giai.
Tur d6 thi cua _f(x), cac nghiém cua / ('\‘): 0 la ¥= _2, x=2 x= 5,
Déau cua ]'(x) la:
-f'(“‘) <0 khi X<-2 :
-f'(“‘) >0 khi —2<x<2.

f(x)<0 khi 2<x<3.

-f'(“‘)>0 khi X>35.

Do do trén 22 taco /)70 vivay a) diing.

Trén (2;5) , ham s ! nghich bién; trén (5; HC) , ham sd / déng bién. Vi vay diém thép nhét cua nhanh
nay dat tai X =5, khong phai tai ¥ = 4.

Vi vay b) sai.

Tai cé ba diém ¥ = _2, x=2 x= 5 , dao ham déu ddi diu. Do d6 ham s / ¢6 3 diém cuec tri.

Vi vay c¢) diang.

pat €(1)=1(2-)
Ta ¢6 glr)=-2-x)

Vi xe (0;4)

thi J-ve(-2:2)

tran ("22) (o [(2-%)> 0, nap (¥)<0
Vi vay glx)=7(2-x) nghich bién trén (0;4).
Do do d) ding.

Két ludn: a) Pung; b) Sai; ¢) Pung; d) Pung.
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PHAN III. TRAC NGHIEM TRA LOI NGAN
Cau 1

Cho ham s * = (%) Jien tuc v&i moi ¥ # | ¢6 bang bién thién nhu hinh vé.

X —af -1 1 -

i
'1- -

0 +
y 1x\\\\‘_45/f//f,+£

=i

2 A \ A A , \ \ A A , A L1ca cv=1(x) ., ‘a
Tong s6 dudng tiém can ding va duong tiém cén ngang cia do thi ham so - / ( ) 1a bao nhiéu?
Loi giai.
Ttr bang bién thién:

. X Je N L. f{x a0
Khi ¥ tién dén ! tir bén trai, * (v) =+

Vi vy db thi c6 mot tiém can dung: X = 1

s khi X tién dé e f(X) e
vakhi X tién dén 1 tir bén phai, * (¥) =

Khi ¥ == I (1) =1 nén co tiém can ngang V' = I

. R A e y=—
Khi ¥ =+ a ) nén c6 thém tiém can ngang I

Téng cong c6 1 2 =3 duong tiém can.

Pap sb: 3,

Cau 2

Cho hi o« SABC r 420 13 s a2 o3 A SA <A e oo (ABC)
o hinh chop - c6 day la tam giac déu canh bang 2, canh bén vuong goc voi mat day

va SB=0_Tinh khoang cach tir 4 dén mit phang (SBC) . Két qua lam tron dén hang phan tram.

Loi giai.

Vi 541 (4BC) nén tam giac S48 vuong tai 4. Ta co >1= VSB - a8 =0 -3 =33

V3 93

4

{80

Dién tich tam giac déu 4BC 13

. . r':l.?”.ﬁ.-f;.ez:
Thé tich khdi chop S-ABC: 3
Mit khac, SC=VS4 + ACT =279 =0

Vay tam gigc SBC ¢ SB=5C=6 3 BC=3

Lk | —

Puodng cao cua tam giac SBC ung véi canh BC bang

NN

_ﬂ'ﬁ.:.f:. = ]—

Suy ra 2 2 4
[
V==5..d
Goi 4 1a khoang cach tr 4 dén mit phing (SBC). Tinh thé tich theo day SBC'. 30
w3 = 9 313
[II = -. = _]. = = -. = Z
S.e ofls 15 s

Do dé 4
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) 3000
Fir)=

Gia sir doanh s6 cia mot san phdm moi tun theo quy ludt logistic I+ 3e

v6i 120 Pao ham /(1) biéu thi tc do ban hang. Hoi sau khi phat hanh bao nhiéu nim thi tc do ban
hang 16n nhat? Két qua 1am tron dén hang phan mudi.
Loi giai.

QOo0e

Ta cé
Ppat it=3¢ =0

f(1)= 3000 —"

Khi dé ()

T
(1+ }'x
| —u

(1 )

)=
Xét ham

W)=

Ta co

Do do (1) gyt gié tri 16n nhét khi 4 =1
e =l = -t =Ind
Suy ra 3
Tinh ggn ding: ! = 1.0986
Lam tron dén hang phan muoi:
f~1.1
Dap s6: 1-1 nam.
Cau 4

a;— Z =
Biétring L €1, voi P =Z ¢ 1aphan sé t5i gian va ¢ > 0 1a tap hop tht ca cdc gid tri cita tham sb

[

) o= a1 (= Y S

m 4 ham s - oo 2m= 1 =2t S
’ P:h:—c':
nghich bién trén R . Tinh 2a
Loi giai.
Ta co
L 2{2m—=1)x+ (m—=2)
1'<0

Dé ham s6 nghich bién trén R | can -
voi moi X € R,

Vi hé s6 cua * ’ trong ’ la —3<0 , diéu kién dé tam thuc bac hai khong duong voi moi X 1a biét thire
khong duong: A < 0

A=|2{2m- . —3) (=2
Ta co A [_[__n ]}] A =3 ) {m—2)

Rut gon: "'1":4[:1“”_”: i ]1[:411—2}:4(’4m.~._m_5}

Do d6 At —m=5=0
Giai bat phuong trinh:
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4w —m—-5 ={m+1){dm=5)=0

l<m<
Suy ra 4
Vay a:—l’ b:S, c=4
P b - _ 251 9
Do d6 2a -2 2
79
Pap sé: 2

Cau s

Cho ham s6 * =7 ) lien tuc, ¢6 dao ham trén R . DA thi ham sé * ~ (%) shu hinh vé sau.

LY

Ham sb
e(x)= f(x)-x
¢ bao nhiéu diém cyc tri?
Loi gidi.
Taco £ (r)=rx)-1

2. , , L =0 flr)=
Céc diém t6i han cua € théa man (x) > fx)=1

Vi vay s nghiém can xét chinh 13 s6 giao diém cua db thi y=r (\) v6i duong thang ¥ = 1
Quan sat hinh:
* nhanh bén trai di tir dudi mic | 1én cuc dai béng 4 néncat V= 1 mot lan;
« tir cyc dai 4 xudng cuc tiéu 0, dd thi cit ¥ = I thém mot 1an;
* sau cuc tiéu 0 , dd thi tang 1én va cit V=1 them mét 1an nita.

. . . - 2 X o1r a4 \ 2 = ~ e , "(x A 2e N7y A X. A
Tai ca ba giao diém, d6 thi di qua dudng thang 1, nén déu cia & ( ) déu doi. Vi vay moi nghiém tao
ra mot diém cuc tri cia £ .
S6 diém cuc tri 1a 3
Pap sb: 3,
Cau 6
Cho mét tdm t6n hinh vuéng canh ¢ =240 ¢m. Ngudi ta cit & bdn goc tAm t6n bdn hinh vudng bing
nhau, roi gap lai d¢ dugc mot hop khong nap dung nudce. Trong cac hop tao dugce, hdp co the tich 16n
nhat dung dugc bao nhiéu lit nude?

uigeli.xyz Trang 36



uigeli.xyz

'V 7

Loi giai.

Goi X cm 1a canh hinh vudng bi cit & mdi goc. Khi do 0<x <120
Sau khi gép, hop c6:

* chiéu cao bang ¥ cm;

« chiéu dai va chidu rong déu bang 240—2x ¢m.

Thé tich hop 1a
()= (240 2x)
, '--II-=..II_'1 —_'.I':
Vidt lai: | (F)= 4120 1)
W= 4(120— 3 120— 3+
Pao ham: Px)=4(120—x)(120- 3x})
Trong khoang (*12%). phuong trinh *"(*) =¥ cho nghigm =40
Xét dau:
V‘(x) >0

khi O{;.\'{;Ll(};

() <0 i 40 < x < 120
Vi vay thé tich dat 16n nhat khi * =40

- A AR I, B 2 _ by
Pon vi cia thé tich trén 1 centimet khdi. Vi 1000 ¢ =1 lit, nén hop dung duoc nhiéu nhat
1024000

= 1024
1000 lit nude.
Pap sb: 1024 ¢,
PE 1 PE ON TAP GIUA HOC KY I NAM HOC 2026-2027

MON: TOAN 12
Thaoi gian lam bai: 90 phut

PHAN I. Cu tric nghiém nhiéu phwong 4n lya chon. (3 diém) Thi sinh tra 10i tir cau 1 dén cau 12.
Moi cau hoi thi sinh chi chon mét phuong an.

P 8x 42020

Cau 1. Gia tri cyc tiéu cuia hamsbé ' = 1a bao nhiéu?
v, =204 p, =0

.o ' L
A. Vo= 2026 B. '~ 2020, c. . D.

Ciu 2. Puong cong trong hinh 1a d6 thi ctia ham sb nao duéi day?
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—-2x" +1
V=
A, 2x+2
Ciu 3. Puong thiang nao dudi ddy 14 tiém can xién cua d6 thi ham s6 x—2 ?
A .1,.':;'(_3 B .1,-':__3(-1,-1 C _1.-‘:,‘(—2 D __v=x+2

A \ Loy=x =8+ 2020 XA ) \ A
Cau 4. Himso ' = 5 ': dong bién trén khoang nao sau day?

a 720, g, (%+7) c. (7). p. (=0)

Ciu 5. Cho ham sd bac ba y=/ (1) ¢6 bang bién thién nhu sau:

- —00 —2 0 400
f'(=) T 0 - 0 =%
P 2 B A +00
f(z) > f,f"jf H\““a 5 ,f”ﬂf

Ham so da cho la:

f [-"-}:'l.'; --%'l.':—ﬂ' 4 [ "-}:—'l.'-‘ f :'f'l.':—ﬂ' / [I'}zllT I ..‘-:_2 f [ "-}: 'l.'; P Ar—
A,V ' - -, B,V C T -. C 3 D. v ' -
= .'l.': e

Ciu 6. Diém cuc dai ctia d6 thi ham s6 =113

A P(2-1) g M(L-2) c. 2(1:3) p. NV(3:2)

2x+1
V=

Céau 7. Bbuong thang nao dudi day la ti€ém can dig cua do thi ham so x+179

A x=1 B. x=-1 c.V=2 p. Y="1
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Ciu 8. Cho hamsé * = (V) x4e dinh va lién tuc trén R ¢6 db thi nhu hinh v& bén. Tim gia tri nho nhét

N £ L v=f(x) L -2;2
M va gia tri 16n nhat M cua ham so6 ! 'f(l) trén doan[ ]

2 10 1 2 =z
o I
: I 1 '(
| - ===
I (",ﬂ‘ 1
N
! I.fl Hx ! {|
TR
5 !' \ 1
I l'l.l 1
| N ,ff
e
| -5
A. m:—2;M:2_ B. m:—S;M:_l' C. m:—l;M:()_ D. m:—S;M:O'
Cau 9. Cho ham sé - / (1) c¢6 bang bién thién nhu sau:
T —00 1 2 +00
f'(x) * 0 0
v O v +0O0
f(z)
00 %
Ham s da cho dat cuc dai tai diém nao sau day?
A ¥Y=2 B. x=1, C.x=0, p. *=-1,
Céu 10. Gid tri 16n nhét cita ham s6 * = V47 =27 gen [%4] 14
Al B. 4. C. 0. D. 2.
Ciu 11. Cho ham s+ = &% *hv tevid cab.c.d R "a 20y ¢4 ¢4 thi 1a duong cong nhu hinh bén.

Ham s6 da cho nghich bién trén mién nao dudi day?

uigeli.xyz Trang 39



uigeli.xyz

Cau 12. Trong cac ham s dudi ddy, ham s nao sau ddy nghich bién trén R 2
x+4

V= A .I_.._ 2

A -l g r=-r-2x=3 o p=-r-3¢+3 g oy=-¥-2¢

PHAN II. Cau tric nghiém dung sai. (4 diém) Thi sinh tra 151 tir ciu 1 dén cdu 4. Trong mdi ¥ a), b),
¢), d) & mdi cau, thi sinh chon dang hodc sai.
Céu 1. Bé ky niém 70 nim ngay thanh lap trudng THPT, cac cyu hoc sinh t6 chie phat hanh 4o ky niém
gy quy hoc bong. Gia sir doanh sd (tinh bang sb 4o ban duoc) tuan theo quy luat logistic dwoc mo hinh
F(1)= FO0n0 .

hoa bang ham s6 I+ 09 120 trong d6 thoi gian ! duge tinh theo don vi ngay, ké tir thoi
diém ngay phat hanh dau tién (ngay 11/ 8/2025) Xet tinh ding, sai cua cac ménh dé sau:

a) Ngay tai thoi diém ngay phat hanh dau tién, s 40 duoc ban ra da dat 100 chiéc.

b) Tong s6 40 duoc ban ra khong vuot qua 7000 chiée.

¢) Sau ba ngay ké tir thoi diém ngay phat hanh dau tién, s6 4o dugc ban ra vuot qua 2000 chiéc.

d) Pao ham 1) s& biéu thi toc do phat hanh. Sau 360 gio ké tir thoi diém phét hanh du tién thi toc
do phat hanh 1a 16n nhat.
. =21
 r=h(x)= ‘

Cau 2. Cho ham so v+l Xéttinh dung, sai cua cac ménh dé sau:

a) Khoang cach giira hai diém cuc tri cia d6 thi ham s6 y=h(x) bang 10,

.lj:n fif x)=+x

V==2X ¢4 hai diém chung phan biét.
y=x-3

) Do thi ham s6 y=h (\) va duong théng (d): -

d) Db thi ham s6 * =" (*) ¢6 tiem can xien 1a dudng thing (4),.

= f(x)=x =32 -9

A 5 %V Ly ogr , . . ~ A
Cau 3. Cho ham s06 - . X¢ét tinh dang, sai cua cac ménh dé sau:

a) Ham s6 * /() ¢6 dao ham - "= flx)=3x" - 0x=9 .

b) Do thi ham s6 v=/ (‘] ¢6 hai diém cuc trj ndm vé hai phia cua truc tung.

¢) Gia tri 16n nhét ctia ham sb Y= f(\] trén doan [0;5] bé’mg -

d) Pudng thang qua hai diém cyc tri ciia d thi ham s6 y=/ (\] c6 hé sb goc 1a k=8

f=

Ciu 4. Cho ham s6 * = () ¢ bang bién thién nhu hinh vé sau:
T —00 -2 0

g'(x) * =
400

g9(x) 1

Xét tinh ding, sai cua cac m¢nh dé sau:

=

a) Hams6 © ~ © () nghich bién trén (0:0)
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b) Db thi hamsé * ~ & (x) ludn cit truc hoanh tai it nhat mot diém.

¢) Ham sd v=g(x) dat cuc daitai ¥ =0

|
.

d) D) thi ham s6 g(x)-1 c6 4 duong tiém can ding va b duong tiém can ngang. Khi d6
a +h =10

PHAN III. Cau tric nghiém tra 10i ngan. (3 diém). Thi sinh tra 10i tir cau 1 dén céu 6.

r A . xop=r 4 by — 150+ 2035
Cau 1. Tim gia tri cyc tiéu cia ham s6 - ~ 07 = 15w+ 2035
A L1 LA e . , £ M AR hden oA v=x = 3mx” + 3(3m+ 4)x+ 2025
Cau 2. Tinh tong céc gia tri nguyén duong cia tham so 7 dé ham so - -
A e ~ 2;+-f30
dong bien trén ( ) .
" ax” + by + 2025
: y= f['.'}: - ab ) y . ‘ i
Cau 3. Cho ham so At s (“~" 1a cac tham s6 thyc, 4 7 0 ). Biét do thi ham so

= I-‘ r A \ A A A \ A =X , .7 . 5 + R ) > JEN 2 A ”
y=f (l) c6 mot duong ti€ém can xién la ( ) L V=X+4 Tiph gia tri cua biéu thac £=a b (ket qua
lam tron den hang don vi).
Cau 4. Mot duong day dién duoc ndi tir mot nha may dién & 4 dén mot hon dao & € (nhur hinh vé).

C

i—l e A

Biét BC =4 km la khoang cach tr dao C dén bo bién 4B ; Bd bién 4B ¢6 do daila 10 km. Téng chi
phi 1ip dat cho | km day dién trén bién 1a S0 triéu ddng, con chi phi lip dit cho | km day dién trén dét
lién 1a 30 triéu ddng. Nguoi ta xac dinh duoc vi tri diém M trén doan 4B 1a diém ndi day tir dt lién ra
dao sao cho tong chi phi lap dat 1a nho nhat. Tinh khoang cach BM (Pon vi: km, két qud lam tron dén
hang don vi). o N )

Cau 5. Cong ty Apple dé xuat gia ban moi chiéc iPhone 17 Pro Max 1TB cho dai 1y tai Viét Nam khi dai
. X )= 50.000.000— 3000 . L.
1y nay nhap ¥ chiéc la P(x)=30.000. S (VND). Hoi doanh thu t61 da ma cong ty Apple nhan
duogc tr dai 1y nay 1a bao nhiéu? (Don vi ty VND, két qua lam tron dén hang phan nguyén).

s Cosx+ m” + 3m

=Sy — . cv=/(x) s
Cau 6. Cho ham so COSY + o (' 1a tham s0 thyc). Ham so -~ - dat gia tri 16n

0; 7[]

1a M . C6 bao nhiéu gia tri nguyén cua tham s6 7 thoa M <~1.
BANG DAP AN

nhat trén doan [

Phan I

-ABAAABBBBDBB
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Phin II

Phan 111

PHAN I. TRAC NGHIEM NHIEU PHUONG AN LUA CHON
Cau 1l

Céu 1. Gia tri cuc tidu ciia ham s6 ¥ = 57 #2020 15 100 nhieu?
[R— . e——lir L p =
A V., =2026 B V. =-2026 . V. =204 . Va=0
Loi gii.
Tacod
V'=—d Lo =—4x(x=2)(x+ 2).
Suy ra V=0 gpi x=-2 x=0 hodc ¥=2,
T —00 -2 0 2 400
f'(z) + 0- 0+ 0~

Vay gia tri cyc tiéu 1a 2026

Pap an: A.

Cau 2

Puong cong trong hinh 1a d6 thi ctia ham sb nao dudi day?

uigeli.xyz
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=2y +1
V=
A 2x+2
—? 41
-1-:
B. v
V=]
..III -
C. r—1
p. V= -3

Loi gidi.
T hinh v&, dd thi c6 tiém can dtng 1a tryc tung, turc la ¥ = 0.

Dong thoi do thi c6 tiém can xién 1a dudong thang cé h¢ s6 goc am va di qua goc toa do, tirc la
Y= —X.

Xét phuong 4n B: x v

Ham sb nay c6 tiém can ding * =0 va tiém can xién » =~ Ngoaira "
nén dd thi cit truc hoanh tai X = 1 vy x=1 , ding nhu hinh vé.

Vay d06 thi 1a cia ham s6 & phuong an B.

Pap an: B.

Cau 3

Puong thang nao dudi ddy 1a tiém can xién ctia do thi ham sé x—2
A V=x- 3
B y=x+ ]
C V=x- 2
p.V=x+t2
Loi giai.
Chia da thuec:

X = S5x+2025=(x—2)(x—3)+2019.

2019

V= a3 .

Do do r—2
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2019
Khi X—=>%® th v—2

Vi vay tiém can xién 1a *' =
Dap an: A.
Cau 4

— 0.

x—3.

= —aa

S A 2026 4 A A , \ R
Ham s6 02¢ dong bién trén khoang nao sau day?

A (F20)

B (O; +’JC.?)

C (—1:; +-1:)

p. (-7:0)

Loi gidi.

’ _1" = 4.".'; —loxr=4x |:'. - j}l: r+2 }

Ta co
Cac nghiém cua dao ham la x=-2 x=0 hodic ¥=2.
Xét dau:
T — o -2 0 2 +00
f'(z) = 0 + 0 - 0 +
+00 « 2026 < +00
f(z) ' .
<4 2010 4 2010

Vay ham sb dong bién trén (_2;0) va (2; +OO) . Trong cac phuong an da cho, chi c6 (_2; 0) phu hop.
Dap an: A.

Caus
Cho ham s6 bac ba y=1 (\) c6 bang bién thién nhu sau:
T —00 —2 0 +T00
f'(z) + § = 0o +
j,x 2 . ;’, +DQ
f(m) jfff NNMN ff#f#
e A 9 -

Ham sb d3 cho la:
f |: X } = _'.,'.\ f 3.1.': -2

A .

B. f [ X } = —.".'; f 3.1': -2 .
e =i'.'l.':—2
=3 |

D. f |: X }= .".'; t3x—2 .

Loi giai.
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Tur bang bién thién, ham s6 c6 hai diém t6i han ¥ = 2 va ¥ =0 ddng thoi

f(-2)=2 v f(0)=-2.

. . flx)=x"+3x"-2.
Xét phuong an A:
"o =';_I_.‘. F AT = 3 v D
Ta cb fx)=3x"+0x=3x(x+2).
- — )
Suy ra S(x)=0,

Suy ra hai nghiém 1a ¥ = 23 x=0,

r L I3
Diu cia / lin luot 1a duong, am, duong trén ba khoang do hai nghiém chia ra, ding véi bang bién
thién. Hon nira

f(-2)=-8+12-2=2

v f(0)="2.

Vay ham sb da cho la phuong an A.
Pap an: A.
Cau 6

Piém cuc dai cua d6 thi ham sb
A P(2: —I).

B. M (1;-2) .

c. 2(13),

Loi gidi.

Ta bién doi

v —dy 5= [ x—2 } t1

Pao ham:
Suy ra y'=0.
Suy ra hai nghiém la X = Iyax=3

Tai ¥ = 1 , dao ham d6i dau tur duong sang am nén dd thi ¢6 diém cuc dai. Tung do 1a
1-4+5

vl ———=-2.

v (1;-2)

Vay diém cyc daila
Pap an: B.

Cau7
. 2y 41,

Puodng thing nao dudi day la tiém can ding cua d6 thi ham sb x+1

g g y g
A x=1
B. ¥=-1
c.V=2.
p. V=1
Loi giai

Mau s6 béng khong khi -+ =0z v=—1.

Loy 2=1ll+l==1=
Tai-":_l,t&sébéng'[- il=-1=0.
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Do d6 duong thing * =1 1a tiém can dung cua dd thi.

Pap an: B.

Cau 8

Cho ham s6 ¥ =7 (%) xae dinh va lién tuc trén R ¢6 dd thi nhu hinh v& bén. Tim gi4 tri nho nhit 7 va

gid tri 1on nhat M cia ham s~ =/ (%) tren doan [ 221,

2 10 1 9.(1' 5
AT
E "III \"u | {l
o s
] \ 1
:.|! \ 1/
e
-5

A M==2.M=2

B. m==5 M=-1

C. m:—l;M:O_

D. m:—S; M=0
Loi gidi.
Lo A L1t s 72; 2

Quan sat do thi trén doan [ ] :
+ gi4 tri thap nhét cua dd thila =3, dattai ¥=—2 va ¥=1;
« gi4 tri cao nhit cua d thi 1a —1, dat tai ¥ =~ va tai ddu mat ¥ =2.
Do do

m=-=5
va
Pap an: B.
Cau9

Cho ham sé ~ / (\) c¢6 bang bién thién nhu sau:

T —00 1 2 T00
f'() f0 0
v O v +00

i A ]

Ham sb da cho dat cuc dai tai diém nao sau day?

A X=2,
B. x=1,
C.x=0,
p. x=-1,
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Loi giai.

Tur bang bién thién, tai ¥ = 1 ta co dao ham d6i dau tir duong sang am. Vi vdy ham s6 dat cuc dai tai
x=1.

Pap an: B.

Cau 10

Gié tri 16n nhét ciia ham sé = V4 - trén [0:4] 1a
AL

B. 4.

c. 0.

D. 2.

Loi gidi.

Taco

dy—xP=4—(x-2).

vei FE[0:4] (x-2) 20, o d-(x-2) <4

Do d6
Diu bang xay ra khi * =2, Vay gia trj 16n nhét 1a 2
Pap an: D.

Cau 11

Cho ham g6 -/ =&+ Tov vty o he.d R (3 a0 , ¢6 d6 thi la dudng cong nhu hinh bén.

Ham so6 da cho nghich bién trén mién nao dudi day?

LRy )
£

4

NS
p - m)
e, (-70)

D (2,+%-)

Loi gidi.

Quan sat do thi:

« ham s ting dén diém cuc dai c6 hoanh do ¥ = -1,

* sau do6 giam tr ¥ = —1 4én diém cuc tiéu c6 hoanh do * = 1 ;
ety X=1 tr¢ di ham sé lai tdng.

Vay ham so nghich bién trén

(—L:1).
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Dap an: B.

Cau 12
Trong cac ham sé dudi ddy, ham sé nao sau day nghich bién trén R ?
x+4
1 =
A. x=1,
B. V=" =23
c. V=—r -3 +3
p. V=" 2+ 3

Loi giai.
Xét tung phuong an.
Phuong an A khong xac dinh tai X = 1 , nén khong thé nghich bién trén toan bo R .

(. _';g _I_.': I

Véiphuong an B: 1~ - ==Yy moi * € R.vi vy ham sb nghich bién trén R .
Vi phuong an C: e G L
dao ham ddi diu nén ham sb khong nghich bién trén toan bo R
o ) V=—dx —dr=—4r ( o+ 1),
Véi phuong an D: /
dao ham duwong khi ¥ <0 va am khi ¥ >0 nén ham sb khong nghich bién trén toan bo R .
bap an: B.
PHAN II. TRAC NGHIEM DPUNG - SAI
Cau l
Pé ky niém 70 nim ngay thanh 1ap truong THPT Viét Ptic, cac cuu hoc sinh t6 chic phat hanh 4o ky
niém gay quy hoc bong. Gia sir doanh sd, tinh bang s 40 ban duoc, tudn theo quy luat logistic dugc mo
hinh hoa bang ham s

7000

Fr) o0
v6i 120 trong d6 thoi gian ! dugc tinh theo don vi ngay, ké tir thoi diém ngay phat hanh dau tién, ngay
11/8/2025. Xét tinh dng, sai cua cic ménh dé sau.

a) Ngay tai thoi diém ngay phat hanh dau tién, s6 4o duoc ban ra da dat 100 chiée.

b) Tong sb 40 duoc ban ra khong vuot qua 7000 chiée.

¢) Sau ba ngay ké tir thoi diém ngay phat hanh dau tién, s6 a0 duoc ban ra vuot qua 2000 chiéc.

d) Pao ham /(1) s& biéu thi tbc do phat hanh. Sau 360 gio ké tir thoi diém phat hanh dau tién thi toc do
phat hanh 1 16n nhét.
Loi giai.
Ya
T000

, . f{0)= =100.
Tai thoi diém phat hanh déu tién, =0 Khi do [+09

Ménh d¢ ding.

Yb

VGi 120 thi 69¢" =0, nén l+069% " =1

()= 7000

Suy ra fr)=7000.

lim ¢ (¢)=7000.
Mat khég AR , ‘
Vi vay tong so 4o ban ra khong vuot qua 7000 chiéc. Ménh dé ding.
Yec

Sau ba ngay, /=3

f(3)= 7000 1coe
T lvave T
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Gi4 tri nay nho hon 2000 nén ménh dé sai.
Yd

700069

()= 0%

Ta co

(1409 ")

Pat i =09¢ " =0
"

' ¢)="7000 -
Khi d6 [-
i

L
(l+wu) 4

]-u}".

Vi >0
va déu bing xdy ra khi ¥ =1. Do d6 tdc d¢ 16n nhat khi 69¢ " =1.
Suyra | = In6Y =4.23
ngay, twong duong khoang 101.6 gjg.
Trong khi d6 360 gid bang 15 ngdy. Vi vidy ménh d¢ sai.
Keét ludn Cau 1: a) Dung; b) bung; c) Sai; d) Sai.
Cau 2

. = 2x -1

Cy=hlx)=

Cho ham s6 x+1 .
Xét tinh ding, sai ciia cac m¢nh d¢ sau.

a) Khoang cach gitra hai diém cyc tri ctia do thi ham sé y=h(x) bang 10,
lim hi{x)= 1=

& Do thi ham s6 ") ya dudmg thing (4): =2 ¢6 hai diém chung phan bigt
d) Db thi ham s6 * =) ¢6 tiem can xién 1a dudng thing (4); ¥ =¥=3
Loi gii.

,1
h(x)=x—3+ —.
Ta chia da thtc: x+1
Y a
) “¥
Bx)=1-——"0
. (1)
Pao ham:

.2 c, x) =0 =2
biém cuc tri thdéa i) (o)

e 1 - 2
v, =1 \Evé.x:_ ]+J:
, v )= N (r. )= —4+ 22
Tuong ting, q va V-
Khoang cach gitra hai diém cuyc tri la
1= {[2R) () = =2

Gi4 tri nay khong bang 10 Ménh dé sai.

Suyra -

Yb
) ¥
h(x)=x-3+—,
Tu x+1
kni x — - g 1Y)77

Do d6 ménh dé sai.
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Ye

Giao diém cua d6 thi va duong thang ¥ ~ “2X thoa  xt
Vi ¥*# =1 nhan hai vé véi ¥ +1:
¥ =2x—1=-2x(x+1).
Suy ra 3% —1=0.
L
Phuong trinh c6 hai nghiém phan biét V3

déu khac —1. Vi vay hai do thi c6 hai diém chung phan biét. Ménh dé ding.
Yd

[t
-

Tu phép chia N A e

nén tiém can xiénla ¥ =¥~ 3.

Ménh dé ding.
Két ludn Cau 2: a) Sai; b) Sai; ¢) Ptng; d) Pung.
Cau 3
Cho ham s
v=f(x)=x -3 -9x
Xét tinh ding, sai ciia cdc ménh dé sau.

V= f (),) = [- V= I —6r—9

a) Ham so - c6 dao ham -

TR L v=f(x P . g2 _ X 1s L
b) D6 thi ham so - / ( ) ¢6 hai di€m cuc tri nam ve hai phia cua truc tung.

¢) Gia tri 16n nhét ctia ham sb y=/ (x) trén doan [0;5] béng -5,

d) Puodng thang qua hai diém cyc tri ctia d6 thi ham sb y=J (x] c6 hé sb goc 1a fe=-8

Loi giai.

Ya

o= ';f.l.-‘-_ v— 0
Ta cb r‘[_.. =3 — -9,
Ménh d¢ ding.
Yb
Giai phuong trinh f'(.r) =0

Ta duge 3+ —0x—=9=0 hay =2r=3=0.

Suyra ¥ == hogc ¥=3.

Hai hoanh d¢ cuc tri c6 mot gia tri am va mot gia tri dwong, nén hai diém cyec tri nam ve hai phia cta tryc
tung. Ménh dé diang.

Yc

Trén doan [0;5] diém t&i han thudc doan 1a ¥ =3 Ta tinh
£(0)=0.
f(3)=27-27-27==-27

f(5)=125-75-45=5,

max /(v ) =35

Do d6 [l
Ménh dé cho gia tri =5 nén sai.
Yd
) A(_1-5 1"
Hai diém cuec tri c6 toa do A( LD) va B(J’ 27).
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-27-5 -32
ke ST
Hé so0 goc ctia duong thing 4B 1a -
Ménh dé ding.
Két luan Céu 3: a) Dung; b) Pung; ¢) Sai; d) Pung.
Cau 4

Cho ham sb * — g(\] c¢6 bang bién thién nhu hinh v& sau:
r |—oc —2 0

g'(x) + =
400

g9(x) 1

Xét tinh ding, sai ciia cdc ménh dé sau.

. f v=glx . g 0400
a) Ham so v=g(x) nghich bién trén (0 o0 )

TR A V=2\X ~ z \ .y e np 3t R
b) b6 thi hamso = © ( ) luon cat truc hoanh tai it nhat mot diém.

¢) Ham s r=g(x) dat cuc dai tai ¥ =0
|

p = ——
d)Pd thihamsé <)~
6 @ dudng tiém can ding va 0 duong tiém can ngang. Khido @~ +b™ =10
Loi giai.
Ttr bang bién thién:

A (*220) \ A 2 A A () 14
* trén , ham s6 dong bién tur gia tri tién to1 YV 1én +;

A (0:4e0 \ A . A g e A X
* trén (0: 4 ) , ham s0 nghich bién tir gia tri tién téi | xuong — .
Ya

A (05 +ee . g(x)<0 . ., A . -4 N X gz
Trén ( * ) , bang cho © ( \) , nén ham s6 nghich bién. Ménh dé ding.
Yb

~ (05420 \ T \ . A e e A £ v A A e a2 x, >0
Trén ( ) , ham s6 lién tuc va nghich bién tir gi4 tri gan 1 xuéng — . Vi vay ton tai mot diém ~°

o(x,)=0.
sao cho © ( ")
Do d6 d6 thi cat truc hoanh it nhat mot diém. Ménh de ding.
Yc

Theo bang bién thién, ¥ = 0 khong thudc tap xac dinh cia ham sb, nén khong thé 1a diém cuc dai. Ménh
d,é sai.
Yd
. |
Dit alx)-

Trén (72;0), g(x) tang tur 0 1én +9° nén phuong trinh g(r) =1
c6 ding mot nghiém thude khoang nay. Tai nghiém do, dd thi H ¢6 mét tiém can ding.
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Khi ¥ 0" theo bang bién thién & (x) =1
o H(x)— e
nen

Dodo ¥=0 13 mot tiém can ding nira. Vi vay ¢ = 2.
Khi ¥ =47 _ta c6 glx)— - suy ra H( x)— 0.
Vi mién x4c dinh khong kéo dai vé phia =, dd thi chi c6 mét tiém can ngang 1a ¥ = . Do d6
b=1.
Suy ra ”.'Z . |II:I.'Z — 1 . ] — ::: ][]
Ménh dé sai.
Keét luin Céu 4: a) bung; b) Bung; ¢) Sai; d) Sai.
PHAN II1. TRAC NGHIEM TRA LOI NGAN
Cau l
Tim gia tri cyc tiéu ciia ham s = 07— 130 2033,
Loi gidi.
J— :g_l_.‘. 1 =15 = 3 v S =
Taco ' ~ " 2= 3= ) e =t).

Suy ra y'=0. Suy ra hai nghiém 1a ¥ == va x=1,

T —00 —b 1 +00
f'(=) ¥ 0 - 0o+

v 2135 ——
f(x)
o A 2027
Gia trj cyc tiéu 1a (1)=2027.
Dap so: 2027.

Cau 2
Tinh tong cac gid tri nguyén duong cta tham s ” dé ham sb
v=x—3mx 33w+ 4) s 2025

ddng bién trén (2:42) .
Loi gidi.

Ta co Y= 3 — x4+ 9m+ 12,
pat ¢ (x)=x"— 2mx+ 3m+ 4.
Khi d6 V' =3q(x).

\ N , NP . >
bé ham so dong bién trén (2’+ Z), can q(x) =0 véimoi X¥> 2
Xét vi tri dinh cuia parabol 9.
Truong hop 1: M <2

Dinh ¢6 hoanh d§ 7 =2 nén trén (2 HG) ham ¢ ting. Gia tri nho nhit theo gi6i han tai dau khoang
2 1 = 5— .
duoc kiém soat boi ¢(2) n:
V6i moi s6 nguyén duong 7 <2 ta co 9(2)>0 . Do d6 nhan 7 =1 hogc M =2
Truong hop 2: 7> 2
\ oo s =
Dinh ¥ =7 nim trong (242 ) Khi dé cin q(m)=0.
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)= — it 4 3 4
, o) == 2 .
Ta co A

Pidu kién tré thanh —° + 3m + 420 pag m’ —3m—4 <0,

Suy ra —l<m=4.

Két hop v6i > 2 va M nguyén duong, ta duge 7 =3 hoac M =4,
Vay cac gid tri can tim [ = I om=2 m=3 pogec m=4,
Téng@gmg 1+2+3+4=10.

Pap so: 10.

Cau 3
Cho ham so
- ax- + bx+ 2025
V= Ir[l-}: “} ' 14 r N ,
- véi @, b 1a cac tham s thue va @ # 0 Biét dd thi ham sé c6 mét duong

tiém can xién la ¥ =Y T4

Tinh gi4 trj cua biu thirc £ =@ + 5" kbt qua lam tron dén hang don vi.
Loi gidi.

Chia da thirc: ar b 2025 = (42 e+ h=2a )+ (2025 =20+ 4a).
. 2025-2h+ 4a
fle)y=ax+bh—2a4 —q[
Do d6 x+2
n U G E g o O S
Tiém can xién cua do thi la -
Theo gia thiét, @ h—la=x+4.
So sanh hé sb, ta dugc ¢ = lya b—2a=4
Suy ra =0

Vay = a’+h =1 +0 =37

Pip so: 37.

Cau 4

Mot duong day dién duoc ndi tr mot nha may dién & 4 dén mot hon dao & C nhu hinh vé.

C

t—l e A

B M
Biét BC =4 km la khoang cach tir dao € dén bo bién 4B ; bo bién 4B ¢6 do dai 1a 10 km. Chi phi lip
dat cho | km day dién trén bién 1a 30 triéu ddng, con chi phi 1ip dat cho | km déy dién trén dét lién 1a
30 triéu déng. Piém M trén doan 4B duge chon lam diém ndi day tu d4t lién ra dao sao cho téng chi
phi nho nhat. Tinh khoang cach BM | két qua lam tron dén hang don vi.
Loi gidi.
pat M =¥, g1 02y =10,
Khi g6 AM =10-x.
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Tam gidc BMC yuong tai B, nén M€= Vo 14 =¥ 116,

: . ()= 30010 —x)+ 504
Tong chi phi, tinh theo triéu dong, 1a Cla)=30{10=x) 303y + lo.
S0
Cr)==-30+ —.
Pao ham: 1o
S0x
=== =130
Cho C‘()‘):U: V1o
3
1o 5 2557 =9(x7 +16).
Suy ra W10 2 Biph phuong hai vé: i }

Do d6 lox® =144, suyra ¥ =3vi x20

Ham chi phi gidm truée ¥ =3 va ting sau ¥ =3, nén chi phi nhé nhat tai ¥ =3

Vay BM bang 3 km.

Pip so: 3.

Caus

Cong ty Apple d& xuét gia ban mdi chiéc iPhone 17 Pro Max 1TB cho dai Iy tai Viét Nam khi dai 1y nay

A 21y Pla)= 30000000 - 50005
nhap ¥ chiéc la e

dong. Hoi doanh thu t6i da ma cong ty nhan dugc tir dai 1y nay 1a bao nhiéu, tinh theo ty dong va lam

tron dén hang phan nguyén.

Loi giai.

Doanh thu la RBix)=r(x).

F{ )= 30000000 — 5[][][]._{:.

Suy ra ()
s s 1A A o 2 A A YRR £ . 4, \ A 17 \

bay la mdt tam thirc bac hai c6 h¢ s6 cua ¥ am, nén dat gia tri 16n nhat tai dinh. Hoanh d¢ dinh la

S0000000

= ——"= 5000,

225000

c 4 = 30000000 - 5000 — 5000 - 50007,
Khi d6 R,

F = 125000000000
Suy ra "~

dong, tirc 1a 125 ty ddng.
Pap so: 125.
Cau 6
AR 2 L2
Cv=Ailx)= CusY T b
Cho ham so cosy + 2

e \ £ \ J4 TV X ~ 0; T) 4 p ‘A sy ~
v6oi M 1a tham so thyc. Ham so dat gia tri 16n nhat trén doan [ ] 1a M . C6 bao nhiéu gia tri nguyén
ctua tham sd 7 thoa M <—19

Loi giai.

Dit = COSX.
Vi ‘\'E[O;’T] nén —1<1<1
Dit tiép 1= m” + 3.
Lot+ A A-2
f [ X } = - =1+ ’1_ . [<f+2<3 .
Ta co = 4= Vi =% 7=~ taxét hai truong hop.

Truong hop 1: 4<2

Khido 4=2<0_pé / 16n nhit, miu  +2 phai 16n nhét, tac 1a £ =1, Do d6
A-2 A+l

M =1+ =
3 3
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A+1
biéu kién M<-1 suy ra 30 hay A=<-4,

. Iy ou !
A=m -3”!:; e | ——z——>

Nhung 4 4

Vi vay truong hop nay khong c6 gia tri 7 nao thoa man.
Truong hgp 2: 422,

Khi 4=2,ham s6 bang I, nén M =1 va khong thoa diéu kién.

<

2 ) r ~ r o I.I'—-'-'I
Khi 4>2,d / 16n nhat, mdu +2 phai nho nhit, the a F =1, Do do M =1 147 2)

Vi 4>2 nan M > L khong thé thoa M <1,
Vay khong c6 gia tri nguyén nao cua " thoa man.
Pap so: 0.
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