) . _uigeli.xyz .
TRAC NGHIEM CONG THUC TINH GOC TRONG KHONG GIAN

Cau 1. Trong khong gian véi hé toa 46 97 | cho hai duong thing 4 duong thang 4 1an luot ¢
véc-to chi phuong la u,=(k-2-3) va i, =(-%1:3) . Goc giita hai dudng thang d . d, la
A. 30" B 457 C. 90", D. 60,
‘ v=2
i..x—lzl—]:: I ﬁl:‘lz_j f
Cau 2. Trong khong gian @Y7 g6c giira hai duong thing: o 1 2 va ==l
bang:
A. 30", B. 45, C. 60, D. 90°,
g8 1 _y- 1 _z 3
Cau 3. Trong khong gian Oxyz , cosin ciia goc giita hai duong thang: 2 -2 I va
i,:.r—lz _1'—]= =3
I 2 I bang:
Jo _No o Vo
A 3. B. 18 c. 18, D. 3.
‘.'.=—2'|" "x:Z—Zm
Aqy=—4+2t A,iqy=2-2m
Cau 4. Trong h¢ toa do (O'U"Z), cho hai duong théng (z=-l+2 va L =3 .Goi ?
1a goc gitra hai dudng thang. Tinh €°5% 2
5 1 3 4
A6, B.Y. c. 2. D. 9.
" x=1+1¢
Cox—1 y-2 -3 Ayryy=2tt
Cau 5. Trong hé toa do (O'WZ), cho hai duong théng a ] - 2 - I va L: o
Goi ? 1a goc giira hai duong thang. Tinh 5% 2
5 L V3 L
A. 6, B. 2. c. 2. D. 0.
i:.x—ﬁz}'-]:: 2
Ciu 6. Trong khong gian 9¥7 | géc giita true O7 va dudng thing 2 ] -2 bang
(két qua lam tron dén d9)
A. 30°%, B. 48°. C. 60° D. 1327,
A x_]: y—2 _Z
Cau 7. Trong khong gian @Y7 | cho duong thing - SN . Khi d6 goc gitra duong thing
A vatrue 9 bing
A. 00° B. 30°, C. 45°, D. 907,

uigeli.xyz Trang 1



uigeli.xyz
a0

Cau 8. Trong khong gian O9Z. ¢ho duong thang d covrep T (2:2:1) "'Goi # la goc gilra d va

truc Ox Tiph cosa.

! 2 242 1
A2, B3 c. 3 D. 3
[.1. =21t
diyv=1+t
Ciu9. Trong khong gian véi h¢ toa do %, tinh goc gitia hai dudng thing ‘ o
J' x=-2t
dyiqy=-3+1¢
‘ -=1-2
A. 60°, B. 45°. c. 30° D. 90°
y x=1  p+5 =z
Cau 10. Trong khong gian voi hé toa @6 7 tinh goc gitra hai duomg thing | 1 4
J x=3+2t
dyiqy=-3
\ ‘ z=2-2t
va .
A. 00° B. 90° c. 30° D. 45°

Cau 11. Kim tu thap Kheops & Ai Cép c6 dang hinh chép S-4BCD | ¢4 day 1a hinh vudng véi canh

dai 230m 219m

, cac canh bén bang nhau va dai (theo britannica.com) (hinh v&). Goi G1a trong tam

tam giac SCD  Tinh goc giira hai duong thang BG 4 54 (1am tron té1 hang don vi d9).

A. 667 p. 71°,

"= (H‘h'{l) va mat phfmg

Oxyz

Cau 12. Trong khdng gian , cho dudng thang A ¢o vecto chi phuong

(P) 6 vecto phap tuyén 1= BC) i g khing dinh nao sau day 1a dtng?
'ijlll[;"; ff’}}— ad+h8+ oC
A. ‘ \J"u: b L':.'JA: PR ) B.
. s . A+hB+ cC
sin{ AL 7)) = jod + b8 + €|

Jar b v SN A B
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CL‘IS[: 1'L|: f“”: : fn'.f! ':'];_j: .x[-(_ ‘ ‘
C. J”" th” '['".\J'J.‘f" BT+ O D.
|:.'.f! FhE A :'{’|

'\I'rn'" WX -'H’-“f: B O

cos{ A P))=

‘ v=1+2t
Aqy=3-t
A A . O.XVZ y, .~ N 2 ‘ Z :_-;"f'_-'\:llr \ - 2
Cau 13. Trong khong gian =, goc gitta dudng thang va mat phang
(P)iv—y=2z44=0 4 IR YR
- bang (két qua lam tron dén do)
A 161%, B. 1097, c. 7%, D. 197,
-8 y+2 z-=2
O . Ai—=T = < ,
Cau 14. Trong khong gian “* gbc giita duong thing -1 I 2 va mit phang
O S ,
I3 2 bang (két qua 1am tron dén do)
A. 837, B. 7°. C. 41°, D. 49°.
. 5 S (Oxz) o 2  Ox s s ol
Cau 15. Trong hé toa do /. Goi la goc gitta duong thang chua X va mat phang
( Yy '+ 2 = \
)it 1220 i do # bing:
A 45 B. 30", C. 60°, D. 90",
=2 =1 =+ ﬁ
A = _=
Cau 16. Trong khong gian Oxyz’ goc gitta duong thang ] -2 ] va mat phang
(Oxz) bang:
A. 307, B. 45" C. 60 D. 90",
" =2-3
‘8 Y { H\' i) _1':—]——11‘l
. A ?00| B(U-)U) Cl 00— ‘_—‘_\—qf
Cau 17. Trong khong gian Oxyz , cho diem - e S vy T Khi
do6 goc giira dudng thang A va mit phang (45€) bang
A. 607, B. 30°. C. 457, D. 90°
-2 y+l z-I
i = =
Cau 18. Trong khong gian véi hé truc Oxyz , cho duodng thing - -1 -~ va mat
: (P)2x—y-z-35=0 . o o e (d) e (P)
phang * . Hay tinh cosin goc tao boi duong thang va mat phang .
Lo V30 V3
A6 B2, c. 6 . D. 2.
Cau 19. Trong khong gian v6i hé toa do Oxyz , goc gitta duong thing d chira truc Ox va mit phang
e A — = i ':-: N
(F):3y—z+5=0 bing
A.90°, B. 60°, c. 0%, D. 30°,
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" v=1+2t
ﬁ:-"_l' =2+t
. z=—2— (P)i—x+2p+2-+5=0 .
Cau 20. Trong khong gian Oxyz , cho duong thang . 'rvé L7 ! e Goi ¢

1 duong thing di qua diém A=L0-1) duong thing A va tao v6i mit phang (P) mot goéc nhod
, =(arb: 7
nhat. Vecto chi phuong u; =(abi1) . Tinh tong ¢+ 2b9

A. 8. B. 7. C. 6. D. I1,

Oxyz (P):2x—y+22-1=0

Cau 21. Trong khong gian , cho mit phang va mit phang

OV e —d ey 3o = . ,
(@) dr—dy 3z =2 n. Duong thang A song song voi mit phang (P) , 6 mdt vecto chi phuong

u=(mn I'”. Khi A tao véi () mot goc 16n nhit thi sin cua goéc tao bai duong thing A va mit
phang (Q) bang bao nhiéu?

2441 Ja1 205
A 4 B. L. C. 41 . D. 4l

Oxyz,

Cau 22. Trong khong gian cho miat phang va duong thing

5

- 2 Biét rang trong mit phang (P) ¢4 hai duong thang d.d, cung di qua diém

AL=LD 3 cing cach duong thing 4 mot khoang bing 1. Tinh % voi € 1a goc giita hai duong
théng d,d,.
1 J3 3
A2 B.I c. 2 D.7.
DANG 3: TINH GOC GIUA HAI MAT PHANG

4 A : Oxyz .  ~ . < 2 (P):x+2y—3z45=0
Cau 23. Trong khong gian , goc gilta hai mat phing °

(O Ty p—3-—1= . . .

(@) 2t =327 1=0 s (két qua lam tron dén do)

A. 20°, B. 22°, C. 25°, D. 27°,

Cau 24. Trong hé toa dd (Oxyz). Goi ? 1a goc gilta mat ph'fmg (Oxz) va mat phéng

e )it =10z + 2025 =10 4y .
IR "=V Khido O la:

1 1

1
A. 0. B. V102 C. 10, p. V120

2 7 . VYD —1= r] 3
Ciu 25. Trong khong gian @Y7 | g6c giita hai mat phing (Orz) va (&) ] bang:
A. 60" B. 45" c. 0" D. 90",

A A . Oxyz . . , .~ . - 2 [..Ir‘}:.".' 1 2_1'_1: t ]=r] \
Cau 26. Trong khong gian , cosin cua goc gilra hai mat phang * va
(Q):x+y+z—-1=0_

(@)t yaz=1=0 5
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A, 3. B. 9 . C.

D.

3
3

Cau 27. Khi dat hé toa do Oxyz vao khong gian véi don vi trén tryuc tinh theo kilomét, nguoi ta théy
rang mot khong gian pha song dién thoai c6 dang mot hinh cau (S) (tip hop nhiing diém nam trong va

nim trén mdt cdu twong tmg). Biét mat cdu (S) ¢6 phuwong trinh: * T T T 2x—4y—6z+5=0
Khoang cach xa nhét gitra hai ving pht song 13 bao nhiéu kilémét?

A9, B. 3. C.6. D. 12

Cau 28. Cho hinh 13p phuong ABCD.AB'C'D ¢y canh bing ¢. Khoang céch gitta hai mat

phing (ABD") 4 (C'BD) bang

a3
A 3. B."\E. C.a\E. D.a\@.

. . . [P)ix+2p+2z-5=0 (O} 3v—4dyr=
Cau 29. Trong khong gian , cho hai mdt phang () ! va (Q) 4 ].
Khi d6 s6 do goc gitra hai mit phang trén gan bang s do nao dudi day?

A 71°, B. 65°, C. 109° D. 156°

Oxyz

‘.x'=]+5.f
d:qy=-2+t

‘:=1 y (P):3r=2p45=0

ONVZ | cho duong thing v

Cau 30. Trong khong gian
d6 goc giira duong thang d va mat phang (P) bang

A. 60° B. 30° C. 45°, D. 90°,
OXZ quong bang cia mot san bay thuoe mat phing (Oxy). Mot may bay

A(1:2;0)

Cau 31. Trong khong gian

sau khi chay da trén dudng bang d6 di cét canh tai diém v6i van toc khong ddi trong khoang

v=(0:4/3:1)

thoi gian ngdn ban dau, vecto van tdc \ ! Trong khoang thoi gian ngan noi trén, goc ct canh
clia may bay bang:
A. 30", B. 45" C. 60 D. 90",

A N . e 1 A N Oxvz - M (P) r 3 A l'I]_" e ] =10
Cau 32. Trong khong gian voi hé toa do =, cho mat phang c6 phuong trinh:

véi € <0 di qua 2 diém A(O;I;O)’ B(1:0:0) va tao voi (Orz) mdt goc 00° . Tinh téng S=atb+tcy

A THV2 B. 12 C.2+V2, .22,

CAu 33. Cho hinh ling tru ding A5C.A'B'C’ ¢4 day 4BC 13 tam gide can voi 18 =AC =1 y3 goc
BAC =120" y3 canh bén BB'=1.Goi I 1a trung diém caa CC". Tinh cosin goc giita hai mit

shing (ABC) v (AB'[).

J50 i J50 Jio

A. 10 B. 10 c. 30 . D. 30 |
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(P 2x—1p—2z-3=10

Oxyz , cho hai mit phang ' va

Cau 34. Trong khong gian vai hé truc toa do

(@) x-z-2=0. Goc giira hai mit phang (P) va (Q) bang

A.30° B, 45% C. 00°%, D. 90°,

A n . vt A ~ Oxyz P , . . 2 [..In :2.1.'—3_1'—4: . <
Cau 35. Trong khong gian voi hé toa do , tinh gbc gitta mat phang * va mat
phang (Oxy).

A. 30°, B. 90°. C. 60° D. 0°,

Cau 36. Cho hinh chép S-4BC ¢4 day 1a tam gide vuong can tai B c6 48 =58C=4 Goi H 1a trung

diém cua 4B, SH L{ABC ':I. Mit phang (SBC) tao voi mat day mot goc 60°  Cosin gbc gitra hai mat
phing (54€) va (4BC) bang

J5 J5 J10 1

A S B. 4. c. 5 . p. V7.
PAP AN VA LOI GIAI CHI TIET

1 |2 |3 |4 (5|6 |7 |8 |9 [10{11[12]|13|14|15[16]|17 18

A|lC|C|/D|/A|B|A|B|B|A|D|B|D|B|A|B|D|C

19 (20 |21 (22 (23 (24 (25(|26(27 (282930 (31(32(33|34(35]36

c|c|/p/B|B|B|D(B|C|A|A|C|A|D|A|A|B|D

Oxyz

Cau 1. Trong khong gian vi hé toa do , cho hai duong thang d, va duong thang d, lan luot co

= R S fo=1—4: - . . 2
véc-to chi phuong la u, =(l-2:-3) va (=h1:3) . Goc gitra hai duong thang d. d, la
A.30° B. 45" C. 90", D. 60",

Loi giai

[, =(1-2:-3)
Ta co lf-'_. ={-4:L35) ‘
T |u'_,._u'_, | - |__.1_2_]5| _ﬁ
cos(d 1d. )= |H'_. ||H | T Mid9floiri2s 2
Suy ra (dydy)=300

" x=2t
i,-"-_lz_l'—]:: I ﬂ"':‘_l':—]-f
Ciu 2. Trong khong gian 07 géc gitia hai duong thing: | —1 2 va =11
bang:
A. 30", B. 45" C. 60° D. 90"
Loi gidi
Dudng thing A ¢6 mot vecto chi phuong " ={l"_1'-3)'
u'=(211)

Puong thang A" ¢6 mot vecto chi phuong
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_ - — |e;.u"'| |
cos{ A A= |cos|wu' ]‘ = = =
' ' 1.

TN
]2
Nep (Aid)=60"
e I v=1_ z+3
Cau 3. Trong khong gian 97| cosin cta goc giita hai duong thing: 2 -2 I va
A v—2 y-1 z-3
" ] 2 I bang:
Jo e vo Vo
A, 3 B. 18 C. 18 D 3
Loi giai
. w=(2:-2:1)
Duong thang A ¢6 mot vecto chi phuong .
2 T, ~ , = 2
Duong thing A' ¢6 mot vecto chi phuong ( '1).
AR TRTL] B
cos{AA") = [cos [wu' ]‘ = U = u = ﬁ
' ' ' |.!.'|_|.!."| RV T
=2+t ‘ =2-2m
Ajqy=—4+2t i :‘.1 =2-1m
XVzZ . 5 == —]+2 -—-1 .
Cau 4. Trong h¢ toa do (OXJ ), cho hai duong thang - L va - " Goi ?
1a goc giita hai duong thang. Tinh €05¢?
5 L 3 4
A. 6. B. 9. C. 2. D. 9.
Loi giai
(x=-2+¢ ‘ xr=2-2m
Ajqy=—4+2t A,iqy=2-2m
s \—:—1-3 o : cu = (1:2:2) ‘—:3 L
Ta c6 duong c6 vécto chi phuong la ' ', duong c6 vécto
||!;|.|!|-':| 4
_ ['l'-'."'I:.-':" =TT —
q = (2enl) e || 9
chi phuongla = ° .Tacéod .
=1+t
=1 y—2 -3 AAny=2tt
- . ‘E:: = - _:_ - ‘——1.’1
Cau 5. Trong hé toa do (Ox}"), cho hai duong thang ] 2 I va ==t
Goi ? 1a goc gitra hai dudng thang. Tinh €°5% 2
5 ! 33 L
A 6. B. 2. C. 2 D. 0.

Loi giai
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=1+t
=1 y=2 z-3 Ay pr=241
A === ,}':(;2; } ‘—:"«f-"r
Ta c6 duong ] 2 I ¢6 vécto chi phuong 1a '~ "7/ duong ST T e
||!|-'|.|f;.‘| A
_ ['rJ_m‘.:,-'?: - - = —
. , s =(L1:2) , |u.||u_~_| 0
vécto chi phuong 1a - .Tacéod
A -2 v+l z+2
Ciu 6. Trong khong gian 97 | goc gita truc O7 va dudng thing 2 ] -2 bang
(két qua 1am tron dén do)
A. 30° B. 48°, C. 60° p. 1327,
Loi giai
(00 , i
Truc O2 ¢6 vécto chi phuong la s =(0:0 1\,; duong thang A ¢6 vécto chi phuong 1a ==k “);
_ ~ = |2.004 1.0 2.1 2
cos( A Oz )=cos (. }‘: : =2
. - \/1: R Y (R AR S
Ta co: ' .
(AL Oz )= 48°
Nén (A.0z)=4 .
x+1 y-2 =z
, Ar——=+ PO ,
Cau 7. Trong khong gian Oxyz , cho duong thang - - V2 . Khi d6 goc gitra duong thang

A va true O bang
A. 60°, B. 30°. C. 457, D. 90,

Loi giai

_y-2 z T
- 3 V2 c6 vecto chi phuong “= “\E’

50430 ﬁ_n|

cos (u. j j‘ = -

J[ﬁ—sr 32 )

Cau 8. Trong khong gian OXZ. cho duong thang d ¢4 VTCP = (2 2:I]'Gc_)i Z la goc gitra d va
truc OX Tinh cosa.
1 2 242 1
A.2. B3, c. 3. D. 3.
Loi giai

cos{ Ao )=

= (A Ov)=00°

Tryc OX o5 VTCP s'=(|:[i:[i].

5 {127
Puong thang d ¢6vTCp " (1:2:2).

~ 3 2.1+ 0.2+0.1 2
cos| i b‘ = | | =<

J].“ , [*]" I[*].':_‘"Il'].': , 1.‘: ; j: B A

Cusdr =

Vay
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‘ x=2—t
d, ‘ v=1+t
Cau 9. Trong khong gian vdi hé toa do Oxyz , tinh goc gitta hai duong thang 7= va
(=2t
dy qy==-3+1
r=1-2t'
A. 60°, B. 457, c. 30°, D. 90°%,
Loi gidi
Chon B.
. e'a_::[:—]:]:[]} . , , X o d,
Ta co la vecto chi phuong ctia duong thang ™!
w, =(-2:1:-2) ., 7 e s d
la vecto chi phuong cua duong thang 2.
A T N N E N RN ) NN &
cos(d, . d, )= feos (., }‘: || __I| | _|| = | [' }ﬁ [' }| = £
Wyl - P F4
Suy ra e .
i — A :TIH
Vay (e, .d,)=4 '
x—=1_y+3 =
Ciu 10. Trong khong gian véi hé toa do O | tinh goc gitia hai duong thing | 1 4
. g khong gian véi hé toa do "=, tinh goc gitra hai duong thang
. .'.-:3 T jlr
dyiqy=-3
\ z=2-2t
va .
A. 007, B. 907, c. 30°. p. 45°.
Loi giai
Chon A.
Taco "~ (=14 1a vecto chi phuong cua dudng thing dl;
.!..'::[:1.'[].'—1} . , \ N : o d
la vecto chi phuong cua duong thang 2.
P B
cos(d,,dy )=[cos{u . u, }‘: |“| |“._| = NN TS ==
Suy ra L R .
Vay (o, 5 )= (‘I[]"‘

Cau 11. Kim ty thap Kheops ¢ Ai Cap c6 dang hinh chop S.ABCD , ¢6 day 1a hinh vudng véi canh

dai 230m 219m

, cac canh bén bang nhau va dai (theo britannica.com) (hinh v&). Goi G1a trong tam

tam giac SCD | Tinh goc giira hai duong thang BG vy 54 (lam tron té1 hang don vi d9).
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A, 66° D. 71°

Chon D.

Goi O=ACTBD po SABCD |3 hinh chép déu nén ta chon hé truc toa @6 @ nhu hinh vé.
pat AB=230=a S4=219=5

a2
2

OAd=0F=0C=00=
Ta co

SO=\SA —04" = th— T T

Tam giac S40 vuong tai 0 ¢ 4 2

A‘f_:w’_ . m,u'r_ ‘ ,'u«f_ [ mj’_ | M‘

0 U‘ ‘ L 0: U‘ ‘ ‘ 5‘0;0; -
Do ds6: -~ 4 s SN -
(_Ff”f; 4113—2{;3

vi G a trong tam tam giac SCD nén

‘f ”""E. *.Hh - 2q° ‘ 5o

u‘J_ 7:.'\}"_ N ET R P ‘

SA=|-
Ta cod . -
L _:.':_4.’1'—2:." _:."_2."'.!'—:." B
{ - |5A E(_'F| 12 o o Y
cos{ 5S4, B0 = = — 2
[l [sG]  bisd? I i 8 b+ 8a®
p O TR b, b.
Suy ra 3 3
b 219

T esat 6L
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i e al—ll- ,;.Egr_ ot
Viy (S4.BG)=~T71°2340"

Oxyz fllz(ﬂ..h- :

Cau 12. Trong khong gian , cho duong thang A ¢6 vecto chi phuong ) va mit phang

(P) 6 vecto phip tuyén "~ (F8C) Khi 6 khing dinh nao sau day Ia ding?
-;jm[i ["r'r”_ ad+hi+ oC
A. I FE NN e B.

| + b8+ oC|
Jat i b v A B O

sin( AL(P)) =

cos(A(P))= —= ff/! -ﬂ.'I]H ,‘L.(- ‘ ‘
C. ! -J[." i L'_."-J(/E' F B4 O ‘ .
|[|'.-4 184 L-(_‘|

cos{A(FP))=

Na b i N B O
Loi giai
| + b8+ oC|

Jaoi+ b+ A+ B4 O

sin{ AL 7)) =

" r=1+2¢

1
Il
bed s
+
L ™
=

Oxyz

Cau 13. Trong khong gian , goc gilta duong thing va mit phang

= IO, I i - \ / z
(P)ix—y=2z+4=0 bang (két qua lam tron dén do)

A. 1617 B. 1097 c.71°, D. 197,
Loi gidi
‘ 2 . : cou=(2-13) e (P) . £
buong thang A ¢6 vécto chi phuong la ; Mat phang cd vécto phap tuyén la

ai:{]:—]:—l}

k~'|:-|!; fr}‘ |2']_]-I:—]} ; 3_{_3}| N
coslu. nll= )
Y N [ R ) I .

sin(AL( )=

Ta co:
Nén :_&.{PH::]Q'-'.

-8 y+2 =12
A==
Cau 14. Trong khong gian Oxyz , gbc gitta duong thang -1 ] 2 va mat phang
(Pyizeges=l ,
I3 2 bang (két qua 1am tron dén do)
A. 83°, B. 7. C. 41°, D. 49°.

Loi giai

2 ; =\|—1. -2 2 r
Duong thing A c6 vécto chi phuong la . ( E't'“); Mit phang (P) c6d vécto phap tuyén la

fr=(6:2:3)
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~ = Fro+1.2+ 2.3 Jo
:-rJ.fl:_u.ai'j‘= =

J[_]}" I].': -z'l:_JI:‘I:: '1: '3: j]

sSIN[ALFP)) =

Ta co:
Nén t'ﬂ'{P”:: "

( Oxyz

Cau 15. Trong hé toa do ) Goi # 1a goc giita duong thiang chia OX va mit phing

(er)iv+y+12=1

! Khido ? bing:
A, 45 B. 30" C. 60", D. 90°.
L gidi

, C— (10 i ( v 1=
Ta c6 duong thang chira OX ¢o vécto chi phuong la " (1’0’0}, mat phing L)y d2=0 co

|E|'.Ji'| ]
. cil
= L= = 45

. Goi ? 1a géc giita duong va mit thi |”-| |’;| V2

B RN

1:1:0)

vécto phap tuyén 1a n=(

A=
Cau 16. Trong khong gian Oxyz , gbc gitra duong thing ] -2 ] va mit phing
(OXZ) bang:
A. 30", B. 45 C. 60 D. 90",
Loi giai
, w=(1:—/2:1]
Duong thing A ¢6 mot vecto chi phuong ( :I .
Mit phéng (Oxz) c6 mot vecto phap tuyén s =(0:1 0}.
sin{Az(er)) = [cos(u: ,-'}|: | _ 2
WS
(A:{Onz))=45
=2-3t
""8 “| ‘ g Arqy=—1-4
Al =:0:0 : C| 0:0:= ‘ .
. 2 37 ):2:0 /. -=5-5 .
Cau 17. Trong khong gian Oxyz , cho diem - ’, B(0:2:(C ) s ™ S/ va " Khi

d6 goc gitra duong thang A va mit phing (ABC) bang
A. 60°, B. 30°, C. 45, D. 90°.
Loi gidi

[_.rzh’(‘}:?-%-%:] ,',—|"i-l-§"|
Ta co 3 5 c6 vecto phap tuyén \8°2°8)
| =2-3
Vigr=—1-4
l_:=5—5.f w=(-3—-4:-5)

c6 vecto chi phuong
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3 1, 5, .

- ‘—:—H-;u—ﬂ-;.n—r}
sin{ AL(P)) =[cos(wn || = ‘ k = =l=(A(P))=90"

k 3 =-3 - : ] Y= =.-5 ¥

JI__;J SRR R}
-2 v+l -1
i = =

Cau 18. Trong khong gian véi hé truc Oxyz , cho duong thing = -1 -~ va mat

., (P Y y—p— m— 5= , ,

phang (P)2x=y=z=3=0 . Hay tinh cosin goc tao bdi duong thang (d) va mat phang (P) .
L 50 ¥

Ao B2, c. 6. D. 2.

Loi giai

_[‘.l}

Puong thang d ¢ vecto chi phuong '~
. on=(2-1:-1

(P) c6 vecto phép tuyén L f ]J

Goi ¢ 1a goc tao boi duong thing (d) va mit phing (P) ('I‘}': Sa =90 ), ta co:

|a}_a5| ) 412 ]

Siner = —— = _

N N TSN R RTETE

o I

coser =+l —sin“a =.J1— — “"'II_
Khi do 6 0 .
Cau 19. Trong khong gian voi hé toa 6 P77, goc giita duong thing ¢ chtra true O¥ va mit phing
(PY: 3z 45
(F):3y—: 0 bing
A. 900 . B. 600 . Q, Oo . D. 300 .

Loi giai

Chon C.

: i =(1:0:0 a :
Puong thang d chira truc OX ¢6 vecto chi phuong w=(10: ]; mat phang (P) c6 vecto phap tuyén

no={0:3:-1)

siner = |cos| u, ﬂ‘ _
' ' ||
Goi @ 1a goc tao boi d va (P) Ta co | | | | suy ra ¢ 0°
‘ yv=1+2t
A ‘_1 =2+t
, ) 7 '1.._.|.|"|.|"|_|-:
Cau 20. Trong khong gian ?Y7 | cho duong thing 2=l oy \P)imxt 2y 42243 .Goi @

A(-1:0:-1)

1a duong thang di qua diém cit duong thang A va tao voi mit phang (P) mdt goc nho

nhit. Vecto chi phuong t; =(abl) . Tinh téng ¢+ 2bo
A. 8. B. 7. C. 0, D. 11
Loi giai
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, , , 14224 t=2—t) =
Gia str duong thang ¢ cit duong thing A tai B, ta co: Bll+262+6-2-1)eA

,.-_=""I I I T T ) ,
AB=(2t+ Sttt ]},métphéng () co vécto phap tuyén

Puong thang d o vécto chi phuong la:
n= (—1:2:2
F26-2+20+4-2¢-2 |2¢|

Wor 14049 3WJor 114049

(P) sing =
Goi ? 1a goc giira d va , ta co:

= d ta0 v6i mit phing (P) mot goc P nho nhat khi ¥~ 0° hay 1% = 0=t=0

A(-10,-1) AB=(2:2-1)

Khi d6 duong thing d g qua diém va c¢o6 vécto chi phuong

=, =(-2:-2:1)

g=—2b==-2=a+2h=-0

Oxyz (P):2r—1+22-1=0

Cau 21. Trong khong gian , cho mit phang va mit phang

( Ay - — ) 5
(@) de—dy+3z-2=0 . Duong thing A song song v4i mit phing (P) , ¢6 mot vecto chi phuong

w=(m:n:l . 0 Ay 12 Loy i o e 4 2 s
( } Khi A tao voi (Q) mot goc 16n nhat thi sin cta goc tao boi duong thang A va mat

phing (Q) bang bao nhiéu?
2441

A, 41 B. 1. Cc. 41 |
Loi giai

B

205
41

=

Ta cod va
Vi A/I(P) nén ' — n, = 2m—n+ 2= 0 n=2m+2
Sj[](.-:"s.['{)”: |E_|I-”:"_| = |4-’H——hr 1| _ |—1m - 5|
Mat khac: o |“||”'—'| J’”: T ]-\"r-ﬂ J—ﬂu’_‘?m'\' F8m+ 5
1 J](‘un: F A+ 25
\m' S b Rm S _
vi 0= (4(0))=90° o (A(9)) 16m mnde khi 5™ (A(9)) 16n nhde

. L —72m* -90
flm )= — = f'm)= m m

2 A

Lo+ 40+ 2
X6t ham sé 3 II_‘_WJ"' S ‘?ﬁ
BBT
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5
™Moo 4 +oo
y’r —_ 0 -+ —
: 5]
y | 16
o
0 16
5
max f(m)=5 _0
Dua vao BBT ta cd ' tai M =Y,
. . 205
) sin{AfO))=
Do d6 (3(9) 16n bt khi m=0, Suy ra 41
O I 23 PRSI q
Cau 22. Trong khong gian “**> cho mit phing 2 2 va duong thang

=2 y=-2 z=12

o . = =

I 2

AL =1;1)

P)

2 Biét rang trong mit phang (P) ¢6 hai duong thiang d\.d, cung di qua diém

va cing cach duong thing @ mot khoang bing 1. Tinh I8¢ vi € 1a goc giita hai duong

théng d,.d,.

V3
2

1
A2

=

C.

Loi giai

Theo bai ra ta co: (F)Ld- vy (PImd=1{10:0) = 47 =2,

Goi # 1a hinh chiéu vudng goc cua ! 1én dudng thing b ta e HI =1

sinA = ﬂ: ]—::> A=45" =24 =9p"

Trong tam giac vuong 1Al ta co Al ﬁ
= p=180"-2A=90

Vay ta c6 sing =1
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, . o 2 (Pyix+2p—3z+1 .
, goc gita hai mat phang ° ' va

A
Il

=
-

Cau 23. Trong khong gian Oxyz

(D)2 b y=3z-1=0 _4 ,( . N 2A an
Q) ! : bang (két qua lam tron dén do)

A. 20° B. 22°, C. 25°, D. 27°,
Loi giai

U 7 = P23 = 21 =3
Hai mat phang (P).(Q) c6 cac vécto phap tuyen la np=(1:2:=3) va o (21 J}.
(7). () [ : _” |]-1 I 1.]_3.[._3}| =
cos((F).(Q)) = fcos Mol || = = ' == T
, | JE 2 (3 a3y M
Ta co: ' ' .
TN b 10
Nep ((P)(0))= 22

Cau 24. Trong hé toa do (O'WZ). Goi ? 1a gbc giita mit phing (OXZ) va mit phang
1 e — 1= TR — ,
[_lf'-!"} | 1 ][j_ _[]__ 0 . Khi d(,) cos@ lé:

| 1 |
A0, B. V102 c. 10, p. V120
Loi giai
. (Oxz : n=(0:10) s e )iy =102 42025=0
Ta c6 mat phang (O’C ) c6 vécto phap tuyén la m=(0:1 '-], mat phang L)oot o =102 7 2022 co

|’i'|_|’i'_‘-| ]
['r_l_-.',:l.-'_r =

n

(Ll 7 NERNTE
vécto phap tuyén la n2 =15 -10 }. Goi ? 1a goc giira hai mit phang thi | | .
, Z )iy +z-1=0_,
Cau 25. Trong khong gian Oxyz , goc gilra hai mat phang (Oy ) va () : bang:
A. 60" B. 45" c. 0", D. 90"
Loi gidi
: Z 1 =(1:0:0
Mat phang (Oy ) c6 mot vecto phap tuyén m=(1 )

, o =(0:1;
Mait phang (a) c6 mot vecto phap tuyén = (01 I).

v

cos((Ovz)i(er))= LJL‘|5|::H'-|-.'-’?:H= =10
T
({(Ovz):(e)) =90
” "Plrr+ 2 =2-41=

CAu 26. Trong khong gian @7 cosin ciia goc giita hai miat phing (P)ixt2y=2241=0 (4
(Q):iv+tyiz-1=0 bing

V3 V3 3 3
A 3 B. 7. c. 9. D. 3

Loi giai
PSP T =11

Hai mat phang (P)’(Q) c6 céc vécto phap tuyen la np=(L2-2) va o (I'I'I).
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— —i l.1+2.1-2.| V3
Céau 27. Khi dat hé toa do 97 vao khong gian v6i don vi trén truc tinh theo kilomét, nguoi ta thay

rang mot khong gian phu song dién thoai c6 dang mot hinh cau (S) (tdp hop nhitng diém nidm trong va

by ::_1_.,_.__1_1-_.:1: F5=10

cos((P).(0))=

Ta co:

nam trén mit cdu twong ung). Biét mit ciu (S) co phuong trinh:
Khoang céach xa nhat gitra hai ving phu song 1a bao nhiéu kilomét?
A.9. B. 3. C. 6. D. 12,

Loi giai
Tacs X TV HT -2r—4y—06:45=0& (=1} +(v=2) +(z=3) =3%
Khoang cach xa nhét gitta hai diém thudc ving phu song 1a dudng kinh cta mit cau, tic 1a 6km
Cau 28. Cho hinh 1ap phuong ABCD.A'B'C'D ¢4 canh bing @. Khoang cach giita hai mat
phing (AB'D") vy (C'BD) bang

a3
A 3. B."‘E. C.G\E. D.a\@

Loi giai

Chon hé truc toa d6 Dé cac vudng goc OXYZ phyr sau : 0=A(0;0,0) . A(0:0:a)

B(a;();()); B'(c.’:O:a); C(a;a;O); C'(frlct:a}; D(O;a;O); D'(U:ct:a}_

z F 3
j,/ D ,
B G" Cc
A p J
C

"r f]f i -t -_:|
o o | ABD) (C'BD)

i = (L1-1)

(C'BD) " n, = |:(_ B.C D:|: (—at™ =™ ) hay .

Véc to phap tuyén ciia mat phang
et y—Z—a=0

Phuong trinh tong quat ciia mit phang (C'BD) 13

Phuong trinh tong quat ciia mit phang (ABD) 3 x+v—z=0

|[.' f []—[]| i

Foren F

=d ((AB'D)ACTBDY ) =d (B.AAB'D) )=

Pl o - 5= ( Iy -y =
(P)ix+2p+22=5=10 va () 3x—4) 1.

OXVZ | cho hai mit phing '

Cau 29. Trong khong gian
Khi d6 s6 do goc giira hai mat phang trén gan bang s6 do nao dudi day?
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A 71°, B. 05°. C. 109° p. 156°

Loi giai
(P)ix+2y+2:-5=0 o =(1:2:2)
L7 . c6 vecto phép tuyén = g

1y =(3:—4:0)

Q) 3r—dr=1 ; ¢
Q) dr=1 c6 vecto phap tuyén ' -

34 2.(—4)+ 2.0 1

cos((£).(0))= =3 =((P)1Q))=T71"

cos (.. }‘ =

Oxyz

Cau 30. Trong khong gian , cho dudng thing - \¢:

d6 goc giira duong thang d va mit phang (P) bang
A. 60° B. 30°, C. 45°. D. 90°,

Loi giai

‘ v=1+5
:e’:--‘ y=-2+t

== : q =(5:1:0

2= ¢6 vecto chi phuong " (S }
[Jn]:_:f.".'—j_l' FR=10 J}:{.;'.—l'.ﬂ}

c6 vecto phap tuyén

- |53+ 1.(=2) + 0| _ =£_X(”,L[: P)) = 45°

-

sinfd.(P))=

cos( w. )

Oxyz

,duong bang ciia mot san bay thudc mit phing (Oxy)‘ Mot may bay

A(1:2;0)

Cau 31. Trong khong gian

sau khi chay da trén duong bang d6 di cét canh tai diém v6i van toc khong doi trong khoang

V= ['U:\E:l'}

thoi gian ngin ban dau, vecto van toc \ /. Trong khoang thoi gian ngén noi trén, goc cat canh
clia may bay bang:
A. 30", B. 45", C. 60", D. 90",

Loi giai
Trong khoang thoi gian ngin d6, may bay chuyén dong trén duong thang A di qua 4 nhan

v=(0:43:1)

lam vecto chi phuong.
Mit phing (Ox) c6 mot vecto phap tuyén 1a ke=(0:0; 1}_
]

s1n [ A Oxy) } =|cos [ vk " T

Nén [ Ar{Om)) =30
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thrtez—1=10

Oxyz 5 cho mat phéng (P) co phlIO'Ilg trinh: ©°

Cau 32. Trong khong gian vdi hé toa do

voi € <0 gi qua 2 diém A(O;I;O), B(I;O;O) va tao voi (Oyz) mot goe 60° Tinh téng

A 1+V2 B.1-V2, c. 22 D22,
Loi giai
|'."1—]=[]

Mit phing (P) di qua hai diém 4, B nén [a-1=0

)= (a:b:c)

S=a+b+cq

= ua=h=1

i=(1;0:0)

Mit phing (P) ¢6 vecto phéap tuyén J . Mat (Oyz) ¢6 vecto phéap tuyén

Goi & la gbc toa boi (P) va (Oyz) suy ra &= 60°

|:.'| 1
-

|”|||l| . \ll'”:_ TE .[_.‘._\ﬁ El

|.lu'
COSir =

Ta co:

Thay ¢ = b=1vio phuong trinh (*) ta duoc: F
Khido @ +b+c=2-2,

Cau 33. Cho hinh lang tru déng A5C.A"5'C" ¢4 day 4BC 1a tam gidce can véi 18 =AC =1 va goc
BAC =120" y3 canh bén BB'=1.Goi ! 1a trung diém cua CC". Tinh cosin géc gitta hai mt

shing (ABC) v (AB'[).

J30

A 10

¢ Goi O1la trung diém caa BC . Gén hé truc toa do nhu hinh vé.

J3 1

OB =ABantlr = — OA =AB costlf = =
Ta co: ; 2,
AE,QE)% BE- E 0zC E: = .ﬁ,lz Bﬂg— E 1=
S 3 2 3 2 5 2 25 23
e Suy ra , , , :
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Lr ALMT LAY - C_}
no= 9B ACK Ea- £5 n, _gmm:u_gm 3;-_3
= L 2@ . 2
va

1L

n.n, %

osa = J:r—uL "II =T
‘n._ ‘ n,

ﬂ'llll.lﬂ

(aBC) i, (AB¢)

e Goi @ la goc gilra . Suy ra:
1: T — i — '2 —
Cau 34. Trong khong gian véi hé truc toa d6 P7 | cho hai mit phing (P):2v—y-2-3=0_,
ﬁ N
(Q):x—z " Goc giira hai mat phing (P) va (Q) bang
A.30° B, 45%, C. 00%, D. 90°,
Loi giai
Pl2v—1v—; - ., --='"I-_ o
Taco (/)2 mwmz=3=0= yppp o =(2-k-1)
' 2= -, _': (1 () —
(O0): ‘_”_VTPT i, = (10 l].

cos((7).(0)) = o] proEnsenen B

Khi o e oy ey 2
((7).(0))=30°

Do d6

Pl 13 _
Cau 35. Trong khong gian voi hé toa do O%7 | tinh géc gitta mat phing 12 4= 0 U4 mat
phang (OX'V).
A 307, B. 90°. c. 60°. D. 0°.

Loi giai
Chon B.
1-. .._';_ _ ) --:""I-_':g.

Mit phang (7):2r=3r=4=0 ¢6 vecto phap tuyén 1a " =25 []},

Mit phing (0w) c6 phuong trinh Z =9 nén ¢6 vecto phap tuyén la "> ~ (0:0:1)

|Ji'| "

cos((F). (Ox)) = _| 0

L‘l"-|:-'i' ", h‘
.li' L|m Py Gy =90"

Do do, ||| suyra“ ) (o))

Vay goc giita mat phang (P) va mit phing (Oxy) bang 907

Cau 36. Cho hinh chép S-4BC ¢¢ day la tam gidc vuong can tai B 6 A8 =5C=4 Goi H 1a trung

diém cua 4B SHL{ABC ']. Mit phang (SBC) tao v&i mat ddy madt goc 60°  Cosin gbc gitra hai mat

phing ($4C) _, (4BC) bing
= 55 Jio i
A0 B. 4. C. 5 . D. V7

Loi giai
Chon D.
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V4

|AB L BC
Ta ch | St LBC = BC L(S48)
[(SBC)~\(ABC)= BC
(SAB) L BC

(SA8) I SBC)=SE

(SAB ) ABC )= AB
(S4B)(4BC)=48 .|

Vi (SBC).(ABC))=(SB. AB)= SBA = 00°
1 ! .

Suy ra SH = BH tan00°= 23

Chon hé toa do HXYZ shu hinh v,
‘-0 (A 0-08 B(4-0- “(2-4-0) S[0:0:23 .
o 11(0:0:0) A4(-2:0:0) B(2:0:0) C(2:4:0) S| J_a_]’ 1(0:2:0)

2 2

Ta
cua 4AC

v6i 1 1a trung diém

Mit phang (ABC) co phuong trinh la = = 0
. SAC . 3 . 2 A(=2:0:0 2 2;
Mait phang (S4C) cat ba truc Hx, Hy, Hz lan luot tai cac diém Al ‘0‘0-}, !(O‘ 'O)

>

X 1 Z

( ’ 1 —f = = ]
S10:0:24: L o

" Vi) nén c6 phuong trinh: ~= = W3 e -3wdpeJfAz-o= 0

13| |
' ) COSIT = ————————==— —-=
Goi ? 1a goc gitta (54C) va (ABC),ta cb 19193 J_
1

Viy cosin goc giita hai mit phang (SAC) va (ABC) bang J7 .
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