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PE 1 NAM HOQC 2024-2025

Phin 1. Cau héi tric nghiém nhiéu phwong an lwa chon. Thi sinh tra loi tir cau 1 dén cau 12. Moi
cdu hoi, thi sinh chi chon I phwong an.

Cau 1: Cho ham s6 © =7 ) xac dinh voi moi ¥ %6 co bang bién thién nhu hinh vé dudi day.
T =00 -7 —6 0 +00
y - 0 + + O -
+00 +o00 -15
y ~_. 7 T T
-12 —00 —00
Ham s6 dong bién trén khoang nao trong cac khoang sau?
A, (FO12) g, (0:+7) c. (710:1) p. 7770,

Loi giai
« 1 A 1ea L . axe[=Ti =07 (x)=0
Dua vao bang bién thién, ta thay vdi moi vel ).

(=7:-6)

f [ A)=ax thyT dov

Nén ham s6 dong bién trén khoang

CAu 2: Cho ham s c6 d6 thi la duong cong nhu hinh vé. Ham s6 dat cuc

tiéu tai:

A V=0 c. =0 D. Y

Loi giai

x:2.

Ta c6: Ham so6 dat cuc ti€u tai

Céu 3: Cho ham s6 " =/ (Y) ¢6 @b thi nhu hinh v&. Piém cuc dai cta db thi ham s 1a:
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Ay
1
o 12 x
10 |:
_3>______:
A x=2, B. x=0 C. (2:-3) p, (0:1).

Loi giai
s A Lt Ls L v=f(x) , L2 . A c Ls £ 1s (2;*3)
Nhin vao do thi ham s6 - — 7/ "/ ta c6: Piém cuc dai cia @6 thi ham so la

x+1
V=

CAu 4: Gia tri 16n nhit cia hams6 = ~—3 trén doan [0;2] béng

1
A. 3. B. 3. C. 3. D. 3 .

Loi giai

1= — < 07x e [0:2]

x+1
v — 3
Ta co: (r=3)

V=

, do do gia tri 16n nhat cua ham so x¥—3 trén doan

02] , H0)=3

bang 3

Céu 5: Cho ham sb -~ / (I) lién tuc trén - va y=J (1) ¢ d6 thi nhu bén dudi

Gia tri 16n nhét cia ham sé © 7 (%) tren doan [0:3] 4

A. f(o). B. 0. C. 4. D. f(z).

Loi giai
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Lap bang bién thién ta thiy gi tri 16n nhét cia ham sé = ) trén doan [0:3] 4, /(0)

RS
Cau 6: Tiém can xién clia d6 thi ham s6 r+11a
A, V=—xt] B. V=x+1 C.V=—x p. V=X
Loi giai
"+ x| I
y= =1
Ta co ] ]
. B EE T T I
_Jm_1_ A e _hm_: : - -x|= _lm_n_ j: ]
Dodé B b
Suy ra tiém cén xién cia dd thi hamsé1a ¥ =~
Cau 7: D6 thi ciia ham s6 nao dudi day c6 dang nhu duong cong trong hinh dudi?
Y
Xz
AL V= —3x +1 B V=Y - 2+ C. V=X 2x +1 p. V= 2x - I

Dua vao do thi ham s ta théy,

+) Hinh dang d thi cho tahé s6 @ <0

+) Phuong trinh =9 ¢6 3 nghiém phan bigt *' =~

2v 4

Nhu vay, ham s6 can timla - ="
Céu 8: Trung tAm ngoai ngir thong ké bang diém mon Tiéng Anh ciia mot khoa hoc trong bang bén

duoi:

DPiém [0;2) [ [2:4) | [4:6) | [6;8) | [8;10)
Hoc vién | 10 30 55 42 9

Khoang tir phan vi ciia mau so liéu ghép nhém nay la

A 292, B. >3 c. 392 D. 3%,

Loi giai
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Taco =146

, ~ . , L, - x L 1:a Lo, X e |2:4 , ~ . , , X 1ea J4
Tt phan vi thir nhat ctia mau so li¢u goc la = [ ) . T phan vi thr ba ciia mau li¢u goc
13 N0 € [(v;h’].

T phan vi thir nhat ciia mau s6 liéu ghép nhom trén 1a

BT

. 113
—=  (4-2)=—
3 ) 30

,..\
..h‘-'
Il

[

Tt phan vi thit ba ctia mau sd liéu ghép nhom trén 1a

2
"']J"ﬁ—[jm 3004 55) -
@, =04 (8—0)=="2
i 42 ' 2
i 3
AO=0. -0, = 281 113 5 40
Khoang tir phan vi 42 30
. —1-1:2 e s Y e
Cau 9: Trong khong gian véi hé toa d P77 | cho ba diém A 1‘1'“), B(O:L-1) ) €l 2ipi-2)
thdng hang. Téng * " bang
Z 7§ 7% 71
A. 3 . B. 3 . Q. 3 . D' 3 )

Loi giai

s AB={1:0:-3) AC={r+3y-1:—4)

Tac
vi 4.8.C thang hang nén AB cung phuong véi 4C
ri3 4 5
e | _—_3"-—X i I.__-;
r=1=0 =1
s 7
p=——+1l=—=
Vay . :

; [ : } : } : A -\
, cho vecto 4 =—2Ui+ 0 i Toa d0 cua vecto ¥ la:

A, (F20:6:9) B, (20:6:9) c. (-20:6:0) p. (20:6:0)

Cau 10: Trong khong gian véi hé toa do Oxyz

Loi giai

Do #==20i+ 01+ 9 ngn toa do veoto # = (72009

Ay Bl5L=-2nC—1-0:3)

Oxyz " va diém

Cau 11: Trong khong gian véi hé toa do , cho cac diém

D théa man ABCD 13 hinh hinh hanh. Toa d6 vecto €D 1a:
A, (21-2) B. (72:1:3) c. (Z21-3) p. 3:L-3)
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Loi giai

. = BAd— (311
Do ABCD 13 hinh hinh hanh, nén <2 = 54 =(3:1-3)

Oxyz A(-1:2:3)

Cau 12: Trong khong gian véi h¢ toa do , hinh chiéu vudng goc diém 1én mit phang

(Oxy) 1a

Loi giai

[

Hinh chiéu vuong goc diém A(=1:2:3) 154 mit phing (Oxy) la diém (=1:2:0)

Phan 2. Tric nghiém lwa chon ddng sai. Thi sinh trd 161 tir cdu 1 dén cau 4. Trong méi y a), b), ¢), d)
0 moi cdu, thi sinh chon dung hodc sai.

= f(x)=ax +h +ortd

Cau 1: Cho ham sb bac ba ¢6 @b thi nhu hinh vé

Khi do6:
a) Ham sb dat cuc tiéu tai ¥ = -1

b) Ham sé nghich bién trén khoang (0:1) .

R
2 (v)+1=0

¢) Phuong trin ¢6 3 nghiém phan biét.

d) f(5)=111

Loi giai
a) Sai

Tir dd thi ta co “7 ~ 1 .

b) Dung

Ham sb nghich bién trén khoang (-L:1) . Do d6 ham sb nghich bién trén khoang (0:1) .
c) bung
-1

4

2f{x)tl=0= flx)=
Ta co
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-1

1 - ’ N Je Y= ' % 2
Do duong thing 2 cht b thi ham s6 ¥ =/ (%) i 3 didm phan bidt nén phuong trinh

2HH1=0 6 3 1higm phan biét.

f I[l. = 3ax +2bx+e

Ta co:

v a1 A, 2R .(*1;3) v oacR .2 (;—1) N
Vi @6 thi ham so ¢6 diém cuc dai va diém cuc ti€u nén:

f(-1)=3 —a+h—c+d =3 (=1

Jr[:”:_] dg+h+o4d=—1 h=n0

f'[:—]}:f]ﬁ_ ‘3:.‘—1."]-:'=ﬂ H_l[-z—_7!

Ir"[']}:f] Ji.‘-j."]-r:ﬂ d=1

S VR WENE R B
Hay: ! |:_.l. }__., 2% ]
d) Dung
f(5)=111
= 4 dx+h
Cau 2: Cho ham s v+2  Khido
a) Ham sb ¢6 tap xac dinh 2= 1721
b) Ham s6 ddng bién trén khoang (=ei2) y (=2:3)
¢) Ham $6 o tiém can xién la y=x+3
2r—v+4=0

TR A 1 oun Ao o 3 N \ 2 2
d) B thi ham s6 c6 tim d6i xing nam trén dudng thang =

Loi giai

1=_'.,"~'-—1_'.,'-_‘7-= L4 ]
Ta c(') A 1 XA 2
Tap xac dinh: = 1172
, .".': P 3
V= —
(x+2)
=-1
_'|"= = \
Xét te

Ta c6 bang bién thién
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1WAV W

A 1 A o A iin A , oy —— \ i A eaqx V=XAF2
Ta thay ham so0 co tiém can tiém can dung la ¥ = 2 va tiém can xién 1a - SR

. _2:
Va c6 tam doi ximg 1(-2:0)

Do thi ham sb:

6 =5 <4 A R2-10] 1 2 3

Ham sb c6 tap xac dinh D=
— a) Dung

(—; —3»)Vél (-1;3)

Dua vao bang bién thién ta ¢c6 ham s6 dong bién trén khoang

=b) Sai
Ta thdy ham s6 c6 tiém can xién la ¥ =¥+ 2
= ¢) Sai
. -2; . \ . S (4 4=
Thay toa d¢ diém I( -O)Vao phuong trinh dudng thing 2y—v+4 “;ta o 20-21-0+4=0
—v+4=0

Vay db thi ham sb c6 tam ddi xing 1(-2:0) nam trén duong thang 22
= Dung

Cau 3: Tim hiéu thoi gian st dung dién thoai trong tudn dau thang 6/2024 cia ky nghi he¢ 16p chu
nhiém. GVCN thu duoc két qua sau:

Thoi gian (gie) | [0:5) [5:10) [10:15) | [15:20) | [20:25) | [25:30]
S6 hoc sinh 2 6 8 9 3 2

uigeli.xyz Trang 7



uigeli.xyz
a) Khoang bién thién ciia mau sd liéu ghép nhom nay 1a 25,

b) Nhom chita tt phan vi thir 3 1a L1 >20).

¢) S6 trung binh ctia thong ké 1a 10,

d) Khoang ttr phan ctia mau sd liéu ghép nhom nay 16n hon 10,

Loi giai

Thoi gian (gid) [0:5) [5:10) [10:15) [15:20) | [20:25) | [25:30]
S6 hoc sinh 2 6 8 9 3 2
Gia tri dai dién 2.5 7.5 12.5 17.5 22.5 27.5

Sai: Khoang bién thién cia miu s liéu ghép nhom la £ =30-0=30
I 330 ¢
]I:"I w7 i = i .-.ﬂ = E = 11.5 L) 15
. ; 4 4 4 A s s [15:20)
Dung: Vi nén nhom chura tir phéan vi thu 3 1a

Sai: Thoi gian sir dung dién thoai trung binh cua hoc sinh 1a

yo e T T S e T 14,3
30 3
2
L PR | PR
Sai: Ta c6: 4 2 4
0 a0
T_j —1o 135 375
O =54 S=9550 =154 S=—slhol=A =0 -0 =- =903 =10
B i - ¥ 15 -7 - 16

O)CrVZ .‘![—1:1:—]]. HI’],‘—]"I] va C(O.—j..}] _Xét tinh dl'mg sai

Cau 4: Trong khong gian , cho céc diém
cua cac ménh dé sau:

AB=(-3:-3:3)

a)
b) AB =23

¢) biém M thoa man AB+CM =0 10 go M(3: 1:0)

d) biém N thudc mit phing (OW), sao cho 1-B8:N thing hang thi N (3; 1;0)

Loi giai

a) bing b) Sai ¢) Pung d) DPing

2y AB=(1-4-1-2241)=(-3-33) =[ 4Bl (=37 + (=37 + ¥ =343

Goi M(x:y:z) thi MC=(—-x—

2=-y,3-2z)
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= —3 ._'.,':3
VIiAB+ CM=0= AB= MC=|-2— y=-3ep=1. = M(3: 1:0).

3--=3 ‘—:n

vi N thudc mat phéng (Oxy) nén toa do diém N 13 N(x; 1:0)

AN(xr=4 v =21L BN (x— Ly + 1:=2)

Ta co:
pé 4.8, N théng hang thi hai vecto AN, BN cung phuong. Do d6, AN =k BN
.".'—4=—]—[.".'—]}
¥
v—4 :J':|['._]} - S
'_HI:J'::' ' =t f— '—ﬁ:—_ L f— T
y=2=k(y+1) y—2 1[_1 1) o
1=-2%
gt
N(3:1;0
Suy ra, ' 2 Vay V(3:1;0)
M \ Lo

Diém M thugc doan thing 4B sao cho MA =2MB cotoaddo ‘= /.
Phin 3. Cau héi tric nghiém tra 101 ngan. Thi sinh trd 10i tir cdu 1 dén cdu 6

Céu 1: Cho ham 56 ¥ =7 ™) lién tuc trén O va c6 db thi caa ham =/ ) nhy hinh v&. Phuong

trinh a. / ()= 7 3) ¢4 bao nhicu nghiém?

Loi giai

Tur dd thi cua ham sé ¥ ~ S , ta suy ra dang bang bién thién ciia ham - = ) ohy sau:

\\

Tir déy, ta suy ra sd nghiém cta phuong trinh T)=710) 131 nghiém.

Dap so: 1
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Cau 2: Khu trd choi tré em Gau Misa hién c6 khach lugng 6n dinh mdi ngay 1a 1.000 khach. Moi

khach vao cong mua vé gia 40.000 dong. Mot cude khao sat cho thiy cir mdi 1an giam 2.000 dong gia
vé, khu trd choi c6 thé c6 thém 100 khach. D¢ doanh thu thu dugc 1a tdi da, khu tré choi nén ban vé véi
gia 1a bao nhiéu?
Loi giai
Pap an: 30.000 dong.
Goi X 1a s6 lan giam 2 nghin dong gia vé. Khi do:
Gid vé lac nay la; P11 =3072% (g 0<x <20,
S6 khach tang thém la 100x
Do d6, téng s6 khach 1a 1000+ 100y
Ham doanh thu thu duoc:

R{x)= {1000+ 100x) p(x)= {1000+ 100x ) (40— 2x)= —2005 + 20005 + 40000

s = R{x)=-200x" + 2000+ 40000 . (0
Xét ham R=R(x) 4 trén (O 20)

R'= =400+ 2000

Max R= R(5)

R =R (%) 13 ham s6 bac hai co hé s6 @ <0 nén: "
3 v 9

Vi
Vay doanh thu dat t6i da khi: ¥ = 5. Pitu nay tuong tmg véi 5 1an giam 2000, tirc 1a gia vé can ban ra
1a 40000 —=5.2000 = 30000
Cau 3: C6 ba lyc cung tac dong vao mot vat. Trong do, cé hai lyc hop véi1 nhau mot géc 60" va co do
16n déu bang 4\/§N. Luc con lai ¢c6 phuong vudng goc v6i miat phiang tao boi hai lyc da cho va co do
16n bang SN . Tinh d6 16n luc téng hop di tac dung vao vat.
Loi giai

Dap an: 13,

FE Fl=|Fl=43 F

Fl= =43 i

Goi R 5 1a hai lyc hop v6i1 nhau mot géc 60" v3 01 3 1a luc c6 phuong vuong goc

2

véi mit phing tao béi hai luc 7 2 va 7] > Do 16n cia lyc tong hop 12

|F o P F= \f[ FiFiF) = JE A F A F i 2FFA2EFA2FF,

cosol” =13,

SIS RENGT
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Cau 4: Trong khong gian véi hé toa do OW, cho tam giac ABC i A(l;_3;3}; ;5’(2;—4;5_} ,
C(a-2b) nhan diém 6(1;66) lam trong tAm ctia n6 thi gia tri ctia tong 4+ O+ € bing

Tra loi: 7.
Loi gii

T 4 o 4 T .= T -
Xyt Xpt E-=3%;

| Fa T FR =35

P4 Fot Se=35

Vi G 1a trong tam tam giac 48C néntaco T4 TF 7L v

1+2+a=3 a=0
= —3-4-2=3¢= h=10= 3+ A+ c=7
3454 h=18  |o=-3
Céu 5: Mot chiéc may bay dang bay trong khong gian Oxyz , V6i toa do hién tai 1a ~ (40,10 40}.

A(O;lO;O} va 3(20;0;10}, Hay tim khoang cach

Puodng bay mong mudn ctia méay bay di qua hai diém
ngan nhét tir vi tri hién tai cia may bay dén duong bay mong mudn nay .
Tra 1oi: 283

Loi giai
. H(X}_V,Z) N1y - A 2o M tea \ 2 AR s o4
Goi 1a hinh chiéu cua M trén duong thiang . Khi do

- ME={x— 40— 10,7 40), 45 =z, v— 10,2 ), 45 = (20,10, 10)

| 20{x—40)— 10( #—10)+ 10 2— 40)=0
| ® w10 2

.20 —10 10

Vi MH L AB v vecte A7, A5 cung phuong nén

2x— i+ z-110=0 [x=40
= X=2Z ) =10 = H(40,-10,20) = MAE=202 = 28,3
| r=10-r | z=40

. A03:0:00, B(0:3:0), Ci0:0:3
Cau 6: Trong khong gian 002, o Y 0)- B(0:3:0). (0:0 }.

Piém M{(a:b:c) 0.4.B.C

trong khong gian thoa man M khéng tring véi cac diém
va AMB=BMC=CMA=90". Kni d5 tdng @+b+¢ bing

Pap an: 0-

Loi giai
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‘ AM.BM =0
CM.BM =0 (%)
Goi M (a:b:c) i AMB=BMCO= OMa=90"0 5 AM.CM =0
AM =({a—3bic) BM =(a@:h—3c).CM =(a:bic—3)
T bidu thite () ta 6 bidu thite toa do
'[:u—?s}u th(h=3)+c =0 b= 3a=3h=0(1)

l[": t [:-"1—3}-'11 t L'E:L'—E}zﬂ — b L':—3f1—3l'= 0

o
. _a i :. _1 o ‘ :. :. _:_"1 _'1_:
(a=3)atb +(c=3)e=0 |a bt =3a=3c=0 3, 3 3p3c=3c+3

}

, a=10 M{D0:0)(])
Ja —bg=0= = )

.2 | MI2Z220TM )
< a=b=c Thay vao bidu thuc (1) ta co [- }

Vay a+b+c=0.
Hét--— ,
uigeli.xyz PE ON TAP CUOI HOC KY I
DPE 2 NAM HOQC 2024-2025
MON: TOAN 12 KNTT

Phan 1. Cau héi tric nghiém nhiéu phwong an lwa chon. Thi sinh tra 16i tir cau 1 dén cau 12. Moi
cdu hoi, thi sinh chi chon 1 phwong dn.
Cau 1: Cho ham s * / (1) ¢6 bang bién thién nhu sau:

€T —00 -1 0 1 Joo

f(@) + 0 - 0 + 0 -

Ham s da cho dong bién trén khoang nao dudi day?
a (3) g. (10 c. OB, (0:1),

Loi giai

. X A £ \ £ ax A A , —w0i=1) |
Dua vao bang bién thién ta thay: Ham s6 da cho dong bién trén cac khoang (= ) va

(0:1)

p=-x 4206

R o= vty ey ez XX
Cau 2: Ham s6 - ' " dat cuc tri tai hai diém ~’ 72 . Khi d6 gia tri cia

§= \ + 1

biéu thirc bang:
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10 40 10 20
A 9. B. 9 . C. 3. D. 3
Loi giai
HTXD: D=1 .

=2
1 = e 2
¢ 2 vV=——
! =—} T A4 Tt h
Ta co: ) 34 4; 3
i
r ' = -1 i t T
Lap bang xét dau cua ) A4
2
2 0 3 2 +o0
) = 0 : 3 0 =
q
vo=2lv,=——
4 . . . 4R l r o1t A ’
Suy ra ham so6 dat cuc tri tai hai diém 3, do d6 biéu thuc
. . 0
) - Q 8}
j_'.,' - ]
1 = N
Cau 3: Tong hai gia tri cyuc tri cia ham so I-x bang
Al S. B. 4. C. —6. D. 7
Loi giai
. —2a 4 dx
VY = B
Ta cé: (=)
r=0= 1=
_1 ! = f] oy - -
Vay ' === "=7" Pay chinh 14 hai gi4 tri cuc tri cua ham sé vy tong cua
chung bang —o-
3x—1
~ \ i 1x 2 M oria ha VT 3 A [072]
Cau 4: Tim gia tri 16n nhat cua ham so X—23 trén doan
1 1
JM - — “1;_’[ = ——
A. 3 B. 3 c.M=5, p. M =-5
Loi giai
5 .
V== 0.7xe(0:2)
s [0:2] . . (x-3) '
Trén doan ta ludn co -
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]
[0_2] ‘.f_nmm_1[[]}__
Do d6 ham s6 " nghich bién trén doan 171 vay '] :

n \ L v=/(x ;g n A . \ v=f"(x A, 3 \ £
Cau 5: Cho ham so - I ) xac dinh, lién tuc trén 1 vaco dao ham - 1 ( ) . Biét rang ham so

y=1"(x) ¢6 d thi nhu hinh v& bén.

A f(fz) B f(fg) C. f (0) D f()‘ﬂ) véi
3 x, <=2
Loi giai
x=-3
f(x)=0=|x=-2
Ta ¢ x=0 , voi ¥==3 va ¥=-2 13 nghiém boi 16, *=0 [ nghiém boi
chan.

Bang bién thién:

T -0 -3 -2 0 + a0

!

Y

Vay gi tri 16n nhit ctia ham sb y= f( ) trén doan [ ; ] la - (_2).

Cau 6: Cho ham sé © / (‘) ¢ d6 thi nhu hinh sau
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x=-1 |

s -17 o \')
-11¢ S— S
Db thi ham s trén c6 dudng tiém can dimg 1a
A.x=-1 B. ¥=-2 c.v=-1 D. V=2

Loi giai
Dua vao do thi ciia ham so, duong tiém can ding ctia do thi ham s6 da cho la ¥ = -1

Cau 7: D6 thi ciia ham s6 nao dudi day c6 dang nhu dudng cong trong hinh dudi?

Dua vao do thi ham s ta théy,
+) Hinh dang d6 thi cho tahé s6 ¢ <0

r_ X X == "."__=[-]" =
+) Phuong trinh ¥ =¥ ¢6 3 nghiém phan biét L x, = .

e T
A \ A A s L PEXY LA ]
Nhu vay, ham so6 can tim 1a - .

Cau 8: Trung tdm ngoai ngir thong ké bang diém mon Tiéng Anh cua mot khoa hoc trong bang bén
dudi:

Piém [0:2) | [2:4) | [4:6) | [6:8) | [8:10)
Hocvién| 10 | 30 | 55 | 42 9
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Khoang tir phan vi ciia mau so liéu ghép nhoém nay la

A. 292, B. 2%, c. 2. D. 3%

Loi giai

) . X 7. . X..e|2:4 o R ST

Tt phan vi thtr nhat cua mau so liéu goc la [ ' } Tt phan vi thir ba cua mau li€u goc
X, £16:8

3 S e[6:8)

Tt phan vi thir nhit cia miu sb liéu ghép nhom trén 1a
I.140 10

2
0=2i—4 _ (4-2)=1
' i 30

Tt phan vi thit ba ctia mau s6 liéu ghép nhom trén 1a

40 -
~(10430+55) .
_{}_:f‘l- [:\.—I:"I}z—
B 42 ' 42
AQ=0, -0, = 251 13 500
Khoang tr phan vi 42 30
. . , o A(-L12) B(0:1:-1 (x+2; -2
Cau 9: Trong khong gian v6i hé toa @0 97| cho ba diém ( ) , ( ) va [' 1i=2)
thang hang. Téng * T bing
7 8 2 1
A. 3. B. 3. C. 3. D. 3.

Loi giai

e
Taco AB=(10:=3) AC=(r+3y-14)

Vi 4-B8-C thing hang nén 4B cing phuong véi AC

(x+3 -4 5
P | - ___?gf‘_x .'I' __:2__
__1'—]=[] __1'=]_

5 ¥

1N = — ]=—:

Vay 3 3

CAu 10: Trong khong gian véi hé toa do OxVZ cho vecto w=—20i+0i+9i Toa d6 cua vecto ¢ 1a:
A. (—20;6:9) ) B. (20:6:;9) ) C. (—20;6:0) ) D. (20:6:0) )
Loi giai
= (=201 0: g)

Do ¢ =—20¢i+ 0/ 4+ 9 pén toa dO vecto
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A A . 7. A A ’ R Al 200 : Sl =2 =1 =i 3 \ A
Cau 11: Trong khong gian véi hé toa do OxXVZ | cho céc diém A2 O BISLE=2RC=L-0:3) 4y ¢idm

D théa man 4BCD 13 hinh hinh hanh. Toa d6 vecto CD la:
A, (2:1=2) B. (—2:1:3) C. (Z1-3) p. 3:1:=3)
Loi giai

T BA— (1]
Do 4BCD 13 hinh hinh hanh, nén €7 = 54= (313

Cau 12: Trong khong gian v6i hé toa @ V7 | hinh chiéu vuong goc didm 4(-1:2:3) 1an mit phing
(Ox) 13
Al (0;0;3). B. (—1:_2:_0]. C. (—1:2;3). D. (l:—2;—3).

Loi giai
Hinh chiéu vuong goc didm 4(-1:2:3) 1en mit phing (O 1a didm 4 (- 1:2:0)
Phin 2. Tric nghiém lwa chon ding sai. Thi sinh tra loi tir cdu 1 dén cdu 4. Trong méi y a), b), ¢), d)
0 moi cdu, thi sinh chon dung hodc sai.
' = ..I.-. —_ _‘z_..ll-: 1 ]

Cau 1: Cho ham sb J

(—GC;D) v (2;+oc).

a) Ham s6 dong bién trén moi khoang
b) Ham ¢6 cuc tiéu X = 2.

¢) Bang bién thién ctia ham so 1a

x —00 0 2 +00
¥ £ B = m 5
1 +00
y / \ /
— 4

d) Do thi ham s6 nhan diém 1(l:-2) lam tim ddi xtg.
Loi giai

a) bung

Ta c6 Tap xéac dinh: D = i

o =10
y = I —br=0=

-

Bang xét ddu Y :

T |—oo 0 2 +00

+ o - 0 4

(—o0:0) v (2:+0¢)‘

uigeli.xyz Trang 17
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b) Sai

Tur bang xét d4u suy ra ham sé dat cuc tiéu ¥ = > tai X =2

¢) bung
Bang bién thién ctia ham sb 1a:

X —00 +00

y' + 0 .- 0 +

1 +00
y / \ /
_— -3
d) Sai
Taco V=050, 1 =0 =1
TR A 1A a:R ](li_l) A A Ao
DO thi ham s6 nhan diem lam tdm doi xung.
2y + 3y —]
Y= . . C

Céu 2: Cho ham sé =1 o dd thi( ).

o (C , o
a)Dd thi ham sé (€) c6 duong tiém can dimg la X =1,
A . I4 C . . = -
b)D4 thi ham s6 (€) c6 duong tiém can xién 1a ¥ = 2X +1

\ A A <A A 5 (23 +OC’ )
¢)Ham s6 dong bién trén khoang .

d)Duong tiém can xién cua do thi ham so ( )tao voi1 hai truc toa d0 mdt tam giac c6 dién tich bang

25
4 .
Loi giai
— il
a) Tap xac dinh D=
Ping
. 2y +3x -1 . C2x 43—
limy=Ilm——m—=—=limy=lim———=+x = v =
Tacod " o x =l o o x =] la duong tiém can diang
cta d6 thi ham sé
b) Sai:
.4
v=2xv+5+ —
Ta co x—1

ijfl'—{l_r+5]]=ﬂ:Iim{l'—{lx'+5]]=ﬁ:}1'=3_1'+5 L ey,
Bt wop—w ' la duong tiém can xién ctua do thi ham so.
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¢) Sai

2y +3x -1 Lo 2x—4x -2
Ta co

' =0=2x" —4y-2=0=

r

y
Béng xét dau

—m 1-~2 1 1+42 +or

(—o1-42 ) [H ”!r)

Ham s6 dong bién trén
d) Dung
uong tiém cin xién cua d6 thi ham so la -*

b

3
—:0 |_a-fJ!_
1

|_:-|-_4-.

Goi A 13 giao diém cua tiém can xién véi truc
Ov= B(0:5)= OB=35

B 1a giao diém cua tiém can xién vai truc

5= ](}‘EJH—
3

,_,-.|_.

OAB 3

Khi d6, dién tich tam giac

x —o 1-42 1 1+4/2 4o

y' +0--0+ ”

Cau 3: Tim hiéu thoi gian st dung dién thoai trong tudn dau thang 6/2024 cia ky nghi he¢ 16p chu
nhiém. GVCN thu duoc két qua sau:

Thoi gian (gio) | [0:5) [5:10) | [10:15) | [15:20) | [20:25) | [25:30]
S6 hoc sinh 2 6 8 9 3 2

a) Khoang bién thién ctia miu s6 liéu ghép nhom nay 1a 25
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b) Nhom chira tir phén vi the 3 1a [15:20)
¢) S6 trung binh cua théng ké 1a 10,
d) Khoang tir phan ctia mau s6 liéu ghép nhom nay 16n hon 10,

Loi giai

Thoi gian (gio) [0:5) [5:10) [10:15) [15:20) | [20:25) | [25:30]
S6 hoc sinh 2 6 8 9 3 2
Gia tri dai dién 2.5 7.5 12,5 17.5 22,5 27.5
a) Sai: Khoang bién thién cia mau s liéu ghép nhom la £ = 30-0=30
1o _330_3_ 555,05 :
ine: Vi o [15,20)
b) bung: Vi 4 4 4 nén nhoém chtra tr phan vi tht 3 1a

¢) Sai: Thoi gian st dung dién thoai trung binh ctia hoc sinh 1a

A

I

A

S+ E12,5+9.017,5+3.22,5+2.27,5 43

;: . - adw . § - iy - . oy =__:]4L3
30 3
D75ty P oos
d) Sai: Ta co: 4 2
a0 a0

T o s 325
O =54 S=9580 =15+ S=——=lnbl=A =0 -0 =—=903=10
) 0 ) 9 15 T RIV
Céu 4: Trong khong gian @7 | cho cac diém HH 218120 (3 C0:=213) ¢t tinh dung sai

clia cac ménh dé sau:
4B =(_3_11
2) AB=1(-3:-3:3)
10 1
b 4B = 23
¢) Diém M théa man 4B+ CM =0 Jgc g6 M3: 1L0)

d) biém V' thudc mit phin (O) 520 cho 4-B>N thing hang thi NV (33 L0)
phang g g

Loi giai

a) Dung b) Sai ¢) Pung d) Dung
g AB=(1-4-1-2:241)=(-3-33) =] 45| JE3P (=37 13 =33
Goi M(x1112) thy MC=(-x-2-v.3-z}
—y =3 =3
ViAB+CM =0= AB=MC = {-2— y==3 & | r=1. = M(3:1:0).
3—z=3 - =1l
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Vi N thugc mat phing (O’W) nén toa do diém N 1a N(x:1:0)

Ta co

pé A, BN

Suy ra, *

thang hang thi hai vecto AN,

o AN(x= &y =21 BN (x=Ly+ 1=2)

BN cing phuong. Do d6, 4N = kBN

Phin 3. Céu héi trac nghiém tra 10i ngan. Thi sinh tra loi tir cau 1 dén cdu 6

Ciu 1: Cho db thi ham s6 * =/ () e a3 thi nh hinh vé bén, Ham s6 =/ (x) nghich bién trén

khoang (a;b). Tinh @+ 2D

Y4

Loi giai

2\ . 1 7 I = f X . 7 O 2
Duya vao do thi ham s6 ta thay ham so y=/ (1 ) nghich bién trén ( ’ )

Suy ra

a=0,h=2

Vay a+2b:4.

Céu 2: Mot thanh phd nam bén canh mét con séng chay qua hém nai. Hém ndi ¢6 chiéu ngang 80m,

mot bén cao 40 M v3 mot bén cao 30 M Mot cay cu s& duge xdy dung bic qua song va hém nui. So

dod cua cay cau dugc thiét ké va gan hé truc toa dd nhu hinh vé dudi day.
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}/I
60

-

—46::_/\_/\_/’\_/_\_/—\_/’_\_ 40 x
A e A AT bl

X 3x

Con duong XY xuyén qua hém ndi dugc mé hinh hoa bang phuong trinh: - 25600 16
Hai cot 45 doc MN va PO 13 doan ndi gitra khung cua Parabol va duong XY . Tinh tong d6 dai doan
MN vy PO ik rang N va Q 13 hai diém déi xing qua Oy ; MN 1a doan c6 d6 dai 16n nhét.
Loi giai
y=60- ix2
Theo bai ra ta c6: phuong trinh ctia Parabol 1a 80 .

D0 cao chénh 1éch gifra khung parabol va dudng xuyén nui tai cac vi tri ¢6 cung hoanh d¢ 1a

3 ! - 3Ir
d=00-—x"—| ———"—+35 .
807 25600 16 | .. re=2371:25)
* Vo1 - .
3 3 3
d'=——x—— f— =0 = 2490309932 = v
Xét 40 25000 1o

Tra c6 bang bién thién nhu sau:

‘x [-23.71 X, 927,99
d’ + 0 -
25,23
d / \
0 0
Dua vio bang bién thién, do dai doan MN 16n nht khi * =24
3 (2497 32.49
= MN_ =d(2,49)=060-—.2,49" -] ‘_J' _32 s s 25,23
' S0 | 25600 16
Lz =, =x, =-2,490309932
Vi Nva € 13 hai diém déi ximg qua @ — 7 T .
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3 [ (=2.49) 3(-2.49
= PO=d(-2,49)=00-—(-2,49} —| (72.49) - (2.4 }-35 = 24,3
- ' wl | 25a00 la
Téng do dai MN +P0=49,5

Cau 3: Khi di chuyén, mot van dong vién dua xe motor thuong chiu tac dong cua 4 lyc: trong lyc, phan

luc cua trong luc, luc can cia khong khi va luc ddy cua dong co.

Luc cin cia khéng khi Lue ddy cia dong co

Luc can cta khong khi nguoc hudng véi luc ddy cia dong co va co do 16n ti 18 thuan voi binh phuong

A LA Ae A FA ‘A < A A oy 2500k S A3 ST ;o <
van téc xe. Mot van dong vién dua xe tang van tdc tir ~~ 0 K 1) g 3000010 " hono qué trinh tang

£ . A . . 2 i A R an tA L 2500km A
tdc, xe giit nguyén huéng di chuyén. Lyc can cia khong khi khi xe dat van toe == 5" /1) vy

u w \r o L |
300 (ki /1) 1 K X E .E , hrpE=0(astbe¥ )
N “77 1an luot biéu dién boi hai vecto “1 va “2 voi v . Tinh gia tri cua

biéu thuc T =a+0
Loi giai
A . n z . 25 . / R 3 . / e R , .
Vi trong qua trinh van dong vién ting van toc tir >0 1) qan 300U /Iy e oift nguyén huéng di
U oowor

1 1 a

. F+—F, =0 (geq,bec¥")
chuyén nén hai véc to Fvakes cung huéng va b~ l7=¢ }.

Vi luc can cia khong khi nguoc hudng véi luc day cia dong co va co do 16n ti 18 thuan vé6i binh
1]

JE 1_‘:(]\ 15 r ﬁqLI] ¥ ﬁqL[] ur ﬁqUSI I

& M:

N Fx‘_xF:lF‘_xF,—lF‘:[]
3000 30 T 30

phuong van toc xe motor nén

_= _\,-',‘-E:':]]
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CAu 4: Trong khong gian vé6i hé toa d0 @Y7, cho tam gidgc 45C vsi A(l;—3;3}; B(2;-45) ,

Cla-2;b

. .2 OlL;c6 N ) .2 ) S
) nhan diém I( ) lam trong tam ctia né thi gid tri cua tong 4+ O+ € bing

Loi giai

Vi G la trong tdm tam giac ABC ngntaco T4
(1+2+a=3 (a=0

= =24 2=, A=10 =5+t At =7

2454 A=18 .¢‘=—3

Cau 5: Mot chiéc may bay dang bay trong khong gian OXVZ y4i toa do hién tai 1a M(40;10; 4[]_11.

A010:0) Ly BRO010) 1o i khodng chch

Puong bay mong mudn cta may bay di qua hai diém
ngan nhat tir vi tri hién tai cia may bay dén dudng bay mong mudn nay.
Loi giai

Goi 7 52) 13 hinh chiéu cia M wen dudng thing AB. Kni do ™iP 75 AT )= M5

Céf¢%=(f—4DLw—1&3—4D}H%§=tx1w—1&f}ﬁé§=(2&—1&10y

{2D[E—4D}—1GLP—1D}-1D[f—4D}:D

| x  »-10 =
Vi MH L AB v vecto A, AB cung phuong nén 20 -100 10
Z2x— i z-110=0 |[x=40
i E=4r = =10 = Hl40,-1020 ) = MH= 2042 = 28,3
= 10—~ =20

. AC300), B0 30), c(0:0:3
Cau 6: Trong khong gian Oxyz, cho dl ). B ( ).C ( }

M (ab;c . . . )
( ) trong khong gian théa man M khong trung véi cac diém 0,4,B,C

biém
va AMB = BMC = CMA=90", Khi d6 téng a+b+c béng

bép an: 6.

Loi giai
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AM.BM =0

CM.BM =0 (%)
Goi M(@bic) o YyB=BMC= EMA=90"7 1 ‘-“’-” CM=0

AM =(a=3bic) BM = (ath—30).CM = (a:bic—3)

*
Tur biéu thirc ( ) ta c6 biéu thurc toa do
-[:“_3}” ' "I][:"I:'_-l-} bt =0 EGERLE = 3a—3b=0{1)

l:f: Hh=3)pic(c-3)=0 = ‘ @+ b+ —3h-3c=0

[:n'—:*f}n' b -[:['—3.}L'=ﬂ a+F +¢-3a-3=0

= 3+ 3h= 3h+

}L'Z EL' 1 3[|'

a=0 [.\-r[n;n;n}u}

E:r:—tﬁr.':ﬂ«:-:[ = N
2 | M 2D 220 TM).
< a=b=c Thay vao biu thic ( ) ta co [' )

Vay ¢ +bh+c=06.

Hét
uigeli.xyz PE ON TAP CUOI HOC KY I
PE 3 NAM HOC 2024-2025
MON: TOAN 12 KNTT

Phin 1. Cau héi tric nghiém nhiéu phwong an lwa chon. Thi sinh tra loi tir cdu 1 dén cdu 12. Moi
cdu hoi, thi sinh chi chon I phwong an.

A \ cv=rf(x L 1es ‘A ‘a R A aA <A A ) \
Cau 1: Cho ham so - / ( ) c6 bang bién thién nhu sau. H61 ham s6 dong bién trén khoang nao

T -0 -1 0 1 +00
f'(x) + 0 - 0 + 0 -
-1 -1
f(x) - \ 2 / ™~
A (01 B, (7:0). c. =), p, (L)

Loi giai
Chon A
Ta c6 ham s6 dong bién trén (—ei=1), (0:1) va nghich bién trén (-10) : (L +OO).

b

Céin 2: Cho db thi cita ham ~ =/ (%) ¢6 db thi nhur hinh vé bén dudi. Ham s da cho ddng bién trén

khoang nao dudi day?
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15

A (B4), g, (-7:0) c. (23) p. (13).

Loi giai
Chon C

Duya vao d6 thi ham s6 thiy rang ham sé dong bién trén khoang (2; 3).

A \ L v=/f(x T A A s 1a - X ‘A N ~ 1A I 2
Cau 3: Ham s0 - / ( ) xéc dinh, lién tuc trén L' va c6 bang bién thién nhu hinh v& bén duéi. Khiang

dinh nao sau day dung?

B 0 2 +oo
y' + - 0 - 0 +
1 0
y /
0
o / -1

A. Ham s6 dat cuc tiéu tai ¥=—1.

B. Ham s c6 gia tri 16n nhat bang | va gi4 tri nho nhat bang —1.

C. Ham s6 c6 dung hai cuc tri.

D. Ham s6 dat cuc dai tai *=0_ x= lva dat cyc tiéu tai * =2,
Loi giai

Chon C

Duya vao bang bién thién ciia ham s6 y=71 {X) ta c6 két luan sau:

=1

. 4 e e V. n .
Ham so dat cuc dai tai ¥ = 1 , b nén D sai.

Ham sd dat cuc tiéu tai *=2, Yor = ~1 jen A sai.
Gia tri 16n nhét ctia ham s6 bang 1 va ham s6 khong c6 gia tri nho nhét trén || nén B sai.
A . L V= (x A n —3,2 1. A A . 7 1A \
Cau 4: Cho ham s6 - / ( ) lién tuc trén [ ] va c6 bang bién thién nhu sau. Goi M,m lan luot 1a

R Ky oon or 4s ) X, o \ c v=f(x A —1:1 ,
gia tri 16n nhat va gié tri nho nhat ctia ham so - / ( ) trén doan [ ] Tinh M +m
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X — -1

LN N

A. 0, B. 3. C.2. D. l.

f(x)

Loi gidi
Chon B

Trén doan [-11] ta cO gia tri 16n nhat M =3 khi ¥=—1 va gi4 tri nho nhit 7 =0 khj x=0

Khidgé M +m=3+0=3

Cau's: Cho ham'sé * =/ (V) c6 4d thi nhu hinh vé& bén dudi.

L0 o

5 -4 -2 -2\4 o1 2 3 4 5

Puong tiém can ngang cua d6 thi ham sb ¢6 phuong trinh 1a

A ¥=2 B.V=2. c.x=-1, p. V=1
Loi giai
Chon B
Colim f{x)=2 . 5 N o
Taco: nén dudng thing ¥ la duong tiém cén ngang cia do thi ham so.

Cau 6: Puong cong hinh bén 13 d6 thi ciia mot trong bén ham sé dudi ddy. Ham sé d6 1a ham sé nao?
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g i 3

¥

=W

x—2
A. x—1 B. '~ ¥ =3x

Loi giai
Chon B
Ta thdy dudng cong trén 1a d6 thi ctia ham s bac ba c6 hé s6 ¢ > 0 nén chon dap an B

Céu 7: Pudng cong trong hinh sau 1 do thi ctia ham s6 nao?

IV} V

he
O |1
/_2\\
2 X —x+2 X —x-2 X —x+2
pot e p=o T re—= V=——
A v+ | B —v+1 C v—1 D v—1

Loi giai

Vi d6 thi ham sb c6 duong tiém can dimg 1a X =1 va duong tiém can xién 1a ¥ = nén ham

¢
V=X4+—
s0 ¢o thé viet duoc dudi dang: v=1,
-

Je=2

—

N I £ L Y 0;-2) . . -
Vi d6 thi ham so6 cat truc tung tai di€m ( )nen ta co: —|
2
y=x+ V=

=y +2

Cau 8: Trong khong gian cho diém O va bén diém 4.B.C.D khong thang hang. Diéu kién can va dua
dé 4-B-C D ta0 thanh hinh binh hanh la:

— = — | — S [ —
A+ — 08 =00+ =00 Od+ —0C =08+ =00
A. 2 2 B. 2 2
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C. O4+ 0C=08+ 0D D. YA+ OB+ OC+0D=10

Loi giai

D c

OA+ OC = OB+ OD < OA+ OA+ AC= OA+ AB+ OA+ BC < AC = AB + BC

Cau 9: Cho ttr dién ABCD | goi I, J 1an luot 1a trung diém cua 4B va CD; Dfmg thirc nao sai?

I (PP ~ ] —
IF=—(AC+ BD) IT=—|AD+ BC)
A. 2° . B. 2 .
T SRR [ S
I=—(DC+ AD+ BD) I=—(A4B+CD)
C. 2% " 2% "
Loi giai
A
1
B D
J
C
LU Lo apy = L(se . ap)
Ta c6: =14+ 47 2 it . -

[ (U
=:|:.f”.1’ P BOD A+ CD+ DO fﬁf} =:|:.'!.|r:1J VRS jfﬁ('}

S R

7 1J=—(4B+CD)

Vay dang thuc sai la 2" .
Cau 10: Cho hinh lap phuong ABCD.A'B'C'D' Tinh goc giira hai vecto BC va B'D".
A. 90°, B. 00°. C. 45°. D. 30°,

Loi gidi

T BT B'D'.BC|={BD.BC )= DBC =45°
Taco B'D'=BD nén i F l: ' )

Cau 11: Mot miu sé liéu ghép nhom c6 ti phan vi thir nhét, thir hai, thir ba Iin luot 13 -9 &
Khoang tir phan vi ctia mau sé liéu d6 bang
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A. ngQx' B. Q:*Ql. C. Q;*Qg. D. 0. *Q:_Q;.
Loi gidi
Chon B
Khoang tér phan vi ciia mAu s6 liu d6 12 &~

12.4.6.8.10] : x o
! ’ '. Phuong sai ctia mau so li€u trén la:

Céu 12: Cho mau sb liéu thong ké
A. 40, B. 10, C.6. D. 8.

Loi giai
| .
T= (244404 8410)=0

2

_1--‘-=l_[[j1—u:ﬂ" H4-0) +(6-0) +(5-0) -[ﬁlﬂ—m"}h‘
Phuong sai la: .

Phan 2. Trac nghiém lwa chon ddng sai. Thi sinh tra 16i tir cdu 1 dén cau 4. Trong méi y a), b), ¢), d)
0 moi cdu, thi sinh chon dung hodc sai.

fx)=x +3 =9r+15

Céu 1: Cho ham sb " Cac ménh dé sau dung hay sai?

4 ‘ .-I- = :f'l':: { T "}
a) Ham so0 c6 dao ham la friv)=3v 0 .

Lo Lz -3
b) Ham s0 dong bién trén khoang ( ’1).

¢) Khoang nghich bién 16n nhét ciia ham s6 S (K) chta ding 3 s6 nguyén
L - 3
) Him o4 hx)=f(x) S dng bién trén (Li+)
Loi gidi
a) Sai :
Tap xac dinh: D =11 .

V=30 -9

Ta co: -
) . =1
V=03 r—9=0 7
b) Sai : -
Bang bién thién:
X | —o -3 1 +o0
y' + 0 - 0 +

42 +0

y_oo/ \10/
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Tir bang bién thién, ta thdy ham sd nghich bién trén khoang (_3; 1) .
¢) Pung: Khoang nghich bién 16n nhit cia ham sé J (x) chtra dng 3 sb nguyén 1a -2;1;0
d) Piing: Ta c6 h(x) c6 tap xac dinh la D ="

Dua vao bang bién thién: J (x) dong bién trén (l; MO)
3

4 R nghich bién trén (I;er) suy ra g (x) déng bién trén (l;+w)

Viay h (l) déng bién trén (1; +m)

, e ' = vl v— 11 _I__nl. _I__-z. i Vi
Cau 2: Cho ham sé v=f(x) 6 Fx)=xlo—I0Nx=2Nx=3). x—10)Txe

a) Ham sé /(Y ¢4 10 didm cuc tri.
b) Ham sb J(x) ¢ 5 diém cuc dai.
¢) Ham sd f(x) ¢ 5 diém cuc tiéu.

d) Ham sb J(xD ¢6 11 diém cuec tri.

Loi giai
a) SAI
Phuong trinh /=0 ¢4 11 nghiém phan biét nén ham s6 =/ (%) ¢6 11 didm cuc tri.
Vay khéang dinh néu ra 1a sai.
b) PUNG

I I
= (v lim [ (x)=+x A . . .
Ham sb - J () la ham da thic, © ¢ nén s6 diém cuc tieéu nhi€éu hon s6 diém cuc dai la 1.

Ma téng s6 diém cuc tri 12 11 nén sd diém cuc dai 1a 5 va sd diém cyc tiéu 1a 6.
Vay khang dinh néu ra 1a dung.

¢) SAIL.

d) SAI

S6 diém cuyec tri cua ham sb (XD bﬁng 2.10+1=21 , (vi ham $6 ¢4 10 diém cuec tri duong)
Vay khang dinh néu ra 1a sai.
ax+h

flx)=

A \ I e = s e X et g cv=f"(x R _ A
Cau 3: Cho ham so et yoi a.b.c.d ¢6 do thi ham so - a ) nhan ¥ =-1 lam tiém

A3 Iy z cv=f(x =3:-21 5
can ding nhu hinh v€ bén. Biét rang gia tri 16n nhat ctia ham s6 v=1 (‘ ) trén doan [ ' ] bang 8
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Y,
3
2) f£'(0)=3
b) Ham s v=/(x) nghich bién trén khoang (-li+)

¢) Giatricua Y (_3) bang 8

d) Gia tri cia / (2) bang 4

Loi giai
a) Pung: Theo hinh v&, d0 thi A (Y) qua diém (0;3) nén 'flr(o) =3
I

b) Sai: Do )= 07—l nén ham sd di cho x) dé)ng bién trén cac khoang (—oo;—l) va

(—l:+:c:')

fr)=09r=-1= max fle)=f(-2)=58 £(-3)=8

¢) Sai: Do suy ra *

d) Pung: Ta co e dd)
it 1. I:I'I:III_I|I:|L'_.2
A1 1a £ 2. .2 (0;3) A F0)=3= .
Do thi ham s6 di qua diém nén 4

Mait khac, dd thi ham ) y=1 (1) c6 tiém can dung ¥ = —1 pgp —c+d =0

""I 1
ey . y - . —Zda+h
frix)=0%r=l=max { (v)=/(-2)=8< - =8
Vi [5:-2] —2e+d
ad —be = 3d” (c=d J a=3d
—ctd=0 eg—h=3d o=ib=2d
. . . h—2a=8(d - 2c) h—2a=—5{ l: =
Vay ta ¢6 hé phuong trinh * ' :
iy Sdx+2d  Sx+2 y
_,r[.,'l'-}z : — = ] _Xf[:}:-‘-

Tur do suy ra v+ d X
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Cau 4: Trong khong gian Oxyz , cho hinh hop 45¢ DABCD g

D’([I:B:—S) & =[:H'.h'.c'}

. Goi la trong tam tam gidc A'B'C,
) féﬁ:[}:—a;n}.
b) AC =(3:3:0)
0 AC'=(33-3

d)y a+2b+ce=2
Loi giai
1=(-33:0
a) Sai vi BD [ }

b) Dung vi

¢) bung vi
d) Pung vi

AB=(3:0:0), AD=(0:3:0) = AB+ AD= AC=(3:30)

AB = (3:0:0), AD = (0:3:0), Ad = DD’ = (0:0:-3) = AB

AB=(30:0 Oz
Ta co 5= }.G(_)l clen

AR D s

A(0:0:0) B(3:0:0)

AD+ AA = AC' =

ABCD 13 hinh binh hanh =0 Suyra C(3:3:0)
1D =0 3: Ut D = (" 3= 1 —3— =
=10
e AD=AD'= {)y'=0
A ='= 0:0:- 3
ADD'A" 13 hinh binh hanh - Suyra 4 (%:0:73)
Goi B0t 3 2)= 4B = (3,1 3,5 5, 43)
v, =3

= AB=AB < 1y, =0

ABB'A" 13 hinh binh hanh
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0+3+3
[} = :ﬂl
3 2
O+ 04 3
st P .= =]
3
-3-3+0
7 ——:—ﬂI .
Gly.cv.iz. )., . T T 3 - G(2:1:-2
(22 "}latr(_)ngtamtamglac AB'C - - . Suy ra (2L ]
Vay S=a+2btc=2+21-2=1

Phin 3. Céu héi trac nghiém tra 10i ngan. Thi sinh tra [oi tir cau 1 dén cdu 6
A Ny A X an ~ W S\t (N A s . e
Cau 1: Mot vat chuyén dong. Quang duong v( ) (tinh theo mét) vat di dugc sau khoang thoi gian !

(tinh theo gidy), =0, duoc mo ta 1a mot ham s bac ba ¢ d6 thi nhu hinh v& dudi day:

A s(2) (m)

0|

3

112

Tt

8 ,,,,,,,,

3

0 4 g 10 1(s)

Hoi trong 10 gidy dau tién, khoang thoi gian vat chuyén dong nhanh dan kéo dai bao nhiéu giay?
Pap an: 8

Loi giai
Theo dé bai, vat chuyén dong v6i quing duong di sau ! gidy c6 phuong trinh dang

s({ty=at’ +bt* +ct+ d R .
()= at st d , trong d6 ! tinh bang gidy va S tinh bang mét.

: (8 (o 2y 2000
() O(0:0).4] 4 |. B §:— |.C| 10:—— |
Vido thi ham s6 ~ '/ di qua 4 diém Y A N 3 ) nén ta co hé:
i =1 -
b o=
Oda+ 1ob+dc+ d = < 3
' . asdbh=— it =t = 4 N
S12a+064h+8c+ [,-'=L a (1) 8
]
3 I
200
1000 + 1005 +10¢ + 4 = d=10
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I
) o vlt)=s{t)= <0 -2
Khi d@6, van toc tirc thoi cia chat diém la -

A, . oz L dlty=vt)=¢=2
Gia téc tirc thoi ciia chat diém la r) .

2 A T P 7 -3 P -3 7
Vit chuyén dong nhanh dan nghia la alt)>Ve=t-2xUet: =,

Nhu vay 10 gidy dau tién, khoang thoi gian vat chuyén dong nhanh dan kéo dai 8 giay.

o 3y
’_'l = I['}: - . , ., , R
Cau 2: Cho ham so -1 Tong gia tri cuc dai va gid tri cuc ti€u cua ham s6 bang bao
nhiéu?
Loi giai

Ta co

A e D=1
Tap xac dinh: vy

. - 2x-3
vi= M x)= -
(=1}

) r=-I
1= e
. 3
Béng bién thién:

x —o -1 1 3 +0
V' + 0 - - 0 +
1 o0 +o0

Duya vao BBT ta thiy:

L c o v=f1-1)=1
Gia tri cuc dai cua ham so - :

., . R . N X H':f.{j]_g
Gia tri cuc tiéu ciia ham so -

. as LA . B S A= f 3 =10
Khi do tong gia tri cuc dai va cuc ti€u cua ham so: (=1 ) .

Cau 3: Goi M, N 1an luot 13 gi4 tri 1on nhat, gi tri nho nhit cia ham s& * =+ Y7~ _Gia tri cua
biéu thae M +2N bang bao nhiéu? (lam tron dén hang phan muoi).

Loi giai
Pap an: -1.8

. . D=|-3:3
Tap xac dinh ctia ham so6: b [ }
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e 2

x= 0 S
y'=0= “J“‘}—.'l."" —r=0= *.l“‘.\l'—.'-."t == l| ) ] — 107 == Fﬁ = [_33}
L

!_, Eﬁ ..|: iﬁ
)

.
Ta lai co '1.(_3):_3, | 2 ) "(3):3_

Trdésuyra M =3V2 N =-3,
vay (M +28) =324 2.(=3) =32 - 6= -1S

Cau 4: Ong An c6 mot tam ton c6 dang nira dudng tron ban kinh 7 =3 m. Ong mudn cat ra mot hinh
chir nhat noi tiép ntra duong tron d6 dé lam bién quang cdo (Tham khao hinh v&). Khi bién quang cio

d6 co dién tich 16n nhat thi chiéu dai cta tim bién bang bao nhiéu mét? (Két qua lam tron dén hang

N D

* X
2

2

phan tram).

Loi giai:
Ky hi€u céc kich thudc cua hinh chir nhat nhu hinh vé.

::| '.'I'"=|": __\}.r.'::'l, __:L;I_II_- .
Tacd "=~ 4 4 PpK: 0<x<6,

Dién tich ctia tAm bién hinh chit nhat1a S =% .

— .‘.':

L}—i :_]_ A4 gy .
Taco ® =707 \ 4 | —'H o =/ (‘)

J’.r[:-"-'}:_-"-' ' ]H-T; J’.r[:-"-'}:nﬁ—" -"-'=3\‘|r1_ (Vi 0<x<6)_

BBT:
T 0 3.2 6
f(z) & 0 &
81
flx)
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3
7 '1" — T ==
Suyra S < 81 Hay max S =9 dat dugc khi X = W2 va V2 .

Khi do, chidu dai ctia hinh chir nhat 1a * = Y2 424,

Cau 5: Mot cai ao ¢6 hinh ABCDE (nhy hinh v&), & giita a0 ¢6 mot manh vudn trdng hoa hinh tron
ban

kinh 107 | nguoi ta mubn bac mot cay cu tir bd 4B cua ao dén vuon. Hay tinh do dai ngdn nhat

C6 thé cua cay cau ( 1am tron dén hang thap phan)

Hai bd 4E va BC nim trén hai dudng thing vudng goc voi nhau, hai duong thang nay cat

nhau tai diém O ;

Bo 4B 1a mot phan cia mot parabol ¢6 dinh 1a diém 4 va c6 truc ddi xtng 1a duong

thang 04 ;

Do dai doan O4 va OB 1an lugt 1a 40m v 20m

Tam / ctia manh vuon cach duong thang AE va BC lan luot 1a 40m vz 30m

E D

Pap an: 17,7
Chon géc toa dd Descartes voi géc O | chiéu duonng truc hoanh la tia OC | chiéu duong truc tung Ia tia
OFE | don vi hai truc 1a don vi d dai 172, Khi d6, phan manh vudn hoa c6 phuong trinh 14 phuong trinh

1(40;30) (x—40) +(v—30) =100

, vOiban kinh 1a 10 v . Phan b 4B thudc
y= LY
¢6 phuong trinh 10 . Goi

duong tron véi tdm

. o Al ADy, B0
parabol di qua cac diém 1{0:40). 5 )

M| r a0 [.0<r<20
10 ' 1a diém thudc by 4B thoa mén khoang cach tir bd dén vudn hoa 1a nho

nhat hay d6 dai doan M! —R nho nhat. Ma

MI-R=J(40—¢ +| e 10 | =10= | = =800+ 1700 -10
' L10 / 100
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T
f(t)=|—t" =t =800+ 1700 -10,0 = ¢ = 20
Dit 100
%r“—lr—f‘m
)= I‘:‘ 0t < 20
bl _—'_ )
Ta ¢ AJIDDF £ ) =021 213917

L F(0)=-10+10J17
N,r'(zi:j}:—n:u||::1JE

F(13,917)= 17,71

\

Ma 13,91

. Vay ham (1) dat gi4 tri nho nhat tai '~ 7 hay d6 dai chu ngén nhat

cothéla 1’7,

Céu 6: Ba chiéc may bay khong ngudi lai ciing bay 1én tai mot dia diém. Sau mot thoi gian bay, chiéc

40 (km)

may bay thir nhat cach diém xuat phét vé phia Dong 60(km) va vé phia Nam , ddng thoi cach

mat dat 2 (km). Chiéc may bay thir hai cach diém xuét phat vé phia Bic 80 (km) va vé phia Tay

50 (km) , ddng thoi cach mat dat 4 (km). Chiéc may bay thir ba nam chinh giita cta chiéc may bay thir

nhét va thi hai, dong thoi ba chiéc may bay nay thing hang.

Xéc dinh khoang cach cia chiéc may bay thtr ba véi vi tri tai diém xudt phat cia nd. (Két qua lam tron
1 chit s6 thap phan sau dau phay).

Loi gidi
Dap an: 11,6

e A - [FEYS A 7 5 . <A r - < O
Oxyz , V01 gOc dat tai diém xuat phat cia hai chiéc may bay, mat phang ( i )

Chon hé truc toa do
tring voi mat dat, truc OX hudng vé phia Bic (Ox nam trén mat dét), truc Oy huéng vé phia Tay (Oy

nam trén mit dat), truc OZ hudng thing dimg 1én troi, don vi do 1dy theo kildomét.
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T

X . —60;—40; 2
Chiéc may bay thtr nhat c6 toa do (=60:-40:2) .

, . s .

Chiéc may bay thu hai c6 toa do (80:50: 4) .

Do chiéc may bay thtr ba nam chinh giita ctia chiéc may bay thir nhit va thr hai, dong thoi ba chiée
may bay nay thang hang nén & vi tri tArung diém, suy ra chiéc may bay thi ba c6 toa do

(—00+80 —40+50 24

| y q "

* = (10:5:3)

Khoang cach cua chiéc may bay thir ba voi vi tri tai diém xuat phat ctia no la:

100+ 543 2] Lo ko )

Hét

uigeli.xyz PE ON TAP CUOI HOC KY I
DE 4 NAM HOC 2024-2025

Phin 1. Ciu héi tric nghiém nhiéu phwong an lwa chon. Thi sinh tra 10i tir cdu 1 dén cdu 12. Moi
cdu hoi, thi sinh chi chon 1 phwong dn.
Cau 1: Cho ham s6 =/ (x) c6 bang xét dau dao ham nhu sau
x |- -2 0 2 400
' - 0 _ H - 0 +

J:
Ménh dé nao duéi day diing?

A. Ham s6 nghich bién trén khoang (=on-2).
B. Ham s dong bién trén khoang (-2:0) :
C. Ham sb dong bién trén khoang (_“Y”\;O).
D. Ham s nghich bién trén khoang (0:2) .
Loi giai
Dua vao bang bién thién, ta c6 ham sé nghich bién trén khoang (0:2)
Cau 2: Hamsé - ‘x— l‘ dong bién trén khoang nao dudi day?
A, =0, B. (0:2). c (2+) p, (%:+).

Loi giai
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Tap x4c dinh: D=L,
Exd khi x =1 . |1 Khix=l

1= = ) _1 = e
Ta co [-x khi v =1 o -1 khi x <l .
Y khéng xéc dinh khi =1
BBT:
X —0 1 o
v - [ n

(24 ) (L

A Toa £ 2 s (Lo < . &) I (s
Vay ham s6 dong bién trén ( ) Laicé ) nén chon dap 4n C .

A \ L v=f(x P . . ~ s - X n
Cau 3: Cho ham so - S ) xac dinh, lién tuc trén [ va cé bang bién thién nhu sau

X |—x 1 2 100
v + | - o +
[ o0
¥ / \ /
_.TX) ——

biém cuc dai ciia ham so la

AV, B.x=1 C.x=2, D. "
Loi giai
\ ) -4 A e oy — N , \ £ aAs 1A . T - "
Dua vao bang bién thién, ta c6 tai ¥ = 1 , dao ham cua ham so doi dau tr ( ) sang ( ) nén
ham s6 ¢6 diém cuc daila X = 1
N \ c v=1(x) {.a A -1;3 N gA g1 s ~ 1A . \
Cau 4: Cho ham s6 I \) lién tuc trén doan [ ] va ¢ dd thi nhu hinh v& bén. Goi M va m
b NV £, , L \ £ oA -1;3 car LR
lan Iuot 1a gia tri 16n nhat va nhd nhat cia ham so6 trén doan [ ! ] Khi do, tong M +m
bang

A. 6. B. 2. C. 5. D. 2.
Loi giai
Theo do thi, tacd: M =2 ya m=—-4 = M +m=-1
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CAu 5: Cho ham s f (X) xac dinh va lién tuc trén i\ {- 1}’ c6 bang bién thién nhu sau:

x| —ro -1 4
»' — —
5 T
4 \ \
o 2

Khang dinh nao sau day la khang dinh dung?
A. D0 thi ham s6 c6 mot duong tiém can.
B. D6 thi ham sb ¢6 hai dudng tiém can.
C. Db thi ham s6 ¢6 hai TCN Y =2 Y =3 yamacTcp X=- 1.
D. D6 thi ham s6 ¢6 bbn dudng tiém can.
Loi giai
Tir bang bién thién, ta c6:

X | =g -1 T
¥ — —
5 T
g \ \
. 2
lim  f(x)=+¥
- 1)
o P x=-1
lim f(x)=- ¥
e 1a TCD.
lim f{x)=5P r=35 lim f(x)=2P v=2
v laATCN va =¥ 1a TCN.
Cau 6: Ham s nao sau day c6 do thi nhu hinh v& bén dudi?
y /
/
/
7
|
/4
e
NV |l
A |l .
/o] 12 5
/ I
/
X -x=3 -] x—1 x—1
V=— V= —— V= V=
A v—2 B. v—2 Cc. x-2 D. Xx+2.

Loi gidi
Ttr d6 thi suy ra ham s twong Gmg 1a ham phan thirc hitu ti bac 2/bac mot va khong co cuc
tri.
SuyraloaiCva D.
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e R
I=—
(- Y r_
Xét A. Ta cé (=20 V=006 nohiem.
. —dx+]
.1 = T
, , [-'—jr y':O , . . n n  n
Xét B. Taco ; c6 hai nghi¢m phan biét.
Suy ra chonA.
Céu 7: Mot chiéc buyt co stic chira t6i da 50 hanh khach. Néu mot chuyén xe buyt ché X hanh khach thi
03—
gid tidn cho mdi hanh khach la  ~ *¥/ _ Hoi dé thu duoc sé tién nhiu nhét thi mot
chuyén xe buyt can ché bao nhiéu khach
A. 35 B. 40 C. 45 D. 50

Loi gii
S4 tién thu duoc khi chd X hanh khach 1a

I." " Y- I.-' } .I-.x
/ [.._I._}zj[]..ll_.l 3__ | — 1[]' "';l.'ll'—; .t
' 40, | 20 1600 -\ <5s0
' )= 20 If ) 3x I oy =0 xr =40
= ri= 2 b 4 = ! y= )
[ L 10 1600 8 =120
X 0 40 50
S(x) + 0 _

| T~

ABC DA B .C. D

Vay can chd 40 khach.

Cau 8: Cho hinh hop ABCD.A'B'C'D" trong khong gian véi cac dinh
AB=u AD=V vy A4"=w Bibtrang U, V, W d6i mot vudng goc v6i nhau va co do dai

sao cho

lan luot 1a |1i]=2 , V=3 ,Va W4 Do dai cua duong chéo tr 4 dén € 1a:
A3 B. V29 C.9 p. V20
Loi giai
Do dai ciia duong chéo tir 4 dén C" dugc tinh bang cong thirc khoang cach trong khong
gian.

AC = Jui + [vF o if =2 3 e 4 =370 10 =20

a=20+3(i—2k )+ 4

\

Cau 9: Trong khong gian véi hé truc toa do Oxyz, toa do cua la:

5:-6:4) g, (2:3:4) C (5:5:-0) p, (2-6:4)
Loi giai

a=2+3{i=2k)4j =50+ 4j— ok = (5:4-0)

A

Ta cé

; (=(13-2) . v=(2:1;-1) . 5 1
Oxyz ( )Va1 ( }.Toa do vecto Y~V la

Cau 10: Trong khong gian , cho hai vecto :
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A (343) B. (—]:2:—3)_ C (—]:2:—])_ p, (L=21)
Loi giai
PR T P SN TUNE. S SR 0% VRN S PO PO
Ta oo v=(1-223-1-2—(-1))=(-1:2:-1)
Céu 11: Két qua kiém tra diém mén Toan cta hoc sinh 16p 12A1 dugc cho boi mau s6 liéu ghép nhom
nhu sau
Nhém diém | Tin so
[0:2) 5
[2:4) 5
[4:6) 5
[6:8) 25
[8:10] 10
n=50
Phuong sai ctia mau s6 liéu ghép nhém & trén 1a
A. 1296, B. 657 C. 576, p. /36,

Loi giai
S6 trung binh cong ctia mau sb lidu da cho 1a
3-5 7-2549.10 31 {

_ 154 #5354

]

A0 5

Phuong sai ctia mau s6 liéu ghép nhom da cho 1a

-

L _S(1-0.2) 1 5(3-0.2) +5(5-0.2) +25(7-06.2) +10(9-0.2)
o5 | | | | ”

5

A0

CAu 12: Tdc d6 cua 20 xe hoi khi di qua mot tram kiém soét van toc duoc théng ké lai theo 16p nhu
sau:

Toe dd (km/h)

[42: 46)

[46: 50)

[50: 54)

[54: 60)

[60: 64)

Tan so

3

7

4

4

2

Do Iéch chuan ctia mau so liéu ghép nhém 1a

V063

V664

V065

660

A D B. 5 c. > D. >
Loi giai
Ta c6 bang sau:
Toc do (km/h) [42; 46) | [46: 50) | [50; 54) | [54: 58) | [58: 62)
Vén toc (km/h) 44 48 52 56 60
Tén 56 3 7 4 3 3

S6 trung binh ctia mau s6 lidu ghép nhom 1a
- 3444748 44524350 +3.00 250

20 5

Phuong sai ciia mau so liéu ghép nhom la
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5= L(E.-H’ FTAST 452743507+ 3.00°) -]
20 T

D6 Iéch chuan ciia mau so liéu ghép nhém

\J 664

5

§ =

Phin 2. Tric nghiém lya chon ding sai. Thi sinh tra [0i tir cdu 1 dén cdu 4. Trong méi ¥ a), b), ¢, d)
0 moi cdu, thi sinh chon dung hodc sai.

)= ‘

Cau 1: Cho ham s6 xv—1  Cac ménh dé sau ding hay sai?

\ £ a~ A X N ) 4;+o0
a) Ham s0 da cho dong bién trén khoang ( %) .
b) Ham sb da cho c6 hai diém cuc tri.

¢) Tiém cin xién cta dd thi ham sé 1a duong thing Arp=x+i4

d) Khi ">9 thi phurong trinh ()= 6 hai nghiém phan biét.

Loi giai

a) biéu kién: X # 1, nén TXD: b= {1}
T \ v —2y-3 x=-1
_ flx)= - = fx)= 1) / [_.--.-h:[h_{lz3
Ta c6 bang bién thién:
X —0 -1 1 3 +o0
S(x) + 0 - - 0+
1 +0 +0
o /NN
_w —on 9

2.

s . - X . fo1y A 2 XA , AALC) L A XA
Nhin vao Bang bién thién ta c6: ham s6 dong bién trén khoang ( ) nén cling dong bién trén

. 4,40 ,
khoang ( %) . a) dung.
b) Ham s6 dé cho dat cuc dai tai diém X = —1 va dat cuc tiéu tai diém ¥ =3.

Vay ham s6 ¢6 2 diém cuyc tri. b) ding.

Flo) (v d)= "0 (e ) =
c) Xét x—1 P

lim [/ (x)=(xe 4)]= lim 4 o lim [ £ (x)=(x+4)]= lim 4y
Nén K=+ K=kt _'|_'—] ; K=k =1 K==t _'|_'—]

Do d6: P6 thi ham s6 nhan dudng thang * ~ 4 duong tiém can xién. c¢) ding.
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d) Dya vao bang bién thién ta thdy: v6i 7 >9 thi duong thang ' = cat d6 thi ham s6 y=r(x) tai
hai diém phan biét.
f(x)=m c6 hai nghiém phéan biét. d) dung.

f [ ;.;}: . — 3y

Do d6 phuong trinh -
A \ A r A . (C) , A A , .
Cau 2: Cho ham s6 c6 do thi . Cac ménh dé sau dung hay sai?

a) Ham sb Y ()C) ¢6 hai diém cuc tri.
b) Ham s6 J (x) nghich bién trén khoang (O;I) .
¢) S6 giao diém cua do thi (C) v6i truc hoanh 1a 2 giao diém.

—3x+42—m=0

d) Co 3 gia tri nguyén ctia ” dé phuong trinh c6 ba nghiém phan biét.

Loi giai

fx)=3x" -3/ (x)=0= [

Ta co
!
; X
Béang xét dau cua - ( ):

T | - -1 1 + o0

f(z)

\ < fx . © oge R . x=lix=—
a) Ham so I )co hai diém cyc trj * ;X I

Vay a) ding.

b) Ham sb Y (x) nghich bién trén khoang (_1;1) nén nghich bién trén khoang (0;1)
Viy b) dung.

¢) Xét phuong trinh hoanh do giao diém * ~ =0

A . < R 5 A c 1 4 C , . . . X Cn N . 3 A
S6 giao diém cua d6 thi ham s6 ( ) v6i truc hoanh 1a s6 nghiém cia phuong trinh ¥ —3x =0

r A . <R 5 5 A . \ A C 7. \ \ . <R
Do d6, so giao diém cua cua do thi ham so ( ) v6i tryc hoanh 1a 3 giao diem.
Vay c) sai.

F2—m =0

d) Xét phuong trinh *
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=3 =m-2(1)

Hay
e A , . (1) A -2 i Y (C) e \ 2 v=m-2
So6 nghiém cua phuong trinh la so giao diém cua do thi vo1 duong thang - .
§
6
4
y=ml
e e
s / x
15 i 50 05 i ] 1 25 ] 5
[}
|
4
E
m

Ttr d6 thi ham sd, dé phuong trinh (1) 6 3 nghiém phan biét thi duong thang - ="'~ 2 phai cit

-

A (C . .2 A A . R .
do thi ( ) tai ba di€ém phan biét khi va chi khi === /"~ 2= 0amad

me. =mel: 23!

Vi

Do d6 ¢6 3 gia tri nguyén ctia ” thoa man yéu cau bai toan.

Viy d) Pung.
v—x+]
YT s (C) 5 :
Cau 3: Cho ham s6 Y=< ¢6dothi . Cac m¢nh dé sau dung hay sai?
i D= fj'l
a) Ham s6 co tap xac dinh 1a = =y

b) Ham sb dat cuc dai tai diém ¥ =2~ V3 .
¢) Ham s6 nghich bién trén khoang (0: 2).

d) Hai duong tiém can cua (C) tao voi truc O mot tam giac c6 dién tich bang 4,5 (dvdt).
Loi giai

R

_ .. D=1 42!
Ta ¢6 : Tap xé&c dinh cua ham s6 1a ' Vay a) dung.

3 =243
{ r[l-' — ]_ : 2 i Vo= 1, Jf ¢ [n} =0 = .“Ilf_
(x-2) (=243

Ta co :

Bang xét dau cia A (v) :
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T — 2 3 2 2+ 3 +00

-

+) Ham s S (%) dat cuc dai tai diém ¥ =2~ V3 . Vay b) dung.

(E‘ﬁiz)vé (2:2+45) ma 0<2-3

+) Ham s / (r) nghich bién trén mdi khoang "

Viy c) sai.
Ta cé:
(C) fpin s a e 1s ¥ =D a s a1 p=xt]
c6 tiém can dung la ¥ = 4| tiém can xién 1a - ;
.. LR ) N A N N A o . .[(2,3)
Goi giao diém cua hai tiém can 1a / thi toa do cta / 1a ;

Goi 4,8 lan luot 1a giao di€m cua tiém can dung va tiém can xién voi truc toa do OX thi:

. . S =
Al2:0pB(-LO ., n . A
H(2:0):B(-1 }. Tam giac ABI vuong tai 4, cé dién tich

AlLAB ==33=45{dvdr)

L | —
L | —

Viay d) ding.

3 - (L ] 2 1 ' ( + Y
Cau 4: Trong khong gian Oxyz) cho hinh hop CABC.LABL A(LL=1). 5(0:3.0),

”:'_ [ Fa__ fyn . Ve [Pl N
BC = {2-0:0) Goi K 1in luot 1a trong tdm cua tam giac O4 O va CB'C"  Cac ménh dé sau ding

hay sai?

I

A)(}.f!=.'-,' n.

5 ’ 2-_3:6).
b) Toa o diém C' 13 (373:¢)

(Oxy) M(0:0:-1).

¢) Cho diém M thudc mat phang . Khi d6 dai doan thang AM ngan nhat thi

R
d) Toa 6 véc to T = (71271)

Loi giai
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B

Oxyz) ;‘(]:]:—]) nén {}TE = n': b

a) Trong khong gian j—k ) suy ra ménh d¢ a) diing.
[ x—0=2 =2
BC =(2—010)= | v—3= 04 | p= -3
C'(x1)nz) z-0=0 lz=0

b) Goi /. Taco

— . _1. .
Do do) € (273:0)) i ra menh dé b) diing.

¢) Vi M thudc mit phang (Ox_v) nén do dai doan AM ngin nhit khi va chi khi M 13 hinh chiéu cta

(Oxy) M (1:1;0)

)suyra . Vay ménh dé c) sai.

' A= %("B =CK

A trén mat phang

-
O'H==0E=
3

Lad |

d) Taco: O H/C'K vy nén O'HKC' 13 hinh binh hanh. Do

relie S
d6) HE =0'C'= AB =(-1:2:1)

Phin 3. Cau héi tric nghiém tra 101 ngan. Thi sinh trd 10i tir cdu 1 dén cdu 6

) suy ra ménh dé d) sai.

A n , N . s i K fe s 2k o 0=r=20) ., ¢
Cau 1: D6 cao (tinh bang mét) cua tau luon siéu toc so véi mit dat sau /(gidy) ( }tu: luc bat

. 9 . 95
b t -4—_r"——r-1[].

255 55 17

. file)=—
dau duogc cho bdi cong thuc

luon di 1én. Tinh @+ 20

Trong cac khoang thoi gian (a;b) tau

Loi giai
4 . '~I'Hf 05

M) =-—t"+ —t——
Taco: 85 sy 17
. 4 . 9% 9§ (=175
hHt)=0=——t +—t—-—=0 = _
' RS 8y 17 i=7
Béng bién thién:
r |0 17.5 20
h'(2) + 0 - 0 +
h(z) / ‘\_\\k /
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1. X n Ly 2 an . X h(l) .y \ (7;]7,5)
Dua vao bang bién thién ta thay tau luon chuyén dong di xudng ( giam) trong khoang .
Khido & =7:h =175 vay @ 2bh="7+17,52=42

[-2024:2025]

Cau 2: C6 bao nhiéu gia tri nguyén cua tham s6 7 thudc doan dé ham so

(2m+1)x+3
V= ) e
v dong bién trén (4’ +%) ?
Loi giai
Dap an: 2027.

o (2 +1)x+3

Ham s : X <6 TXD D=""{-m)| .
2t w3
y=———=
Ta c6 Ltamn)
(2mD)x3 -~ ['=0
Ham s - " xim déng bién trén (4; +oc) ]x—m g(d+m)

i |
— ll — 3

—m=4 —d =g ——
- )

L A % . =2024:2025) 4320203 2025
Céc gia tri nguyén cua tham so 7 thudc doan [ ] la ' .
Vay c6 tat ca 2027 gia tri can tim.

Céu 3: Cho ham s * / (.r) c¢6 dao ham lién tuc trén R . Ham s6 y=1J (1) ¢6 d6 thi nhu hinh sau:

Y

-1/-\1 4 o

Trén doan [_1; 4] , ham sb y=7I1 .r) dat gid tri 16n nhét tai x béng bao nhiéu?
Loi giai
Dap an: 1
Dua vao dd thi cua ham s6 y=1 (1) ta théy:
r=—]
=1
4

f '[:_'.,'}:If] —

X
X

Fx) <0 v e(—m—1)o(14)
f I|:-.} El I == [—]] }'\-_-I [—1 bt }
, :f(l)

L2 - A A 5 N vV
Ta c6 bang bien thién ctia ham s -
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| N\

= /(x)

Trén doan [_1;4], hamsé © - dat gid tri 16n nhét tai 1.
Cau 4: Mot soi day kim loai dai 120cm dugc cit thanh hai doan. Poan day thu nhét duoc udn thanh
hinh vudng, doan day thtr hai dugc udn thanh vong tron (tham khao hinh bén dudi).

120cm

Téng dién tich cta hinh vudng va hinh tron dat gia tri nho nhat 1 (1am tron dén hang don vi)?
Loi giai

Pap an: 504

Goi d6 1a cua doan day thir hai la * cm.

2 20—x () = v =120
Khi 6, o dai cia doan ddy thir nhit 13 (1207%) g (0 <3 <120).

(120—x

4

2z 4x

Dién tich cuia hinh vudng bang * /' va dién tich cua hinh tron bang
Tdng dién tich ctia hinh vudng va hinh tron:

f120—x7 i Yo,
S(x)=| o (RNt | =15+ 900
' .4 Y

. ((i < x =120)

) .

1207

s e (0:120)

X) 1y a1y £ 1A . S 5 £ .
) la mgt ham so bac hai, dat gia tri nho nhat tai

Ta cé

min §(x)= S| |= 504cm”
Vay 4+ T _
Céu 5: Doanh s6 ban hé thong 4m thanh méi dua ra thi trudng trong mot khoang thoi gian du kién s&
. s000g"
R(x)="—"""\ x20 ‘ o
tuan theo duong cong logistic cot2 , trong d6 thoi gian * tinh bang nam. Biét toc do

ban hang dat t6i da vao nam thir bao nhiéu?

Loi giai
Pap s6: 2
2E000¢°

R(x)= -
(¢ +3)

Ham s biéu thi téc do ban hang 1a
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25000 (5-¢")

— R"(x)=
(e +5)
F'(x)=0e r=In5= 10l
Bang bién thién
x |0 In5 400
R'(x) 0 _

R(x) / 1250\

Suy ra toc d6 ban hang tdi da vao thoi diém nam thir hai.

1(3:0:0) B(-3:0:0) C(0:5:1)

Cau 6: Trong khong gian @7, cho tam gisc 4BC biét ° va M 1a

< R M A - M O-' } = 1af ’ Ly . 5 A 5

mdt diém nam trén mat phing ( W) sao cho M4+ MB =2N34 Tiph gia tri nhd nhat cta MC 4
Loi gidi

Pip so: 1.

M 13 diém trong mat phing (™) thoa M4+ MB =234 45 AB =6,

X
Me(E 5T
Suy ra & )c() phuong trinh 34 25 |
Yy
c(0,5,1)
e M 05,0
B(_3 0,0) \\\\,A(s, 0,0)
. s C(0:5:1 C'(0:5:0
Goi €' 1a hinh chiéu cua ( )lén D suyra (0:5: )

Khi 6 MC" = MC" + CC" = MC™ 41 4o do MC e MO o _m"l;‘;..

'.ll'llr[.'."-l‘l..l'll‘lI').’]}E[."r.--}:i 1 L_Z]_XII-—I t L:_Z]
Goi C 3425 34 25
2 r s 2 ( vl 2 .

.hr("-: III I [_-‘\__1',} :34' ]_"I_I' ! [-:'_-r'} = ‘r[..]I| }".1II = [_-‘".'-‘"]
Ta c6 25
f'[:.l'.]'=—;._r.,—m
T —125 o
Frv, =0y, = 5 g [-5:5]

(v . 5. Min f (v, )= f(5)=0
Ham so Y ("1 ”) nghich bién trén [ 5’5], suyra | °°
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MC = f(5)=0 )
Do dotaco: | ,suyra | ome
Hét
uigeli.xyz PE ON TAP CUOI HOC KY I
PE 5 NAM HOC 2024-2025
MON: TOAN 12 KNTT

Phin 1. Ciu héi tric nghiém nhiéu phwong an lwa chon. Thi sinh tra 10i tir cdu 1 dén cdu 12. Moi
cdu hoi, thi sinh chi chon 1 phuong an.

A \ cv=f(x) .. < A ‘A
Cau 1: Cho ham so0 - I )co bang bién thién nhu sau
T |—00 -1 0 1 400

() 4+ 0 - 0 + 0 -
Ham s da dong bién trén khoang nao sau day?

A, (733), p. (773, c. (71:0). p. (71,

Cau 2: Cho hamsé * ~ / {‘) ¢6 bang xét ddu ciia dao ham nhu sau:

T |—o0 -2 -1 2 4 +00

fi(z) - 0 + 0 — 0 = B &+

S6 diém cuyc tri cua ham sé da cho la
A. L B. 2. C.3. D. 4.

Cau 3: Cho ham sé ¥ =/ () e a3 thi 12 duong cong trong hinh bén dudi. Tim gid tri nhé nhét cua

—

ham s6 - =/ ()'] trén doan [_2;1].
-3
A. 2, B. 3. D. 4
] . N 4 ] e B i R
Cau 4: Cho ham so 1 ('1' ) vl , khi d6 gid tri 16n nhat cua ham so y=1x) trén doan

[_1; 2] bfmg
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A. 28, B. 12, C. 33. D. 2
Cau5: Cho hamsé - / (l) ¢6 bang bién thién nhu sau:
T |—oa 0 1 “+oa

- 0 T

2

IR AN

Tong sb tiém can dng va tiém can ngang ctia do thi ham sd di cho 1a:
A 4. B. 1. C.3. D. 2.

ax—b
1' =

Cau6: Chohamsé  *—1 ¢6dd thi nhu hinh v& dudi day:

y
1 \2 X
0 SN—
\,l
=2
Khang dinh nao sau ddy ding?
A b<a<0 B.a<b<0 C.b>a yya<0 p,a<0<b,

Cau 7: Cho hinh hop ABCD.EFGH | cac vecto c6 diém dau va diém cudi 1a cac dinh cta hinh hop va

béng vecto DC 13 c4c vecto nao sau day?

E
F / l\]
Al
B S
A. BA,HG,EF_ B. AB,HG,EF. C. AB,HG,FE. D. AB,GH,EF‘
Cau 8: Cho hinh 1ap phuong ABCD ABTD" canh a. Khang dinh nao sau day 1a khang dinh sai?
Al D'
B' " C'
A Ao b o D
B < —c
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|- a2 ac]- a3
A. . B. .
C.B0 DB -5 p,BA BC =80
Cau 9: Trong khong gian vdi hé toa do Oxyz , cho STNEEY va ' (X253 1232; }. Khiang dinh nao

dudi day sai?
wt =[x+ 2,01+ i+ L)

A.

2

PRI Sy S B 1Y S o :
B. = IR Gsi BTN 130 Tuot 1a cac vecto don i

C. T
D. ket = (kv kv k=, )k <
. . . Oxv = (2-33) h=(0:2:-1) ¢=(X-15
Cau 10: Trong khong gian véi hé truc toa do Ox}z’ cho ¢ { J, »=( l], “=l ].

s A P, TR T M,
Tim toa d cua vecto ! = =t T 20 =~

4, (10:-2:13) g, (F22-7) c. (F2-27) p, (FZ27)
Cau 11: Mot vuon thu ghi lai tudi tho (don vi: nam) cua 20 con ho va thu duge két qua nhu sau:
Tuéi tho [14:15) [15:16) [16:17) [17:18) [18:19)
S6 con ho 1 3 8 6 2

Khoang bién thién ctia mau so liéu ghép nhém trén bang so6 liéu da cho 1a

A. 3.

B. 4.

C.5.

D. 6.

Cau 12: Khao sat thoi gian tap thé duc trong ngay ctia mot sé hoc sinh khdi 10 thu duge mau sb liu
ghép nhom sau:

Tl(’g]flfti?” [0:20) [20: 40) [40: 60) [60:80) [80:100)
S6 hoc sinh 5 9 12 10 6
Nhom chira tt phan vi thi nhat 1a
A, 10:20) B. [20:40) c. [40:60) D. [60; 80).

Phan 2. Tric nghiém lwa chon ddng sai. Thi sink trd 16i tir cdu 1 dén cau 4. Trong méi y a), b), ¢), d)
0 moi cdu, thi sinh chon dung hodc sai.

Cau 1: Cho hamsé V' = /(¥ = 2" =32+ 4+ 2 (6 43 i (O)-
a) Ham s6 dong bién trén (2:490).

b) Gia tri 16n nhat ctia ham sb trén [1;4] la S ).

¢) Tam déi xtmg cua dd thi () 1a /(1:4).

M(x,;

d) Lay Vo) thudc do thi va khong trung voi 1, goi M ' 1a diém dbi xtng cia M qua [ thi tiép

tuyén ctia do thi tai M va M ' song song véi nhau.

e et et et o (e Ve (e 1 et
Cau 2: Cho ham s6 - flr)=ar + b v e+ dda=0) ¢6 dao ham frle)=(x—1){x+2)
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c Vv=1(x) ,» 2 1;+00
a) Ham s6 y=/1 1) dong bién trén ( m).
b) Ham sé - /(%) dat cyc tiéu tai diém ¥ =1,

, X p1s L c v=1f(x . \ ANy
¢) Tam doi xtrng cua do thi ham so6 - I )co hoanh do la x=-1,

v= fla=2024) 2025 2 .
( } co S diém cuc tri.

AB=3AD=4 44

d) Ham s6
Cau 3: Cho hinh hdp chir nhat c6 = Biét 4 trung voi géc toa dd0 O, B thudc

tia Ox | D thudc tia Oy , A" thudc tia Oz nhu hinh vé&:

z
A’ D’
1
CI
B’ :
|
1
A
J S I A
l, Y
B 4
C

xr

Goi M 1a trung diém cua doan thing BC | N 1a diém trén canh DD’ sao cho VD =2ND'

a) AB+ AD+ A4 = AC",

b) |_4E AD _Jz.'«i;|=?.

4D 1 3¢~ 24
c) .

P| 6.0 i

d) Giao diém cta duong thing MV véi mit phing (Ox2) 1 diém
Ciu 4: Thong ké sb ngay trong thang 6 nam 2021 va nam 2022 theo nhiét dd cao nhét trong ngay tai

Ha Noi, nguoi ta thu dugc bang sau:

Nhiétds (°C) | [2830) | [30:32) | [32:34) | [34:36) [36.38) [38 40)
Sé noav tron

EAIORE 1 2 8 5 6 9
thang 6/2021
Sé noav tron

SAVIORE 1 3 4 11 g 2

thang 6/2022
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a) Goi Ry, K, 1an luot 1a khoang bién thién nhiét do cao nhét trong ngay ctia Ha Noi trong thang 6 nim

2021 va trong théng 6 nam 2022. Khi d6 X2> &1

b) T phén vi thir nhat cia mau s6 liéu trong thang 6 nam 2021 1a Q=30

x  z A, =337
¢) Khoang tir phan vi ciia mau so li€u trong thang 6 nam 2022 1a  ~

2 2
d) Goi 5 va ¥ 1an luot 13 phuong sai ctia mau sd liéu trong thang 6 nam 2021 va trong thang 6 nim
; . 112
Si—58 =2 =
2022. Khi d6 =22

n

Phan 3. Cau héi tric nghiém tra 10i ngin. Thi sinh tra 16i tir cdu 1 dén ciu 6
2x +1

, r= Looad g o oaa o A =y - 3 L. g2
Céu 1: Puong thing D ¢6 phuong trinh ) cat do thi ctia ham so v tai hai diém

(v 2v,) oy Blsiyy)

va trong do

N re A 1t AL 1A \ 4 <X, X,
A va B voi toa @0 duoc ki hiéu lan luot 1a A B, Tim ‘2~ Vs,

Cau 2: Giao vién théng ké lai diém kiém tra dinh ki 1an 1 cta cac hoc sinh 16p 12A ¢ bang sau:

Diém [5,6) [6,7) [7.8) [&9) [$;10)
Gid tri dai dién 5.5 6.5 7.5 8.5 9.5
$4 hoc sinh 1 6 12 8 5 n=132

Phuong sai ctia miu s6 liéu 16p 12A 14 bao nhiéu? (Iam tron dén chit sé thdp phdn thir nhdt)

R . . A=1(=1:0:2 —1:3
Céau 3: Trong khéng gian toa do OXVZ ho hinh binh hanh 4BCD _ Biét A=( l*”'“l, B(L:-1 -),

“(1:4-7 ) e = . e )
CL42) Gis sir toa do didm P2 Khigots ¥V 7 ="

Cau 4: Ong An mudn xay mot cai bé chira khong c6 nip dang hinh hop chir nhat ABCD.A'B'CD" v
, 3 , : . 2 ,

day 1a hinh vudng c6 thé tich 1a 32 ™ | Vi gia vat lidu xay bé 1a 000.000 ddno/m" thi chi phi tiét

kiém nhét dé xay bé 1a bao nhiéu tién (1am tron dén triéu dong)

z

A’ D’

BI C/

£
Céu 5: Nguoi quan li cia mot khu chung cu ¢6 200 cin hd cho thué nhan thiy ring tat ca cac can ho s&

c6 nguoi thué néu gia thué mot can ho 1a 10 triéu d@)ng mot thang. Mot cude khdo sat thi truong cho
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thay rang, trung binh cr moi 1an tang gia thué cén ho thém 100 nghin dong thi s€ c6 thém mot can hd bi

b6 tréng. Hoi tong doanh thu mot thang nhiéu nhat 13 bao nhiéu? (Pon vi triéu dong)
Céu 6: Trong mot tro choi dién tir, nhan vat chinh phai xudt phat tir vi tri 4 dé nhat vat pham & vi tri M

. A(L1; 2:3;¢ :
di dong trén mat dat va trd lai vi tri B. Chon h¢ truc toa do sao cho A (] L 2) , B 4) va mat dat

Oxy) Goi M, ({!:h:(')

tring voi mit phang ( 1a toa d6 cuia vat pham sao cho quing duong di chuyén

ctia nhan vat chinh 13 ngin nhat. Tinh tong F=a+bic,

50 :
L%;U| 3'=i.i.[]=3
] ] 3 3

Hét
uigeli.xyz PE ON TAP CUOI HOC KY I
PE 6 NAM HQC 2024-2025

Phan 1. Cau héi tric nghiém nhiéu phwong an lwa chon. Thi sinh tra loi tir cau 1 dén cau 12. Moi
cdu hoi, thi sinh chi chon I phuwong an.
Cau 1: Cho ham s 7 (¥) ¢¢ bang bién thién nhu sau.

T —00 —1 1 +o0
f'(z) = O = 9 s
3 +00
f(x) / \ /
—00 -1

Khiang dinh nao sau day dang?
A.Ham s6 =/ (%) nghich bién trén khoang (—13)
B. Ham s§ ' =/ (%) ddng bién trén khoang 1),
C. Ham s6 ¥ = /(%) nghich bién trén khoang -1:D .
D. Ham s6 * =/ (¥) ddng bién trén khoang (1) |
Loi gidi
Tir bang bién thién suy ra ham sé - = S(x) nghich bién trén khoang (=L

)= (3-x) (x-2)

A \ L V=f(x) . ~ . \ L gk . X
Cau 2: Cho ham s6 - I ) lién tyc trén R cd dao ham " . Sb diém cuc tiéu

cua ham so da cho la

A. 2. B. 3. C.0. D. 1.

f ’ |:'-} =0 = [3 - X } |:'.— 2 }: v=0=|r=
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Bang xét dau:

T —0 0 2 3 +OC'

- 0o + 0o 4+ 0o  _
y\///\

Duya vao bang xét dau, ham s c6 mot diém cuyec ti€u tai ¥ = 0,

Cau 3: Cho hamsé =7/ () 1ien tuc trén doan (23] 4 co dd thi nhu hinh vé& bén dudi.

Ay

21

. \ ) YR K, . ) £, \ £ qn " -2;:
Goi M vy m 13n luot 1a gid tri 16n nhat va nho nhat cua ham s6 da cho trén doan[ ] .
Gié tri ctia 2M + M bing

A 4. B. 0. c. 7. D. 7.

Dua vao d6 thi ham so ta co:

(0; +w)

Cau 4: Trén khoang thi ham s6

. Max v =
A. C6 gia tri nho nhat 1a My =-1, B. C6 gié tri 16n nhat 1a

L | th

Min y =

C. C6 gia tri nho nhat 1a Max y =

i | h
[

D. C6 gié tri 16n nhét 1a

Loi giai
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x 0 400
/
Yy + 0 —
5
y 3
1 —00
| 5
i 0: —i—OO] I e S g B l Max V= 5
Vay gia trj 1on nhét trén (% ) cia ham s6 3 1a 3
3x-2
.1I =
Cau 5: Tiém can ngang cua do thi ham s6 4-x 13
3 |
y=— y=——
A 4 B. x=4, C 2 p. V=3
Loi giai
|'z 2 i L
x| 3-2 13-
. . Iv—2 . l X . |‘ X
lim p= lim —= lim = lim ==

Tiém can ngang: ¥ =

A. r=a _.": ) B. y=—-x + 1.1': -1 )

c. V=x-3r-1 p. V= +3x-]

Loi giai
=—x +3x—1

A pup

D6 thi ham s6 trén 1a dd thi ham bac 3 véi @ <0 nén "
Cau 7: Chon ménh d diing
A. Vecto trong khong gian 1a mot doan thang c6 hudng.

B. Cho doan thang 45 trong khong gian. Néu chon diém dau la B, diém cudi la 4 thi ta c6
U
mot vecto, ki hidu la 4B

C. Hai vecto bang nhau trong khong gian 13 hai vecto c6 d dai bang nhau va nguoc hudng.

D. Hai vecto dbi nhau trong khong gian 14 hai vecto c6 d¢ dai bang nhau va cting hudng.
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Loi giai
Theo dinh nghia vé vecto thi dap 4n A dung.
Cau 8: Cho MBC ¢ AB=AC=5a y3 BAC=120° pg dai ciia vecto tong 4B+ AC bing

5a\/§

A. 10a B. 2 . C. Sa . D, 543

Loi giai

H

o s BC A’EﬂAE:MLr}":MElA’E‘|=2|Aﬁ|=2m
Goi H 1a trung diém cta 5% | suy ra :

5
BzCzED"‘:bAH:AC".SII]ED":%

-

Trong AABC ¢

B + 4] =s5a
Vay .
Cau 9: Hinh 33a mo6 ta mot san cau long véi kich thudce theo tiéu chuan quéc té. Ta chon hé truc Oxyz

cho san d6 nhu & Hinh 33 b (don vi trén mdi truc 1a mét). Gia sit AB 1a mot tru cdu 16ng dé

cing ludi. Hay xac dinh toa d6 ctia vecto AB.

Hinh 33

A.AB=(0;0;1,55)  B.AB=(0,5;8;155) C.AB=(0;0;155) D.AB=(9;0;1,55)
Loi giai:

Goi toa do diém A 1a (xA;yA; ZA). Vi chiéu rong cia san 12 6,1 m nén x,=6,1.

Do mdt nira chiéu dai cta sin 1a 6,7m nén y,=6,7. Piém A thuéc mit phing (Oxy) nén

z,=0.

Vi vay, diém A c6 toa d6 1a (6,1;6,7;0).

Do dai doan thang AB 1a 1,55m nén diém B c6 toa d6 1a (6,1;6,7;1,55).
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Vay ta c6: AB=(6,1—6,1;6,7—6,7;1,55—0), tirc 1a AB=(0;0;1,55).

.’.E:f-jz 3[.{-. —]',.'#—Z_A . 5:

% ! A 9
Oxyz . Toa dd cua

Cau 10: Trong khong gian vi hé truc toa do
diém 4 1a:

A.(Sgl?;—l). B.{—_’w;—l?:l}. C. (3:—2:5). D. (3:5:—2).

, cho véc-to

Chon B
Ta o .r!e:J:F.[a' PG =2+ 5 =3+ 127 -2+ 5/=3+ 177 2%
a co: ' :
TA= —Y—1Ti+ M . A(-3:-17:2)
Suyra( i Ll ]..; =% nén '-l:_ :I

Cau 11: Thoi gian chay 100 (don vi: gidy) cua 40 hoc sinh 16p 12 duoc cho trong bang sau

Nhém Tén s6
[1112) 4
[12:13) 12
[13:14) 16
[14:15) 5
[15:16) 3

Gi4 tri trung binh ctia miu s liéu trén (1am tron dén chir s6 thap phan thir hai) 1a

AL 1375 B. 1388 c. 13,76 p. 13.89

Loi giai

Ta c6 bang thong ké sau:

Nhém Gid tri dai dién Tén sb
[1112) 115 4
[12:13) 125 12
[13:14) 13,5 16
[14:15) 14,5 5
[15:16) 15,5 3

Gi4 tri trung binh ctia miu s liéu ghép nhom trén 1a

_ 54412512 413.516414.55115.53
~_1154+125.12+13,510+14,5.541553 _ 5 ocoe 13 9.
40
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Cau 12: Thoi gian truy cap Internet moi budi toi ctia mdt s6 hoc sinh duge cho trong bang sau

Thon gian (phit) | [9.5:12.5) | [12.5:15.5) | [15.5:18.5) | [18.5:21.5) | [215:24.5)

S6 hoc sinh 3 12 15 24 2
.2 8.5:21.5
Tan s06 tich Ity cia nhém [I %21.3) la
A. 24, B. 39. c. 30, D. 4.

Loi giai

8,5:21,5)

A A1 1s o , 18,
Tan s06 tich Ity cia nhém [ 3+12

13 31124151 24=54

Phin 2. Tric nghiém lya chon ding sai. Thi sinh tra loi tie cau 1 dén cdu 4. Trong méi y a), b), ¢), d)
0 moi cdu, thi sinh chon dung hodc sai.

N T
, ..II= If [I}= —.. - ti“' . (C)
Cau 1: Cho ham so x+1 c6 do thi la . Xét tinh dang sai cua cac nhan xét sau?
a) Khi "= =2 ham sb ddng bién trén khodng (-t +Oﬁ)
min f{x)= fF(10)
b) Khi m=f4, [z:0] 7 o
I(—1:—4)

¢) Khi 7 =0 3 thi ham sb c6 tAm déi xtng 1a

d) Bé d6 thi ham so6 c6 hai diém cuc tri nam ve hai phia cta truc hoanh thi diéu ki¢én ctia tham s6 7 1a

m>-3
Loi giai
a)S
. —2x+m
i 1= f[.}: - (4
Xét ham sb T (O pxp, D=l
I PP, i T
v=fr)= s e
Khi M=-2, ] (r+1)
BBT:
T —00 —2 -1 0 400
f'(z) - 0 — - 0 +
+00 +00

dua vao BBT, nhan xét ham sé dong bién trén khoang (~Lite0) la SAL
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b)S
N P 7 7
r=flx)= — 4.1'= — fl'?':-:e[l:][]]
Khi M :—4, ] [ 1)
BBT:
I —00 —1 2 10 +0o0
f'() + +
¥ 10
f(z) / f())/f( )
"
—n0 —0
min /{x)= f{2) min /{x)= f{10)
Khi do " . Vay nhan xét " 1a SAL
c)b
) ) ) e — ¥y ) ) ) _I_.‘. N
lim f(x)=lim ——=+o, lim (x)= lim ——=—w = v =-1 .
Taco "' el x| o el xt la ti€ém cén dung cua do

thj ham so.
3 3
lim [/ (x)=(x=3)]= lim —=0.lim [ / (x)-(x=3)|= lim —=0= p=r-3

v—1 x—1 1a tiém céin xién

5 A . \ A A A ’ 5 A . \ A 1x ‘{ (— 1-- _4 A A r A . \ A r
cua do thi ham so, suy ra tdm doi xing cua do thi ham so6 la ( ) . Vay nhan xét: d6 thi ham s6 c6

N I JA(=1-4)

tam doi xung la ( ) la PUNG

d)S

Pé d6 thi ham sb co hai diém cuc tri nAm vé hai phia cua truc hoanh thi diéu kién cua tham s6 ™ 1a
m>-3

Dé d6 thi ham sb co hai diém cyc tri thi c6 hai nghiém phan biét khac

—l=m=-3{a)

Dé hai cuc trj nAm v& hai phia cua truc hoanh thi dd thi (C) va truc hoanh phai khéng co diém chung,
= 2x o —o(1)

suy ra phuong trinh hoanh d¢ giao diém x+1 ~ v0 nghiém.

TH1: Phuong trinh W =2 =0 ¢4 nghiém kép * = -1 (khong thoa man).

TH2: Phuong trinh *~ — 2% 4 =0 y4 nghiém Al=l-m<0sm=1(h)
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kéthop (V) (D)= =1
Vay M > | 1a diéu kién cAn tim nén két luan trén 1a SAL
Céu 2: Cho ham sé * =/ (*) ¢6 a8 thi nhu hinh vé.
yh

5

+0)

b) Ham s6 ¢6 hai diém cuc tri duong.

1

V= —

a) Ham s6 dong bién trén khoang (1

¢) B4 thi ham s6 /(x) c6 hai duong tiém can ngang.

v={{cos2y—

d) Gi4 tri 16n nhat ctia ham s6 cos v} bang 5.
Loi gidi
a)S

Tir db thi ta suy ra ham s6 nghich bién trén khoang (1; 3 ); ddng bién trén khoang (=o21) va (3:+ I)

b) D

T dd thi ta suy ra ham sb dat cuc dai tai ™ ~ 'va dat cyc tiéu tai 2~ >
Yy

c)S

lim =0 : . ' '

s T lim f{x)y=+xlim f{x)=—=
Ta cé Fiv) do e

1
Y=—==

Suyradd thihamsé /() co mot duong tiém can ngang duy nhét 1a duong thing =
d)b
Ta co: 1 =C0s 2x—2cosx=2cos y—2cosy—1.

o t=cosxre[-Ll]su=20 - 201,

Dat
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| S
L]
1

v=/(cos2y—cosx)= f(u) Vo [

Vay
max { {u)=f{l)=3.

T dd thisuyra | © |

Chu 3: Cho ham s§ /(¥ =10 a0 khang dinh sau dung hay sai?

a) Téap xéac dinh ctia ham s f(x) 3 D=(00)

b) Gi4 tri 16n nhét ctia ham s J(x) trén (1€l 13 €'

¢) Ham $6 J () c6 ding mot diém cuec tri.

|

_3(-3_

, N ) 5 X
d) Ham s6 Jx dat cuc tiéu tai

Loi giai

| a) Pung \ b) Piing ‘ ¢) bung | d) Sai ]

a) bung.
Ham s6 xéac dinh khi ¥ >0 Do d6 tap xdc dinh cua ham $6 J ) la D=(U:t%) .
b) bung.

LT R B vt — a2 - Ly “ o
Ta c6 Frix)=3x Inx+ v =x [_.]['J.'. ]] = (] khi X E[l._.(]-

Suy ra ham s6 dong bién trén trén [Le] .

max._ f(x)=f{ec)=¢

Viy
c) bung.

.
Tacs /=020 goiy o T

Béng bién thién ham sé /()
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Suy ra ham $6 J(x) c6 ding mot diém cuec tri.
d) Sai.
1
X=—F
Ham s6 dat cuc tiéu tai \/‘_ .
Céu 4: Két qua diéu tra vé diém trung binh nam hoc cua hoc sinh hai 16p 12A va 12B duogc ghi

lai & bang sau:

Diém trung binh [5:6) [6;7) [7.8) [89) [510)
S& hoc sinh 16p 12A 1 0 11 22 6
S& hoc sinh 16p 12B 0 6 8 14 12

a) Khoang bién thién ctia diém trung binh ciia hoc sinh 16p 12B 14 4.
b) Khoang tir phan vi ctia mau so liéu ghép nhom tng véi 16p 12B 1a 2.

¢) Phuong sai ctia mau sb liéu ghép nhom tmg voi 16p 12B 1a 1’06.

d) Néu so sanh theo d6 léch chuén thi hoc sinh 16p 12B ¢6 diém trung binh it phan tan hon hoc sinh 16p
12A.

Loi giai
a)b
Khoang bién thién ciia diém trung binh cua hoc sinh 16p 12B 1a 10-6=4
b)s

Xét mau so lidu cua 16p 12B

C& mau 1a 40,

40
——=0
i {'_J_—?- 4 I:ﬁ—d_"]lzﬁ‘_‘
T phan vi thir nhat 1a: &
340 0
— [0+ 5+ 14} o
4 . 55
{_J.:";'- I:_][]—";'II:—
Tt phan vi tht ba la: 12 0
- A,=0-0=3
Khoang tr phan vi ciia mau s6 li¢u ghép nhom la: -
c)b
Xét mau s6 lidu cua 16p 12B
~ = F &4 + 12 =
Comiula ™= B+E+ 14412 -1[].
S6 trung binh cua mAu sd liéu ghép nhom 1a ™2 ~ 8,3
$ =1,06

., T . ; A
Phuong sai ciia mau so liéu ghép nhom la "2
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d)s
D¢ léch chudn cua mAu sé lidu ghép nhom 1a 2 = 106
Xét mau sd ligu cua 16p 12A
N Tl A
Comiula =11 2200=40

S6 trung binh ctia mau sb liéu ghép nhom 1a % =83 .

=0,01

A

icU X1 <A lia . . N
Phuong sai cia mau so licu ghép nhom la ™!
Do léch chuan cia mau s6 lidu ghép nhom la * =V 0,61 )

Do ¥ <*2 nén néu so sanh theo d¢ 1éch chuén thi hoc sinh 16p 12A c6 diém trung binh it phan tin hon
hoc sinh 16p 12B.
Phin 3. Cau héi trac nghiém tra 10i ngan. Thi sinh tra loi tir cau 1 dén cdu 6

28 +3x+4
Ciul: Chohamsé =1  codd thi () Biét ring (€) ¢t 917 =3542 i hai diém phan
bist M, N co hoanh d6 lan luot 1a 7, " Tinh gia tri cia K =0 + 1"

Loi giai

Dap an: 28.
Diéu kién xé4c dinh ctia ham sé 1a X # 1.

Phuong trinh hoanh d9 giao diém cua (C) va dudng thang d 1a

=3 +2e =4y —06=0 x =2+J10 hay x=2-4/10

Ta thy hai nghiém trén déu thoa man diéu kién xac dinh, tirc la ta co M= 2410 gy n=2-4I10

(hoac nguoc lai).

K=m +n :I::j - -J'mﬁ - (Zl—qﬁif:jn

Vay
Céu 2: MAu s6 liéu ghép nhom thong ké mirc lwong ctia 60 nhan vién cong ty 4 (don vi: triéu dong)

dugc thé hién nhu bang dudi day.
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Nhém S6 nhin vién
[10;15) 15

[15:20) 18

[20:25) 10

[25:30) 10

[30:35) 5

[35:40) 2

n==60

Do 1éch chuan mau sb liéu ghép nhom trén bang bao nhiéu?
Pap s6 7,01
Loi gidi

S6 trung binh ctia mau so liéu ghép nhom la:

15.12,5+18.17.5+10.22,5+ 10.27.5+ 5.32.,5+ 2.37.5 a2
00 ( triéu dong)
Phuong sai ctia mau s lidu ghép nhom la:
7 ¥ 1
--‘:]_[15_r,11.5—h_‘]-‘- 817,522 1 1022,5- 02y
oM 3 3 3
% % 7 7
10027.5- 0271 532522 2 37.5- 02 (290 Lo 14
3 3 3 36

Do 1éch chuén cta mau sb liéu ghép nhom la: J49.14 = 7.01

Oxyz A [— ;3.0 } B [ l:5:—1 } (1[ ol v }

Cau 3: Trong khong gian toa do cho diém .Tim * 1Y déba

A4.B.C thfmg hang.

diém
Loi gigi
Pap an: —2

Phan giai chi tiét:

Ta c6. AB=(22—1),AC=(x+L:=2:v)
! _" '
’4 B (j 2 — _ ] e '1 Py _'|_':—3_:.1':]
7~ thang hang 2 2 -l
Véy .\'+.1' :—2'

uigeli.xyz Trang 68



uigeli.xyz

A(2:3:6) va 8(4;—1;2) M (a,b,c)

Cau 4: Trong khong gian Oxyz , cho hai diém . Piém thudc mat

phang (Oxy) sao cho MA™ + MB" dat gi4 tri nho nhit. Khi dé gia tri ctia 9+ b+c bang bao nhiéu?
Loi giai
Goi / 1atrung diém 4B . Suy ra [(3:1:4) va [A+1B=0

 MA+ MB = MA + MEB =M+ 14) + (MI+IB)

2MI + 2MI(IA+ 1B+ 147 + 1B

]

MI* + 14 + B

MA”™ + MB” gt gia tri nhé nhat khi M/ dat gid tri nho nhat. Khi d6, M 14 hinh chiéu vuéng géc ctia /
lén métphéng (Ox'v). Nén J’.r(f (3']"0) = d :3’ h = 1 ; C= 0 — £t hod ['=—]' .

Céu 5: Mot cong ty bat dong san ¢6 50 cin ho cho thué. Biét rang néu cho thué mdi cin ho voi gia *

Fly)=-

triéu dong mdi thang thi loi nhuan cia cong ty sé& duoc biéu dién boi ham sb 50.000

Y Lo

(dong). Vay cong ty can cho thué can ho voi gia bao nhiéu dé 1gi nhuan ctuia cong ty cao nhat?

Loi giai

: .'l.':
Flr)=- 90y
) 50.000
y 1
F'{x)==——x+90
25.000
Fllx)=0e-— ]ﬂﬂﬂ w90 =10 < xr=2.250.000
]

Bang bién thién:

z |2.000.000 2.250.000 400
F'(x) + 0 =
Fmﬂcs

F() / \

F(x) dat gia tri 16n nhét khi * = 2.230.000

Suy ra

Vay cong ty phai cho thué voi gia 2'ESO-OOOCIfmg hay 2,25 triéu ddong mdi can ho thi duoc co loi

nhuin cao nhat.
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Cau 6: Mot chiéc den trang tri hinh tron dugc treo song song véi mat phang tran nha nam ngang bdi ba

soi day khong gian 04.08.0C d61i mot vudng goc (nhu hinh vé& duéi day). Biét luc cing day tuong

< , ‘ EFEFE Fl=|F.|=|F|=20
ung trén moi day 0A4.08.0C lan lugt 1a Foby B thoa m5n| '| | | | | (N). Tinh trong lugong

(don vi: N) ctia chiéc dén d6. (Lam tron két qua dén hang phéan chuc).

G

Dung hinh I3p phuong CADB.CGFE

. P=|F i E|=|oa+ 0B+ oc
Ta co: |

Quy tic hinh binh hanh OADB tq ¢ 04+ OF = 0D
Quy téc hinh binh hanh OCFD ta ¢ OC +OD =0

P= |(}k7| = OF
Suy ra: .

Xét hinh vudng OADB | canh 20 | ¢o duong chéo 0D = 2042 )

Xét tam giac vuéng OPF vuéng tai £, c¢6

OF =oD + hF = fiﬂ‘ﬁr 207 = 2043 5 34,0

Hét
uigeli.xyz PE ON TAP CUOI HOC KY I
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PE 7 NAM HOQC 2024-2025

Phan 1. Cau héi trac nghiém nhiéu phwong an lwa chon. Thi sinh trd 16i tir cdu 1 dén cau 12. Moi
cdu hoi, thi sinh chi chon I phuwong an.

Céu 1: Cho ham sb -~ (%) ¢6 dd thi nhu hinh vé&

VA
i - e

|

|

|

|

|

|

|

| T
-1 {/ 1T o2 |3 =

-1

biém cuc tiéu ctia ham so da cho la

A x=-1 B. ¥=2, C.x=3 D. x=0
Loi giai
Tir d6 thi suy ra diém cuc tiéu cua dd thi ham s da chola X =0,
Cau 2: Cho ham sb y=/ (.r) c6 bang bién thién nhu sau
Y + 0 - - 0 +

IV AN N4

Ham s0 da cho dong bién trén khoang

A (7750), B (772 c. (750,

p. (7).

Loi giai
Ttr bang bién thién suy ra ham sé di cho dong bién trén khoang (—or: _2) .

2x—1
V=

Cau 3: Chohamsd ~ ~+3 . Tam ddi xung cta do thi ham sé da cho 1a diém co toa do

A 33) B, (273) c. (72), p. (32)

Loi giai
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2x—1

V=

Hamsd =~ *+3 ¢6 dudng tiém can dimg 1a ¥ = —3 va duong tiém cén ngang 1a V' = 2.

o 2x—1

‘. \ . VT -3;2
Suy ra tdm doi xung cua do thi ham so X+3 ¢ toadod ( ’ )

Cau 4: Ham s0 nao trong cac ham so0 sau c¢6 d6 thi nhu hinh v€ bén dudi

|
o
[
o
N
— e e - _____

YA x+2 x4 2x xX+2
- 1 -‘ _V: o v -
A v+l B. x+1 C. X+1 p. = oAl

Loi giai
Ttr d6 thi suy ra ham s6 da cho c6 dudng tiém can dtng 1a X = -1

~ < 3A . . L2 , A [ A - NPT , ~ 0, 2
Ciing tur d6 thi suy ra giao diém cua do thi ham so6 véi truc Oy la di€ém co toa do ( )

X4+

Vay ham b ¢6 dd thi nhu hinh trén 1a xtl
Céu 5: Cho hinh hop ABCD.A'B'C'D" Vecto nao dudi day cing phuong véi vecto AB 9
A. CD. B. BC. c. 4D, p. AC',

Loi giai

A’ B’
I
I
’
D . -
I
I
I
Feem - L) B
7/
/
/
D C

uigeli.xyz Trang 72



uigeli.xyz
Vecto cung phuong v6i 4B 1a CD | vi hai vecto nay cd gia song song vdi nhau.

Ciu 6: Cho hinh hop 27 ABCD1 chon déng thic sai.
BT BA=BC B o AD DG DA = DC
C BC+ BA+ BB = BD, BA+ DD, + BD, = BC

D.
Loi giai
Al I DI

1

|

|

_oF T T T =P
~
-~
4 )
Ta co: A+ DD+ B0 = B4+ B8 + BD = 8A + 8D, = BC nén D sai.

Do BC=BC 3 BA=BA . BCiBA=BC +54 ,nén A déng

Do AP+ DG+ DA =AD+ DB = AD, + DB = 4B = DC

nén
AD DG+ DA =DC o B gano
Do BC 1 BAYBE =BD DD =D, [o0 ¢ gano
— N N ABCD AB'CD | oo BD.B'C 3
Cau 7: Trong khong gian, cho hinh 1ap phuong . Goéc gitra hai vecto bang
A. 307, B. 45° C. 60°, D. 907,
Loi giai
Ta co: BP=B'D" p, do,

(BD.B'C)=(8'D".8'C)=D'B'C’

vi 8 € =0 =08 han tam gisc B'CD'la tam gide déu.

| b =1 o
Suy ra DYE'C'=00

_ BD.B'C)=00"
h

:-]'

=0

! RS o o .
Cau 8: Cho |[ | , g6c gilra hai vecto ¢ va b bang 120° Khang dinh nao duéi day dung?

AL ab=12 B. ab=40 ab=-6

C. D. (!f?:(ﬁ\/g
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Loi giai

ah = |:.'|.|a'1|.L:L‘I:~'|::.'.a'J |=2.0.co8120" = l.li‘l.; - |: -0

P | —
) :

M |: I =2 -ﬁﬁ

Cau 9: Trong khong gian toa do Oz cho diém ! Tim diém M €OxX ga0 cho do dai
doan thang MM " ngin nhit.
M (~1:0:0 M'(1:0: M'(150:4/3 M'(1:=2:0]
A M(-1:0:0). g, M'(1:0:0) e M f}' b M 2 |

Loi giai

Py . . e , K ez = M"(1:0: 0]
MM ngin nhét khi diém M " 1a hinh chiéu diém M trén tryc OX WEL0:0)

Céu 10: S6 do can ning ciia mdt s6 hoc sinh 16p 12D dugce cho trong bang sau:

Can nang(kg) | [40.5:45.5) | [45.5:50.5) | [50.5:55.5) | [55.5:60.5) | [60.5: 65.5)

[65.5: 70.5)

S6 hoc sinh 10 7 16 4 2

3

Khoang bién thién ciia mau s6 liéu ghép nhom trén 1a
A. 2. B. 30, c. 1o p. 10,
Loi giai

- £ A X Zea . , L 05— 5=13
Khoang bién thién ciia mau so liéu ghép nhoém 1a 0,5-40,5=30

Cau 11: Ban Trang thong ké chiéu cao (don vi: cm) ctia céc ban hoc sinh nit 16p 12C & bang sau:

Chiéu cao (cm) | [155: 160) | [160: 165) | [165: 170) | [170: 175) | [175: 180) | [180: 185)

Sé hoc sinh nir

16p 12C 2 7 12 3 0

1

Hay tinh khoang tir phan vi ctia mau s6 liéu ghép nhém trén (Iam tron dén hang phén tram).

A 003, B. 000, c. %02, D. %05,

Loi giai

=247412434041=25,

T N S I TN S Uy \ . i £
Goi "7 > 1a mau s0 liéu goc ve chicu cao cua 25 hoc sinh nit 16p 12C dugc xEp theo

thir ty khong giam.

Ta co:

v, e [155:100) xooox, e[lomilos) x oo, e[105:170) x.iv o, e [170:175)

9

v, € [180:185)

= [] ailas)

Tt phan vi thi nhit cia miu sb lidu gbc la 2 . Do d6, tir phan vi thir nhat

cua mau so li€u ghép nhém la:
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25
=25 A
0 =160+ (165-1060)=

N

05

| ]

g

Do " T 2 [165:170)
T phan vi thir ba ctia mau so liéu goc 1a 2 . Do do, tir phan vi thtr ba ctia
mau s liéu ghép nhom la:

32

L

—(2+47)
4 ] 17— 1651 —
T[_] —163)=

2705

(. =105+
I

Khoang tir phan vi ciia mau so li¢u ghép nhom vé chiéu cao cua cac ban hoc sinh nir 16p 12C

2705

4
1.& — {'_} — {__; — —
la: - o 25

s65
= 0,03

Cau 12: Bang dudi day théng ké cy li ném ta ciia mdt van dong vién.

Culi (m)

[19: 19.5)

[19.5: 20)

[20: 20.5)

[20.5:21)

[21:21.5)

Tan so

13

45

24

12

6

Do 1éch chuan ctia mau s6 liéu ghép nhom trén 1a bao nhiéu (Iam tron dén hang phan nghin)?

A 0,526 B. 0.500 c. 0,531 p. 0,600
Loi giai
Ta c6 bang sau:
Cu li () [19:19.5) | [19.5:20) | [20:20.5) [ [20.5:21) | [21:21.5)
d(;lladigl 19,25 19,75 20,25 20,75 21,25
Tan s6 13 45 24 12 6
Cémaula "=13+45+ 244124 0=100
S6 trung binh ctia mau sb liéu ghép nhém la:
T 1319, 25+ 4519, 75+ 24.20, 25+ 12.20,75+ 0.21,25 20,015
100
Phuong sai ciia mu s liéu ghép nhém la:
5= ][%[13.(1@.15}’ P 45.(19,25) + 24.(19,25) +12.(19,25) 4 ﬁ.(]u}.jﬂ’]—(1[].[]15}’

= (0,277,

2 X £ 15 A . . oS = o= 0,277 = 0,52
Do I¢ch chuan ctia mau so liéu ghép nhém la: S S U, 277 = 0,3 ‘ﬁ'\

Phin 2. Tric nghiém lwa chon ddng sai. Thi sinh trd 10i tir cdu 1 dén cau 4. Trong méi y a), b), ¢), d)
0 moi cdu, thi sinh chon dung hodc sai.

. .z f(x)=x"=3x
Cau 1: Chohamso * *
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a) Ham s6 dong bién trén khoang (71 : l) .
b) Ham s6 ¢6 hai diém cuec tri.

o s A, a \ ,([0;1] N —1
¢) Gia tri nho nhat cua ham so la —1.

d) Gia tri 16n nhat cuia ham sé 1a 2.

Loi giai

a)S
Chon SAL
c f{x)=x"—3x Ya)=3x" =3 f(x)=0=3r -3=0=x=2
et ham 6 fix) 3% 06 dao ham fx)=3x fix) SRR s 1
Bang bién thién nhu sau:
X —0 -1 +oC
¥ + 0
¥ T +x

Tir BBT, ta thay ham s6 thi ham s6 nghich bién trén (-1:1)

b) b

Chon PUNG.

T BBT, ham sb ¢6 hai diém cuyc tri
¢S

Chon SAL

Tach: V' = I =3<20{vre[0:0])

Do dé ham sb da cho nghich bién trén doan (0]

Miny=1(l)=-2

Vay -
d) S

Chon Sai
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g dim )=
Ham so khong co6 gia tri lon nhat vi =+

Cau 2: Trong khong gian véi hé toa do Oxyz
OA=20+ |1 *-, O 23.5—""—, OC=i 4742k ki o

a) AL, sl -1), CilL2)

AB 13 diém E(1L0)

b) Trung diém cua doan thang

c¢) Tam giac ABC 13 tam giac vuong can tai 4.

d) Bé tir gige ABCD 13 hinh binh hanh thi diém 2%
Loi giai

a)b

Chon DUNG.

OA=20+ j+k= A(211)

OB=3]—k = B(0:3:-1)

OC=i+j+2k=C(L1L2)

b) S

Chon SAL

E 13 trung diém 4B nén: 2

..
Viy E(1;2;0)
c)S

Chon SAL
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" AB=(-2:2-2) | AB =1v‘r§

P

.4[‘:[—]:0:]}

p—

BC =14

| BC=(1-2:3)
Ta co: * '

Tam gidgc 4BC 13 tam gidc vudng tai 4.
d)s
Chon SAL

Ta c6: ABCD 13 hinh binh hanh

X, — X, =X.— X, X — 2=1-0 ._'.,'_: =3
& AD=BC < Vo= ¥, =¥ —yae= v, l=l-3=qy,=-1
‘:._—: ==-. -z ]_:I.,—]:Z-] -, =4
Viy D(3:-1:4)
X o . ':'-."'-'_1'. ‘I‘: _'I,..I'I.I
Cau 3: Trong khong gian véi hé truc toa do Oxyz’ cho # =11 =1 3% vy P=mi+ 1y
" 13 hai sb thuc.
i Ay G=(12:-3
a) Vec to ¢ c6 toa do la 4=| )
—’: .
b) Khi "= Lir=0 toa d6 cia vec to b (l’“),
e
A Khi 7= 1= thi toa dg vec to h=(24-3)
e P
d) Khi "= 17=0 thi toa dg vec to - ¢~ 7 =73
Loi giai
a)b
. A T
Vi theo dinh nghia vec to ¢ c6 toa do la a=(L= }
b) S
"_ : ; ; X ): (13-
Vikhi #=10=0 gy b=14274 0F pap o o ciavee to 7= (520),
c)b
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Vikhi M=1n=0 gq atb=i+2j=3k+i+2j=20i+4j-3k

P
nen h=(2:4-3)

ds

Vikhi "= 1Ln=0 g3 2a=b=20i14j-0k=i-2j=i+2j-0k

A 2a—h=(L2-0)
nén -

CAu 4: Tim hiéu thoi gian xem ti vi trong tudn trude (don vi: gid) ciia mdt s6 hoc sinh thu duogc két qua

Sau:

Thai gian (gid) [0: 5) [5;10) [10:15) [15: 20) [20: 25)
Sé hoc sinh 8 16 4 2 2

a) Gié tri dai dién nhom 151013 S

b) Thoi gian xem tivi trung binh cta hoc sinh 1a ¥ = 54375 (gig).

28,81

¢) Phuong sai ctia mau s6 liéu dé cho bang (1am tron dén hang phan tram).

d) Do Iéch chuan cua mau so liéu 16n hon 5.

Loi gidi
a)S
Trong mdi khoang, gié tri dai dién 13 trung binh cong cta gié tri hai diu mut

nén ta c6 bang sau:

Thoi gian (gio) [0:5) [5:10) [10:15) [15:20) [20:25)
Sé hoc sinh 8 16 4 2 2
Gia tri dai dién 25 7.5 12.5 17.5 225

Do d6 khang dinh a) sai.

b) D
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Thoi gian xem ti vi trung binh trong tuan trudc ciia cac ban hoc sinh nay 1a:

Sx25410x7, 5+4x12,5+2x17,5+2x22,5

V= — - =R 4375
S+lo+4+2+2 (gio).
Do do6 khang dinh b) dung.
c)b
Phuong sai ciia mau so6 li¢u da cho bang:
825 84375) 0 16,75 84375 ) 1 4125 843T5) 4 2{17.5- 84375) 4 2225 84375
'_"l
= :HH 1

Do d6 khang dinh c¢) dung.

d) b

2 x T f:..llmi":" =537 =5 . M . P
Do 1éch chuan ctiia mau so liéu 2881537 =5, Do d6 khang dinh d) dung
Phan 3. Cau héi tric nghiém tra 10i ngin. Thi sinh tra 16i tir cdu 1 dén ciu 6
Cau 1: Gia st chi phi dé xuat ban ¥ cuon tap chi (gom: lvong can bg, cong nhan vién, giay in,.) dugc

Clr}=0,0001x" = 0. L+ 10000 , trong d6 C(x) duoc tinh theo don vi 13 van d@)ng

cho béi cong thuc:
(1 van ddng= 10000 ddng). Chi phi phat hanh cho mdi cuén tap chi 13 3 nghin déng. Ta goi 1 *) 1a

V() = T(x)
tong chi phi bao gdm chi phi xuat ban va chi phi phat hanh cho * cuén tap chi. Ti s6 . X

dugc goi 13 chi phi trung binh cho mdt cudn tap chi khi xuat ban X cudn. Tim chi phi trung binh thap
nhat cho mot cudn tap chi 1a bao nhiéu van dong (1am tron dén hang phan chuc), biét rang nhu cau hién
tai xuat ban khong quéa 30000 cudn?

Loi giai
Pap an: 2,2.

0,3

Chi phi phat hanh cho mdi cudn 14 3 nghin dong, tirc 13 ¥>° van dong.

0,3x

Suy ra chi phi phat hanh cho ¥ cudn la (van dong).

Theo dé bai, ta ¢ tong chi phi xuat ban va phat hanh cho X cudn tap chi la:

T(x)=C(x)+0,30= 00000+ 0,2+ 10000 . .\
(x)=Clx) voi 0= x 30000

: Tix) 10000
flo)=M{x)=——=0,000]r+ 0,2

Xét ham sd o yei 0= 230000

uigeli.xyz Trang 80



uigeli.xyz
10000 - 0,000 1" — 10000 .

f{x)=0.0001 - —

X i

i |: '.} =0 &= = 10000 [:dg‘l = }

lim fix)=+=.

Bang bién thién:

z |0 10000 30000
f'(2) - 0 +

+00

f(z) £(30000)
\ f(loooo)/

Dua vio bang bién thién, ta thiy gid tri cia () nho nhat khi ¥ =10000

Do d6, sb lwong tap chi cdn xudt ban sao cho chi phi trung binh thip nhét 1a X =10000 (cuén).

— 3 % \
M(10000)=2.2 (. dong)

Vay chi phi trung binh cho mét cudn tap chi khi xuat ban 10000 cudn 1a:
Cau 2: Mot cong ty bat dong san c6 20 phong cho thué. Biét rang néu cho thué mdi phong véi gia 2
triéu dong mot thang thi tit ca cac phong déu c¢6 ngudi thué. Nhung ctr mdi lan ting gia cho thué moi
phong thém 200 nghin ddng mét thang thi co thém mot phong bi bo tréng. Hoi cong ty nén cho thué
mdi phong bao nhiéu triéu déng mot thang dé tong so tién thu dugc 14 16n nhat?

Loi gidi
Pap an: 3.
Cu tang thém 200 nghin ddng vao gia thué mot phong trén mot thang thi 6 mot phong bi bo trong.

=y )

Goi s6 1an ting 200 nghin ddng vao gia thué mot phong trén mot thang 1a Y (
Khi d6 * ciing 1a s6 phong bi bo tréng.
Téng s6 tién ong 4 thu duoc lic nay la:

()= (20001 200x (20— v)=—200x" 1 2000+ + 40000 ,
T (x)=(2000+ 200x)(20- x)=-200x" + 20003+ 40000 (. s

Tl = =200+ 2000+ 40000 .
Xét ham g6 | )= 720007+ 20000 40000 000

= T'{x )=—400x + 2000
r'x)=0

<> —400x+ 2000=10

e x=5(TM)

T(

; - X - n 5 N e X
Bang bién thién ctia ham so ) nhu sau:
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X 0 5 + oo
T(x) + 0 -
¥ 45000
T(x) _
40000 s
Cin ctr vao bang bién thién trén, ta thiy ham s6 T(x) dat gié tri 16n nhét bang 45 000 khi X = 5

Khi 0, sb tién ting 1én khi cho thué mét phong 1a 200.5=1000 (nghin dong) = 1 (triéu ddng).

Vay cong ty nén cho thué mdi can ho 3 triéu ddng mot thang thi tong sd tién thu dugc 1a 16n nhat.
Cau 3: Mot phong hoc ¢ thiét ké dang hinh hop chir nhat vi chidu dai 1a 10 m, chiéu rong la 8mva
chiéu cao 12 4 m. Mot chiéc dén dugc treo tai chinh giira trin nha cta phong hoc. Xét hé truc toa do

OxV2 ¢4 gbe O trimg véi mot goc phong va mit phing (Oxy) trung v6i mat san, don vi do duogc lay

theo mét (Hinh v¢).

>

4m

10 m
-

Tinh khoang céach tir diém treo bong dén dén goc phong hoc (két qua 1am tron dén hang phan tram).
Loi giai
Pap an: 735,

Oxyz

Vi h¢ truc toa do cb gbc 0 tring voi mot goc phong va mit phang (Oxy) trung vo1 mat san,

don vi do duoc léy theo mét.
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:VT D'

|
“‘I (‘l
2 I
I4m
|
| D ¥
0)_ —————————— ——‘-——é
Vs
/ N 8m
P
Bl~
10m C

Phong hoc thiét ké dang hinh hop chit nhat OBCD.AB'C'D" g1 A'B'CD' 13 hinh chit nhat. Goi M 1a

giao diém ctia hai duong chéo 4'C" va B'D' nén M 13 trung diém ctia 4'C’ véi A (0:0:4),

C'(8:10:4)

Vi dén duoc treo tai chinh giita trin nha ciia phong hoc nén diém treo bong dén trung véi diém M .

)

Céu 4: Cho bang s6 liéu vé khdi luong cta 30 ci khoai tay thu hoach tir mot thira rung nhu duéi day.

Khéi lwong (gam) [70;80) [80;90) [90;100) [100;110) [110:120]
Tan sb 3 6 12 6 3

Khoang tir phan vi ciia mau s liéu ghép nhom trén 13 bao nhiéu?
Loi giai

Dap an: 15,

Comiu #1=3+0+124043=30
Goi “* 2%+ " 1a khéi luong ctia 30 i khoai tay duoc sép xép theo thir tw ting dan.
b b r N @ = 7, 5
Nhom dau tién co tan sb tich lity 16n hon hodc bang 4 la nhém [80;90), do d6 tir phan vi thi
30
o 0 =80+ & (90-80)=587.5
nhat ndm trong nhém [80;90). Ta co: 0
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3.30
=225
Nhom dau tién c6 tan sd tich liy 10n hon hodc bang 4 12 nhém [100;110), do d6 tir phan vi
3 .
Z30-(3+0412)
‘ 0, =100+ 3 (110-100)=102,5
thtr ba ndm trong nhém [100;110). Ta co: 0 )

C o x Za . rs AO=0, -0, =102,5-87,5=15
Vay khoang tir phan vi ciia mau so liéu ghép nhom la: AQ=0, -0 =10 o ] .

OXVZ dyoc thiét 14p nhu hinh bén

Ciu 5: Mot may bay dang cat canh tir phi truong. Vi hé toa do
dudi (don vi trén cdc truc toa dé la kM ), cho biét may bay cat canh theo duong thdng véi tdc do khong
dbi khoang 200km ' h bit dau tai diém O, sau 3 phat & tai vi tri diém M |, biét

AT = 370 L, T— 5" L2 . o Me , R, L2 , s z
NOB =32° MOC'= 00" Toa d6 cua diem M 1a (a b c). Tinh gia tri ctia biéu thic tb—c (Ket

qud lam tron dén hang don vi).

Pip s6: 8

OM = 200_% = 10( k)

Quang duong may bay bay duoc la: 20 .

Xét tam gidc ocM vuong tai C taco

c=0C=0M.cos03° = 10005057 3 ON = CM = OM . sino3° =10.sin 05"
Ta c: AON =90"— BON = 557

Xét tam giac QAN vuong tai 4, ta co

i =04=0N.cos 40N = 10.51n 057 cos 557

va = AN =08 = ON.sin AON = 10,510 057 510 587

Vay ¢ +b—c=10.51n05"c0s 58" + 10.51n65".51n 58"~ 10.c05 05" = §
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Oxyz A400:200:10)

Cau 6: Trong khong gian , mOt mady bay dang bay ¢ tai vi tri . Theo hanh trinh du

dinh, may bay s& phai bay qua vi tri 20709200100 Ty nhign do tho tiét xéu, may bay phai chuyén
huéng bay dén vj tri C800: 400:8) . Hoi trong quéng thoi gian tranh ving thoi tiét xiu, may bay da
phai bay chéch hudng du dinh mot goc bao nhiéu do6? (két qua lam tron dén hang phan muoi).

Loi giai
Pap so: 26,6.

-'._= 3 NN r”_1= : 3 r 2
Ta ¢6 AB [_.[][].[].[]]’ AC=(400; 200; _].

Khi do, goc gitra hai vecto AB vy AC 13 gbc ma may bay da phai bay chéch hudng dy dinh.

e ABAC 120000
cos| AB, AC )= -= :
' - ABAC 3[‘1[1.,]4[1[1-‘- F200% + (-2)

Ta cé

[AB.AC)= 20.6°
Suyra * ' .

Vay géc ma may bay da phai bay chéch huéng du dinh 1a khoang 26,6°

Hét
uigeli.xyz PE ON TAP CUOI HOC KY I
PE 8 NAM HQC 2024-2025

Phan 1. Cau héi tric nghiém nhiéu phwong an lwa chon. Thi sinh tra loi tir cdu 1 dén cau 12. Moi
cau hoi, thi sinh chi chon I phwong an.

Cau 1: Cho hamsb /' = Inx . Khang dinh nao sau day la ding?

A. Ham s6 dong bién trén (O; +m) B. Ham s6 nghich bién trén (O; 1) .

C. Ham s nghich bién trén (04 ) D. Ham s6 dong bién trén (1 +OL)

Loi giai

Tap xac dinh: D=(0;+= _).
Ta co: Vi=lnx+l
v =1 oy = l

Ta c6 bang bién thién cua ham s6 nhu sau:

0

| e

uigeli.xyz Trang 85

+00

(=N KN




uigeli.xyz

1 -£ A Ao 1a A aX x (Lo
Tur bang bién thién ta thay ham s6 dong bién trén (

Cau 2: Cho ham so 3 + . Toa d6 diem cuc dai cuia do thi ham so la

2
3=
A (-1:2). B. ( 3] C. (L-2). D. (1;2).
Loi giai

Tap xéac dinh D =11

Tinh ' = — 35 4 3.
, ) r=1
V=0 —4x+3=0& \
Cho o
Bang bién thién
x| 1 3 S
3 + 0 - 0 +
2 o
y / \ ) /
. :

Vay diém cuc dai cua dd thi ham sb 1a (l; 2)‘

Cau 3: Puong cong cho trong hinh bén 1a d6 thi ciia ham sb nao trong cac ham s6 dudi day?

Ay

)
’
—
TN
=y

Loi giai
D0 thi ham sb ¢6 tiém can ding * =1 nén loai A,D.

D6 thi ham s6 co tiém can xién '~ ~* nénloai B.
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ax+b
V= . .
Cau 4: Cho ham so cx¥—1 ¢4 @6 thi nhu hinh v& bén dudi. Trong cac hé s6 ¢, b , ¢ ¢6 bao nhiéu
s6 duong?
y
0] 1 w
-1
\2
A.0 B.2. C.1 D.3

Loi giai

Tiém céan dung:

V= g —l=ag=—-c=a=-1
Tiém can ngang: =
D thi cét truc hoanh tai diém c6 hoanh do X =2 nén 24 +h=0 hay b=-2a=2.
Vay ¢6 hai s6 duong.
Cau 5: Cho hinh 1ap phuong A5CD.A"8'C'D' Khing dinh nao sau day dung?

A BABCBE =D g AC= 4B+ 4D

ol S T e

Loi giai
. ... . . BA+BC+BB'=BD'
Theo quy tac hinh hop ta cd

Cau 6: Cho hinh lang tru ABCABC , M 13 trung diém ctia BB". Khang dinh nao sau diy dung?

s ] —
e AM = AB+ — AA
A, AM = .r!('—lr!.r!" B. 2 .

. N - : 3 —
AM =-AB+ ~ A4 AM =248+ 7 A4
C. - . D. <

uigeli.xyz Trang 87



uigeli.xyz

—— — —— — ] - —— ] e

AM = AB+ BM = AB+ —8F = A8+ — A4

Ta co: 2 2 .

Cau 7: Cho hinh chop déu S-ABCD ¢4 it ca cac canh bing a3 . Tinh 6 dai vecto ! = 54— 5B

A 3 B. aV2. c. Vo,

Loi giai

|e}| = |_~_"4.?i— _<_¢£§| = |f3ﬁ|= BA= af3

Cau 8: Cho U 1a trong tdm tam giac 45 C. Khiang dinh nao sau day 1a ding?

A GA+GB1GC=0_ B, GA1GB1CG=10

AB+ AC =

AG

| e

c GliGi-GC .
Loi giai

Theo tinh chét trong tAm tam gidc ta c6 G4 + GB+ GC=10

Cau 9: Trong khong gian v&i hé truc toa do OxYZ  ¢ho hinh vé& bén dudi véi diém

dinh toa do vecto 4'C .

o’ _C’
A : B’
i@ ___________ Lo M.
1’ y
A ” B
x
AL A'C :[_:w:—-l:—l}. B. A'C :[_}:4:-1}.

AC=(-5:4:0) AC=(-5:4:-4)

C D
Loi giai

’ i& 3 g s (OX2 A'(5:0:4
Vi 4" 13 hinh chiéu cua diém B’ 1én (Oxz) nén (5:0: }
Vi C 12 hinh chiéu cta diém B’ 1én @ nén C(_O:‘jfio)_

Suy ra toa d6 cua vecto A =[-_D:4:_4}.

B'(5:4:4)

D. 2a\2 .

. Hay xac

Cau 10: Thoi gian hoan thanh bai khao sat cia cac hoc sinh 16p 10C1, 10C2 duoc cho ¢ bang sau
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Thoi gian (phit) | [6;7) | [7:8) | [8:9) | [9:10) | [10;11)
S6 hoc sinh 8 12 5 15 10

Khoang bién thién ctia mau sd liéu ghép nhom trén 1a

A. 12, B.°. C. 4. D. 0.

Loi giai
Khoang bién thién cia miu sb liéu ghép nhom trén 1a R=11-6=5
Céu 11: Théng ké lvong mét s6 cong nhén tai xi nghiép thu dugc két qua sau:

Luong (triéu) [4:6) [6:8) [8:10) | [10:12]
S6 cong nhan 6 20 31 4

Tim khoang t&r phan vi ctia mau sb liéu ghép nhom trén (két qua lam tron dén hang phan

tram)
Al 0,25. B. 2,35_ C. 0,26' D. 2,34.
Loi giai
mo0ysos [6:5)
Taco: + 4 nén nhom chira tr phan vi thr nhatla t
In 3ol 138 I
—_—= =—=4575 . . ] ) [810)
Taco: 4 4 4 nén nhom chira tr phan vi thebala b
Khoang tr phan vi cia mau s6 liéu ghép nhom trén 1a
| '2 |: ] _ zﬁ | ﬂ_ (1
\, =0 -0 = 83 -6+ 2_—2[x2,35

Cau 12: Khao sat vé chiéu cao cac mau trang tri tuong da ban cua mdt cua hang nhu sau:

Chiéu cao (mm) | [100;200) | [200;300) | [300;400) | [400;500)

35 30 20 15

S6 luong

Tinh do 1éch chuan cua mau so6 liéu ghép nhoém trén (Iam tron dén hang phan muoi).

A. 206 B. 160,1. C. 106,2 D. 260,12.

Loi giai

Ta co:

uigeli.xyz Trang 89



uigeli.xyz
Chiéu cao (mm) | [100:200) | [200:300) | [300:400) | [400:500)

S6 lwong 35 30 20 15
Gia tri dai dién 150 250 350 450

Comiula n=235+30+20+15=100

S trung binh cia mau s6 lidu ghép nhom la:
- 35.150430.250 420350 +15.450

- 100

Phuong sai ciia mau s6 liéu ghép nhom la:

. | . . L . _
5= —[33.1:»[1-- 30,2507 4 20.350° 1:».43[]--]—1(1;-: 11275
L0100

. x4 = 11275 = 2
Do Iéch chuan ciia mau so liéu ghép nhém la: S =ylH27s =100, -,

Phin 2. Tric nghiém lwa chon dung sai. Thi sinh tra loi tw cau 1 dén cdu 4. Trong méi y a), b), ¢), d)
0 moi cdu, thi sinh chon dung hodc sai.

B [ PR PO

Cau 1: Cho ham so fle)=x =3 .

a) Ham sd /(%) dong bién trén khoang (4 +OO).

b) Ham s6 / (r) nghich bién trén khoang (0: 2).

max f{x)=0

c) !
max fly)=10
n e S X
Loi giai

a b c d

S b b
fla)=x =3
f(x)=3x T Ox
Béng bién thién:

—00 0 2 +00
V' + — 0 +

y _w/O\_4/+°°

Duya vao bang bién thién ta thay
a) Sai
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b) Dlng
c) bing
= —Y (= —d (1= max f{x)=0
opo (V=2 4(2)=-4/(3)=0 . Diing
o (1.9.1 (..
Cau 2: Trong khong gian OXVZ' ho hai vecto ”_(1’"")\), b_(“"“)"l\).

a) Hai vecto 4 va b cung phuong.

b) ath=(354)

S i-F
" |[& +2f§| = :‘:JE.

Loi giai

a) Sai

s
b) a+h [__.._..—1}.Dl,mg

-

c) . Pling
4 2h = (585 14+ 28|=J114
d) ¢ 2= (5:8:5) suy ra |[ | Sai
I3 + 39 A .1
Cau 3: Trong khong gian P77 cho ba diém A(I,B,,_)’ B(0:4; _}’ C(4 1.1\).
15+ 28C=(7:-9:2
g) AB+2BC=(T:-9:2)
; 255 |
b) Trung diém cia BC 1a * = =/
———— I-' LII _ :‘ Y
ATBC=|4:: i |
¢) Tich v6 hudng o4 2
d) Ba diém 45 C thing hang.
Loi giai
a b c
b D S

.__'_. v ”_1_'.._.:.'1 Xﬂ'”_‘z.."— . ._."'._':.F."'—L'"l
2) Ta co 1B~ Li—4) BC=(4-53)=28C=(8;-10:0) . 4B+2BC=(T;-9:2)
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0+4 4+(-1) =2+1] (.3 1)
. — . 3 . 3 | 1;‘ EL;lT
b) Vi / 14 trung diém cia BC nén - - = “Jhay * - -
B N L PN AN
."I..|r=I ]._:._:l ."I..Ir..IrJ](. =]._]' 1 [_:\}I _?l 1 _-.I _;|=_]'
c) s 8, e T
1.1,
d) Ta co 4 =3 3 pén 4B vy BC khong cung phuong. Do d6 ba diém khong 4.8.C thang

hang.
Cau 4: Gia dong cura cuia mot ¢o phicu la gia cua co phicu dé cudi mdt phién giao dich. Bang sau thong

ké gia dong cira (don vi: nghin dong) ctia hai ma c¢6 phiéu 4 va B trong 50 ngay giao dich lién tiép.

Gid dong cira | [120:122) | [122:124) | [124:126) | [126:128) | [128:130)

Cé phiéu 4 8 9 12 10 11
Co phiéu B 16 4 3 6 21
a) Xét mAu sé lidu cta cb phiéu 4 ta co phuong sai ciia m3u sb lidu ghép nhom la /210
b) Xét mau s liéu ctia c¢b phiéu B ta c6 s6 trung binh ctia mau sé liéu ghép nhom 1a 115,28
¢) Xét mau sd liéu ctia 6 phiéu B ta c6 do 1éch chudn cia mau s6 lidu ghép nhom la 2,743
d) C6 phiéu 4 c6 @6 rui ro thap hon c6 phiéu 5.
Loi giai
a b c d
b S S b
Ta c6 bang thong ké gia dong cira theo gid tri dai dién:
Gié dong cra 121 123 125 127 129
Cé phidu 4 8 ] 12 10 11
Cé phidu B 16 4 3 6 21

Xét mau sb lieu 4 :

S trung binh ctia mau s6 lidu ghép nhom 1a
B2+ 9 234120125+ 100127 + 11,129
e 50

=125,25.

Phuong sai ctia mau s6 liéu ghép nhom 1a

§7 = L (8.1217 49,1237 +12.1257 4 10.127° + 11.129%)— (125,28)° = 7,5216

2l
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A1 i x g S =T = \f7.5210 = 2,743
Do léch chuan ctia mau so liéu ghép nhom la ™! : .
Xét mau sb lieu B :
S6 trung binh ctia mau s6 liéu ghép nhom 1a

— 10021+ 4123 +3.125+ 0,127+ 21.129

- =125.45.
a0
Phuong sai ctia mau s6 liéu ghép nhom 1a
. . . - . Y fe e :
So=—(10.1217 + 4123 ¢ 30125 10,027+ 211297 ) (125,45 ) = 12,4090,

Al

D6 1éch chudn cia mau sb liéu ghép nhom la S, = JT =+/12,4090 =3.523

Ngudi ta ¢6 thé ding phuong sai va d6 1éch chudn dé so sanh murc do rii ro ciia cac loai ¢b phiéu co gia
tri trung binh gén béng nhau. CH phiéu nao c6 phuong sai, d¢ léch chuin cao hon thi dugc coi 1a c6 do
rti ro 16n hon. Do d6 ¢6 phiéu 4 ¢6 d6 rai ro thap hon cb phiéu B .

Phin 3. Céu héi trac nghiém tra 10i ngan. Thi sinh tra loi tir cau 1 dén cdu 6
Cau 1: Ong An muon lam mot canh cong cho ngo6i nha ciia minh. Ong du dinh thict ké cong gém hai

phan: Phan du6i 13 mot hinh chir nhat va phan trén c6 hinh ban nguyét (nhu hinh v&). Biét chu vi cta
cong (khong tinh doan 4B) 1a 8m. Tinh dién tich 16n nhit cua canh cong d6 (két qua tinh theo don vi

m’ va lam tron dén hang phan tram).

Loi giai

Pap an: 4,48
., AB=2x (x=0) o .1 . A 1N, =Y
bat . Suy ra ban kinh cua hinh ban nguyét la: 7" =X,
[
—2ax =X
Chu vi hinh ban nguyét 1a: 2
Zx+2rs8=s re—o
Diéu kién: T2
S—(2+7)x
R=AD+ DC+ CE+ xx=2AD+2x+ av= AD=CH= %

Do d6 chu vi cong la: -
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, Six)=S8 ., +5 _ =ADCDA ]——
Dién tich canh cong la: 2
Y i \
S{x)= 1.'-:.h 2+7) ! Ty =— L 2 | 8
) 7 . | = |
Hay = 4 2 )
S'(x)=0 o
Ta o S x)=—(x+4)x+ 8 Suy ra = T
Béng bién thién
X |o 3 8
n+4 n+2
S'(x) + 0 _
4,48
0 3,8

Vay dién tich 16n nhét cia canh céng la 4,48m” .

Cau 2: Mot may bay loai nho bat dau ha canh, duong bay cua n6 khi gén v6i hé truc toa d§ Oxy dugc
mo phong nhu hinh vé& (don vi trén céc truc toa d6 1a dim, 1 dim bang 1,60934km). Biét duong bay
cua n6 co6 dang dd thi ham s6 bac ba; vi tri bat ddu ha canh c¢6 toa do (=41) 1a diém cuc dai va may

bay tiép dét tai vi tri géc toa d6 O 1a diém cuc tiéu ctia dd thi ham sb.

4 3 -2 -l

Tinh chiéu cao clia may bay so véi mit dat khi may bay cach vi tri ha canh theo phuong nam ngang 3,5
dam (két qua tinh theo don vi dam va lam tron két qua dén hang phan tram).

Loi giai
Dap an: 0,96

pat ' 1* Jmax ihe e dd {a=0) 5 pam o6 bac ba mé phéng dudng bay ctia may bay.

Taco fx)=3ax +2bx+ o

Vi db thi ham s6 ¥ =7 ) ¢ hai didm cue tri 1a FHD va 2(99) e ta 6 hé phuong
trinh:

uigeli.xyz Trang 94



uigeli.xyz

o ]
-Irf[[']}:['] .[.=[_] [|'=E
f{=4)=0 o =10 3
= =g = —
f{0)=10 48a—-58h=10 16
f-4)=1  |-0daslob=1 |€=0
S d =0
-
fr)= e+ 2o
Suyra: 32 o .
Khi may bay cach vi tri ha canh theo phwong ndm ngang 3,5 diam thi ¥ = —3.5
o
f(-3.5)= 22 < 0.96 ,
Khi d6 256 . Vay may bay cach mit dat khoang 0,96 dam.

Céu 3: Mot chiéc xe dang kéo cing soi ddy cap 4B trong cong trudng xay dung, trén d6 da thiét lap

hé toa do OXYZ hhir Hinh véi d6 dai don vi trén c4c truc toa do bang 17 . Tim duoc toa do cua vecto

AB =(a:b:c) Khido a+c="?

|

) ST :
K 155 B/ iy
.

Loi giai

Tacé X> 1a hinh chiéu vuodng goc cua diém B 1én truc.
vi A€0z 3 04=10 pzq .4(0:0;10)-

Xét tam giac OHB vuong tai H .

OH 1543

cosdl = — — QO =08 -cos30 =
(s 2

( ]5"@;0 |
>

= H| o

Xét tam gise OKB yuong tai K .
Vi goe BOH =30" = BOK =90"-30" = 00"
I

rn

. UK : :
cos O = — = K =08 cosBOK =
(5

I—-"|
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Cau 4: Két qua diéu tra vé s gio lam thém trong mdt tuan cua 100 sinh vién dugc cho & biéu do bén.

S4 gi® lam thém trong mot tuan
cua sinh vién

Tim khodng tir phan vi cua so6 li¢u do.
Loi gidi

Tir mau s6 lidu ghép nhom, ta co bang thong ké s6 gio lam thém trong mot tuan ctia 100 sinh vién nhu

sau.
S6 gio 1am thém [2:4) [4:6) [6:8) [8:10) [10:12)
S6 gior 1am thém
3 5 7 9 11
dai dién
S6 sinh vién 12 20 37 21 10

C& mau 7 =100,

Goi T Y 13 mau b liéu duoc Xép theo thtr tw khong giam.
, YUY X ;{ Nap T 45 )
T phan vi thr hai ctia day so liéu " 7277 7" i g = .
S
Do 5 va 5! thugc nhom [6:8) hen @0 T-[H_m ~ 6,97
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—(x. +x,,)

T phan vi thi nhét cua day s6 lidu AAREREEER T P "~ Do Y25 va M thudc nhom [4:6) nén

].][‘J[]_]1
O=41—F  (6-4)=53

20
l

. AT T AT C o R [8:10)
T phan vi thr ba cia day so ligu 17727 i 3 = .Do 775 va 76 thudc nhom L~ nén

3.

3 ]If".llf".l_w}
() =5+ B (10—-58) =& 57
) 21

i g e MO =0, -0 =857-53=3127
Khoéng tr phan vi 1a =09 .

Oxyz

Céu 5: Mot chi tiét trong bo trang sirc duoc gan hé truc toa do nhu hinh v€ sau:

2

I
Céc hinh choép S.ABCD vy L.ABCD 13 c4c hinh chop déu canh 1 cm. Tinh sb do goc nhi dién

[S-CD1] heo don vi d9 (két qua lam tron dén hang don vi).

Loi gidi
Dap an: 109’
Phan giai chi tiét
Goi E 1a trung diém cua €D Ta c6

la goc phing nhi dién cita goe nhi dien L5211
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N
FR

~|a

£S5 =] [ V2 E.__|
| P

A

I

[

=
./hl
—

LL‘IR[I‘\EH- = SET = 109"

I"\-u
LA
fr
g
-_h.| —

_I
3
4

Vay [s.cp.1]=109"

Cau 6: Ban An dang nim nghe nhac trong phong hinh hdp chit nhat, san nha 14 hinh vudng canh bang

4 m, chiéu cao ctia phong 1a 3,2 m va phat hién ra hai con nhén dang ching to trong cin phong cia An,

hai con nhén luén di chuyén trén hai dudng thing khac nhau. Gia sir cin phong dugc mé hinh hoa 1a

hinh hop chit nhat ABCD.AB'CD" ygi ABCD 13 nén phong ctia An thi con nhén thir nhat dugc coi
nhu diém £ di chuyén trén dudng day to ndi tir dinh 4 dén trung diém M cua cc' , con con nhén thir
hai dugc coi nhu diém F di chuyén trén duong day to ndi tr D' dén tam / coa mat ABB°A" . Tinh

khoang céch gitra hai con nhén khi duong thang di qua hai con nhén vudng goc véi tran nha.

Pap an:1,6m
Phén giai chi tiét

Oxyz A= AB=0v AD = A4 = Oz

Gan h¢ truc sao cho *

A0 AT 03 2 M (o) D043 2 )0 2:0: 10

Ta co
Goi Elvv.z ) Flmn p)
r=4a
AE =AM = v=4a = E{dadaloa)
Gid sir z=l.0a
=26 = 2h
D'F =hDT e n—4=—4h eon=4-4h = F(2h4-4R32-1.0b)
| p—32=-10bh p=32-10h

Ta c6
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FF=(2b—4ad-4b—4a32-Loh-10a)

AA = (0:0:3,2
Dé duong thang di qua hai con nhén vudng goc véi tran nha thi EF cung phuong véi AA

o=

1
[2h—4a=10 3
=
l—'l—;lr'l—;lu:ﬂ \h_ﬁ
Nén 3,
Khi d EF =(0:0:1.0)= EF =1,0
Vay khoang cach giita hai con nhén bang 1,6 m.
Hét-—- :
uigeli.xyz PE ON TAP CUOI HOC KY I
PE 9 NAM HOC 2024-2025
MON: TOAN 12 KNTT

Phin 1. Ciu héi tric nghiém nhiéu phwong an lwa chon. Thi sinh trd 10i tir cdu I dén cdu 12. Moi
cdu hoi, thi sinh chi chon 1 phuong dn.

e X+3
Caul: Hamsd  X¥+!1 c6bao nhiéu diém cuc tri?
Al B. 3 C. 0, D. 2.
Loi giai
_7 _
Vi=e———<=lre -1}
(x+ 1)

Ta co: . Nén ham s6 da cho khong c6 cuec tri.
Cau 2: Cho ham s6 =7 () xac dinh va lién tuc trén L c6 db thi nhw hinh v& bén. Gid tri nhé nhét

ciia ham s6 ¥~/ () trén khoang (“L+2) la.

L ]

Chon B
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ar+h .
V= {ad —hez0rac=0)

Cau 3: Chohamsd  crid

¢6 dd thi nhu hinh v& bén dudi. Tim phuong trinh

duodng tiém can ding va ti€ém cén ngang cia do thi ham so.

Yy
2
_/
1 —
ol 1 2 T
Loi gidi
Chon B

Cau 4: Ham s0 nao dudi day c6 bang bien thién nhu sau

+ o0
y' - 0 + 0 -
+ 00 2
y
\_2/ \‘ .
AL V=Y =3 B b= —x 43X Cc. V=T D y=—x +2x

Loi giai

Dua vao bang bién thién ta thay ham so da cho 1a ham so bac 3 vacod hésb @ <0,

Céu 5: Cho tir dién ABCD M 13 trung diém cta canh BC| G 13 trong tAm cua tam giac BCD | He

thirc nao dudi day la sai?

A AR BC-AC

g MB+SIT—0 ¢ GB+GCrGD=0 p 4B+ AC- AV
Loi giai

A
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D sai vi M 1a trung diém ctia canh BC thi AB+ AC=24M
CAu 6: Cho hinh 1ap phuong ABCD.A'B'C'D' Vecto nao dudi day bing vecto AB
A. CD. B. DC c. BC. p. CD".
Loi gidi

B' C'

A!

Tir hinh v& ta thiy cip vecto 4B va DC cing phuong, ciing chidu va c6 d6 16n bang nhau
nén A8 =DC
Céu 7: Cho hinh chép S-ABCD ¢6 day ABCD 13 hinh vuéng tam O Biét 54+ SB + SC+ 5D =£.50

Gia tri cua © bang bao nhiéu?

A. 4. B. 3. C.2. D. 1.

Loi giai

Do O 1a tam ciia hinh vuong ABCD nén O 1a trung diém cua cac canh 4C va BD
— 04+ 0C=0 3 OB+0D=0= 04+ 08 +0C+0D=10

 SA+SB+SC+5D=(SO+0A)+(SO+OB)+(50+0C)+(50+0D)
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=450 + (04 + OB+ OC + OD |= 450
Vay gia tri coa & =4

EE R I
Cau 8: Cho “ ==/ 7" "1 Toaddcua ¢ 1a

ca=2
Taco

Cau 9: Trong khong gian véi hé truc toa 4o PV7 | cho ba didm A(1:2:-D  B(2:i-1:3) C(=2:3:3)

piém 2 (492¢) 13 dinh thir tur cia hinh binh hanh ABCD xhigo P=a +0° 1 ¢ ¢ gi tri
bang
A. 46 B. 43. C. 44, D. 45,

Loi giai

.. D(a:bic)

Ta co , ABCD 13 hinh binh hanh thi

AD=BC =

h=2=3+] = h=0
1

Vay: Pi=30-1)=P =40

AT 2y 2 11 e
OxyZ,ChO .”_]._..--LH[_ ].].._L(. |:__. ].]}

Cau 10: Trong khong gian véi h¢ toa do . Tinh c6sin ctia goc

(4B AE)
tao boi .
1 1 1 1
A. 2. B. 3. C. 0 D. 4
Loi giai
.-. '_= '_""I-_ . '.-”-::. T
Ta o AB= (-2 1=1)14C= (1= 1:-2)

ABAC=-241+2=1
|.Jz;§|= JE.-|.JzE'|= Jo

Cau 11: Thoi gian truy cap Internet mdi budi tdi ctia mot sd hoc sinh duoc cho trong bang sau:

Théi gian (phit) | [9.512.5) | (125155 | [15.5185) | [1852L5 | [215.24.3)

50 hoc sinh 3 12 1

Ln

24 2

Khoang tir phan vi ciia mau so liéu ghép nhém la
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A. 10,75. B. 4,75. C. 4,63. D. 4,38.

Loi giai

Co mau 1a 7=56

Xyt X
, A <1 e \ k X o X 2A ~ . 25055} A P \
T phan vi thir nhat 2 la 2 Do M Mis géu thuoc nhom [12,5:15.5) nén nhom na
p y
, o p=la. =12 5m, =12 =30, —a.=3 _, ,
chira Ql.Do do, f “: - ! T vata co
205
0 =125+ 3321525
o 12

X, X,

8.5;21,

h

Véitephanvithiba S 13 2 . Do Y™ ddu thude nhom ! ) nén nhém

p=4%a, =185m, =24%m+m,+m, =3+ 12+15=30a,—a,=3

nay chtra 0, . Do do, vata
350
—-30
O =155+ —3=20.
cod 24

, S LA s X XA . . LA =0 -0 =475
Khoang t&r phan vi ciia mau s6 liéu ghép nhom la: —~ = =

Cau 12: Thoi gian diy nhay mdi ngay trong thoi gian gan diy ciia ban Ha duoc thong ké lai ¢ bang

sau:
Thoi gian (phtt) | [20:25) | [25.30) [30,35) [35.40) [40;45)
S8 noay 6 6 4 1 1
Gia tri dai dién caa nhom 3249 13
A. 35, B. 40, C. 37. D. 373,
Loi giai

3540

Gid trj dai dién ctia nhom 1> 0) T2 7

Phan 2. Trac nghiém lwa chon ddng sai. Thi sinh tra 16i tir cu 1 dén cau 4. Trong méi y a), b), ¢), d)
0 moi cdu, thi sinh chon dung hodc sai.

c y=flx)=x"+ 3 - 3x+ 1.

Cau 1: Cho ham s6 Xét tinh ding sai cac ménh dé sau:

. D=1\!3.
a) Tap xéac dinh cia ham so6 trén 1a \ -

F(x) g ¥=X+2x-1

b) Bao ham cua

¢) Ham s0 trén ¢ hai cuc tri gom mdt cuc ti€u va mot cyc dai.
(-2-1).

d) Ham s6 nghich bién trén khoang
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Loi giai
a) Sai. Tap xac dinh ciia ham sb trén 1a D=0].

b) Sai. Ta co ¥ = 3X + 6x=3.

¢ Piing, ¢t ¥ = 3¢ 1 60-3= 0= x=-1:12

Ta c6 bang bién thién cua ham so6

o “1-v2 ~1+Vv2 +oo
f(x) + 0 - 0 +
+0o0
f(z)
—00

Vay ham s6 ¢6 2 cuc tri gom 1 cyc ti€u va 1 cyc dai

(-2-1)= [j.—l— V2-1:42)
(-1-v2-1+ 2]

. . . . -2-1).
Ma ham s6 nghich bién trén khoang * " nén ham so nghich bién trén khoang ( )

d) bung. Ta co

Cau 2: Dudi day la mdt gia do chiu hai luc. Biéu dién tung luc dudi dang vecto Descartes

Fo= 2007+ 2817+ 2004
a) -

b) F=80,5470 + 185,001 j — 143,394k

85,297N

¢) Bo 16n luc tong hop 1én gia do bang o

d) Goc tao bai luc tong hop 1én truc Oy 13 16.145°

Loi giai
a) Sai
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Do 16n luc £, tac dung 1€n turng truc toa d¢ Descartes nhu sau:
Fo=—400¢0s60%=-200 ¥
Fro=400c0s45" =252 54 N

£, =400cos00%= 200 N

= F, = -2000 + 282,84/ + 200k
b) Dung
Cat mat phfmg toa do luc k tac dung 1én truc toa do la Y 1a chiéu ngang va —Z la chiéu doc nhu hinh vé&

F zy

XY
35’

[ ————

——————— F1=250N

Do 16n luc B tac dung 1én truc toa do Y ova -z béng
£ = 250c0s357 = 204, T8N

F,=-2308in35"=—143.394¥

o

< - M A F Wl A A TN \ * A \ \ A 1 ~
Cat mat phang toa do luc ~ ¥ tac dung lén truc toa dd 1a ¥ 1a chiéu ngang va * 1a chiéu doc nhu hinh vé

Fy ¥

25°

mal
-_————— -

Fo=204, 7555025 =50, 547N

=204, 788 008257 = I8R5, 001N
Vay F=80.5474 + 185,001/ — 143,394k
¢) bung
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Luc tong hop tac dung 1én gid do 1a :

F,=F + F, = 113,453 + 468,441/ + 56,600k

F,= 1134537 1 408.441° £ 50,0007 = 485,297 N
d) Sai

Goi @ 1a goc tao boi luc tong hop 1én truc Oy

das. 4 o
COSmr= —— —= ¢r = |5 |45°
455,297

Oxyz A(2:3:1) B(-1;2:0) C(L:L-2)

Cau 3: Trong khong gian véi hé truc toa do , cho ba diém ,

a) A =(3-1:-1)

b) Toa d¢ trong tdm G 1a

¢) ABAC =%

A (ashic) X X ik .
d) Goi (a:b:¢ ) la tAm duong tron ngoai ti€p tam giac ABC
Gi4 tri bidu the =130 1306+ 75¢ pipg 50

Loi giai

a) Sai
”_—'_'2-_ -
Ta c6 AB={-3-L ]}.
b) Piling
£
G| }:lz—l

Toa dd trong tam G la
¢) bung

AB=(-3:-1:—1) v AC=(-1:-2:-3)

Ta co nén

ABAC=(3) (= 1)+ (—1).(=2) + (-1)(-3)=3+ 243 =8

d) Pung
Taco /(¥:2) 13 tam dwomg tron ngoai tiép tam giac ABC o A= 81 =C1.1=(4BC)
14
V= —
15
| AI" = BF D R e ST L TR
. . T30 L1530 3 o
& {cr = Bl ]
‘x[.éz;ﬁ..!zf‘].éz}:n =773
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Cau 4: Két qua do chiéu cao cua 100 cay keo 3 nam tudi tai mdt ndng truong dugce cho & bang sau:

Chl(i:ll)cao [8.4:8.6) [8.6:8.8) [8.8:9.0) [9.0:9,2) [9.2:9,4)
S6 cay 5 12 25 44 14

Xét tinh ding sai cta cac khing dinh sau:
a) Khoang bién thién ctia mau sb liéu ghép nhém: 1m.

0,=9.15

b) T phan vi thir ba ciia mau s6 liéu ghép nhom 1a:

. ST S G , . AL, =0.28¢
¢) Khoang tr phan vi cia mau so liéu ghép nhoém la: ¢ .

8.4 m. Thi chidu cao cua cay keo nay la gia tri ngoai I¢€.

d) Trong 100 cay keo trén co 1 cay cao
Loi giai
a) DPung

Khoéng bién thién cia mau s6 liéu ghép nhom: 9.4-8.4=1(m)
b) Pung

Co mau 7 =100,

Goi "N 13 mau sé licu gbc duoc xép theo thir tw khong giam.
Ta co:
Loax eSS0k s[RI S . e[BS9 00 s, e [9.009, 2):
Lo, =[9.2:9.04)
I, -
o =lern)e[85:90) ,
T phan vi tht nhat ciia mau so liéu goc la 2 . Do d6, tor phan vi thir nhat cua

100

——(3+12)

o O =854 4—_{k}'.[]—:~;.r<] = hooiod
mau so liéu ghép nhém la: 25
o , lﬂna-rﬁ}e[iﬂﬁll} o

T phan vi thtr ba ciia mau s6 li¢u goc la 2 . Do d6, t&r phan vi thir ba cia mau so

2

_._][][]_[_5 124 25)

0. =90 3 (9.2-9.0)=09,15

li¢u ghép nhom la: H

¢) bung

. , A . X K 1en , , A =0 -0 =0.2580
Khoang tr phan vi ciia mau so liéu ghép nhém la: —~ = =

d) Dung

co R A AN ts et U 0 ¢ AT Wi .or= —1LAA
Giad tri X trong mau so li€u la gia tri ngoai 1€ néu - " hoac - c
=905+ 1,5.0,280=9.579 ro 8804 1,5.0,280 =8485

Hay hodc
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Vay cay cao 8,4 m la gia tri ngoai I¢.

Phin 3. Cau héi tric nghiém tra 1oi ngan. Thi sinh trd 1oi tir cdu 1 dén cdu 6
Ciu 1 Cho ham 6 /= /(1) o /()= (37 100 3) (32500 48) oy i =/ (3)
nghich bién trén khoang (a;b). Trong khoang (a;b) c¢6 nhiéu nhit bao nhiéu gia tri nguyén nhé hon
2024.

Loi giai

Pap s6: .

r= .1
_ 3t —10x+3=0 I
=0 | olr=z
' 3 =255 445 =0 3
o
Cho L 3
Bang bién thién
1 16
T ‘ oc 3 3 3 Foo
f(x) ‘ 0 0 0
(l 16]
Dua vao bang bién thién, ham s y=f (‘) nghich bién trén 33 )
( | Ilé]
Trong khoang 33 coche gi4 tri nguyén nho hon 2024 13 L2:3:4:5

Viy ¢6 nhiéu nhat 5 gia tri nguyén thoa man yéu cu bai toan.
Ciu 2: Mot cong ty ude tinh rang tong loi nhuan P cho mot san pham c6 thé duge mo hinh hoa bang

P(x)=—x"+450x" + 52500x

ham s6 , trong d6 ¥ 13 sb lugng don vi san phdm d6 dugc san xuat va
ban ra. Mirc san xuét nao sé mang lai loi nhuén 16n nhét?

Loi giai
Pap s6: 350.

P x)=-3x 1900y ¢ 32500 .
Tacé =\ ) ,vei x=0

x= 350

o) R
P la)=0e =3 +900x+ 532500 =0 r==—30<0
Cho () N ) .

Bang bién thién
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z |0 350 +00
P'(x) + 0 -

I T
() //aa';zsum

(0 — 0

Vay muc san xuat ¥ =350 gg mang lai 1gi nhuén 16n nhét.
Cau 3: Mot tam gb tron duge treo song song véi mit phang nam ngang bdi ba sgi diy khong gidn xuat

A,B.C

phat tr diém O trén trin nha va lan luvot budc vao ba diem " trén tam go tron sao cho céc luc

F.F.F,

cang lan lugt trén mdi day 04.08.0C déi mdt vuong goc voi nhau va c6 do 1on

|‘r_'| - |;'| - |;_| =15(v) (xem hinh v¢).

Tinh trong luong P cua tAm gd tron d6? (lam tron dén hang don vi)
Loi gidi
Pip s6: 26

Goi A;B; Cllén luot 14 cac diém sao cho OA = F;0B =F; 0C, =F,
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OADB, C.AD.B. 1, hinh nop.

B

1' "1 sao cho

OA + OB, + OC, = OD,

e , 2 DGA;
Lay cac diem 1"

Theo quy tac hinh hop ta co:
F,

CEEF o FSESR e
Do lyc cang " 1'" 2" 3d61 mot vudng goc voi nhau va cd do 1on: nén hinh hop

GA— D‘-E’{- 'C'-’d'-D'-Et- co ba canh OA,0B,0C do6i mdt vuong goc va béng nhau.

Vi vay QADB .CADB
Pvay TR

15J3.

13 hinh 1ap phuong c6 do dai canh bang 15, suy ra do dai duong chéo bang

p-F F.

(T3]

Vi tim gd & vi tri cAn bang nén
o ‘ﬁ‘:‘dﬁ‘:mﬁw}:zaw}
Suy ra trong lugng tam go tron: .

Onyz AG-47).BES3-2).C0250 g

Cau 4: Trong khong gian toa do cho ba diém

i :
cos ABC = —— n

" y6i 1 tbi gian. Tinh M+ 1
Loi giai
Pap sb: 9006

A= (5 -7:9) BC=(0—1:3
Ta co: BA=15 ..I'];H( (o:—1:3)

BABC S04 (—TH=1)+9.3 -~ -

G R R RN Cr i i oo,

cos ABC = cos(BA, BC) =

Suy ra: m=582p=5924

Vay mtn= 524 8924 = 9006
Cau 5: Cho nira duong tron duong kinh 48 =2 va hai diém C, D thay dbi trén nira duong tron d6
sao cho 4BCD 13 hinh thang. Tim dién tich 16n nhét cua hinh thang 4BCD (1am tron dén chit sé thap
phan thir nhat)

Loi giai

bap an: 1,3
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D | C

H 0] B

A e *

Goi H 1a hinh chiéu vudng goc ciia D 1én 4B, I 1a trung diém ciia doan CD vy O 13 trung diém cua

AB pat DH =x 0<x<| Ty osDC=2DI =20H =2\oD — DI =231- 1

. CAB+ CDYVDH ¢ =
5= .-r[l.}: [ } =|:] t ‘u']—'. '-

Dién tich cua hinh thang 48CD 13 B B __
iy Jl— v 1=
! [., = " : ‘
Ta cod . } ‘.Ilr]—_'n.': I [_.'n'}:ﬂe;_x l—v 4+ 1=2v" =0
f=—1{L)
=Vl-x7 (0= = t=—(T\W)
pat (= VT 0051 44 46 phuong trinh tr thanh 2

! :% - ]_ '.I'-: = X =

!
2

Bang bién thién

T 0 g 1
f'(x) + 0 -
f(x) 3V3
0 /'T\l

33

Vay dién tich 16n nht cua hinh thang 4BCD bang 4

]

Céu 6: Mot miéng nhom co6 bé ngang 30 cm dugc udn cong tao thanh mang din nudc bang cach chia
{)i N0z |
I3 \ N 2. X ~ . A , 7 l} \ ~ 7. 9 *
tam nhom thanh 3 phan bang nhau 161 gap 2 bén lai theo mdt géc =/ nhu hinh v& dudi. Hoi
0 bang bao nhiéu dé tao ra mang c¢6 dién tich mat ngang S 16n nhit dé co thé cho nuée di qua nhiéu

nhét? (? tinh theo radian va lam tron dén hang phan trim)
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0/

1[3‘

Pap sb: 1,05

— 10 cm —"|"— 10 cm —=— 10 ¢m —"|

Loi giai

10¢m

Goi tén cac dinh nhu hinh vé duéi ddy, khi d6 dé dién tich mat ngang 16n nhét thi dién tich ciia hinh

thang can ABCD 16n nhét

Trudce hét ta d& thay ADE= BCF =8

— 7 }
Ta Cé :1:;.”3:';I - _.-g.\'l.:l. i -g.:l.slul.

= AEDE+ AE.AB
= AEDE+ 10A4E (1)

4 AD=AB=BC=10(cm)

coAE = 10.sin & va DE=10.cosd , thay vao (1) ta duoc

5 o =100sin@cos @+ 100sind =50sin 26+ 100sin &

, day 1a mot ham sb theo bién ¢

Y S0 ki e 4 o
Xét ham S{#)="50sin 24+ 100sin &

&= 08 2 08
Cé SY@)y=100cos2¢ + 100 cos &

Suy ra 5'(8)=0
= 00 cns 28 + 100 cosd =10
= s 2 =—cosd

< cosld=cos(T+ d)

[20=m+ 0+ k27
F—
|20 =—a-0+ k17
_-!"ﬁ':_-ﬁ.'jf
P - T702
L 3 3
Fia T
D<= (2]*’;‘»{?:7
Vi 2 nén 4
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b3
, 3 _ q l;' -} } g . 0 < ﬁ S - - ,
Lip bang bién thién cia ham © (&) =30sm20+100sn8 e khodng 2 43 théy
sm_x S(d)=5 T |
7 o o=2x105
Vay dé dién tich mat ngang S 16n nhatkhi 3
Hét---- :
uigeli.xyz PE ON TAP CUOI HOC KY I
PE 1 NAM HOQC 2024-2025
MON: TOAN 12 KNTT

Phan 1. Céu héi trac nghiém nhiéu phwong an lwa chon. Thi sinh tra 161 tir cdu 1 dén cau 12. Moi
cdu hoi, thi sinh chi chon I phwong an.

R T N BV 'y BRI, I I ,
p= ) =2 =9 - 2d ]nghichbiéntrénkhoéng:

Cau 1: Ham s6 -
A ) B. (714, c. (=4, p. (),
Loi giai
Dap an dung la: B

Tap xac dinh ctia ham s6 1a 0.

Ta ¢6 .lrrl:'.}z b —lhr—24 : ;’r[l.}z 0= v =—1 hOéC X:4.
Béng bién thién ctia ham s6 nhu sau:
] — 00 -1 4 + o0
fi(=) + 0 — 0 +
14 +00
f(=)
o -111

Can ctr vao bang bién thién, ta thdy ham sé di cho nghich bién trén khoang (_l; 4) .

Ciu 2: Cho ham s * = %) c6 b thi nhur hinh duoi day.

¥y A

'}

VLY

uigeli.xyz Trang 113




uigeli.xyz
cr o1z £, \ £ g~ A [*1;1] \
Gia tri 16n nhat cia ham so da cho trén doan la:
A. -1 B. 0. C.l. D.2.
Loi gidi
Dap an ding la: C
max (r)=f(0)=1

Cén ctr vao do thi trén, ta thay "

. oA v=Ax) e DV s ‘ .
Cau 3: Chohamso = xac dinh trén va ¢6 do thi nhu hinh dudi day.

VA

=Y

Phuong trinh dudng tiém can dimg va phuong trinh dudng tiém can xién ciia d6 thi da cho 1a

A Y=ly=—x B. x=—Ly=x c. ‘=ly=x p. ¥=Ly=-2x
Loi giai

Dap an dung la: A

Quan sat hinh v&, ta thay:

Puong thang * = 13 tiém can dung cta do thi ham s6 da cho.

Puong thang ¥~ " 13 tiém c4n xién cua dd thi ham sé da cho (¥~ " 1a duong thing di

qua géc toa do va di qua diém c6 toa do (1;_ 1)).

. ¥
ax+2 .
V= — (a.be )

Céu 4: D6 thi hinh duéi day 1a ciahamsé ~ ©+ D . Khi d6 tong 2+ bing
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yA

O
/w

A. 2. B. -1 c. Y. D. 1.
Loi gidi

Chon A

Do thi c6 duong tiém can ding X = I Suy ra b=-1

D4 thi c6 dudng tiém can ngang ¥ = 1. Suyra 4 ="1.

Vay ¢ +h=-2

Céu 5: Cho hinh hop ABCD.A'B'C'D" Tim vecto w=AB+ AD 1 CC'

A u=AC B. u=AC" c.u=A4AC p.u=C4d
Loi giai
Chon B
B C
1
|
AT~ . D
L |
St
! \\\
5
II \\\
Baooodooao Heod
A D’

Theo tinh chét hinh hop, ta c6: CC=dd"

Suy ra: #=AB+ AD +CC'= AB+ AD+ A4' = AC’

7 ‘c‘f‘Z‘b|=2

CAu 6: Cho hai vecto @ va © théa min diéu kién va @b=4 P dai vecto 44 —b bang:

A. 64 B. 0. c. 8. D. 36

Loi giai
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Chon B
d

da—bl =(4a=h) =10a —Sab+b =10 —8ahi|p] =102 8442 =30

Ta co:
4[;—a'5|:ﬁ:h

Céu 7: Cho tir dién 4BCD Goi M va P lan luot 1a trung diém cta cic canh 4B va CD . pjt

—

AB=b AC=c AD=d Khang dinh nao sau day dang?

e L = ST T
MP=—c+d+h) MP=—(d+bh-c)
A. 2 | B. 2 .
R SN 1P
MP=—|c+bh—d) MP=—|c+d—h)
C. 2 g D. 2 g
Loi gidi
Chon D

P

2437 = 4
)

‘ 7 eI
Vi M | P lan luot 1a trung diém cia 4B | CD l‘“‘ AD = Al

Ta co:
L o [ DRSS - 1~ 1= 1I;~ = =
MP=MA+ AP =-AM + AP=——AB+ —[.4( - .4;*.}}:——&1 b=t =l =—|:[' td —h)

2 2 : 2 2 2 2° :

A Q. A . A ~ Oxyz a=—i+2]-3k A a 13
Cau 8: Trong khong gian véi hé truc toa do ", cho vecto . Toa do cua vecto ¢ la
A (F2-1-3) g, (F3:2:-1) c. (2=3-1) D. (-1:2:=3)
Loi giai

Chgon D

Do dé @=—i+2j-3k=(-1:2:-3)

Cau 9: Cho hinh 1ap phuong ABCDAB'C'D' ¢4 canh bing 2. Vi hé toa 46 P duoe thiét 1ap nhu
hinh bén dudi, toa d6 diém B’ 1a
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Cau 11: M6t miu sd liéu ghép nhom c6 tir phéan vi 1a ¢

uigeli.xyz

z

= D'
B’ C!
b D
A ¥
"
C
A B'(0:2 0) . B'(2:2:2 c. B'(2:2 0) D. B'(2:0:2)
Loi giai
Chgon D
Véi B'(2:0:2)
. . s A(-L-13) B(0:2:0
Trong khong gian v6i hé truc toa do Oxyz , cho ba diém A=k '}, ( ) va

5.2 .
C( 1). Tim toa do cua diém D sao cho t&r giac ABCD 13 hinh binh hanh

A, (FH-54) . (4-5:4) c. (45-4) D.

(—4-5-4)
Loi giai
Chon B

—f = S - SN TR
Goifﬁ_[”th_}_éfx_ (3—x-2-l-2)

AR =133
o AB=(1:373)

v =4
y=—5= D(4-54)
=4

(5-x=1

-2-y=3&

AB= DC =

|—--=-3

ABCD 13 hinh binh hanh nén

:4, QE:G, Q3:9.Kh0éngt(1’phﬁnvi cla

mAu s6 liéu ghép nhom 1a bao nhiéu?

A. S B. 4 C. 0 D. °
Loi giai

Chon A

5 ’ A . 5 X K 1A N } — _I;I = L;I_ — 5
Khoang tr phin vi ciia mau s6 liéu la: 0, -0, 4

Cau 12: Mot siéu thi thong ké s6 tién ma 44 khach hang mua hang & siéu thi d6 trong mot ngay. S6

liéu duoc cho ¢ bang sau:
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Nhom Tan sb
[40:45) 4
[45:50) 14
[50;55) 8
[55:60) 10
[60:65) 6
[65;70) 2
n=44

Phuong sai ciia mau so liéu ghép nhom trén la:

A, 232 B. 401 C. 30 p. 11

Loi giai
Chon B

S6 trung binh ctia mau sb liéu ghép nhém la:

= 442,54 14.47,5+8.52,5+ 10.57,5+ 0.02,5+ 2.07,5 _ 385
h 44 1
Ta co:

(o 88V 588 R (__ S8SV o Essy
40425~ | +14.047.5- | +8./52,5- | +10.] 57,5 | #0025 |

\ BN, \ 11 ' 11 \ 1 ' 1

o2/ 67.5-222 ]
\ 11
~2029,(54)
. 202905
< 5 =— 4 = 40, |

Khi d6 phuong sai cia mau s6 li¢u ghép nhom trén 1a 44

Phan 2. Tric nghiém lwa chon ddng sai. Thi sinh trd 16i tir cdu 1 dén cau 4. Trong méi y a), b), ¢), d)
0 moi cdu, thi sinh chon dung hodc sai.

Cau 1: Cho hinh hop chit nhat ABCD.AB'CD" g do:
w AD=BC

by AB 1 B+ (=D,

o Ci=CF Gl A,

d) Goc gitra hai vecto AD v3y AB béng 45°,

Loi giai

a) Sai b) Sai ¢) Pung d) Sai
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B ko
|
k*‘““~L_ﬁ_
! ‘-‘-"‘_
g:'— —————————————— S C'
A' a D'

_vi ABCD.A'B'C'D" 13 hinh hop chit nhat nén 4 PCB’ 13 hinh binh hanh.
Do do, #P = FC.

Ma hai vecto B'C va BC' khong cung phuong nén hai vecto A'D va BC cling khéng cung phuong.
Vay y a) sai.

— Do ABCD.A'B'C'Y 13 hinh hop chit nhat nén ta co 4 4=CC

Ap dung quy tc hinh hop cho hinh hop chit nhat ABCDAB'CD" 5 co:

CA=CB+ D'+ CC=CB+ D'+ 44 vay § o) dimg.

s (AD, AB\={A'D', A'5")= 8D =90°
—Tacd AD=AD" nén [ -' [ -' . Vay y d) sai.

ian v6i hé toa do OF - =3k 4]
Cau 2: Trong khong gian véi hé toa do Oxyz, cho hai vecto & = 3 -4 va

."]-:J—J,'J—"IJ,'J:—EJ P2 ,
(= A= Omn® = 3m D v6i ™ 12 tham s6.

2) Toa do a= 1\[:_1:—4}-

b) Dung diém 4 théoa man 94 =a thi diém 4 co toa do (l:'_4.’3).
¢) Ton tai giatricua " va 1 dé b=0,

d)Néu @=b thiy m+n=9,
Loi giai

a) Sai b) biing ¢) Sai d) bung

a) Sai: Toa do 4= “"_1"3}.

.94 5 ~ .2 A(1:—4:3
b) Pung: Khi O4=4a thitoa dd ¢ ciing la toa d6 diém 4. Suy ra (14 ).
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m—n=10 =1
h=0cdm—tn=0 = n=10
Lr'—_‘#an-ﬁ:ﬂ n—3m+2=0

¢) Sai: . . (v0 nghi¢m).

Vay khong ton tai """ dé b=0 .
[ —n=1

[|'-:.'IZI--J;_X l_].,l”—(ﬁ”:_;]_ ,"_.XIJI

1 =1 -
. n—3m+2=3 o —
d) bung: : .Suyra m+n=9,

Oxyz A=20=3), B(—4 L-1).C(—4—4:1)

Cau 3: Trong khong gian , cho tam giéc ABC ¢

a) Goc 4 1a goc nhon.

b) Toa do diém £ d6i xing véi 4 qua B 1a (—6:_2:_1).

J26

¢) Po dai dudng phan giac trong goc 4 1a 3

of M(a:b:c)

d) G thudc mit phing (092) Ga cho M+ MB dat gia tri nho nhat. Khi do

Loi giai

a) DPung b) biing ¢) Sai d) Sai
a) bung
P PR ”_::'_’1._ .
Taco: AB=(-212).4C=(~2-4:4)
= cos A = cos | AB. AC|= % _2 =~ 0= A
' / |.4ff|_|.4c‘| 9

la gbc nhon.
b) Bing

E d6i xtng voi 4 qua B nén B 1a trung diém cua AE

X, TAa
L) —_
5
- V.. = 11';5 - .'l.':
_1' { _1 Ly
=P, = = v.=2v, - = Fl-0:200)
B ‘ . & !
& oA B
- - - — ——pn =
I, = 3

¢) Sai
Goi AD la duong phéan giac trong goc A
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. DB AB l DC - Dk
Ta cé: AB=3AC=0"pr 4c 2 =L
| ..II-:- - ..Il-l.: = _j |: II-" - ..II-|.: } r‘l ] r‘l ﬂl
p |"' & i 2 'I_I:"I
= —r,==2lr, -1, )= f.?'i ~di——i—— = AD=
' S x 3003 3
‘_‘ _:-'==_1[::'1_:. }

Vi Me{thz)=a=0=M([0b)

Taco: 4B nim cung phia ddi véi (Oyz) .

1y @A dA: : (=)= A'(2:0:-3
Goi 4’ 1a diém d6i xing véi 4 qua (Ovz) = A{2:0:-3)
Khi d6: MAd+ MB=MA"+ ME= A'B
Do d6: MA+MB dat GTNN khi > 5 thing hang.

FB = (—6i12), AN = (2ihre )

h=—
- b 43 3
== = —
12 ‘ 7
‘ , c=-=

|'z ] H'
M ——— |;“> a+h+c==-2
R

vay -
Ciu 4: Mot ctra hang thong ké vé s6 tién (don vi: nghin dong) ma 50 khach hang mua nuéc giai khat

trong mot ngdy. S6 liéu duoc cho & bang sau:
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Nhom Téan s6
[15:20) 4
[20;25) 15
[25:30) 19
[30:35) 7
[35:40) 5
n=>50

Xét tinh dang, sai ctia cac khang dinh duéi day:
a) Khoang bién thién ctia mau s6 liéu 1a 20.

137

b) 6 (nghin ddng).

c) Q=29 (nghin dong).
401
d) Khoéang t&r phan vi ctia mau s6 liéu 1a 57 ( nghin d6ng).
Loi giai
a) Sai. Vi khoang bién thién ctia mau s6 liéu la: 40-15=25
b) bung. Vi:

. Z ‘25
Nhom chita tir phan vi thir nhét 1a: 1202

50

. 137
0, =20+ 2 (25-20)= =L

Khi d6: 15 0
¢) Sai. Vi:
Nhom chira tir phan vi thit ba 1a: [2+30)
3,50
—— (4 + 15} 1135
O =25 (30-25)="22 09
Khi dé: 19 28
1135 137 401

-0 = —— — = —

d) Blung. Vi khoang chira tir phan vi la: 25 0 2

Phin 3. Cau héi tric nghiém tra 1oi ngan. Thi sinh trd 1oi tir cdu 1 dén cdu 6
h

V= x4+ -1 —
Céu 1: Cho ham s6 ¥ +1 66 db thi nhu hinh v&. Biét tam déi xtmg cia db thila £ (751,

Hoi gid tri ctia bidu thie S =44+ bing bao nhidu?
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v

Tra loi: 2

o
1=

|.:.'=]
! P

.i:[] |.l']=—j
5 |

h (0:=2)(L:0)=
. Y=+ — 7 l”
P4 thi ham sb ©+1 di qua cac diém
=da+bh=41-2=2
Céau 2: Hai sinh vién Thanh va Linh ri nhau mé mot cong ty van tai taxi dién ( S dung ngudn cung
san co trong nude v6i nhidu vu dai khuyén khich phat trién loai phuong tién nay). Hai ban Thanh va
Linh dy dinh st dung khong qua 10 xe. Néu cong ty sir dung t6i da thoi gian hoat dong ctia X xe dién

v=10, xe Dixv)=x —4597 + 5303005 + 30000

trén (1 = ) thi doanh thu nhan duoc cia sé xe do 1a
( triéu dong), trong khi chi phi nap dién, bao dudng, phi cau dudng,thué va thué nhan cong lai xe. binh

20000
Cla)=3r0+ 3004

quan cho moi xe la

( triéu dong). Hai ban Thanh va Linh can uu tién tdi da cho bao nhiéu xe hoat dong thuong xuyén dé loi
nhudn cong ty thu dugc 13 16n nhat?

Loi giai
Tra loi: S

20000 .
0+ = 3x 4 300x + 30000

Chi phi hoat dong cho * xe dién la:
( triéu ddng).
Loi nhuén cua cong ty dugc tinh b?mg doanh thu trir cho chi phi dau tu.

T [ )= Dlx)—xC [-} l<x<l10 Xel

Suy ra, lgi nhudn cta cong ty la: ( triéu dong).

T(x)=(x" —4597x + 50300 + 30000 )= (357 + 3000+ 30000 ) _ o 400047 1 50000

T'(x)=3x" —9200x + 50000
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| ‘ ¥, =3001,22221 8 [1:10]
Tx)=0e 30 =9200x+ 30000 =0 =
' v, o= 5, 444448485 [1:10]

BBT:
x |1 5 5,444448485 6 10
T'(x) + ! + 0 — L=
| 136030,5 |

13512

. suy ra dé loi nhuan cta cong ty thu duoc 14 10n nhat thi can wu tién t6i da

Tir BBT, két hop voi * €
cho 5 chiéc xe dién hoat dong thudng xuyén.

Cau 3: Cho hinh chép S-4BCD ¢g day ABCD 13 hinh chit nhat. Biét 4B =3, AD =1 SAL(ABCD)

va SC tao véi mit day mot goc 45°  Tich vo huong cua hai vecto SC.CA bang bao nhiéu?
Loi giai
Pip sb: -10.

SA L[ ABCD)

nén hinh chiéu cua SC trén m‘”l';IBCD} 1a AC

Vi suy ra goc gilra SC va mat day la
SCA=45

Ta c6: AC=\aB" 1 BC = v'r_ SA=tan45° 4(_J_n S =S4

(SC.CA)=180°~(ES.CA) _g0e_ e 1350

SC.CA= SC.CA.0s(SC.CA) _ 5[5 J10.c0s135° = — 10
Cau 4: Mot cong ty xdy dung can xac dinh chiéu dai ciia mot soi dy cap ndi giira hai diém cao trén

< 3R 1L asi 1A A - n \ ‘,A,q»-,A‘J.B’:S:l?-\‘
hai toa nha dé lap dat h¢ thong dién. Toa nha thir nhat c6 dinh & vi tri ( ) va toa nha tha hai co
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. W e, 8(8220‘} ~ . y e 1A ~ Oxyz , A 3 ’ e A
dinh & vi tri trong khong gian voi hé toa do = (céc toa d) tinh bang mét). Hdi cong ty
can chuan bi soi day cap co6 chiéu dai t6i thiéu 1 bao nhiéu mét dé ndi hai dinh tdoa nha(lam tron dén
hang don v1)?
Loi giai
Tra loi: 10

Chiéu dai tdi thiéu soi dy cap twong tmg véi do dai cua vecto 4B | duoc tinh theo cong thirc:

AB = J[j.w—?.}’ C(2-5) 1 (20-12) =P8 = 10

Ciu 5: Trong khong gian véi mot hé truc toa d6 cho trude, Radar phat hién mot chiéc may bay di
chuyén véi van toc va huéng khong doi tir diém AB00:500:7) g4 gigm B(940:350:8) trong 10 phut.
Néu may bay tiép tuc giit nguyén van toc va hudng bay thi toa do ctia may bay sau 10 pht tiép theo 1a

D(xiv.z XV N i a
() ).Gla trj YTV bang bao nhiéu?

D

B./

Loi gidi
Tra 1oi: 1689
Goi D(x332) 14 vi tri ctia may bay sau 10 phit bay tiép theo. Vi hudng cta may bay khong ddi nén
AB v3 BD cting huéng. Do van tdc may bay khong ddi va thoi gian bay tir 4 dén B bang thoi gian
bay tir B dén D nén 4B =BD Do do, BD=AB= (140:50:1)

|.-.-—L:'4n:14n ! 1050

P —S550=50 = 1 =000
”_— v — e SR - — 2 :—;"'.Z] l::'-} O St
Mit khac: B0 = (r=94000= 5502 = 8) o | | = D(1080:000:9) 7o o0
d6 ctia may bay trong 10 pht tiép theo la D(1080;000:9) Suyra ¥ TV I 1689

Ciu 6: Dé danh gia chét lugng mot loai pin dién thoai méi, nguoi ta ghi lai thoi gian nghe nhac lién tuc

cuia dién thoai dugc sac day pin cho dén khi hét pin cho két qua nhu sau:

Théi gian (g10) [5:5.5) | [5.5:6) |[6:6.5) |[6.57) |[7:7.5)

S6 chiée dién thoai (tan s6) 2 8 15 10 8

Tinh d6 1éch chudn cta mau s liéu ghép nhom trén (két qua dugc lam tron dén hang phan trim)

Loi giai
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Chon gié tri dai dién cho cac nhom s6 liéu, ta co:
Thdi gian (gid) 5.5.5 [5.5: [6:6.5) [6.5.7) [7:-7.5)
Gii4 tri dai dién 5,25 5,75 6,25 6.75 7.25
S& chibc dién thoai | 2 8 15 10 5
(tin s8)

Thoit gian trung binh nghe nhac lién tuc cua dién thoai la:

x= ]—'5.15.1 FA,7384 0,25 153+0,753.10+ 7,23.5)= 0,35
40
Phuong sai ctia miu sé liéu 1a:
7,25.5)- 6,35 =0,2775

L (5,252 5755

40

Do Iéch chuan ctia mau so liu la:

uigeli.xyz PE ON TAP CUOI HOC KY I
NAM HOQC 2024-2025

PE 11

Phin 1. Ciu héi tric nghiém nhiéu phwong an lwa chon. Thi sinh tra 10i tir cdu 1 dén cdu 12. Moi

cdu hoi, thi sinh chi chon 1 phwong adn.
A \ L Vv=L(x) .. A \ s e ‘A
Cau 1: Cho ham so - /() lién tuc trén | va c6 bang bién thién nhu sau:

x| - -1 1 +x
+
(% 3 _—
|
Ham sé da cho nghich bién trén khoang
-2:1) B. (0:1) C. (0;3). D. (l;+oc-).

a CFD) .
Loi giai

Y S foana o (=LL) (e (- 1)

Dua vao bang bién thién ta thay ham so nghich bién trén va't T :

D ov=f(v = 2e=1%v+ 1 ._I._.‘._]' = B
Cau 2: Cho ham sb /() c6 dao ham )=t I I }. Ham sb * /() co gia tri
16n nhét trén [_2;1] bang
i
A (2) g /(1) ¢ 0
Loi giai
Trang 126
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[=J ISR

1
L o 1-’:f'(.r) A ep e, A, oA [*2;1] 3 f{EJ
Tu bang bién thién cia = ta thay c6 gia tri 16n nhat cua trén bang .
v=2xr+ 14 b

Cau 3: Duong tiém can xién cua dd thi ham s6 v=1¢o phuong trinh la

AL .1;:‘\‘—1. B ‘1=:2.\:+1_ C. ‘1=:2.\"—1' D. x=1

lim [ = (264 1)] = lim —— =0
Taco " HE

I

n . e P £ I - , . r=2x
Vay dudng tiém can xién ctia do thi ham so6 x—1 ¢6 phuong trinh ' = =¥ L

Céu 4: Hinh v& sau day 1a dd thi cia mot trong bén ham sb cho & cac dap an A.B.C.D Hoi d6 1a ham

s6 nao?
»>
X
= v _ L _ 4 2
= — 1= 1 { i = i — 4
A Xo+3x B 2x+1 Cc. V=Y ok p. V= 43

Loi giai
Tir d6 thi ta thiy hé s6 @ >0 nén loai dap an A.
Mat khéc ta thay do6 thi di qua diém ¢ (O’ O) nén loai B.
Lai c6 dd thi nhan X = I 13 diém cuc tri nén dap an la C

Cau 5: Cho hinh tir dién ABCD ¢4 trong tam G Ménh dé nao sau day sai?

1l — —
S OG=—[04+ OB +0C+0D|
A, GA+ GE + G 4t :

N T, S I
AG==|AB+ AC+ AD AG=—|AB+ AC+ AD
3 g D. + g
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Loi giai

c6 G 1a trong tdm cua tir di¢n ABCD pep:

N -
— e e — e .r!(;:—[.r!b’ + ACH .fmp
GA+ GE+GC+G=0 = 4G4+ AB+ AC+ Afbr=10 4° :

2 :0:3 2:3: -3:1;2
Cau 6: Trong khong gian Oxyz’ cho tam giac 4BC ¢6 cac didm A(L0; ), B(“"J"_ﬂ, C(=31 \)
Tim toa do diém D sao cho tir giac ABCD 13 hinh binh hanh.

A D(4:2:9). g D {_3;4;—5)_

(A ¢
C. D(-4; H,}].

D. D(6:2; —3).

Loi giai

(yiz)= CD=(x+3}y—Lz=2 34 =(—1:-3;7
Goi D(x.y:z)=CD=(x+3y-Lkz=2) . BA=(-L-37)

Ta giac 4BCD 13 hinh binh hanh khi va chi khi:
= O~ -2:9)

Cau 7: Trong khong gian véi hé toa dd Oxyz, cho hai diém A(]: I 1) , B(3:' 9 _2). Tinh do dai 45B.

A. 26, B.22. c. V22 p. V26
Loi giai

AB=(23-3) = AB= 27 + 3 +(-3) =22

CAu 8: Cho hinh chop S-48C  day ABC 13 tam gidc vuong can tai B,94 vudng goc véi mit day.

, q SA+ SB + SC+ AM
Biét 48 =54=2 Goi M 1a trung diém BC  Tinh | ?

A. 3. B. 9. C. 4. D. 6.

Goi G 1a trong tim tam giac 48 C.

Ta cb: SA+SB+SC=5G+GA+SG+GB+5G+GC =3SG
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Suy ra:

|_<.~§‘.?i ' SB 4 SC .Jzﬁﬁ|:|3_<§r.? - 3{’;1#F|: |_‘~f_a"_i};|:35;_w: 3JSAT ¢ AM = 3JSA® + AB” + BM® =09.

Cau 9: Trong khong gian véi hé toa do @7, cho hinh chép S-ABCD | day ABCD 13 hinh chit nhat.

. A(0:;0;0 2:0; 0:4:0) S(0:0:¢ ) .2 , .
Bieét 1(0:¢ (),D( 0 0),8“ 4L),S(( ¢ 4). Goi M 1a trung diém cua SB va G 13

trong tam cua tam giac SCD  po dai MG 13
2443 246
A. 3. B. 2. C. 3 D. 3

Chon hé truc toa o nhu hinh vé: (\U.O.U)’D(_.0.0)’B(\U.{ u)’S(o.u.Jf)_

2 — i . .}l }
M 1 trung diém cta S8 — M (%22

J4 4 40
=G| 377
G la trong tam cua tam giac SCD 3 3
i 27 I_, |
MG = 'i_n| .'i_g| .i_1|:-u’5
5 dai MG 1; I A R A 3
bo dai la '

A L : , 1= (5:3-2) L h=(m-lLmi3) ., S
Cau 10: Trong khong gian @Y7 | cho cac vec to * \ Jya b=l 3) o6 pao nhieu gia

tri nguyén duong ctia 7 dé goc gitra hai vec to ¢ va b 1a gbc tu?

2. B. 3 c. l. D. 5.

Loi giai
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i~ v oah Im—9
cosfar h)= =

) |u _,']'| SASA 2w v am 10
Ta co .

. . - - ) o Cos a: b , S0 3m—9< 0 ma 3
Goc giita hai vec to @ va b 1a goc ti khi va chi khi i :

— i1 91
X R N meqls 20 R W
Vi " nguyén duong nén S Vay c6 2 gia tri /' thoa man yéu cau bai toan.
Céu 11: Piéu tra vé sd hoc sinh trong 100 16p hoc, ngudi ta chia mau s6 liéu d6 thanh 5 nhom can cr
vao sb lwong hoc sinh ctia mdi 16p (don vi: hoc sinh) va 14p bang tan sé ghép nhoém bao gébm

cd tan so tich iy nhu sau

Nhom Tan s Tan so tich liy

[3638) 9 9

[38:40) 15 24

[40;42) 25 49

[42:44) 30 79

[44:46) 21 100

n =100

Tt phan vi 0, bang
A42.01 B, 4175 c.42.07 D.4L8S

Loi giai
noo 100
S=— =50 [42:44) - .
Taco = - .Nhom ! ™" " /1a nhom dau tién co tan so tich lity 16n hon 50
:'? S0—-497

| d =42+ |- 2=42.07
n, | A TV .

Cau 12: Piém kiém tra 15 phit cta 36 hoc sinh 16p 11A duogc cho boi bang tin s ghép nhom sau:

Nhom diém Tin so
[1:3) 3
[3:5) 2
[5:7) 10
[7:9) 14
[9;11) 7
n=236

D6 1éch chudn bang ghép 16p trén 1a gia tri nao sau?
A, 4,45. B. 3,61. C. 4,29‘ D. 3,85.
Loi giai
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Nhém diém Tin s6 Gia tri dai dién
[1;3) 3 2
[3:5) 2 4
[5:7) 10 6
[7:9) 14 8
[9;11) 7 10
n=236
- 324244 ..47.10

O s S e B —_ I (T IV 4+ T(10=T. 11}
=\I (i —x) +ngx, —x) n,|x, —x) =\/-..[__ ) 71070
" 36

Phin 2. Tric nghiém lwa chon ding sai. Thi sinh trd 10i tir cdu 1 dén cau 4. Trong méi y a), b), ¢), d)
0 moi cdu, thi sinh chon dung hodc sai.
__ax+b

Caul: Chohamsé  X+¢ (@P:¢€11y 06 43 thi nhu hinh dudi.

Y

-3

a) Puong thing X = I1a duong tiém can ding cua dd thi ham sb.
b) Ham s6 dong bién trén timg khoang xéac dinh.
¢) Ham sb dat gia tri nho nhat bé’mg —2 trén doan [72; 0] .
d) Cac sb a.b.c 43y am,
Loi giai
a) bung.

Tt dd thi ta thdy ¥ =1 1a duong tiém can ding cua dd thi ham sd.
b) Sai.

uigeli.xyz Trang 131



uigeli.xyz
Tur 0 thi ta thay do thi di xudng nén ham so nghich bién trén ting khoang xac dinh.

c¢) bung.

Z ‘ [72- ] mjn r=p0)=-2
Do ham s6 nghich bién trén doan L ™" nén [

d) Sai.
Tur dd thi ta ¢6 TCP la duong thing ¥ =1 = 11c=0=c=~1

TCN la dudng thing ¥ = 1= a=-1

Db thi cit truc Oy tai diém (0;-2) = h=-2c=2
A \ )= =37+ 2
Cau 2: Cho ham s6
a) Bang bién thién ctia ham s di cho 1a
o - % 0 2 + o0
J'(x) + 0 - 0 +
2 + o
- / \ /
—_ w _2
f'(x)=3x" -0

b) Pao ham cua ham s6 di cho 1a
¢) Gia tri 16n nhét ctia ham sé di cho trén | bang 2.
i ( .\') =m

Loi giai

. e(—2:2 ) )
d) Véi mdi gia trj cia = 7 ) phuong trinh - c6 ba nghiém phan biét.

a) Dung.
Tap xéc dinh: D=1

v=0=
. . : y : flr)=0e 3 —or=0<
N R R DL, R v l=3v — A . _ .
fla)=x' =371 2= f'(x)=3x"—ox =2=
lim v =t
T — 0 0 2 + o0
J'(x) + o - 0 +
2 + o
1 (x) / \ /
— 0 -2
b) bung.
(= v — 3 2 — T e =2 — Ay
Tacs | (F)=x =377 12=f'(x)=3x"~0x.
¢) Sai.

uigeli.xyz Trang 132



uigeli.xyz

Tir bang bién thién ta thdy ham sb da cho khong c6 gia tri 10n nhét trén | .

d) blng.
Ta co
z — 0 0 2 + oo
S(x) + o - 0 +
2 + o
S (x) PN el

e . 4 o \ < ) = J A . \ A
S6 giao diém cua dudng thang ¥ =" v6i do thi ham sd

trinh 7 ()= Vay tir béng bién thién ta théy phuong trinh c6 ba nghiém phan biét khi

y=m

— 0

! |:..".'}=.".'.—3.".': +2 0 % ‘A )
- la s6 nghiém ctua phuong

—2 a2,

Cau 3: Cho hinh hop chit nhat ABCD.A'B'C'D' oo AB=2a. AD=3a. Ad=4a

a) AA'+ AB+ AD= AC"

b) AA-AD= 124"

o |.JEE - AD c"'ﬁ|: a~29

d) Goi H 1a trung diém cta 4'C . Khi do

a) bung.

A’ D’
B’ e
4, ,,,,,,,,,,,,,,,, D
B C
R S
AH -DE = :n’"

Loi giai

Tacé: VT=ACtBA=AB+ BC+ BA=BC= AD

b) Sai.

AA"-AD =0 haj véc to vudng gbe nhau

|.sz;= CAD a:"’f’|=|.ézt': - c’f’|=|.r'zt“|=.4("=J.4c‘-* CCCT = a7 197 H10a” =a 29
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Thiét 1ap h¢ toa d0 nhu hinh v&

. D’
B’ : ~
7 S N
2% D Yy
Bi
c
&£
. A(0;0,0) . A'(0:0:40) . C(2a:3a:0) . B(2a:0:0) D(0:3a;0) H| 52
Khidotaco ;0 ; : R .2
— f 3” ! e e L;I -
AH =\ a:—:2a | —= AH DB =-2a" +Za’ =Z4°
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Ta co: o2 /s D= (e }.Vay 2 2

Céu 4: Thong keé thoi gian ( don vi: phat ) tap thé duc budi sang mdi ngdy trong thang 4 nim 2024

cua An cho két qua nhu sau:

Thoi gian (phut) | [15:20) [20:25) | [25:30) | [30:35) | [35:40)

So ngay 5 4 10 7 4

a) Khoang bién thién ctia mau sé liéu vé thoi gian tap thé duc budi sing mdi ngay trong thang 4 nim
2024 cpa ban An la 25

b) Nhom chita ttr phan vi thir nhdt 1a 1230

¢) Khoang tir phan vi ctia mau s liéu vé thoi gian tap thé duc budi sang mdi ngay trong thang 4 nim
2024 cpa ban An la 9’375.

36,14 (két qua duoc 1am tron dén hang phan tram).

d) Phuong sai ctia mau sd liéu 1a
Loi giai

a) bung.

Khoang bién thién cia mau sb liéu vé thoi gian tap thé duc budi sang mdi ngay trong thang 4 nam

2024 cua ban An la 40-15=25

b) Sai.

C& mau la: 30,

Goi YooY 1y mu sé liéu gdc vé thoi gian tap thé duc budi sang mdi ngay trong thang 4 nim
2024 cua ban An da duoc sap xép theo thir ty khong giam.

Tt phan vi thir nhit cia mau s6 liéu goc 1a *s nén nhom chua tir phan vi thir nhit 1a nhém [20:25)
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c) bung
;" .30 |
| —-5
0=20+ % 52325
Ta co 4
T phan vi thr ba ctia mau sé liéu gbe 13 *2 nén nhom chira tr phan vi thir ba 13 nhom BY:33) vata
(330 %
| =——-19|
030 % J5_35
co
, PSR S SN , A =0 -0 =325-23125=9375
Khoang tr phan vi cia mau so6 liéu ghép nhémla = = =
d) Sai.
Chon gia tri dai dién cho cac nhém sé liéu, ta c6:
Thoi gian (phut) | [15;20) [20;25) [25;30) [30:35) [35:40)
Gia tri dai dién 17.5 22.5 27.5 32,5 37.5
S6 ngay 5 4 10 7 4
Thoi gian trung binh tap thé duc budi sang mdi ngay cia An la:
= - oo e - 83
x=—(17,535+22 54+ 27,510+ 32,57+ 37, 54)=—
30 3.
Phuong sai ctia mau s6 liéu la:
FR3 Y §
¢ = (1755422544 27.5.1043257437.54)- | 2 | 2 B2 (3914
30 SR B B 1
Phin 3. Céu héi trac nghiém tra 10i ngan. Thi sinh tra loi tir cau 1 dén cdu 6
Cau 1: Mot chat diém chuyén dong c6 quang duong dugc cho bdi phuong trinh
B T
sit)==0 —=t 42 =7 . . )
6 3 , trong d6 £ > 0 v¢i  tinh bang giay )5 tinh bing mét ™) . Van téc

4]
chuyén dong cua chat diém tai thoi diém chét diém c6 gia toc chuyén dong nho nhat 1a & voi a,bell
a
va b 1aphan sb t8i gian. Tinh 1 =2a-3b
Loi giai
Dip sb: 47.
,1

Covlt)=s =20 = A0 Lo
Ta c6 van toc .

100=2(t-2y+2=

Gia the alt)y=1ey=20" =8 + 2
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Gia td¢ nho nhit bang 2 khi =2, Khi d6 3
=T =2 -3h=2.28-33=47

Cau 2: Cho mau s0 liéu ghép nhém ve thoi gian (phut) di tor nha dén noi lam viéc cia cac nhan vién

mdt cong ty nhu sau:

Thoi gian | [15:20) | [20:25) | [25:30) | [30:35) | [35:40) @ [40:45) | [45:50)
S6 nhan vién 6 14 30 25 22 15 8

Tim khoang tir phan vi ciia mau s6 liéu trén.
Loi giai
Dap s6: 11,7.

Comfu: 1= 0141304254 2241518=120,

Goi Mt t20 1y mau sé liu gdc gém sb nhan vién cua cong ty dugc xép theo tht tu khong giam.
Ta  cb: v, e[15: 20), i, e [20:25 ). Wiy € [25:30 ), X e [3[]:35};
. e [3540) wix L e[40:45) ) xnix, £[45:50)
L, e[25:30)

T phan vi thir nhat ciia mau so li¢u goc la . Do d0, tir phan vi thr nhat ctia mau so

_o30-20 _ 80
(=254 S=—
- a0 3

liéu ghép nhém la:

v, € [35:40)

T phén vi tht ba cta mau s liéu gocla ™ . Do do, tir phan vi thr ba cia mau sb liéu

90— 75 545
0. =354 30 __“5:‘\—1_“
ghép nhom la: 22 22

, ) , A+ o X A 1:a . . \ 2o 19
Ta c6 khoang tir phan vi ciia mau so liéu ghép nhom la: 223

Céu 3: Ban Chi rat thich nhay hién dai. Thoi gian tdp nhay mdi ngdy trong thoi gian gan day cta ban
Chi duoc théng ké lai & bang sau:

Thoi gian (phat) | [20:25) | [25:30) | [30;35) | [35:40) | [40.45)
S6 ngay 6 6 4 1 1

Phuong sai ctia miu s6 liéu ghép nhom c6 gia tri bang bao nhiéu? (1am tron dén hang phan chuc)

Loi giai

bap s6:31:3.
. 0.22,5+0.27,5+4.32,5+37,5+42,5 1513
S trung binh: IS
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i L, :‘.‘: e by ;\I.'I . '%ﬁ q.‘: ; -1.-. ;\I.'I . 3 :‘.‘: .
o 0228 0.27,5 +432,5 +37,8 4425 0200 5 e

Phuong sai: Is )

Ciu 4: Dé thiét ké mot bé ca hinh hop chir nhat, khong co nap, c6 do dai mot canh & day bang 80cm ,

thé tich 16000 cm” , nguoi tho dung loai kinh dé su dung mat bén c6 gia thanh 80000 déng /m’ va loai

kinh dé lam mit d4y c6 gi4 thanh 100000 ¢dng/m”  Tinh chi phi thip nhat dé hoan thanh bé ca (két qud
duoe lam tron dén hang nghin).
Loi giai
Déi don vi 80000 gong /m* = 8 ddng Jem? . 100000 dé)ng/mz =10 gdng fem®
v=00 = 0)

Goi * 1a d6 dai ciia mot canh day con lai cua hinh hop, h(em) 15 chiéu cao cua hinh hop, -

C leooo 200

w =

Thé tich cua khoi hop 17 = sl = 16,000 sl
Do d6 chi phi lam bé ca 1a
: 200 2000 15
/ [_.'-.'}:H[]_'-.‘.][] f ; Z.H[]_f i 1-— |_i‘~i = 800+ 250000 C 3200 ‘
" n o (dong)
. 256000
‘ , f(x)=800x =20000 3500 (0;+ )
Yéu cau bai toan trd thanh tim gia tri nhé nhat ciia ham so6 trén * .
- . 256000 =85
£1(x) =800 250000 ' r)=0 e 800 - 2 :[]f,_x[ 5
TR T . v =83 (loai)
x 0 85 +o0
S'(x) - 0 +

7 \. 31821,67 /

Vay chi phi it nhat d& 1am bé ca nhu yéu cau d& bai 1a 32 nghin dong.

. R A aen .. A e, e a2 o S(0:0:20)
Cau 5: Mot chiéc dién thoai iphone dugc dat trén mot gia do cd ba chan véi diem dat (0:0; ) va

A(0:-0:0). B(343:3:0)  C[-343:3:0)

cac diém cham miat dit cta ba chan lan lugt 1a (don vi cm).

Cho biét dién thoai c6 trong luong la 2N vaba luc tac dung 1én gid d& dugc phan bd nhu hinh v& 13 ba

F.F.F . y F = (abie) L . ‘
luc ki Fy, 1 ¢6 do 16n bang nhau. Biét toa do cta luc Fi=(asbic ],khl do T =2a+ 30+ 0c ping?
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Loi giai
A : 20:2 A(0—a0). B[33:3:0] Cl=3J3:3:0
Theo gia thict, ta c6 cac diém 5(0"0"“0), [- ). 8| V3 }’ | 3303 )

SA = (0:-6:-20): SB = (343:3:-20): SC = (-3/3:3:-20)
Suy ra ' \ : \ n

"= kSA= (0 —0k:-200k)

F:=kSB =33k 3k -20k)

Suy ra 4= 58= SC= A0 1y 7| =|F|= | = 3 < e o= kSC = (-34Bk:3k-204

F oo Fo+ Fo=(0:0:-60k ) Goi — F=(0:0:-2)

Suy ra 1 F' 1a trong lyc tac dung Ién dién thoai
f-_' . f:'_ . f:'_ = —k=-2=}= ]_
Mit khéac, taco: ' " "7 T suyra 30
a=1

T Fhee=0-1-4=-5

|}
~
I

-

Lad | L T | =

Vay

Cau 6: Hinh bén dudi minh hoa mot cai 1éu hai mai 14 hai hinh chir nhat gidng nhau trong khong gian

Oxvz it cac kich thude cia mai 13u 1a 54 =5m , AB=10m 4 cao tr S xudng mat dat 1a 4m  Ban

An muén trang tri chiéc 1éu bang cach treo cac soi ddy co trang tri tir cac goc 1éu O.4.B.C &y quoi

mot chiée dén treo tir vi tri chinh giita cila SQ , cach SO 30em  Hoi téng chiéu dai sgi day co trang tri

to1 thi€u ban An can mua la bao nhi€éu mét? (ket qua lam tron dén hang phan muwoi)

uigeli.xyz Trang 138



uigeli.xyz

Loi giai

Pap s6: 27,6

Gén hé truc toa @6 PZ nhu hinh vé. Goi £*X 1an luot 12 trung diém ciia 9459
O4=2I4=235 -4 =0

. \ . ’ < A \ ; = 1 = 1 . B . < A 5 . \ r 5 1 ~
Goi H 1a vi tri chiéc dén, KH = 30cm =0, 3m . Goi G 1a giao diém cua hai duong chéo cua hinh chir

nhat OABC’ suy ra HG=4-03=3"Tm Do db H(35:3.7 _)-

Ta thay: O = Al = CH = BH pep tong chiéu dai soi ddy mau xanh tdi thiéu ban An can mua la
40H

Taco: 7
Hét
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