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CAC DANG TOAN BAI PHUONG TRINH PUONG TRON
Dang 1: X4c dinh céc yéu t6 ciia dwong tron

Phwong phap: Ta thuc hién trong cac cach sau:

A 1"'-':' ':—j.".'—j o= (
Cich 1: Dua phuong trinh vé dang LC)x i ax—2hy+e=0 (I)

Xét du biéu thie =4 +h —¢
s Néu 2>0 thi () 13 phuong trinh duomg tron (©) c6 tam (%) v ban kinh R=a™ 14"~
a Néu 70 thi (1) khong phai 12 phuong trinh duong tron.

\ T — :,'._If :=1 2
Cich 2: Dua phuong trinh vé dang: lr—a) tly=b) =1 { }.

m Néu £>0 thi (2) la phuong trinh dudng tron c6 tam [(a: b) va ban kinh R = VP
e peo i (D) e S
m Néu "=V thi khong phai 1a phuong trinh duong tron.

A.BAI TAP TU LUAN

Bai tap 1: Trong cac phuong trinh sau, phuong trinh nao la phuong trinh duong tron? Tim tam va ban
kinh néu co.

B 24920 py ¥ x4y 1320

o 2 207 —0r =4y =120 g 26 1 20=3r 1920
Loi giai

a) Phuong trinh a) c6 dang Y= 2av=2hye=0 ga=-lih=2c=0

Tacé @ +h —c=1+4-9<0
Vay phuong trinh a) khong phai la phuong trinh duong tron.
b) Ta co: a+bh—c=944-13=0

Suy ra phuong trinh b) khong phai 1a phuong trinh duong tron.

. . ) 2 2 __|'--"- x| ]'_
I NI P R Y R L A B U B B

—

c) Taco: ¢)

L | e

!
2 )

—1 R:ﬁ

/37)
Vay phuong trinh c) 1a phuong trinh dudng tron tim 2/ ban kinh 2
, 2
d) Phuong trinh d) khong phai 1a phuong trinh dudng tron vi hé so6 cua X va ¥ khac nhau
I S ST P S T S
Bai tap 2: Cho phuong trinh * *+ ~ 2~ m=2)yio-m=0 (1)

a) Tim diéu kién cua tham s6 7 dé (1) la phuong trinh duong tron.
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b) Néu (1) la phuong trinh duong tron hay tim toa do tam va ban kinh theo 7

Loi gidi
2) Phuong trinh (1) 13 phuong trinh duomg tron Khi va chi khi @ " —¢ >0

ca=mh=2(m-2)c=0—m

Véi
. . - . _ in =2
et Am = 2) =0 =0 S = 15w+ 100 e

Hay m o< |

\ i Y g — ) = = -
b) Vi didu kién trén thi duong tron ¢6 tam * 7 207" = 2)) 04 ban kinh: & =VSm7 = 15014 10

-"".,'—. i ' + 1=
Bai tap 3: Cho phuong trinh duong cong (C) Ay A (mt )x—(mt Ay +m+l=0 (2)

a) Chung minh rang (2) la phuong trinh mgt dudong tron

b) Tim tap hop tdm cac dudng tron khi 7 thay doi

¢) Chung minh rang khi m thay dbi ho cac dudng tron (C’”) luén di qua hai diém c6 dinh.

Loi giai

. :_, — :_, - 4_.: [.m . 2}: 4
i +hT - = - | - | —m—-1== = 0]
. I 2 3
a) Ta co " =/ no= 2
(2) .. ‘ T
Suy ra la phuong trinh duong tron véi moi 7
m+2
X, =—
| 2
m+ 4
= 4y, —1=0
b) Buong tron c6 tam / : 2 suyra T
ty=1=0

Vay tap hop tdm cac dudng tron 1a dudng thang Avx

&) Goi M (%970) 13 diém c6 dinh ma ho (S+) 1uon di qua.

4o+ (e 2)x, = (m+ )y, +m+ 1= 0, Fm

Khi d6 ta co:

e x, =, = m vl 4 2x, -4y, +1=0, Vi
[, =, +1=0
F— F

) x, =—1 j.r“ =1
]s."-f 1. T 1'."-| ——]-_1'| t1=0

Ya=0 hodc b’“ -

Vaycc')haidiémcé dinh ma ho (C’”) ludn di qua voi moi m la M'(_]:O) va ;'14"3(]:_2)

Vvt IV o (1 d P =T
Bai tap 4: Tim t4m va bén kinh cita duong tron (¢ V117120 Hlr=a) =7
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Loi giai

v (-2)) + (r-4) (V)

Ta viét phuong trinh cta (C) 0 dang (

Duong tron () c6 tim 1(-2:4) va ban kinh X :ﬁ.

Ay —ax —hy A

Bai tap 5: Tim diéu kién dé - c=0(h) la phuong trinh ctia dudng tron

Loi giai

[t

— X -

L |
1 |
1 |
|

L —ar—hr i e=0
Ta co: X 1 R i L

-

\ l.* h “_" IIl]..
N E e I ) LA
! ll.. 2.-' _]' _]'

L |

as ke o
% A (1) — g —— e g =A==
Vay diéu kién dé 1a phuong trinh duong tron: + 4

Bai tap 6: Cho duong cong (C,)ix+y” =84 10y +m =

O e e (CL) s s
. V6i gia tri ndo cua ” thi ( ”’) la duong
tron ¢ ban kinh bang 7 ?
Loi giai

Ta cd: &= 4 45 —m=T= m=—§

Ty =2 =4 m =2y 0-m=

Bai tap 7: Cho phuong trinh
phuong trinh ctia dudng tron.

0 (1) Tim didu kién cia m & () 13
Loi giai

o = 2mx—4(m -2 )y +o—m=0

pé t la phuong trinh ctia dudng tron khi va chi khi

Lz . o . m o= |
[ e} [1[ "w— 1}] — 0= ) =05 —15m+ 10 =0 =

2 } 2 _ L]
Bai tap 8: Tim ban kinh caa duong tron * 10y —24=0

Loi giai

Fr =10y =24=0 0" +5 —(-24)=7

Pudng tron * e tam (%) ban kinh © v

e D TR P
Bai tip 9: Tim toa o tim / va ban kinh R ciia duong tron (C); © #3726ty 1=0
Loi gidi

- R=yJI+(=2) -1=2
Duong tron (C) co tam 4c 2),bénkinh (=2)
Bai tip 10: Tim tit ca cac gid tri cia tham s6 ™ dé phuong trinh

ot s ) TR 19—t =1
Yot 2 2t a4 190w =0 la phuong trinh dudng tron.
Loi giai
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Ta c6 o =2(m ) dmy 4 19m—-0=0 (1) =a=m+2h=—2mic=19m—0.

Phuong trinh (1) la phuong trinh dudng tron <= @+ b —c =0

5 = 15m+ 100 m< | poge m>2

B. BAI TAP TRAC NGHIEM

PHAN I. Cau tric nghiém nhiéu phwong 4n lya chon. Mdi cau héi thi sinh chi chon mgt phwong an.

=3} B(=5:7 .
Cau 1l: Tam cia duong tron duong kinh 4B véi A(L=3): B(=5:7) la diém nao sau day?

A (722) B, (22). c. (31, p. 31,
Loi giai

Ta c6 dudng tron dudng kinh 48 ¢6 tam 14 trung diém / cua 4B .

. = f(-2;2)
vt
Suy ra
Cau 2: Cho duong cong (€ )i a™ 07 =8t 10y +m = ﬂ. Vi gia tri nao cua ” thi (C’”) la duong
tron c¢6 ban kinh bang 7?
A m=-8 B. m=4 C.m=-4 D m=8

Loi giai

R=f# + (-5 -m=T =41-m=49 = m=-8
Ta c6 ban kinh cua duong tron 1a (=3) = " " .
Cau 3: Phuong trinh nao sau day la phuong trinh duong tron?

A 44y = 10x—6p—2=0 B oy —dr i 0y—12=0

T2 —dr-8y e 1=0 T4 =2y =8y +20=0

D X
Loi giai

C. X

c s s \ 1A LA . 2y A~ N
Loai dap an A va C vi hé sb trudec X~ va ¥ khong bang nhau.

oAbt —e=2 4 (=3) +12=25>0

Xét dap 4n B ta co ' " la phuong trinh dudng tron.

Xétdap an Dtaco © b —e=1+ 4 -20=-3<0 khong 1a phuong trinh duong tron.

T3 —or 4+ 12y 12 =

Cau4: Cho duodng tron (C) c6 phuong trinh 3w 0 . Biét (C) c6 tam {a ;b)
vabankinh R Tinh ¢+5+ R,

AT 43, B V37-3. C. 4. D.2.
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Cau 5:

Cau 6:

Cau 8:
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Loi giai

3 4337 — 0y + 12y~ 1220 1 437 —2x 14y —4=0

Ta co: —
(=1
Th=22
Ta c6: L':_‘i —‘ff=m=m=3'
2+3=2

Vay 4 th+ R=1-

Phuong trinh nao sau day la phuong trinh ctia dudng tron?

= 6x—6y=8=10 207 - dx-8y-12=0

B. ¥
T .1': - - o l5=10 D 2y 4 1_1': — A+ ':1_1'_ 12=0

A2
C s :

Loi giai

by dav=2hrae=0, phuong trinh ciia mot dudng tron khi va chi khi @ 5" —¢ =0,
r r 2 N
Ta thay phuong trinh trong phuong 4n A va B c6 hé s cta x’ , ¥ khong bang nhau nén day
khong phai 1a phuong trinh duong tron.
th' —c =1+10-18 <0

Vi phuong an C cé a nén day khong phai 1a phuong trinh duong

tron. Vay ta chon dép an D.

Phuong trinh nao sau ddy 1a phuong trinh cia mot duong tron?

v = At 2 8y —-3=0 B X2 —dre Sp-1=0

it 4r 5y 2=0

AT
= .1..‘._ ]_]'|| ; 1.1, ; jﬂ]Hz |.’] D. X

Loi giai

c x

Phuong 4n A: ¢6 tich ™ nén khong phai la phuong trinh dudng tron.
Phuong an B: ¢ hé sd bac hai khong bang nhau nén khéng phai 1a phuong trinh dudng tron.

o =1 20 2008 =0 (x—T) 4+ (v 1) 4 1968=0

Phuong 4n C: ta c6 khong ton

tai Y nén cling khong phai phuong trinh dudng tron.

Puong tron * T TV E 0" ¢6 ban kinh bang bao nhiéu?
25
NE B. 25, c. 2. D. 23,
Loi gidi
Caly-2| =] 2]
Ta co I‘ 2) L2 R=2.5

suy ra ban kinh ctia duong tron 1a

Puong tron w =20y =0 c6 tam 1a diém nao dudi day?
A (55), B. (715). c. (579, p. (55),

Loi giai
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Cau 9:

Cau 10:

Cau 11:

Cau 12:

uigeli.xyz
Puong tron =0 6 tam 1a (1;_5).

& (C ) x™ + v+ e — 2+ 2+ 3

=1
Tim " & la phuong trinh dudng tron?
3 5 3
m<—— m<—— ——<m<l
A. 5 hoac m>1. B. 3. c.m>1, D. S

Loi giai

: bt e =0 (2w ) b (2w 3) =0
(C’”) la phuong trinh duong tron khi va chi khi SRR > (=2 ) tmT = (2m )

e St =2 =30 e — 2w |

LA e

‘ , 5 o 1t — ¥y R — . .
Tim tit ca gia tri ciia tham s§ ” dé phuong trinh * * " — =" Aveam=0 1y phuong trinh

duong tron.

m<l m <1
A l<m<4 B.1<m<4 C.L?Z‘l' D LT>4.

Loi giai

XAy =2mx+dy+ Sm=0 . . .
Phuong trinh la phuong trinh duong tron

m <1

- . 2 " : g . [-»] . —
gt hoe=0em H (=) =0m=0 o 5 40 m>4

Oxycho du(‘yng tr(‘)n[(1}:["- ! :\} 1 [_,ll__]'} = ](\'

Trong mit phang véi hé truc . Puong tron (C)

c6 toa 6 tim / va ban kinh R bang

A Ix4)kr=1o I-54)pr=10 I-5:4):RrR=4 M4k r=4

B C

D
Loi giai

(Ch(x+5) +(r—4) =10

7§ _ -
Puong tron* c6 toa do tam I(-5:4) va ban kinh R =16 =4,

Phuong trinh nao sau day 1a duong tron?

A 204 —0x=8y+1=0

C X -2r-8p420=0

W i or i 10=0

p &t —driar-12=0

Loi giai

P4 2av+ 2+ =0 i d.b.c

Phuong trinh dudng tron c6 dang * v thoa méan diéu kién

a+bh > )
Xét phuong an A, ta thdy khong théa man dang ctia phuong trinh dudng tron.

Tkt = [—3 }: =49 =16 R -.I-: : 1-: Foar+la=0

Xét phuong an B, ta thdy . nén - : khong 1a phuong

trinh duong tron.

. L 2 - . I B S - S
Xét phuong én C, ta thiy @ +h° =1+4 =17 <20 pap & 7 —2Ir =8y + 20
phuong trinh duong tron.

=0 khong 1a
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Cau 13:

Cau 14:

Cau 15:

Cau 16:
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, , Cat b =l (=3 = 13m0
Xét phuong an D, ta thay - , théa man dicu kién.

B L PR P DT L3V =13 )
Viy Ay —Artoy-12=0 am 407 =2 ) =L ]'léphuongtrinhdu(‘mgtrbn.

fT 4 2avt 2bv+ e =0(abc e

Cho phuong trinh
a,b.c

) la phuong trinh duong tron. Khi do
thoa man diéu kién nao sau day?
A. H:—f}:ﬁit'. B. u:+b3:>c-. C. u:—bj?f»c. ) D. cf:+h:ﬁ:c'.
Loi gidi
=T

ax+ 2by + ¢

Pidukiendé * ¥ =1 13 phuong trinh duong tron 1a @ +5” > ¢

Vo b du 10—
Cho duong tron (Chxm+ )y —ox+4y-12=0
luot 1a

I(3-2).R=5

. Puong tron (€) c6 tam / va ban kinh R lan

1(-32),R=5 I{~0:4).R=35 Ioi—4).R=5

A.

B C

Loi giai

. D

o — s dy— 7= ) R=y3+(-2) +12=5
Phuong trinh * R I(3: )Vébénkinh \/ (=)

(C):x’ 417 —2x+61—1=0

Ox7. cho duong tron * * Tam cua (C) co

Trong mat phang toa do
toa do la

A, (20 B. (13, c. (2-9) p. (173),
Loi giai

(Clx+ 3y —2ax—2hv+ ¢

=1 . o2 12 .
Phuong trinh dudng tron * (voi 0+ —c =0y

"—1[f=—1 (=1

—Mh=n =0 h = —3

Ta co (=~ L:_]

@ b —e=F 1 (=3) 1 1=1150

Ta co: nén day la phuong trinh duong tron.

Vay tam duomg tron () ¢6 toa dg 12 (1173)

Trong mit phang toa do Oxy hdy tim tim / va ban kinh R cta dudng tron c6 phuong trinh
[:(1}:.1.': { _1':—2.".' Fhy—8=10
(1 — 3 = T 07 -2 = 3.7 =2 . 13 — 7
RS _.}.H—_\[.B. 1(1: _.}.fe__.df. c H(L=3), fe_J__. D. n_]._.}.ff_J__.
Loi giai

v 1 — Yav— Yt e = R
Phuong trinh duong tron (€) c6dang: * T Tt A= 0 (voi ¢ thT—e =y

c6tam 1 (@P) aban kinh &=V b —c
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AL e , ' e=—8 , N -SSR
Theo dé bai, ta co: * \  (théaman @ +h —c > f]).

B

Puong tron (©) c6 tam 1(1:-3) va ban kinh

Cau 17: Trong mit phang toa do Oxy , ¢6 bao nhiéu gia tri nguyén duwong cta tham s ” dé phuong

iy =2v—4yim=10

trinh la phuong trinh ctia mot duong tron.
A. 3 B.S. C. 4. D. v s6.
Loi gidi
‘ =2a=-2 =1
—h=—4 = h=2
L2 . .2 . TR - o ‘ — ‘ —_—
Phuong trinh: * * 1 T = Arrm=0 g Le=m c=n

Phuong trinh da cho la phwong trinh duong tron — @ th-cx0eltd-m>02m<s ,

; . n = 11:2:3: 4]
két hop  1a gia tri nguyén duong suy ra el
Viy ¢ 4 gia tri ciia tham s6 7 thoa man yéu cau bai toan.

Cau 18: Trong mit phang toa do Oxy , hdy tim tat ca cac gia tri cia tham s6 ” dé phuong trinh sau day

‘ ..'Ilq' ; v "} v ':_-:f } =1
x4 3 4 2w+ Vo= 2+ 27 = 3w+ 10 1 phuong trinh ciia mét dudng tron.

A, >3 B. m<3 Cc.m<3. D.m=3
Loi giai
L2 . 2 Y — Mg e — . 2 12 .
Phuong trinh dudng tron (€) codang: * TN T TSR O= U (v6i @ +hT—c=ly
"—n'—"[m- J 1= —m — 1

—2h=-2m h=m

R T 3 l — 9 -3 F
A - , o=t i c=2m" =3m 0
Theo dé€ bai, ta co: * .

T4+ 2m 4 )= 2y + 2w = 3m+ 16=0

Phuong trinh 12 phuong trinh ciia mot dudng

Ceavh o0 (—m=1) 4 mT - Dm =3Im+10)x0=5m-15=0< m=3.
tron ’ !

Vay >3 théa min yéu ciu bai ton.
Cau 19: Phuong trinh nao sau day khong phai la phuong trinh duong tron?
A .,II_.'I 'I.': _ ][‘][‘].1. . ]= lf] B .,"_.‘! , .1|.‘! _ .1|= [-]
. a0
Loi giai
Xétdap anAtaco @ +h —c=0"+50"=1=2499>0 13 phyong trinh dudng tron.

”: = = 0 :

Xét dap an B ta co la phuong trinh dudng tron.
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Cau 20:
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Xét dap an C ta co @b —e =00 00122250 phuong trinh duong tron.

g +h —rc=

| = | —4=-Z<0
Xét dap an D ta co e

. khong 1a phuong trinh dudng tron.

L | =

, ., . N Z 2 . _I_.‘Z ; 2 L v — - —
Tim tit ca gi4 tri cua tham s6 7 dé phuong trinh * " * =" 10y 4 dm =0

dudng tron va ¢ ban kinh nho nhét.

la phuong trinh

m=—

A 2. B.m=1, C.m=-2, D m=2
Loi giai
o 4 2= 10y dm=0 . . .
Phuong trinh ' ' la phuong trinh dudng tron

eathoex0S M Y - 4Am>0 4 2 412550 o mell

f{:u'r:.': Fh* == Jm"'——hn 25 :afm"' —din+ 4+ 21 :,ll'[:m—l}: + 21 _\E
Ban kinh .

-

, _ P
Bén kinh nho nhit 13 £ =V21 i 7= 2=0 =

PHAN II. Céu tric nghiém ding sai. Trong mdi y a), b), ¢), d) & mdi cau, thi sinh chon diing hoic sai.

Cau 1:

Cau 2:

, Nt g v A o7 =
Trong mit phing 9%, duomg tron (€)% +37 +4x+0y=-12=0

khang dinh sau:

. Xét tinh dung sai cta cac

a) Puong tron (C) cO tam [(2;3).
b) Buong tron (<) ¢6 ban kinh R=5.

(Cyilxt2) (v i3) =25

c¢) Buong tron *

g M(2:-6) . . .z n . \
d) biém 4 6) la mot dieém thudc dudng tron (C)
Loi giai

1(-2:-3)

a) Sai: Puong tron (C)c() tam

= =2 . 3 L
b) bung: Ban kinh K \‘I[- 2) o (=3) 4l

¢) Bung: (C):{x+2) +(y+3) =25

IM = (242 +(-0+3) =5=R=>M(C
d) Pung: Ta c6 "/[' yi(-0+3) =(C)

(C)i’ 407 —2p 8=

\ \ ['] , , I . 5 y, 2 .
Cho duong tron * . Xét tinh dung sai cua cac khang dinh sau:

a) Tam cua duong tron (C) 1a diém [(0; 1) .
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b) Piém A4(1:0) nam trén dudng tron.
¢) Tam duong tron (C) cach truc Oy mot khoang bang 2.
© 2 o Alxtan—2=0 ¢ \ \ (C) A foAA qa: 1S \
d) Khi duong thang - cat duong tron theo day cung c6 do dai bang 6 thi
gidtri =2,
Loi giai

a) ing: () 107720820 iy g (Cpa 1(0Y)

by Sai: Xét diém 1 ("0) thi v = 7 con VP=0_ VT = VP

¢) Sai: Tryc 0y ¢o phuong trinh ¥ =0 Khoang cach tir tim duong tron (C) dén truc Dl
a) Ding: (©) ¢6 tam 7 (%D ban inh R =3

Do A cit (€) theo ddy cung c6 do dai bang duong kinh cia (€) nén A di qua tim / cua

du‘o-ng trbn (C). Suy ra: [+ ”.l.]_ 1 =1l = = 2 .

.I_-l: \ 2 ol s ':'—l 4 v 4 | =
Cho phuong trinh duong cong (Cm):.. Vordlm 2e—(mt ) rrmi1=0 (2)

dlng sai cua cac khang dinh sau:

. Xét tinh

2) ) PO e e,
a) ( ) la phuong trinh mgt duong tron véi moi gia tri caa 72,

b) Tap hop tdm cac duong tron khi m thay doi ludn nam trén duong thing c6 phuong trinh
Arx+yr—1=0

. me o+ 2+ 4
¥

c¢) Bén kinh cua duong tron =

d) Khi  thay ddi ho cac dudng tron (C.) ludn di qua hai diém c6 dinh.
Loi giai
[ m+2 { { 14 er ¢ 4

@’ +b* —c=| - —| 4.."—m—]:—' =0
| 3 | | 2 |

a) bung: Ta c6 ’ s L

Suy ra (2) la phuong trinh dudng tron véi moi 7

m+2
)

X, =—

m+4

V,

b) Dling: Puong tron ¢ tim / : [ - 2 suy ra X+, -1=0

Vay tap hop tdm cac dudng tron 1a dudng thang Atx+y-1=0
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2 -5 Y
Wt Lt oo
=

¥

c¢) Sai: Ban kinh duong tron -

d) Ding: Goi 10 Y0) 13 diém ¢é dinh ma ho (C) Tuén di qua.

Sy (e 2, = (mo 4) e, m 1= 0, Yo

Khi d6 ta co:

— |:l.| -V, — l }H.l i l. t _'l': t 2_'-.'| ——1_1'| F1=0,%m

-, ['."-I_.Ill t1=0 -, |-'."-'=_] an:l
Vi c6 hai iém o5 dinh ma ho () uon di qua véi moi mla 1 (71:0) 33 M2 (1:2)

(C)ix + 37+ 2mx— 10y + 4m =

Cho duong cong 0 . Xét tinh dng sai cta cac khang dinh sau:

a) Khi =0 thi (C) la phuong trinh duong tron.
m< =2
m>2

¢) C6 1 gia tri nguyén duong cua 7 dé (C) 12 mot phuong trinh dudng tron c6 ban kinh bang

. . \ C
b) Tt ca gia tri ciia tham s& "’ dé phuong trinh la phuong trinh dudng tron la

5CIIl

d) Khi 71 =2 thi (C) 1a phwong trinh dudng tron va ¢ ban kinh nho nhét.
Loi giai

a) Pung: Khi 7 = 0 thi phuong trinh (€) g1+ 27 =100=0

e (r-5)-25=0e 1+ (r-5) =25
Khi do (€) la phuong trinh dudng tron c6 tdm (0:5) ,bankinh R =35,

) |'I] - _ I .- ["]

- h =5 =4m (C)

b) Sai: Ta co: “ ~ la phuong trinh dudng tron <= @

s (—m) 4 5 = 2 c .
= lmm) o = AmE 0 4 2550 @ mell _

) |l|:I.. - -_ l’]

g=—mh=5c=4m . (C)

¢) bung: Ta c6: la phwong trinh duong tron — ¢ i

e —m Y 4 8 2 .
= =m) 4 = Am=0 o 42520 o mell

~ - - m=4
Sem=m —dm+25=5=

fo1s N m=10 —
Ban kinh bang mate  —=m=4

Fv o 2w — 10y + 4 =

d) Pang: Phuong trinh * U 1a phuong trinh dudng tron

catthes0Smm) ¥ —4m>0 4 0 412550 o mell
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Cau 5:

Cau 6:
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f{:xjru: th™—¢= Jﬁf‘—-hﬂ F 25 :JJJJ"‘ —din+ 4+ 21 :,II'[:.'H—Z}" + 21 _ﬁ

. _ e s
Bén kinh nhé nhét 1a & =21 khi === 2

Ban kinh

N ) A(_"- . “(1._
Trong mat phang vdi h¢ truc toa do Oxy’ cho cac diém A( “"1) , 8(3" 2) va ¢ (1’ 1). Xeét
tinh dung sai ctia cac khang dinh sau:
a) Néu duong tron c6 tam 1a diém 4 va c6 ban kinh R =2 thi dudng tron c6 phuong trinh 1a
|::_'|_'— 2}" . |:] . ]}‘ _ 1

b) Néu duong tron ¢ tam 1a diém B va c6 ban kinh & =3 thi duong tron c6 phuong trinh 1a
|::_'|_' . 3}" . [1 _ 1}‘ g

¢) Néu duong tron c6 tdm 13 diém € va c6 ban kinh bang d6 dai doan 4B thi duong tron co

eIV v 1V =1
phuongtrinhlé[-" ol d) "4.

d) Néu duong tron ¢ tim 1a diém B va duong tron di qua diém C thi dudng tron c6 phuong

c=3Y (1 +2) =5
trinh 1a (73 Flre2)y =3

Loi giai
a) Sai: Néu dudng tron c6 tam 1 diém 4 va c6 ban kinh R =2 thi duong tron c6 phuong trinh
p e =y =P e (r2) (-1 =4
b) Sai: Néu duong tron c6 tam la diém B va c6 ban kinh & =3 thi duong tron ¢ phuong trinh

g (3] (2 =9

) (-2 1) =34

AB=[(3
c) bung: Ta co JE‘

Néu duong tron c6 tam 1a diém € va c¢6 ban kinh R=AB=34 thi duong tron c6 phuong

(x—1) +(v+1) =34

trinh 1a . Do do, c) ding

BC=f(1-3) +(-1+2) =45

d) Bing: Ta c6 \‘l/[' J ) \'F

Puong tron ¢b tdm 1a diém B va duong tron di qua diém C thi dwong tron c6 ban kinh
R=BC=4

Néu duong tron ¢ tam 1a diém B va c6 ban kinh R=+5 thi duong tron c¢6 phuong trinh la

(x=3) +(v+2) =5

M(1;-2) N(-3:2) vi P5:0) <

Oxy , cho cac diém ,

Trong mat phéng v61 hé truc toa do
tinh dting sai ctia cac khang dinh sau:
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a) Néu duong tron c6 tam 1a diém M va c6 duong kinh bang 2 thi dudng tron c6 phuong trinh

g e 2y =4

b) Néu duong tron c6 tam 1a diém N va co dudng kinh bing 6 thi duong tron c6 phuong trinh
g (3 (-2 =9

¢) Néu duong tron ¢6 tam 1a diém P va c6 duong kinh bang d¢ dai doan MN thi duong tron
c6 phuong trinh 1a (x=3 ) - v =8 .

d) Néu duong tron c6 duong kinh 1a doan NP thi duong tron co phuong trinh Ia

(x=1} +(v=1) =17

Loi gidi

a) Sai: Ban kinh duong tron la

Puong tron ¢ tim 1a diém M va c6 ban kinh R=1 thi duong tron c6 phwong trinh 1a
[:_‘._'_]}'l: . [1 . j} =]

R =
b) Bung: Béan kinh duong tron la

=3

[SS e

Puong tron c6 tam 1a diém V va co ban kinh bang & =3 thi duong tron co phuong trinh 1a
(x4 3) 4 (y=2) =9

04 2F =42

MN = J(=3 -1} +
c) bung: Ta co J[' J

Pudng tron ¢6 duong kinh bang d6 dai doan MN nén ban kinh duong tron 1a

7 %

VN 2
oo M :4£:1ﬁ

Puong tron ¢6 tam 1 diém £ va co ban kinh K= 2V2 thi duong tron c6 phuong trinh 1a

(x=5) +1" =8

d) Pung: Goi / 1a trung diém cua doan thang VP nén ](1;1).

CNP= \f['s DAY 1 (0-2) =+Jon
Ta co ' ' .
Puong tron ¢6 duong kinh 1a doan NP nén ¢6 tam 1a diém / va c6 ban kinh

R

% 7
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Puong tron cé tam ](1;1) va ban kinh K= V17 thi duong tron c6 phuong trinh la

(x=1) +(v—1) =17

PHAN III. Ciu tric nghiém tri loi ngin

Cau 1:

Cau 2:

Chuyén dong cta mot vat thé trong khoang thoi gian 180 phut dugc thé hién trong mit phang

0= = 180) (2+sint™ 4+

RN EPTY A [ N ” Jnss .y
toa d9. Theo do, tai thoi diém ' " vat thé o vi tri ¢ toa do * cost }. Gia

, ~ X aA " A T \ \ coa I(at ; 2
st quy dao chuyén dong cua vat thé 1a mot duong tron c6 tam (a )) . Tinh tong 4 + b
Loi gidi

M (x:p)

Quy dao chuyén do cua vat thé 1a cac diém thoa man

.,-‘_X |:|'_ 1."' . []I__].}" _ ]

(C): (x=2) +(v—4) =1 1(2:4)

Vay quy dao chuyén do cua vt thé 13 dudng tron c6 tam ,

ja=2
ban kinh R=1 suy ra Ib:4 nén (1+b=6_

C6 bao nhiéu gia tri nguyén cta tham sb ”:E[_m:m]

o _1-:'—1[:”1 2 e+ Ay 4+ 19m—06=0

dé phuong trinh sau day

la mot phuong trinh duong tron.
Loi giai
Phuong trinh da cho 1a phuong trinh duong tron khi va chi khi
(m+2) +(=2m) = (19m—0) >0 S’ —15m+ 10> 0 me(—oil ) 2itm)

,.JJ:E[—H]:H]] ¢

Vi hico 11+8=19 gia tri nguyén ctia tham sb m.

Cho duong tron (Clix 1 —4ridr—4=0

va diém M{(1:0) . Day cung cua (€) di qua
diém M c6 d6 dai ngan nhat bang bao nhiéu? (Két qua 1am tron dén chit s thap phan tht hai
sau ddu phay)

Loi giai
(C)x 1 —dridr—-4=0= {c‘}:(.-.——l}" a0E 1}": 12 1(2:-2) ban

Ta co ~ nén cb tam

kinh R =23

b

viM=5<23=r

Goi d 1a duong thang di qua M cét duong tron (€) tai cac diém 4, B.
Goi 14 trung diém cua 4B

Tach: AB=24J= WR - e R v =2J12-5 =27 =529
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Hinh vé& bén dudi md phong mot tram thu phét song dién thoai di dong dat & vi tri / ¢6 toa do

(_2; 1) trong mat phfmg toa do (don vi trén hai truc 1a km). Tinh theo duong chim bay, xac dinh
khoang cach ngan nhat dé mot ngudi ¢ vi tri ¢ toa do (73; 4) di chuyén duoc toi ving phu
song theo don vi ki-16-mét (1am tron két qua dén hang phéan tram). Biét rang tram thu phat song
d6 dugc thiét ké v6i ban kinh phu song 3 km.

7 Ay

Tram
phat song

[y
=V

Puong tron mau den mo ta ranh gidi bén ngoai ciia ving phu séong cd tdm (-2 1) va ban kinh
s 3km aa . . s 2 =1 =09

phu song nén phuong trinh dudng tron do la: .

Gia sir vi tri ditng ctia nguoi do 1a 2 (34).

Goi 4 (nhur trén hinh v&) 14 giao diém tht nhat ciia duong tron tam / va B/

Khoang cach ngan nhat dé nguoi d6 di chuyén dugc tir vi tri B(-3:4) t6i viing phi song 1a BA

IB=(-3+2) +(4-1) =410 B - N
Mot ndng trai tudi nuée theo phuong phap voi phun xoay vong trung tim nhu Hinh 3- Cho

NR ~ ‘. o . ~ 12,—9 N 2 .
biét tam mot voi phun dugce dat tai toa do ( ) va voi co6 thé phun xa to1 da 36 m. Phuong
trinh duong tron biéu dién tap hop cac diém xa nhit ma voi nude c6 thé phun téi ¢6 dang

(x—12Y +(v+9) =R

Khi d6 gia tri cua R 1a bao nhiéu.
.
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Cau 6:
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Loi giai
12;-9)

A r < A A \ \ e r J A 71N \ \ 7oA 1'( .
Tap hop cac diém xa nhat ma voi nudce c6 thé phun téi 1a duong tron cd tam (

S12) (v 9) =36

va ban
kinh & =30 nén c6 phuong trinh: L

Mot cai cong hinh ban nguyét rong 6,8 m va cao 3,4 m. Mat duong duéi cong dugce chia thanh
hai lan cho xe ra vao. Biét rang phuong trinh m6 phong cai cong la duong tron c6 tim Ia: ?),
ban kinh R . Tinh ¢ +b+R

Loi giai

~ ~ A , Lo R \ ) A ot ~ (0;0 \ 40 5 2 p
Chon h¢ toa dd sao cho tam cua cai cong hinh ban nguyét co6 toa do ( ) va dinh cua cong co

toa do M(0:3.4) T, ¢6 phuong trinh mé phong cia cong la dudng tron nhan 0(0:0) lam tam
Vé bél’l kinh lé E=0M= _-2..—]' A 4 R= ?.—]' )

Dang 2: Viét phwong trinh dwong tron

Phwong phap: Ta thuc hién trong cac cach sau:

Cach 1:

m Tim toa dj tam I(asb) cua duong tron (C)

m Tim ban kinh R cta dudng tron (C)

m Viét phuong trinh cta duong tron (C) theo dang *

Cach 2:

m  Gid su phuong trinh ctia duong tron (C) la*

Hoac dang

(x—a) +(y-h) =R

= 2ar—2hvr+o=10

Fy 4+ 2ax+ 2+ e=10

m T diéu kién coa dé bai thiét 1ap hé phuong trinh véibaanla @, 0 ¢,

N U NP . , . . (C
m Giai hé dé tim ¢, b , ntur do tim dugc phuong trinh cua duong tron ( ) .

Chu y:

m Cho duong tron (€) c6tam / va bankinh R, diém 4e(C) = 14= R,

m (€) tiép xtc v6i dudng thang A tai

[ (C) tiép xuc v6i hai duong thing A va

] (C) cit duong thang A theo day cung c6 d¢ dai ¢

Je A=d(1.A)=R

A= d (1A )=d(LA)=R

o [d(1.A, 1;]‘~ - ‘%: R

A.BAI TAP TU LUAN

Bai tap 1: Viét phuong trinh dudng tron trong mdi trudng hop sau:

2)C6 tam” (57 ya di qua ©(%:0)

b) Nhan 4B 1am dudng kinh véi 51 BLS)
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. (2 (5:5). Plo-2
c) bi qua ba diém: M=) V3). Po=2)
Loi giai

a) Duong tron cn tim c6 ban kinh 1a @ = V1" + 5 =20 pap ¢ phuong trinh la:

(x=1) +(v+5) =20

: : A= J(4=17 +(3-1) =413
b) Goi / 1a trung diém cua doan 4B suy ra 1(4:3) nén J[' y )
\ \ hY \ P \ p » AR P A [(4,3) \ A \ s ;
Duong tron can tim c6 duong kinh Ia suy ra n6 nhan lam tdm va ban kinh
=y (=AY i (v =3) =13
R=AI'=~13 nan c6 phuong trinh 1a Le=d) ly=3) =13

b= 2ax—2by+c=0

¢) Goi phuong trinh dudng tron (C) c6 dang la:

M.N.P

Do duong tron di qua ba diém nén ta c6 hé¢ phuong trinh:

(44 1o+dag—8h+ec=0 (=2

S+ 2510 —-10h+ec=0=h=1
‘3("-—1—]2“-—1.“1-[':[] l[':—j[]

- n

\ - G A T M=
Vay phuong trinh duong tron can tim la: * Ar—2y-20=0 .

Bai tap 2: Viét phuong trinh dudng tron (C) trong cac truong hop sau:

- , el
a) (Do tam 52) va tidp xic véi dudng thing 21~ 21+ 7=0

b) (€) di qua A(2:-1) va tiép xtic voi hai truc toa d6 OX va Oy

C oA M A \ 2 o — ' — =
c) (€) ¢6 tim nam trén duong thang ¢ 6y -10=10

dvadrad=0 d o dr—3r—5=10
’ va - :

va tiép xtc voi hai duong thang co
N
phuong trinh ™!

Loi giai

a) Ban kinh duong tron (C) chinh 13 khodng cach tir / téi duong thang A nén:

R=d{I:7N) |_]_4_7| 2
=d A Y=
' Ji+4 5

). ety (p-2y =1

Vay phuong trinh dudng tron ( ) la: - 3

b) Vidiém 4 nam & goc phan tu thi tu va duong tron tiép xtc voi hai truc toa do nén tim cua

dudng tron c6 dang I(R:=R) trong d6 R 1a ban kinh duong tron (C)
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. . . > : ) R=1
R=l4 <R =(2-R)+(-l+R) <= R -0R+5=0& _
, ' ' R=>5
Ta co:
. .'.'— " .'Z= I_q‘::ﬂlq
Vay c6 hai dudng tron thod man dau bai la: S va (e=3) i s) =22

NN N A XA . 2 . K{oa+10:a
¢) Vi dudng tron can tim c¢6 tim K nim trén dudng thing ¢ nén goi (0 “)

d.d,

Mit khac duong tron tiép xtc voi “* “2 nén khoang cach tir tam I dén hai duong thang nay

bang nhau va bang ban kinh R suy ra:

[3(0a+10)+ 4a+ 5| |4(0a+10)3a=5|  [22a+35]=|21a 35|« 70
- =— i=——
: 5 o 43
. C(10:0) . p— CY(x—10) 4t =49
véi a=0 i K(10:0) (3 R=7 oy (C)ilr=10) 007 =4
TR PERE R=13 S e I R Bl el
Vi 43 thi - 43 43, va 43 suy ra | 43 | 43 ) 3,
Vay c6 hai duong tron thoa man cd phuong trinh la
0 (2
p . ) - N — { 1 JR— = —
(e =10) 417 =49 e |- |
[.(' } [ I } } 4 va x 43 | 43 3
B t3p 3: Trong mit phing toa 40 O cho hai diém *(%:0) 4 B(0:6)

a) Viét phuong trinh dudng tron ngoai tiép tam giac Q48
b) Viét phuong trinh duong tron noi tiép tam giac O4B
Loi giai

a) Ta c6 tam gidc OAB vuong & O nén tdm ! cua dudng tron ngoai tiép tam gidc 1a trung

. 5 - R=i4=J{5-4) +(0-3) =5
diém cua canh huyén 48 suy ra 4 (4’ 3) va ban kinh 'J[. R )

) (- :,'-_'J::zﬂl'_\
Viay phuong trinh dudng tron ngoai tiép tam giac O48 1a: Le=a) =) =23

b) Taco 4 =5 0B =0: 4B = JE 100 =10

4.0 8

D — 7

1
—A08 = . p=— """
Mit khac 2 (vi cing bang dién tich tam giac 4BC)suyra  O4 + OB+ AB

D& thdy dudng tron can tim c6 tim thudc goc phan tu thir nhat va tiép xac véi hai truc toa do
A A . < s (2:2)
nén tdm cua dudng tron cé toa dd 1a

) A (Y —
Vay phuong trinh dudng tron noi tiép tam giac O4B 1a: e=2) olr=2) 4.
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, . od et = oSl = _
Bai tap 4: Trong mit phing toa do @V, cho hai duong thing ray=0 ova -y 0 Goi
d 5.C 520 cho tam giac 4BC yuong tai B-

N

Viét phuong trinh cua (C), biét tam giac 4BC ¢ dién tich bang 2 va diém 4 c6 hoanh d6 duong.

C \ \ N « X , y . z . . < R
(€) la dudng tron tiep xuc voi a tai A, cat 2 tai hai diém

Loi giai

Vi Aed = 4 I:-r.'.'—\l".?.i.'}, a=0 B, Ced, = f:’l:'h.'ﬁh]. (.'I:.:'.' ﬁrﬁ
i ] ) . J . !
.”.!E[:."J—n'jﬁ[:u i .'JH .f-i;li_‘l::['—n'.'ﬁ[:t' - [.'H

Suy ra

Tam gidc 4BC vudng tai B do d6 4C 1a dwong kinh cta duong tron (€)
Do d6 ACJ_H": = .”.!;f__'.t;l-=ﬂa_‘-—].[:['— i) J_;\n'f_:_[[f fe)=0=2a+ =0 (1)

AB 1d. = ./.!E_szﬂq_% I{b—a)+3{a+h)=0=2b+a=0 (2)

Iu
s, ——MEH}H(_ ﬁrﬂﬂ-ﬂrﬂ}=£zqm¢_q=mﬂ

Mit khac 2 ' 2
NG
K

Tl 1 o —
2(c—b)=—3a af3al=1<a

T (1)-(2) suy ra thé vao (3) ta dugc

|"' \ f 3
po B 2B =i£-1|‘|- 2]
Do d6 0 3 /
"r‘ ‘{‘? R-AC 1
Suy ra(C) nhan o trung diém 4C 1am tdm va ban kinh 1a 2

'_: '.'t
(C): | | b= | =1
Vay phuong trinh dudng tron can tim 1a o
. X . 2 Al : T(1;=3
Bai tap 5: Trong mat phang Oxy , viet phuong trinh duong tron di qua ba diem A(1:2) , B(5:2) , C(L=3)
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Loi giai
A,B.,C

= ..'Z_"| s T
Phuong trinh dudng tron ¢6 dang * © 1 T =T AT e= 0 Puong tron nay qua nén
. , (=3
l+4—-2a—-dh+c=10 ]
2544-10a—-dh+ec=0= h=-—
1+9-2a+0b+c=0 ‘ ]_
L o= —

Vay phuong trinh duong tron can tim 1a * it —tr it r—1=0

2 A(5:— —3: e \ \ \ ; \ ;
Bai tap 6: Cho hai diém A(5: l), B(-3:7) . Viét phuong trinh dudng tron ¢6 dudng kinh 45
Loi giai
A I v N N N 4 AB A f (1, 3 )
Tam £/ cua duong tron la trung diém nén .

1= 35y () =42

1
RE=—.

Ban kinh 2
(x=1) +(y=3) =32 5" + )" ~ 20— 06y 2220

Vay phuong trinh duong tron la: *
\s 4A . X . \ \ (C) n f(— '-_3) A , ..
Bai tap 7: Viét phuong trinh duong tron tam va ti€p xuc vai truc tung .
Loi giai
, r —4a0 = ' = 3 = =
Puong tron (C) tiép xuc v6i " Y va o tam (=4:3) nén: ~hb=3R |”| 4.
AV o
Do do (C) c6 phuong trinh o)+ lr=3) ]h.
Bai tip 8: Viét phuong trinh dudng tron (C) di qua hai diém ‘4(1;3), B(3:1) va c6 tim nam trén duong
) s
thang "=~V 7 0
Loi giai

A

. 2 _ 2 E.— 't."_'l't:'_'l':."_ 2
Do I{ab) létémcﬁadudngtr(‘)n( )nen AP =BI = (a=1) w(b=3) =({a=3) +{h=1]

Khi do a:b(l) ma Hah)ed: 2x—1+7=0 én Y- htT=0 [:1}'
Thay (1) vao (2) ta co: g=—7=h==7= H" :.4.;: :]I:"I_].'
()7 +(r +7) = lod

Vay phuong trinh dudng tron

5 —1:2 p 5
Bai tap 9: Trong mat phang toa dd, cho duong tron (C) cO tam (-1:2) va ti€p xuc voi duong thang
A v T T — . . ~
Atx=2y+7=0 . Tinh dién tich hinh tron twong trng véi duong tron (C) da cho.
Loi gidi

F1-2.2+7

R=d{A)= ——=

Sl

N (C) x .
Vi duong tron ( ) t1I€p xuc vo1 A nén
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S=nRk = i—
Dién tich hinh tron: .
Ne oA . < 2 ~ Oxy \ \ . . [:(.'I ) X4 _1': =4 .
Bai tap 10: Trong mat phang toa do , cho duong tron c6 phuong trinh va cac
2 { T — ! — —_ [ ' : T 1 ' 4 i \ —_ ~ \ b \ 14 A :ﬂ A
duong thang* 4=0,A:3x+ p+8 []. Lap phuong trinh dudng tron (C) co tAm nam trén A,

Kk , y - 4 . . a0 R ~ N ~ , , . i ,t’ A
tiép xtc voi d va cht (C‘) tai hai di€ém phan bi¢t 4. B a6 cho 4B vudng goc voi d . Goi (a )) la tdm

duong tron (C) Tinh ¢+,

Loi giai

. 1.1,(0,0)

Goi lan luot 1a tAm céc duong tron (€)-(C) )

Vi (€) va (©) cét nhau tai 4. B nen ABLLE 1y AB 1d do do 1! song song ¢ .

Suy ra phuong trinh ctia dudng thang Wix—y= “.
Ai3xt p+ 8= (—2;-2

Mat khéc ta lai co FeAidviyi8§=0 nén d )

Vay a+b=—4

B. BAI TAP TRAC NGHIEM

PHAN 1. Cau tric nghiém nhiéu phwong 4n lya chon. M&i cau héi thi sinh chi chon mdt phwong 4n.

Cau 1:

Cau 2:

Cau 3:

buong tron tam ](3;_7), ban kinh & =3 ¢ phuong trinh 1a

A (=3 (e 7y =3 g (3 (=7 =9
(x=3) (1 7) =9 p. (X3 +(v+7) =9
Loi gii

C.

. ".'—1_:.'-.'_.":=le
Duong tron tdm I 7), ban kinh & =3 ¢6 phuong trinh 1a Le=3) i d) )

Trong mit phang toa do Oxy , cho A(—]:4)’ B(5:-2)

AB 13

. Phuong trinh dudng tron duong kinh

A. ['—F} ! [1—1} =2 . B. [_.".-——l-}" ; [1_1} :1'-}.

c e 2V +(v-1) = 72 p. (x- 2V +(v=1) = 18
Loi giai

Duong tron dudng kinh 4B ¢ tim (1) 1 trung diém cua 4B, ban kinh £ =1 = W2

I v IF — 18
Do d6 phuong trinh dudng tron dudng kinh 4B 1a Le=2) el =y =18
Duong tron tam [(3:-7) di qua A(=3-1) c6 phuong trinh 1a

A P37y =12 g (£-3) +(we7) =72
(x+3) +(y=7) =72 p. (x#3) +(r+7) =12
Loi giai

C.
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Puomg tron tam ' 77, di qua A1) e 6 ban kinh R =14 =032

— 77

L Y '-.'-_I{'t'-.’:"t .
Do d6 phuong trinh dudng tron tam ](3" 7),di qua A3 ]) la Le=3) (e ?) L

(C)ix” 41 —2x—4p—-5=0

Oxy , cho duong tron *

" .2 Vs 3; . &
Trong mat phang va diém 1(3:4) . Viet

phuong trinh dudng tron (C) c6 tam la tdm ctiia dudng tron (C‘ ) va di qua diém 4

o (=) (v=2) =10, p (=1 +(y=2) =8

(x+1) 4 (v s2) =8 p. (x+1) +(y+2) =10

Loi giai

(Y 2 "t—"'n'— N .
(G )x 37 = 2x =4y =3=0 cO tam 1(1’2),suyra tam cua duong tron (C) la

Puong tron (C) di qua diém A<3;4)nén ban kinh duong tron (C) la R=11= 3\'5

. ..II__ :,.-_Hl::zl'
Phuong trinh duong tron (C) can tim la: Le=t) e lr=2) \.

Puong tron di qua 3 diém ‘4(1;7), B(_QQ(*’)’ C(5:-1)

S = 2r—dy-20=0

c6 phuong trinh la

NES B ¥t e 4p-20=0
C o = 2eidp=20=0 D v

Loi giai

14 2r— 4y —20=0

Thay toa d6 diém 4 vao phuong an A ta duge 0 =0 (luén dung)
Thay toa d6 diém B vao phuong 4n A, ta duoc 0=0 (luon dung)

Thay toa d6 diém C vao phuong 4n A, ta dugc 0 =0 (ludn ding)

2t whEing OXV \ o AT =21v4 3=0 (4 . \ NN
Trong mat phang cho duong thang : . Vi€t phuong trinh dudng tron c6 tam
[(3:- 2) va tiép xtc véi A.
A Ly 3) i (r-2) =20 . g, (=3 (v 2) =20 .
c (xa3)y (=2 =10 p. (x13) s (y=2) =10

Loi giai
Do dudng tron can tim tiép xuc v6i dudng thang A nén ban kinh duong tron 1a

3-2(-2

] _}I3|:"'\1E

R=d(I1.A)= |
P (-2)

A ‘ (=3 (e 2) =20
Vay phuong trinh dudng tron can tim la: * v .
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g . e A(20=5) s didr—dy—1=0
Viét phuong trinh duong tron c6 tam va ti€p xuc véi duong thang
'--_"'I:,'-,-T_:z"l-_-, .'.I'."':..'—‘_'.:zr":.
A. (x=2) +({¥+5) = B. (x+2) +{y-3) -
o sfva St =5 e 2 (v =51V =5
c (=2 +(re5y =5 p (x#2) +(v=5)y=5

Loi giai

A(2:-5 -4y 1=0

) va tiép xuc voi duong thang d
32-4(-5) -1 25

VAR
(x=2) +(y+5) =25

Vay phuong trinh duong tron can tim 1a:
M (-6:3)

Duong tron c6 tam

=3

= R=d(A.d)=

va VP 13 cac didm 1an luot thudc cic dudng thing
."‘.'-'I:{jj

Cho tam giac MNP biét
Ajix=pa9=0 A dvsyil=0 oo 0(2:-1)

! , 1a diém thoa =INP Phuong trinh ndo

dudi day 1a phuong trinh duong tron ngoai tiép tam giac MNP 9

p z :r I_]]":_]If]

A. ['-—1}- [1—3}-=—1 B [_.'. —1} I|"1 _T| _L_}.
x=4) +(r+3) = (xr0) +(r-3) =2
C. (x 4) (1 3) —1' D. Y

Loi giai

Ned x—p+9=0=N{r,:x, +9) PeA :2x+y+1=0= P(x,:-2x, 1)

|1—'. :3['. - X } |jl. —3x,=-2 |_'|,',~=——1

= " A . - 4 = o

Mz VO =3NP [-1-p =3(y,-0) (200 000,=-207 [y, = -
Vi =4 =, =5= N(—45) : r.=—2 = —Q_xf‘[:—j.'_?}‘

|MN=(2:2)
o = MN NP =0
| VP=(2:-2)

Goi F 1a trung diém MP —~ £(=+:3).
MP

R=" =2
A . —4;3
Suy ra, duong tron ngoai tiép tam giac MNP ¢ tam E(—4:3) va ban kinh 2

) oy :.'-_7§:=
Vay phuong trinh duong tron ngoai tiép tam giac MNP Lesd) rly=3) =4 .

Ay
cho duong tron (C) c6 phuong trinh (y—3) =1

Trong mit phing toa do Oxy va diém
M(1:3) thugc duong tron (C) Viét phuong trinh tiép tuyén cta dudng tron (C) tai diém
M (1:3)
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A. _'.,'-ll'—]f]:ﬂ. B. __“_4_]:0. C. _l-’—3:0. D. __\‘—1:0_
Loi giai

Puong tron (C) c6 tam la [(0;3).
M =(1:0)

e e 5 \ \ C c 2R M(1.3) . £ A ,
Ti€p tuyén cua duong tron ( ) tai diém ( ) c6 vecto phap tuyén nén ta co

Hx—1)+ 0(v—3)=0e x— =10

phuong trinh
¢ 4\,
B‘ 0:——
Cau 10: Trong mit phang toa do Oxy’ cho hai diém ° (0’2), \ 5 I . Puong tron () di qua 4 va
. , F v —p— = AT vy Y= X . .
cit hai duong thang “ * =0 A2t vt 220 3 yot tai M va N Biét AM song
song voi BN va O.M,N thang hang. Phuong trinh dudng tron (T) la
A 4y 42— y—1=0 B Cr -1+ 2=0
C At xt y=2=0 D Cy—x—1=-2=0

Loi giai
ViMed Nea = M(ti=1) N(si-2s-2)

Néu =0 = 1-1“4’(0_]) = A M E{.)I'l' (loal)

Néu %0 taco: Do AM song song voi BN va M- N hing hang nén co:

s —2-2

’ _(]" 1=2 M (2:1)
R : _
|OM = kON N{ -3 [d=s-u s = 4= y(_4_2|
|AM =1BN o |77 2307 o |ISst=15s—ar =I=758 }\“‘_? l L 57 s

L () T dax b e = 0(a 4 b - 0)
Gia str duong tron c6 dang '

Vi duong tron (7) qua ba diém AM,N nén co hé:
I
= —
2
4—dh+e=10 . |
S—4a-2bic=0 )
4 5 4 c=-2
—4 =gt =N+ c=10
EAE <! (théa man diéu kién).

Gt mr—p-2=0

Vay phuong trinh dudng tron (7) la -

Cau 11: Trong mat phéng v61 hé toa d6 Oxy , cho hinh vudng ABCD ¢4 A(J; 2) va phuong trinh canh

i dy—T= . L
BD:3x+4y-7=0 . Khi d6 duong tron ndi tiép hinh vuong ABCD ¢ phuong trinh 1
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Cau 12:

Cau 13:
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(VI 1 = Iy Q" . ] .
(=24 (r-2] =4 =2 vt =2
) N ) N
A > > B.\ Y/
L;I \ - 1 " - ry L;I '.': 1
R RIEE R R
N My ] oy
C A o 3 w D i \, -

Goi / 1a tAm hinh vuong ABCD

, 3: CAe AT —
Puong thang 4C qua A(3:2) va vudng goc vai BD:3x+4y—7=0

AC:4x-3p—06=10

c6 phuong trinh la

5 3.3+ 4.2-7|
(22) SN L5 SR EE I
Vi /= AC BD pap 55 nén ta co: iAd = [ A, Bf.}} II'::;- P47
i 2

R="" = =.f2

Do d6 S22
(55)

Vay dudng tron ndi tiép hinh vuong 4BCD ¢6 tim 53 , ban kinh R = V2 c6 phuong

|f "_E| } 1'—2 | =7

|7 5 5 -
trinhla * -~ -
Trong mit phang toa d¢ O cho duong tron () c6 phuong trinh * " Or—4r-4=0 ‘

Viét phuong trinh tiép tuyén ctia duong tron (C) biét tiép tuyén vudng goc véi dudng thang
Arv—4y4 2022=0

44y +27=0 4y—y-7=0 g, v~ A+ 27=0 x-4p-7=0

e+ v+27=0 4x+1r-7=0 p 3t y=27=0 4x+p-7=0

e »

Loi giai

puong tron (C) ¢ tam 13 7 (32) va 6 ban kinh R=V17 |

Pudng thing LA=ddv s yrie=10 '

(C)esd(I.d)=R F22id s F:E?
gl )= Ko = b=
Puong thang ¢ 1a tiép tuyén cua VA T

y , e 1 T — Av T
Phuong trinh tiép tuyén @ 13+ ¥+ 27=0. dr+1=7=0

Trong hé tryc toa do P, cho dudng tron () ¢6 phuong trinh *

\ < A X . (C P . 2 v —

phuong trinh tiép tuyén véi (©) song song vGi voi duong thang .

Jv—4y-3=0 4y 3p-25=10 4rv 431y +25=0 [ Jr—41r+3=0
D

=4y +47=0 4v 43y +29=0 4v 43y -29=0

A. B C

Loi giai
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Cau 14:

Cau 15:

uigeli.xyz

T =4 i 8r-3=10 , [(2:_4) va ban  kinh

T Ay 45—
Phuong trinh tiép tuyén ¢ song song voi =" dyp+5=0

d(1.d)=R NN

d) .2, A
Do () tiep xuc véi duong tron nén:

c=3
=
f">|[ I = 3K f_-__']_‘-'
. Ir—dv +3= Iy 47—

Vay phuong trinh duong thang ¢ : - Ay 3= gy demdr=47=0

A A~ Oxy \ \ (C) LA N A \ 2
Trong h¢ truc toa do , cho duong tron cO tam nam trén duong thang
dix=0r=10=0 5 tiép xtc voi hai duong thang c6 phwong trinh d\:3x+4y+3= va
o dye—1p—
dy:4x=3) (Blet tung d6 cua tam 1a s6 khong am). Viét phuong trinh duong tron (C)

el v oy (0 70y (7Y \
NSy A ey Bl ey g (C)ilx=10) 07 =49
c l:(.} ['.— ]I:-]}" i .1.: — 1_:\ D. [(-} _'|."l: , [:_1'— ][.]}" _ _]_L;I |
Loi giai

Vi duong tron () 6 tam / nim trén dudng thing ¢ ¥~ 0r=10=0 1an goi I(6a+ m"”],
véi @20,

Mit khac dudng tron tiép xuc véi d,d, nén khoang cach tir tim / dén hai dudng thing nay
bang nhau va bang ban kinh R suy ra

a =0 (loar)

= 7

|3[:(‘I[.' F10)+ da+ 5

|—1['If‘lr.' #10)=3a-35 ) n
= £_¥|11[.'-3.“|=|1][|'-3."'
5 5 i =——Inhan)

43

|1[(‘In' 10)+4 —l[.'-5|

A= =/
vei a=0 i [(10:0) Gy S

(e ﬂ : ; ..'Z: L;I
Vay duong tron (C) c6 phuong trinh la: Le=10) +)7 =4 .

Phuong trinh tiép tuyén cta dudng tron (€)ixm s 07— 2= 2p= blet tiép tuyén vuong goc
dwong thing * 11T =01,

A XTy-2=0 R =0 B. Y=V 2=0 ’ x—y=21=0
c.¥—y+4=0 x-y-4=0 p. Y+t Vy+4=0 x+y-4=0

> >

Loi giai
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(C):x + " = 25— 21 =0 T(1:1).r =2

\ U L O P LA
Puong tron * : cotam

Fyr—1= —vie=10

0 hen tiép tuyén c6 dang “

d{I.d)=r aﬂ%=ﬁf_“s E:=—1

Do tiép tuyén vudng goc dudng thing Ay

Puong thang ¢ tiép xuc voi duong tron ( ) khi:

Vay phuong trinh tiép tuyén 1a *— ''* 2=0 x-y-2=0

A + K 2 \ \ C LA N A \ A e . . A
Cau 16: Viét phuong trinh dudng tron ( ) cO tam nam trén truc hoanh dong thoi di qua hai diém

A(2:-5)  B(4:3)

W =330 5 ot = 2043320
A. : .B. : .

2p=33=0 w2y 33=0

C ..ll- - 1 -II' "~ -
Loi giai

C LY = n \ . —. ’ :..-:' ':_j..-' :[-]
( )cotamfnamtrentruchoanh:bf(“'o) ) e

(C) di qua ‘_‘(2:_5) = d 25 —dat o=0a= —da L'=—1L3'.

(C) diqua 8(4.‘3)<_\ lo+ 9—8g+ o= 0= —8g+ r.':—l_‘;.

|'——h|' Fo=-—29 [HZ—I
=
—Sa+o=-25 [1'2—3.

Lad

Ta c6 hé phuong trinh: *

T R L
Vay phuong trinh duong tron (C): Yyt r=33=0

(7 0
i ) A[l,_‘)] M| =:3
Ciau 17: Cho tam gidc 4BC ¢co M 1a trung diem BC | biét 27, \2 ) va B:C 3 cac diém lan
Pidr=2v+1=0 " :x=-2y=-2=10

lugt thudc cic duong thing * - : : . Phuong trinh nao duéi da
g g g y
1a phuong trinh dudng tron ngoai tiép tam giac 48C 2
< g 3 3
'-: = l.—("l_l-]—:\=|:| [H—-z} :_1'—:|::
A 4 B vooss s
: 7 . 17
X 1"—(".1'—_'_‘.'_1" ﬂ:ﬂ : '-_:| [1—3} =T
C. 4 D </ -
Loi giai
If —1' . ] | .- 1 i
Bed dvr-21v+1=0= Bl x,: i | Cedx-2y-2=0=¢( | %, ‘:1
biém ’ -~ S ' =
|. .".':.‘ v, = 1".'. | '."-.'5 vLo=7 ||.'-.'I.j =2
f— . s .-:,_\.-]4 _]_za;_\.-r“ _ <
Vi M 1a trung diém BC 1o Tl T e T e L
";I |'- ";I A 1 |'z }
l.<:1_¥1<:—_‘>.|rfi1.'—| ro=5= ='__w(‘i5:'_|
. 7 7 % 3
Vaéi - oS 2 .2
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Cau 18:

Cau 19:

uigeli.xyz

(C) Ty = 2ar=2bytc=0 Lo Lk .
Goi (C)xm ey (o shr 1a dudng tron ngoai tiép tam giac 4ABC .

_ =2a—3bh+ r:—h
o4 =2ax =2 4e=0 4
e ¥ v o7
vy —2ax, =2, te=0= a9+ ¢ By =
‘ i 1 - j[,'_'.,':_ - j-'l]_'l':. c=10 109
—0g-3h+c=——0
Ta c6 hé phuong trinh: 4
2 2 c ]
© oy —ox-sys 3
Vay phuong trinh dudng tron ngoai tiép tam giac 4B8C ; '
, 7 - o 12
Viét phuong trinh dudng tron di qua 3 diém AZEL). B(D). C(L:3).
A Ay =2=-2y-2=0 B O 2= 2r=10
C Ay =22y 2=10 D A+ v+ 2y-2=0
Loi giai
Goi phuong trinh duong tron can tim co

[:('}:.1': by = 2ax—2by+ =0, (a’ +bh —c=0).

Vi (C) di qua 3 diém AB:C henta co hé phuong trinh:

(1+1+4+2a-2h+c=0 (2 —2h 4o ==2 (a0 =1
Q4 l—-tag—2h+o=0=

1+ 9-2a—-0htc=0

"

—fa—-2h+e=—10=

\_1”_ oh+oc=-10

h=1 (tm).

. (C):x*+ )y —2x-2y-2=0.
Vay phuong trinh dudng tron can tim la:
Trong mat phfmg voi hé toa do Oxy
(C)ix” + " =25 K(2:1)

MN: dx—3v+10=0

-

", diém
trinh duong thing
tam O tiép xuc v6i duong thang 4C 1a

Jio .10 )

X4 =— Xy =— X4y =— X4y =
A. - . B. = C. -~ . D.

Duong tron (€) ¢ tam (0:0)
T giac BCMN ngpi tiép nén ACB=MNA
Gia str 4 1a tiép tuyén cua dudng tron (C) @i A tac

goc lai ¢ vi tri so le trong nén ¢ song song MN suy ra O4 L MN
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cho tam giac 4BC noi tiép trong duong tron
thudc duong thang 4C . Hai duong cao BM va CN | phuong

va diém 4 c6 hoanh d6 am. Phuong trinh duong tron

b |

ACB =4, 4 4o 4 =MNA

, ma hai



Cau 20:

Cau 21:

uigeli.xyz

: . 2(0; . c A —
Phuong trinh duong thang O4 di qua 0(0:0) vudng goc voi MN 13 3x+ 4 =0

A 1a giao diém cua O4va (©) nén toa do 4 1a nghiém ctia hé phuong trinh:

|r=4
lv=-3

L

—

[x* 47 =25 |x=—4
3x+4r=0 [r=3

| = A(—4:3)

( A4 c6 hoanh @6 am).

Phuong trinh duong thang 4C di qua ‘4(_4;3), K(21) |y x+3y-5=0,

R =
DPuong tron tam O tiép xuc véi duong thang 4C nén ban kinh bang: 2 suy ra phuong
X4y = a
trinh 1a: 2,
o 2 ~ Oxy \ \ (C) , \ .'-."\' { 1"\'——1.'-.' F =0
Trong mat phang toa do cho duong tron c6 phuong trinh : : va

diém M{(1:1) thudc duong tron (C) Viét phuong trinh tiép tuyén ctia dudng tron (€) tai diém
iw(l,l)
A NTy-1I=0 g Yt2yv+1=0 c.Yy-2y-1=0 p. X 2v+1=0

Loi giai

Duong tron () co tam la ](2:71).

,, . Cx M(L c IM = (-1:2
Tiép tuyén cua duong tron (C) tai diém M (l’ 1) c6 vecto phéap tuyén M =(-1.2) nén ta co
N M =1l=0e= v =2v 4 1=
phuong trinh o=t 2{r=1)=0=xv-2y+1=0 .
2 ( Vo 2 : 1 ': = r
Trong mat phang toa do 0% cho duong tron (C) c6 phuong trinh lr=2) 4. Viet

phuong trinh tiép tuyén cta duong tron (C) biét tiép tuyén c6 hé sd goc 1a 2.
A _..'.-_.1' T jﬁ_—l:[]

2x—y+24544=0 2x—p+2J5-4=0
2S5 -4=0 20— =25 -4 =0
Tr—p+2J5-4=0_ 2x+y+2J5-4=0

Loi giai

N
|
|

&
|

Puong tron (©) ¢ tam 1a /(%) va 6 ban kinh R=2,

) , . Iy b Fr— pa b=
Puong thang ¢ c6 hé s goc bang 2co dang '~ = P =T 0

I::('}Q_Hf'[: fd)=R=

d 1a tiép tuyén cua

uigeli.xyz Trang 29



Cau 22:

Cau 23:
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25420 =25 -4 =0

A 2 o
Phuong trinh tiép tuyén 9 1a =" 1

- * g
Trong h¢ truc toa @0 %, cho dudmg tron (©) c6 phuong trinh (C): 1) 2)
. X . . & 4 , \ \ K, oA A 2 N(5-=2
.Viét phuong trinh tiép tuyén cuia dudng tron. Biét tiép tuyen qua diem ( .
A Aix—5=0 B ATTH =320 At p=T7=0
C.ﬂ:."—S:f;} hOé.C _-"'sl.'-.'-_l'—?:f]. D.'ﬁ:'ﬁl{EZ(}hOéC' .,"—_1'—?:(].

Loi giai

N '\'.'-."l":,' . B
puong tron (< V02725 g am T072) G4 bin kinh R=8=2V2

2 . .2 M(5:.-2 (AN v 4 hr— S Yh = )
Phuong trinh duong thang di qua diém 1(5 ) c6 dang: (o )iax+ by=3a+ 2h=10 Vo
at+b? > 0
|:.'—"-"J— Sa+ 24|
=22
pé (9) 13 tiép tuyén duomg tron (€) ki va chi kni: (/)= F a1 b

a=h

— |——1rf|= 22a b e 100" =8a” + 8h Sat=h i L{:—h

. —h= 1A 2 Adpixvr=3=0
Vi @ =b chon @=b=1 ta dugc phuong trinh tiép tuyén: (d)ixt .

g = ' SEIRY: o Ad)yix—1r=T=0
Vi @ ==b chon @ =1 =h =1 ta dugc phuong trinh tiép tuyén: (d)ix=

Oxy

n n . X . C) .. , n A3 R
Trong hé truc toa do , phuong trinh duong tron ( ) c6 tam  ¢6 toa do nguyén nam trén

2 A(2:-5 4 , L, , \ \
v+ 2y=0 , qua diém (2 ) va ti€p xuc vdi truc tung c6 phuong trinh 1a:

duongthang
Al 2f Hy=3) =4 g (vt tly-o) =5

C' [:.".'—_].}: . [1 . I:"I}: :5.

Loi giai

A M A \ 2 ' M= A A 3R 2 ._3
Do tdm / nam trén duong thang 342y =0 pep toa do diém 1(2 !),

<2 £ =5 e , , - A ’

Duong tron (C) qua diém A(2: ) t1€p xuc voi truc tung nén ta co:

[H=d(].0v) J[ t=2) + (=3t 5y _| 0o 137 = 3% 4+ 29= 447 o= 97 — 3844 29=10
=

— 29
I—_

(=1 =(2:-3)

Do tdm ! ¢6 toa d0 nguyén nén chon ? = . Khi d6 ban kinh R =2,

AV (el
Vaydu:orngtron Clle=2) +(y+3) 4.
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(C):ix"+ 3" =2x—-23

A - A . - A X 5 \ \ =0z £ LA LA
Cau 24: Viet phuong trinh ti€p tuyén cuia duong tron * biét ti€p tuyén c6 hé so

goc k=1
Al .r+_1.'—.1:li),.r+.1.'+ 2=0 B. .i'—_\'—i—.]:':]’ x-y—-2=0
C. _1'—_1.'+4:U, x—y-4=0 p. ¥+t yv+4= IZJ,_\'+_1.'—4:IIJ.
Loi giai
(R IE T, P PH . P
Duong tron (C)am sy =22y =0 co tim rkd). Jj

Do tiép tuyén co6 hé s6 goc k=l=u=(Ll)=n=(L-1)

Vay tiép tuyén c6 dang ¢ ¥V 1 e=0
: [ L
[fI[_fl[f'}:J'q;xq:\Eq:’ .
biéu kién tiép xuc Jj c=-2
Vay phuong trinh tiép tuyén 13 ¥~ VT 2=0 x-r-2=0

Cau 25: Viét phuong trinh dudng tron (C) di qua hai diém A(Z;O) va B(o:1) va c¢6 tim niam trén

duong thing Arx+y+1=0

(3]

|f - ]_ | . I." - f S5 l-f" | ]_'.: | I_- 7 V2 _ 170

poo | =

AL O L7 6 18 L S
ra ] -y ;\.5 I ] 2 - e ]Fll'l’]
Sy I s R Sy G s
C.' ~ o D. ' \
Loi giai
j"ll:lr
, \ A . Il.l':_"_] A 7 . (C) 3 A~ A A
Ta c6 phuong trinh tham sd cua ' . Do tam cua nam trén nén
I(t:=1-1)
_ o L , I (1 7))
IA=IB= {2tV +(1eY ={—~)y + (214 = t=— I| =:-= |
p ) ) ) ) 3 O iy,
Ta co , Suy ra
170
4=
Bén kinh cua duong tron khi do 1a: 6
(1 "|: s -”'_'"|: _83
N S N £

Phuong trinh dudng tron can tim c¢6 dang:

Oxy

Céu 26: Trong mit phing v6i hé toa do cho tam giagc ABC ¢4 BC =2A4B  phuong trinh duong

trung tuyén BM 3 * TV~ 2=0 i ABC=1207 v A(3;1). Phuong trinh duong tron tdm
B diqua 4 1a

cafp-2)=2

A.
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Cau 27:

Cau 28:
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Loi giai

pat AB=r= BC=1x (x> 0). Ap dung dinh 1i Cosin vao tam giac 4BC ta co
AC = AB® + BC* ~ 2. AB.BC.cOS ABC=7x" = AC= x[T_

Ap dung cong thuc tinh duong trung tuyén vao tam giac 48C ta duoc

. AR BCT ACT 3x0
BM = - S
2 4 4

AB =, BM™ = —, AM"= — = AM" = AR + BM~
Trong tam giac ABM ¢o 4 4

= AABM \\ono tai B = AB LBM

Phuong trinh dudng thing 4B di qua 4 vuéng goc véi BM 13 Y=V —2=0

B 14 giao diém ciia 4B va BM nén toa d6 1a nghiém ctia hé phuong trinh:

=1 | =2

54 —=B(2:0
=0 (:0)

(x=2) 107 =2

Puong tron tim B di qua 4 ¢6 ban kinh 48 = V2 suy ra phuong trinh 13 *

, .'."—"'::..'. .'Z: ~
Trong mat phang toa do OXV ¢ho dudng tron (C) c6 phuong trinh Ce=2) e ) 4. Viét

phuong trinh tiép tuyén cua dudng tron (C) tai diém M (2 l) .

A 2x+y-2=0 B, v+1=0 c. 2x—-y-3=0 p.y—1=0

Loi giai

. [:"I_"I}'\' .[:] ' ]}'\':_1

nén diém M (1) thuoe duong tron (€,

Duong tron (C) co tam la ](2"_1).

M(2:1) IM = (0:2)

< A A 5 \ \ C s 3. R r r A A r

Tiép tuyén cua dudng tron (€) tai diém c6 vecto phép tuyén nén ta co
ﬂ (7 + 2 (1 — = ﬂf.‘_ el — ﬂ

phuong trinh (r=2)e2lr=h) >yl .

Oxy (C) =204y —11=0

Trong mit phang toa do cho duong tron cO phuong trinh v

Viét phuong trinh tiép tuyén cua duong tron (€) biét tiép tuyén song song véi dudng thing
Ardv—4r-31=0

3+ —1.1' —-9=1 B
34y 19=0 b

Loi giai

=4y -31=0_, 3r—4y-9=0

Jv— —1_1' FO =10 3 — _1_1. —31=0

va

Puong tron () co tam 1a 1(1:-2) va ¢6 ban kinh R =4,

uigeli.xyz Trang 32
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Cau 30:
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” ! / N R R V= '.i_q
Puong thing d "A=d 3x—4y+c=0(c _]}.

|3 F 94 [-| 4L =0 [:T.‘u"}

[:('}«._H."[:f.u'}=ff — =
3 -[:——1}' [':—3][:.?,}

d 1a tiép tuyén cua

. . -4y 10—
Phwong trinh tiép tuyén ¢ 1a Ay+8=0

- :._"_.'I A .'l:_ T+ 8 —_‘::ﬂ
Trong h¢ truc toa do Oxy , cho dudng tron (C) c6 phuong trinh () Y —4x+8) )
\ A £ (C) AL LA i N , , \ 2 Iv—dp+5=0 .
Phuong trinh ti€p tuyén cua biét ti€p tuyén vudng goc véi duong thang : la
A. dr+3y+29=004x+3y-21=0 g, v +3y-25=04r+3y+29=0
Jr+4r+15=0 Jv+4p+15=0
C. 3.'-.'-—1_1'—35:(]. D. 3 —1_1'—3_‘::(].
Loi giai
(C)ix A —driB8r=5=10 , n 2;— . , ,
Puong  tron () y —4x+8) cO tim 1( ' 4) va ban  kinh
. . Tv—dp 4 5= N RSN
Phuong trinh tiép tuyén 4 vudng goc véi = W H3=0 4 dang Axtdyte=0

Puong thang d tiép xtc voi duong tron khi va chi khi:

[4.2 4 3.(4) + ¢

P =5 U=

J—

d(f.d)=R .JF."' - {:——1}: - g |[.__1|=1_q =29

5 T T 1 [y ) U [P I I -
Véyphuongtrinhdu(‘mgthéngd:4'“ 3y+29=04x+3y-21=0

Oxy’ cho duong tron (€) ¢6 phuong trinh (Clx 4y +dx—dp-1= f].

Phuong trinh tiép tuyén cta dudng tron (C) di qua diém M (0:-1) la

pol=0—12¢ 4 5y 5=0 PAl=0—1254 Sy =0

Trong h¢ truc toa do

A. B.
C r=l=012x 4+ 5y 4 5=0 p. V- =012y +5p+5=0
Loi giai
A T , 2 , - 1= _2.2
Puong  tron (C)xmsaidr—dy=1=0 cO tam [( ' ) va ban kinh

L M0 ax by b=0 . gl
Phuong trinh dudng thang di qua diém 1(0:-1) c6 dang: ¢ 4t TR 0 ygia®+b* >0

|—1:.' + 2h -.-':|| X
Puong thang d 13 tiép tuyén dudng tron (C) khi va chi khi: d(1.d)=Fk a b
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Cau 32:
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A 12
= |—1n’ - 3.":l|: Na b e AT = 12ab 1 9 =90 19 Sa’ 4 12ab=0 ”:_?”
= Jah = :
Véi =0 chon =1 ta dugc phuong trinh tiép tuyén: d:iy+1=0
12
’.a:_?b h=1 =—]2 3 ‘A A d 1 =12x+5r+5=10
Véi 2, chon "= = @ ="1- ta dugc phuong trinh tiép tuyén: = ©~ "= - -

14 7 o . ..: 1 ,: _ S b T —
Phuong trinh tiép tuyén cua dudng tron (C)a 4y —dx+2y-4=0
A3 —1.1'— 17=0 1

3r —1_1'— 13=1

song song dudng thing
a
Iv+4y+13=0 c. =3y +13=0 p, dx-3y-13=0

A. B.
Loi giai
"".,':- 2 v dp—4 = (1) =3
Duong tron (C):xm a0 =dvs2r=4=0 cétém”-" L=

At3xi 4y—17=0

Do tiép tuyén song song duong thang A nén tiép tuyén co dang

d:ivvdrie=0{c=-17)

Puong thing ¢ tiép xitc véi duong tron (©) Khi va chi khi

3.2+ 4.(-1)+ c=13

d(l.d)=r =
. 5 c=—1

So v6i diéu kién ¢ =—17 1oai.

X . s v 4 dy 4 ]3=
Vay phuong trinh tiép tuyén can tim la = 4y +13=0

. , ) AT Ay 11—
Cho duong tron (©) ¢6 tam /("1 () ci duong thing 374 1320 oo mot da
g g y
cung c6 do dai bang 8. Phuong trinh cia dudng tron (C) la
A W =2r 4 2y=30=10 B W = 2x =214 30=10
C W= 2r=21p-30=0 D O+ +2x+2y-30=0

Loi gidi
Goi giao diém ctia duong thang A va (€) 1a A va B> H 13 hinh chiéu cia / xubng 4B .

3.14 13
n"[if.'ﬂ-.}:n;zl-'-] \4.] ]__|:4

Khi d6 NERRES
Ap dung dinh 1y Pytago cho tam giac vuéng AH4B ta co:
AP = AH + IH> <= R =414 =32,

(o :..'— :=1"'f‘>'|.':- ':—H"u,'—ﬂ"—} —
Do d6 phuong trinh cta (C) la (o=} sl =l) =32 a7 —2x =2y =30 n,
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Cau 33:

Cau 34:

Cau 35:
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cho tam giac 4BC ¢o ‘4(1;3), B(=1:=1). (1), Duong tron
A . 1
ngoai tiép tam giac 4BC ¢o tam I )). Tinh @ =),
A. 4. B. 4. C. 2. D. 0.
Loi giai

Trong mat phing toa do P

I(a;l ~ \ \ . A .y ~ — — " _
Vi (a:b) 1a tim dudng tron ngoai tiép tam giac 4BC nén 4= 18=1C= k.

(i =158  J(1—a) +(3=b) =(~1—a) +(~1-b)

A

Tl =10 T (1—a) ¢ (3-b) =(1—a) + (1-b)
[a+2b=2 [a=-2
S = Lo =22
].”:— [p=2 Vay a—-b=-4
v a=10

Cho duodng thang dix—3 , Viét phuong trinh dudng tron (€) c6 tdm nam trén dudng

thing 22+ V=0 03 6i&p xic voi @ tai diém (132

. : - g

o 2 i 2 _ |:. ; 3} \ [..1,_&}-- =
A, br=3p o)y =lo0 B 5
e (x=5) +(y+10) =100 o (x=5) + (e 10) =10

Loi gidi

- - _ 3
Puong thing 4 ¢6 mot vecto chi phuong 1a u, =( 'l).

I(t:=2r)

A 5 \ \ C N A \ 2 A A
Do tdm ! cta duong tron (€) nam trén dudng thing A nén toa do

Do duong tron (€) tiép xtic voi 9 tai diém A(1:2) néntaco AU vy R=1I4,

a.__ ._’w—x ..___=|:|’-\._\3_. — { 1 t 2 =I:I<,_x =_§ 5._ -) _ _
Ty 1AL = A, (1-¢)+1(2+2¢) (=5 qyra 110 R=14=410

Vay phuong trinh dudng tron can tim 1a: Le=3) o) = ]m.

C)

cho duong tron (. tam / ban kinh R . Tir diém C niam ngoai
CM,CN

Trong mit phing toa do Oxy

duong tron ké 2 tiép tuyén sao cho M va N 1a cac tiép diém. Puong thang /C cit

(€) tai K va H sao cho CK < CH  Biét khoang cach tir K dén CM bing V17 va MN ¢4

v—4vr+3=0 Sx+y-1=0,

phuong trinh va .5 13y luot thudc cac duong thing

- . 7 _ ,
2r=0-7=0 Bi& K c6 tung d6 4m. Phuong trinh dudng tron (€) 1a

2= 18y -T71=0 B Ty -2 18y -TI=0

P47 = 2= 18y T1=0

A 24 .1,:

c vty =18y +71=0
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M

N

N

KMC = KMN = l.i‘[.".‘n"."-.' @
i 2 , suy ra MK 1a phén giac trong CMN |

Vi
Lai c6 CK 1a phan giac trong MCN  Tir d6 ta 06 K 1a tam duong tron noi tigp ACMN

— d(K.CM)=d(K.MN)=17

. g . , Yy T —
Goi K{a.2a-7) (véi 20 =7 <0 thuoc dudng thang =~V - =0
a=2
la—4(2a-7)+3| HEN a8
(KN =TT T =17 a= = (loait) g, )
Do CK LMN=CK:4x+v+m=0
¥ _2 g S ) N T P
yi K2R =m==5 phuong trinh dudng thing © K:dx+y-5=0
(4x+y-5=0
; — H(—421)
Iscsv—1=0 1

Toa d6 diém # 1a nghiém hé phuong trinh
L - —
”; Puong tron (C) 6 tam / ban kinh £ =K =133

Do / 1a trung diém HK = 1=
Ex "y = := = 'l.': e F2r—=1l8y-=-Tl=
Vay phuong trinh duong tron la: (rd) iy =9) =18 ety 2r =18y =7l ﬂ-
(17 29
daey.

Cho hinh chir nhat 4BCD  qua B ké duong thing vudng goc véi AC tai - Goi
CH.BH,AD DPuong tron ngoai tiép

Cau 36:
I.f i L;I Y
F| ]T':T LG (15
e lan luot 14 trung diém cac doan thang
tam gidc ABE ¢4 tim [(a;b). Tinh ¢+,
A. 0. B. 4. C. 6. D. 9.
Loi giai
Trang 36
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Xét tam giac AMTBC ¢4 E 1a trung diém cua HCF 1y trung diém cia HB = EF 13 duong
trung binh ciia tam gidc ABC = EF | /BC = EF L AB.

Xét AABE EF LABBH _AE = F 14 truc tAm cla tam giAc.
Goi ! 1a tam duodng tron ngoai tiép tam giac ABE |

Ta thiy ngay £F 1a dudng trung binh cua tam gidc ATBC

= fE=

B(= 4]._}="E'|:.f:>‘4(1.1)

P | =
b | —

.4(1:1}::;:;’:’;’;:{1

[t
[

2401

'J||
'.1'||

Puong thang 4E di qua diém
— AE =2x+ 1 +1=0

2 Vs . . ;- G = (_’: a 4
Duong thing 4B qua 4(1’1) va vudng goc véi 4G nén nhan 6= (0:4) 1a vecto phép tuyén
— AB: v —1=0

(17 9" .12

7 Fl =iz .J,=]§{]:E}

Puong thang BH qua S 5 va vudng goc voi AE nén nhan N la vecto phap
, e Py T —

tuyén = BH ¥ +2y-7=0

B=BHAB= toa  do B la  nghiém cia hé  phuong  trinh
(x420-7=0 |[x .
[y=1=0 _“]1-—1_““-:"']}'

A,B.E

Vay dudng tron ngoai tiép tam giac ABE 1a duong tron (€) di qua ba diém c6 dang 1a

Ay = 2ax=2hvt =0 a4 =0

—2a—2h4+oc==-2
=4 —10g—-2h+c=-20 ag=Xh=%c=10
34 5 220
- - ——h+c=-
. A.B.E=(C ;TS :
Vi () | s 3 5

LA . 3;3 . -
DPudng tron ngoai tiép tam giac ABE c6 tam ]( ’ ) Khido a+b=6.
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Cau 37:

Cau 38:

Cau 39:

Cau 40:
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Trong mat phing toa dd Oxy , cho duong tron thm ! c¢6 phuong trinh

C){=2) (1) =10 . G o
L)L Folr=t)y =t . Goi A 1a mot tiép tuyén cua (C) Khang dinh nao sau day Ia

HI.A) =45

D. M

ding?
A dA)=5 g dra)=Vlo L d(ra)=10

Loi gidi
Puong tron (€) c6 tim 1(2:1) , ban kinh R= \/E

(C) . d{r.a)=R=A10

Vi A 12 tiép tuyén ctia dudng tron nén

Fol TN B : =2 :::,' r r 2
Cho duong tron (Chles3) o lr=2) " Phuong trinh tiép tuyén cua (€) tai diém
M(-1:4) |
A YHYHI=0 g 2x—2y-10=0 ~ x=2y-9=0 p. Y+y-3=0

Loi giai

Dudng tron (€) c6 tAm [(73;2).

g g o M(-L4) s IM = (252
Tiep tuyen ctia duong tron (€) tai diém 1(-1:4) vudng goc voi /M do d6 nhan M =(2:2,

lam vecto phap tuyén.

7 r N ﬂ'-"u .HI.'— f— Fa T '—1:
Vay phuong trinh ti€p tuyén can tim la: 2ea ) 2{y=4)=0e i y-3 ﬂ.

Trong mit phang toa do Oxy , phuong trinh nao duéi ddy la phwong trinh tiép tuyén cua dudng
Ve SV o (v 1F = 20 7 .
ron (3] =) =200 ) ey K (211D,
A y=2x+1 B. v=—x—4 Cc.V=2x+11 D. y=35x+4
Loi giai

Puong tron (C) cO tam ](_5:1).

Tiép tuyén cua dudng tron (€) tai diém K(-1:-1) vudng goc v6i /K do d6 nhin

4. ,
IK=(4:-2) lam vecto phap tuyeén.

4(x+1)=2(r+1)=0=4x—-2y+2=0 y=2x+1

Vay phuong trinh tiép tuyén can tim 1a:

Fal T I :f-_ﬁxzﬁq
Cho duong tron (Chfe—=1) +{py=2) =28

M(-2:-2)

. Phuong trinh tiép tuyén d cua (C) tai diém

la
—3r—4v+14=10 “dr—4p+ =0~ 3xddy+l4=0 5 drdp+15=0

A. B.

Loi gidi
Puong tron (C) cO tam [(1;2).
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Cau 42:
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N }

Tiép myén cua duong tron (C) tai diém M (_“'
MI =(3:4)

vudng goc véi IM do d6 nhan
lam vecto phap tuyén.

4 4 Moo+ 2)+4 (o 2 =0 3 ' =
Vay phuong trinh tiép tuyén da:” et )4 a{ys2)=0 4y +14 n.

£ X . o \ (O ['_1'—1}:=1_‘_‘
Viét phuong trinh tiép tuyén cia duong tron ' -

didv—3r+31=0

biét tiép tuyén song song

v6i duong thang

A d-dp+2=0 g, dv-3y+3l=0 x4y +17=0 D. -3y -19=0
Loi giai
O A S )
Duong tron (Cp i ly=2) =23 co tam 7(0:2) va ban kinh 8 =3,
. . edy— 3 4 3=
Puong thang A song song v6i duong thang 4x—3y+31=0
U P [ - -
— A ¢6 phuong trinh dang dr=3pice=0 (cs c=31)
|—1_ﬂ—3_1 - L'|_ -
: 4 : e d(fA)= ,II'—I: E
Duong thing A 1a tiép tuyén cua duong tron (C) > A)=R (=3)
— |t._ﬁ| _ 5 |L-_|:“||: =" =3l
5 c=-19
¢ =31 khong thoa man didu kién ¢ # 31,
—1.1.'—3_1' —19=0

¢=-19 thoa mén diéu kién ¢ # 31 khi d6 duong thing A c¢6 phuong trinh Ia

Vay phuong trinh tiép tuyén cta duong tron (C) song song véi dudng thiang d 1a
dr-3r-19=0

[:(_'}:_'.,"\' } _1"\' =

. £ X .4 L, R R =10 .z ..z £ n . -
Viét phuong trinh ti€p tuyén cia dudng tron bict ti€p tuyeén vudng goc voi

dudng thing dix+y=0
A Ty W2=00 -y -42=0 B Yty A2I=004p-42=0
C Tyt A2 =004 p-32=0 p Ty Al =0 - -4d2=0

Loi giai

(v =10 .

buong tron ¢ 0 tim O(O; 0)

ban kinh R =4,
Puong thing A vudng goc v6i dudng thing d:ix+y=0

x—v+c=0 (cel )

= A ¢6 phuong trinh dang
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Cau 43:

Cau 44:
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[0-0+¢f
o . S— e _]_

Puong thang A 1a tiép tuyén cua dudng tron (C)e=d(oa)=r I+ (-1)

Vi c=H2 duong thang A ¢o phuong trinh 1a * 2= 0

Véi € =42 duong thang A ¢o phuong trinh 1a * '~ 42=0 )

—rid2=0

Vay duong tron (C) c6 hai tiép tuyén vudng géc voi duong thing 4 1a

w1 =df2=0

i i OVt 41— 2y = ‘ L )
Tiép tuyén cua dudng tron L) y-2x=0 di qua diém ’Vf(l,l_) 1a

Loi giai
R T R = . )
(C)rar =2 ”:>dubngu©n(c)cét&n’(ho)b@nkmhf?=l.

31.} = (0:1} =M =1=R =Me {C ]

Puong thang A 12 tiép tuyén cia duong tron (€) di qua diém M |

Do M(C) nén A nhan i =(0:1) lam vecto phép tuyén.
Phuong trinh dudng thang A 1a: O-ler=D)slly==0oy-1=0

) ) Tal IR Y . . L1
Vay tiép tuyén cuia duong tron (Cyam i =2r=0 di qua diém M (1:1) ay—1=0

£ X Lo \ (Cyx+ vy —ox+2y=
Viét phuong trinh ti€p tuyén cua dudng tron ) R

3 l0=10

] e e e
biét ti€p tuyén song

song voi duong thang *
A Xt =5=0 B, Sx—»y=0 c. rt3y-10=0 p. £ t3y+10=0

Loi giai
P T i ..'I_ v Yo, — . o
Duong tron (C) 47 =0xs 2y =0 co6 tam I(3: ]), ban kinh R _\/ﬁ.

F3r e 10=10

Puong thang A song song voi dudng thing d:x nén duong thang A c¢6 phuong

trinh dang X+ay+o= 0 lce o= ]f]}.

[3+3.0-1)+ Jio
. At Q_\%: ]ﬂ
Puéng thing A 1a tiép tuyén cua dusng tron (C) = (/A=K VI3

—r |['|:][—]’-.—X ['::][-:I

¢ =10 khong thoa man diéu kién ¢ # 10
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. ) T DU —

¢=-10 thoa man didu kién ¢ # 10 = phuong trinh duong thing A 1a * - 10=0

) ‘ () X o s radril0=0 |
Vay duong tron c6 mot tiép tuyén song song véi duong thang : la
x+3p—-10=0
s B T DTN, M(3: ,

Céu 45: Trong mat phang Oxy , cho (C): Ay -dv-2y-2=0y, M (3’5). Lap phuong trinh tiép

tuyén cua (C) di qua diém M .

AN =3x—4y+ | ]=[‘.IVél A, :_1.-:3- B. A v+ 4y-ll= nvé Ayiy=-3

c. 3x+4v+ 1= Ii‘.lVél A, _\':—3. p. N Bx—4y+ 1= If‘.lVél A, rx :3'

Loi giai
Ta co (C)C(') tam ](1;1) va ban kinh R=2,

M =J(3-1) 4 (5-1) =420=25 = R
CcO

Ta . Do d6 qua M ¢6 hai tiép tuyén dén (C)
r . A \ \ M . M N LA , , o (C)
Cach 1: Goi A la duong thang di qua va tiép xuc véi

Goi n=lab)=0 1a vecto phap tuyén cuia duong thang A.

A [|'|::.".'— 3+ -"J[:_l'— =10 = gy = 3a—5h=10

|:.' th=3g-5h

c_xn"[:lr.':"i}=f{<_‘- =2

-\]r:.'"' b

h=1

= 3t dah =02 Ay

- -. h=——
= |—1:.'— —1-"J|: XJas+ b 3

a=1=n=(L0)=A 1{x=3)+0(y—5)=0c r=3

A 1a tiép tuyén cua (€)

Véi £ =0 chon

6274—(1

Véi 3 chon @ =3 =h=4=n=(3-4)=A, 3x-4p11=0

Cach 2: Goi A 1a dudng thang di qua M va tiép xuc véi (C)

Trudng hop 1: A ¢6 hé s6 géc X 6 phuong trinh - as

Llemtes-s 3

A tigp xic vei ()= d(1A) =R T T T

) CA = S(r-3)s S -4y 1l=0
Vay tiep tuyén

Truwong hop 2: Arix=3 4 qua M(3:5)
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. |13
d(r.a)="t—L=2=g
Ta co 1=+ 0 Dodé 22 ¥ =3 g qua M va la tiép tuyén cua (C)
. . . A Yr—dvall= A
Vay c6 hai tiép tuyén thoa man yéu cau bai toan A Bv—dy+ =0, Ayix =3

A 2 . (o .‘.: g , ,
2y +{y-1) = . Goi phuong trinh tiép tuyén cia (C)

Cau 46: Trong mit phiang (Ox_v) , cho (€)=
it OOV 1an luot tai A B a0 cho OA=208 13 @ thr=9=10 ,voi & b 13 cac sé nguyén
dwong va udc chung 16n nhét cia % b 1a1. Tinh a+ 20
A S B. 3. C.2. D. |

Loi giai
Duong tron (©) e tam /(31 , ban kinh R =5

Tiép tuyén cit Ox: OV 1in lugt tai & B sao cho O4=208

——

Tiép tuyén c6 hé sb goc 04

1 1
k=—= , , Aly==x+n
Truong hgp 1: V6i 2 Phuong trinh tiép tuyén c6 dang 2
3
4 ==
) H = ﬁ Pt 2
N3 5
o A% n=——
A 1a tiép tuyén cua (C)e=d{l.A)=R 2
| 3
V=—x 4=
2 2
| 3
. . s V=5X"3
Suy ra phuong trinh tiép tuyén can tim la = =
I 1
k=——= ) ) d:y=——x+m
Truong hop 2: Voi 2 Phuong trinh tiép tuyén c6 dang 2
G
m=—
- |4__Il”|=\1"_:__<,_x 2
] 1
e T, m=——
d 1a tiép tuyén clia (€)= dll.d)=R 2,
"ETIYTS O [x42v-9=0
2 2, _
11T [xe2eet=0
V= E.' — E

Suy ra phuong trinh tiép tuyén can tim 1a

Aod=lhbh=2=g+2h=5

Vay
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(Chle—=1) (v 1) =1

. } 0 X
Cau 47: Trong mat phang (OW), cho dudng tron . C6 thé lap duoc bao

A \ A A . \ \ (C) AL LA £ AN v r—4=0 .
nhiéu phuong trinh ti€p tuyén cua dudong tron biét tiép tuyeén tao vdi : mot
goc bang 45°.

A- 4, B. 3. C. 2. D. L.
Loi giai
Puong tron (€) co tdim [(1;_1)Vé ban kinh & :m.
coxax MI(x) s N I
Goi tiep diem """/ khi d6 phuong trinh tiép tuyén c6 dang:
d (=) x, =D (v (v, + =10 (x, =D (v, + r—x, + v, -8=0 (1)
vi Mlmi)e (C)e [, =1) + (n, 1 1) =10(2)
Puong thang d tao voi A mot goc bang 45° khi va chi khi
1[..1."—] ]l:ll] == ¥ (3
cosdst = | : } }| = & 2x,+p,-1|=5e Ya =072 (3)
44 ]_\I[:_-._-I_]}" o, 1) ' ¥, =—4-2x (4)
[[x, =2
[y, =2 M, (2:2
(=4 | M (%-2)
] v —
Giai hé phuong trinh tao boi (2).3) ta dugc: —]' Yo =7e
_| c =0
v, =—4  [M(0:—4)
(5, =-2 | M, (-2:0)
—
Giai h¢ phuong trinh tao bdi (2) (4) ta duoc: —]' Ya
] . v , v I — 5=
Voi M‘(z’z),thay vao (1) ta duoc tiép tuyén " =0
.M, (4:-2 y 2 i 3v—p—-14=10.
Voi hL(4 }, thay vao (1) ta dugc tiép tuyen 2 y-14=0

o M (0:-4) x+3r+12=0.
o '

\Y , thay vao (1) ta dugc tiép tuyén s

. il.”! _2.0 Lz , ' .-;:.__ ) 1 _
Véi 4( },thay vao (1) ta duge tiép tuyén d 3r—vio=0,

i

A r A < A A 'I. e 'I-. d e C 9 ~ A A P ETS
Vay c6 bén tiép tuyén “1+ “2 e tO‘l( )thoa man diéu kién dé bai.

5 . 2 2 _ Fal '.'l,'—"':- .
Cau 48: Trong mat phang toa dg, cho hai duong tron (€):(x+2) +y =1 va (=2 ]ﬁ.

diax+h—=10=10

Biét duong thang 12 mot tiép tuyén chung cua hai dudng tron (©) va (©,)

.Tinhsz'f'rj *h:.
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A S=12 B. S=16, c. S=20 D. $=24

Loi giai

R.R I1(-2:0) . J(2:0)

> lan luot 1a ban kinh duong tron (G )Vé (€, ) Ta co
=4<1+4=R +R

Cach 1: Goi

lan Iuot 1a tim duodng tron d6. Vi * nén hai dudng tron da cho cit nhau,
do d6 chiing chi c6 hai tiép tuyén chung ngoai. Goi S 1a giao diém cua */ va tiép tuyén chung

ngoai CD cua hai dudng tron.

SIoIC | o
Taco S/ JD 4 suyra 45157 =0 pay 305=401-0J pogs * 3 /.

Gia sur tiép tuyén CD ¢6 vecto phap tuyén "= v, Phuong trinh dudng thing CP 1a
i 10

ul x [+1=0
| L
: =4 . Suy ra
4
—u —
3
]=f{|=:."[F.('f.?']=+<_x ==
uot 3
a_ b -10
u v h 10u
Két hop gia thiét ta c6 3 hay @=-3 va D=5V Tyras D=7,

Trong tAt ¢4 céc truong hop ta déu co S =a +h =10,

|—1[|' - ]f]| - -
, (d) e , "(Cl) . ﬁ:]"?._X-\f[f i h =|j“]["]| |']'|
Cach 2: tiép xuc voi nén Wi 0
|1[.' - ][]l

() tiép xtic véi (©) nén Vet h

=4 &= dafg’ -."1:=|1[f—][']| (2)

Ja—10="5q+40 0=—

2a—10=—8q—40"
Tu (1) va (2) suy ra -

Véi @==3 thitaco V¢ 0 =d=a 1 =10 140nay b==J7 (Nhan)

L]

—

|1[.'—]f]|:—1|1[.' 10
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25 — 20 .. 400 ) 225
a=—-"" g+ h = - g+ ht = h™ =—

Véi 3 thitaco 3 Y . Luc nay 9 (Loai)

Vay a +h = 16

M0t cira hang 4n nhanh dit ¢ vi tri / trong mit phéng toa do (don vi trén hai tryc 1a 1 km),

Vung ship dd an cua cira hang dugc mo ta boi o=ty ly=1) =100

thudc vung ship dd cia cira hang?
M (7:10) N(—4:-8)

. Pia diém nao sau day

C. P(9:—6). D.

Loi giai

A O(-7:3),

B
Ta c6 vi tri ddt cua hang 1a ! (1 : 1) , ban kinh vung ship hang la R =10

Pé nam trong ving duoc ship hang thi khoang cach tir ctra hang dén dia diém d6 phai nho hon
hodc bang R . Ta xét:

M = (-1 4 (10-1) =117 > R

IN = \/[j—4—1}" (-8-1) =100 = R

1P=(0-1) + (-a-1) =13 > &

F(_J=\fi:—?—1}: 5—1) =80 < R

Vay 0 thudc ving ship do cia cira hang.

(Chlix 41 —8x+2r—58=10 va 4(—]0)

Cho duodng tron * T,

Goi % 1a cac tiép diém cua cac
tiép tuyén ké tir 4 dén (C) Phuong trinh dudng thing L, la

AL 5.x‘—_1'+4:[i. B. 5.\\'—_1'—4:[#_ C. r—2pr-17= I.“J. D. [0y =214 ]:If"J‘

Loi gidi

Puong tron (C) c6 tam I(4:-1) , ban kinh fo=-
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Cau 52:
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= (-1-4) (0 1) =20
O .

Tac

AIT A

AT =14’ - 1T =V20-25=1=4T

Xét vudng tai I co

Pudng tron (@) tam 4, ban kinh "= AT =41 = L co phuong trinh 1a:

(x+1) +17 =l +17+2r=0

Ty =(C)(q)

Do ' nén phuong trinh duong thang L la

(07 =854 20 8) (¥ 7 4 26) 20 10y 4 2§ 0.5 Sr—y+ 420

(= A =20=0 . x A(3= S I C Lk £
Cho duong tron L) y -4 ! . Tur diém 4(3:-2) c6 thé ké dén (C) hai ti€p tuyén
phén biét c6 phuong trinh la
Al E.x'+_1'—?4:[bvé x=2y+1=0 B. ac+ bt 20 3.x‘+_1'+><:[bvé y=2y-1=10
b PP _ T FYRE b ET B _
c. -y +8=0 5 x+2y-1=0 p, 2X~) 8=0 3 v+2y+1=0

Loi giai
Puomg tron (©) cotam * (21 ban kinh =5

n=(al L 2 g2, , » ,
n=(a:b) (diéu kién @ b= 0') 1a vecto phéap tuyén cua tiép tuyén cua (C) qua 4.

Goi

r ’ i .II- _ -z- , g ) i J'll _
Phuong trinh tiép tuyén A ¢6 dang * (x=3)+h(r+2)=0 |

— 1 4 3 -
dilA) =R Q;WM: ﬁa_ﬁ _‘T-II[.': i n'I]:}:[:[f—En'I]}-

Ta co @’ + b = dg-+ bgh—4bh =10

. . . Ju=h
= (2a-hb)la+ 2h)=0= .
a=—2h

Truong hep 1: Voi 2¢ =0 do a’ b7 #0 nen chon ¢ =1=h=2

. . =3 2+ =0 e v Yo 1=
PhuO’ngt:rinhtiép‘[uyénAla‘l]'[-'n 32 2)=0e i 2pi1=0

.

Trwong hgp 2: Voi 94 = ~2b do nénchon P=1=a=-1

i , [ T U B (e My =1 .« - — qr— 2
Phuong trinh tidp tuyén A 1a =3 Ly 2)=0o 2r—p=8=0

(C):(x=1) +(y+3) =10 F ]

Cho dudng tron va dudng thing =0 pidt duong thing

A cit (C) tai hai diém phan bi¢t 4.8 . Do dai doan théng AB béng

19 J19 V38

A.? B.\@. Cc. 2 . D. 2 .
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Loi giai

Puong tron (&) ¢6 tam 7 573) va ban kinh £ = 11=10.

3 |
I =d(1A) = =3t
Goi H 1a trung diém day cung 48 nén vl ”'l_

AH =14 — 11 = 10—

Tam gidc A/H vuéng tai /4 nén

Do dai doan théng AB=2AH=-/38 .

.2 R (o) I G T, o
Viét phuong trinh ti€p tuyén cua duong tron (C)mi Lot

A 4 L \ M d e =3v+ 2022=1]
vudng goc véi duong thang : .

, biét tiép tuyén

Ir 4 Tp—7 = v+ Tp—0 = v 4 Ty T = Y 0=

A, +2) ]'_ﬂhoéc"'" Ryl '-f-'_ﬂ' B, 32} 17 = holic n '-I'_EI.

C 3x+ 2y ﬁznhoéc In+2y-9=0 4 '}"T'j-r—]?:nhoéc 2y 9=0
Loi giai

1(-21).r=13 Aidr+ 2y c=0.

DPuong tron (C) co6 tdm va tiép tuyén c6 dang

- — 4 c=17
H=u‘[f:=-:‘;]¢_x|i—=u"]3 = :
Ta co W13 c=-Y

ﬂll"]?:ﬂ - :'f'l."z_l'—"}:ﬂ

Vay phuong trinh tiép tuyén la Jrd hodc -

Trong mit phang toa do Oxy

d:dr—3r—1=0

, cho duong tron *

(Ch(x =3 +(r—4)y =25

va duong thing

<\ M A r 7. Nt A , e \ \ C 7
. Buong thang A vuong goc vol d va tiep xuc voi dudng tron ( ) co

phuong trinh la
A, x+4r=03x+4y +30=0 B, 3 —4r=03r-4y+50=0
c. dr—=3y=0,4x-3y+50=0 p, x+4y=03x+4y-50=0

Loi giai
) A — T =
Puong thang A vudng goc voi ¢ Ax=3y-1=0

Clilx=3) +(p—4) =

DPuong tron
REEREEE RN
—d(A)=r [y .1
Puong thing A tiép xuc v6i duong tron (C) ) ¥4
c=10
="
f";|ﬂ|“. |:|=j_"' (___5{}
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Cau 55:

uigeli.xyz

, A T A w0 —
Vay duong thing A c6 dang: 3x+4y=0 hodc - 4y -30=0

Trong mit phang Oxy, cho (C): Ay = 2v=2r-2=0_4 M (3:5)

. Phuong trinh tiép
tuyén cua (€) di qua diém M 1a

AT - _ A —
ARy =0 Ay =3

Loi gidi
Ta co (C)cc') tam 1(1;1) va ban kinh R =2,

M —JB-1 e (5-1) =V0=2F = R

Tac . Do d6 qua M ¢6 hai tiép tuyén dén (C)

Cach 1: Goi A 1a duong thang di qua M va tiép xtc véi (€)

n=(ah)=(

Goi ' 13 vecto phép tuyén cta dudng thang A.

A :[,'[:_'.,'— 3} th [:_1'-5}: 0 PNy A .1'1_1'— In—5h=10

|n' i |'IJ—3[|'—_':EIJ|

-Jr[.': P b

-7

e d(IA)=R <
A 1a tiép tuyén cta ( )

s 3T dah = 0 e - i
> > n=—-—

= |—1:.'— —h'l|= a + b 3

h=0 ghon @ =1 =1=(1:0) = A :1(x=3)+0(y=5)= 0 x=3
Vi
b:—4—a -
3 chon ¢« =3=h=-4 =n=(3-4)=A, 3x—4y+ ]]=If‘.l.
Vi

Cich 2: Goi A 1a duong thang di qua M va tiép xuc voi (C)

A =k(r—-3)+ 5 k- v+ 5-3=
TH1: A ¢6 hé s6 goc kcéphuongtrinh p=kle= ) ke =3 k ﬂ.

N L R PPN

A tiép xtic v6i (C)=d(na)=k ~  Jr& .1 y

2
, DA y=(x=3)+ 5 3x—4p+11=0
Vay tiép tuyén 4
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TH2: 22773 g qua M (39)
d(1:A, )= =3 s
Ta co I+ 0 Dods 2273 g qua M va la tiép tuyén cua (C)
. , R A e Ao 11— Ay —
Véy c6 hai tiép tuyén thoa mén yéu chu bai togn 21 ¥4y +11=0, A, ix =3

PHAN II. Chu tric nghiém ding sai. Trong mdi y a), b), ¢), d) & mdi cau, thi sinh chon ding hoic sai.

Cau 1:

Cau 2:

Oxy A(0;4) B(2:4) C(2;0)

Trong mat ph'fmg vo1 hé toa do , cho ba diém . Xét tinh dung sai
ctia cac khang dinh sau:
a) Duong tron ngoai tiép tam giac ABC  ¢6 phuong trinh téng quat la:

(C)ix " =2x—4p=0

b) Buong tron ngoai tiép tam giac 48 C ¢6 tam ! (1; 2)

¢) Puong tron ngoai tiép tam giac 4BC ¢ ban kinh R=+5

b(r=1) +(v-2) =5

d) Pudng tron ngoai tiép tam giac 4BC ¢ phuong trinh L) . ?
Loi gidi

Gia st phuong trinh  dwong tron di qua 3  diém c6 dang

[:('}:.'-."" byt 4 2av+ 2by+c=10

A(0;4) B(2:4) C(2:0)

Thay toa d6 3 diém ta duoc:

[Sh+c=—10 (a=—1
a+Bhtoe==20&h=-2=(C}: Xy =2x—4y =0

4
|_—h|'-c':—4 o =0

Suy ra (C) c6 tam 1(1:2) va ban kinh &= V5 .
a) Pung: Pudng tron ngoai tiép tam gidc 48C ¢ phuong trinh tong quat la:

(Clix’ 417 =2r—4y=0

b) Pung: Pudng tron ngoai tiép tam giac 4BC ¢6 tam ! (l; 2) .

¢) blng: Puong tron ngoai tiép tam giac 4BC ¢6 ban kinh R=+5 .

d) Sai: Vi Pudng tron ngoai tiép tam giac 4BC ¢6 phwong trinh chinh tic 1a:
(C)(x—1) +(r-2)"=5

. : . (d): 3+ dy=—2=
Trong hé truc toa do Oxy’ cho diém ](1’1) va duong thang (d):3x+4p=2 []. Xét tinh ding

sai cua cac khang dinh sau:
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. : . s (d)V: 3+ dv—2= .
a) Khoang céch tir diém ](1’1) dén duong thang (d):3xs4p=2=0 bang 1

. . s (dVi 3 dy—2=
b) Duong tron tam ](1’1) va tiép xuc vdi duong thang (d):3esdr=2=10 c6 phuong trinh

chinh tic 1a le=1) =1 =].

¢) Puong tron tam 1(L1) va tiép xuc véi dudng thing (d):3vsdr=2=0 4 phuong trinh
tong quat 1a YT 2= =0
d) Puong thang di qua diém 1(11) va vudng goc v6i dudng thang (d):3vs4p=2=0 co
phuong trinh tong quat 1a Ix+4y-7=0
Loi giai

a) bung: Khoang cach tir diém ](1;1) dén duong thang (d):3vs 4p=2=0 bang 1

:."['F.:."}=M =1
Vi ORS
b) Bung: Dudng tron tdm I(L1) va tiép xuc voi duong thang (d):3vsdp=2=0 c6 phuong
trinh chinh tic la (e=1) +(p=1) =1 .

fs.’::f'['f.:r'}:w:] . > :
Vi . ﬁ nén phuong trinh chinh tac la (e=1) +ly=1) = .
c¢) bung: Puong tron tdm I(l;l) va tiép xtic voi duong thing (d):3cs4r=2=0 c6 phuong
trinh tong quat 1a 22 1= 0

h’::."['F.:."}:M:] . )
Vi . ﬁ nén phuong trinh chinh ticla * "~ Z-2y+1=10

d) Sai: Phuong trinh tong quat dudng thang qua ](1;1) c¢6 vecto phéap tuyén ' = (=313

(d"):—4x+3p+1=0

Oxy , cho duong tron (C) tam ](1;2) va cit duong thing

A,B

Trong hé truc toa dd

Ardri dr—0=0

tai hai diém sao cho 4B =4 Xét tinh dung sai cua cac khang dinh

Sau:

I A
a) Khoang cach tir tam  dén duong thang  béng 2.

J5
b) Ban kinh dudng tron bang
(C):x*+ 3" = 2x—4y=0
c¢) Phuong trinh dudng tron
M (3:1) (C)
d) Piém nam trong dudng tron
Loi gidi
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A H B

/| ’

M

H=d, =1
a) Sai: Ké I LA thita co VRS

b) Bung: H LA =H 13 trung diém AB vy AH =2
Khidotace R=1A=NI + a7 =yF + 2 =5
1(1:2)

. ban kinh R=45 1
(C)i(e—1) +(r-2) =5 hay (Chix’ v 0 = 2x—4y=0

IM=({2=1)= M =2 +(-1f =J5=FR
d) Sai: Ta c6 [' )= [' ¥3 su

Trong hé truc toa dd Oxy , cho duong tron (C) tam ](1;2) va cit dudng thing
Advid4r—n=0 A,B

¢) bung: Phuong trinh duong tron (C) tam

yra M E(C)

tai hai diém sao cho Suus = 4. Xét tinh diing sai ctia cac khang dinh

sau:
] r D A X

a) Khoang cach tir tim dén duong thang  bang 1.

(€)
b) Ban kinh duong tron nho hon 4.

(C)ix 40 = 2x—4r+12=0
¢) Phuong trinh duong tron
o (€)

d)biém  nam trén dudng tron

a) Pung: Goi H 1a trung diém ctia doan thing 4B = IH L AB

140 _
IH =d, _Bisof

Ta co CoNE s
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AB. 1= AR =18
= AH =43

HLAB =5, , =—ABIH = 4=

b) Sai:

R=Nar® + 11 =17 = R>4

c) Sai: Phuong trinh duong tron (€) tam 1(1:2) _bankinh R = 17 1a

(C)(r=1) 4 (r-2) =17 hay (€)1 + = 2v=4y=12=0

Lo | =

!
2

10=(1:-2) = 0= (=1 +(2) =5 <R=\IT 0 s vrong (©)

A(L=4). B(-2:0)

d) Sai: Ta c6

Oxy,

Trong mit phing toa do cho hai diém va duong thing

di2v—4y+1=0

A,B

. Xét tinh dung sai ctia cac khang dinh sau:
a) Diém cach déu duong thang d.

3
1[ : _]
b) Toa d6 tam cua duong tron di qua hai diém 4B 3 c6 tam thudc duong thing d 1a 4/,

¢) Phuong trinh dudng tron (€) di qua 4, B va c6 tam thudc duong thang d 1a
4 44y —00r =32y —136 =0

517 =17

d) Gié tri nho nhit cia OM v&i M 13 diém chuyén dong trén duong tron la 2
Loi giai
2144 1] 1945

dAd)= =

a) Sai: Khoang cach tir diém 4 dén duong thing ¢ 1a

2.(-2)-4.0+ | 35

d(B.d)= =
\ , © A B A \ o d s . \J'T' F(—4)° 10
Khoang cach tur diém 5 dén duong thang ¢ 1a

Vay hai diém 4.8 khong cach déu duong thing 9 .

—dr i 1=0

Y [ 2 i A . \ A \ by b
b) Sai: Pudng tron c6 tim thudc duong thang © = nén goi I 1a tdm duong tron thi

] b
J’| 2a——d
i 27

Mat khéc duong tron di qua 4B nan

k
= \/I 1— 2o+

A,B

A= IB = | +(0-a) e a=4

ij| = |f}§

L | v
b | —

15

|4 (cdmaf = 2= 24
_,41

[(
N ~ \ 2 . oA \ 2
va c6 tam thugc duong thang d co toa do tam la </

R=18=|1B|= J:f—i—g']" (0-4) = £

Vay duong tron di qua

c) bung:

A, B

Phuong trinh duong tron di qua va c6 tim thudc duong thang d 13
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(oasy L (s
¥

R R Ay 4 — 00y —321 136 =0

Ay
M

K

=y

(9]
G

d) bung: Goi G.K 13n luot 12 giao diém cia duong thang /O va duong tron.

Vi ba diém LL,O.M ta co

IM—TO=Z0M 2 IM 7O = JG-70=Z0M TR + 70 = OG0 = 0OM 20K

V17 V17 -17

17
0G=1G-j0="2"_1"_
Trong d6 2 2 2

5J17 17
Vay OM dat gia tri nho nhat 1a 2 khi M trung G.
(Chfx+2) +(v=1) =9

Trong mit phiang Oxy, cho dudng tron va hai diém

4e) B 7
Al=3). B2 }. Xét tinh ding sai cua cac khang dinh sau:

a) Piém 4 nam trén duong tron (C)

b) Piém B niam ngoai dudng tron (C)
¢) Phuong trinh duong thing ¢ di qua diém 4 sao cho khoang cach tir tim duong tron dén

duong thing @ 13 16n nhat1a * —V ~1=0

d) Gia tri 16n nhét ctia BM véi M 1a diém chuyén dong trén dudng tron la 2543

Loi giai

'~.'..,’1't.'-— .‘.:L _".
(C)lx+2) +({y-1) }C(’)tﬁm I( z’l)vz‘lbzinkinhR:3

DPuong tron *
. (<4+2) +(3-1) =829 ‘ C
a) Sai: Tacod ' nén diém A khong nam trén duodng tron
(C): (x4 1}: . [..1._”::-.} I(=2:1 _
b) bung: Puong tron 3 ' c6 tam ( ) va ban kinh & 3

IB=|1B|= 245 =3 : ‘
Ma | | g nén diém B nam ngoai dudng tron (C)

c) Sai: Goi 13 hinh chiéu vuong goc cua I ten dudng thing d Khido 7= I
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Do d6 khoang cach 16n nhit 1a /4, khi d6 duong thing ¢ di qua 4 va vudng goc voi 4.

A=(-22) .

Hr+d)+ 2(r-3)=0= x

1*

Ta co - ! nén phuong trinh duong thang d: =" -
o o 7 (C
d) Bing: Goi G, K lan lugt 1a giao diém cia duong thang /B va dudng tron
' Ay
M
K,
H
u ' ’
(Ji
B
Véi ba diém ©>8M ta co
IB—IMEZMBZIEB+IM = - 1G22 MEBZJE+ N = 580G 2 BM £ BA
Trong dé: BG =18 —1G =253, BK =B + IK =25 +3
Vay BM dat gi4 tri 16n nhét 1a 245 +3 khi M tring K.
: A R (C): x4+ 3" = 2x+4y—11=0

Trong mat phang voi h¢ toa do Oxy () ! 4y -1l

, cho duong tron *

d i dr—3v+5=0 . .. , C . 2 . .
: . Xét tinh dung sai cua cac khang dinh sau:

thang
e (C)

a) Puong thang d va dudng tron tiép xuc

b) Puodng thang d cit dudng tron (C) theo mot day cung c6 do dai bang 1.

¢) Puong thing song song véi d va tiép xuc v6i dudng tron (C) c6 phuong trinh:
d:4r—=3r—-10=0

T=10

va duong

d) Khoang cach 16n nhat tir mot diém thudc duong tron (€) dén duong thing ¢ 1a bang 10.

Loi giai

() 41 =244y -11= - ER
Duong tron (C): v 437 = 2xidy-11=0 c6 tAm 1(1:-2) binkinh B=+~1"+2 +11=4

| [4.1-3(-2)+ 3]

d=dlfid)= _ - =3=R
. YA nén do d6 d cit (€) chir khong tiép xuc voi (€)

a) Sai:

(I:d)=3 = , ,
b) Sai: Do dULd)=3<R a0 dcht (€) theo day cung 48 . Goi I 1a trung diém cua 4B

Taco AB=24a=14 — 11 = 2R - &* = 2J# -3 = 2J7

¢) Sai: Phuong trinh duong thing Alld dr=3yte=01c=3] .

(C) =d(1.a)=kr

c6 dang

Taco A tiép xtic v6i

B Y ) W —
M:-‘.:‘_X|(-]ﬂ|=j[]q_“:— : ][]
3 c=-—30

Khi d@o ta co:
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Khoéang cach 16n nhét tr mot diém thudc dudong tron (C) dén duong thing 9 bing
d) Sai:
d(1A)+ R=23T +4

(C)xt+(v—1) =5

Cho duong tron * . Goi A 1a phuong trinh tiép tuyén ciia dudng tron (C)

o M(L— . L
tai diém 1(1=1) . Xét tinh dung sai cua cac khang dinh sau:

a) A cach tAm cta dudng tron (C) mot khoang bang 3.
1
I4 k ==
b) A cohéségoc 2.

9
¢) A tao véi cac tryc toa do mot tam gidc c6 dién tich béng 4
A of \ NS HEE 1}: f _1'::"'\" A LoaA 1n: LS 4
d) A cat duong tron * - theo day cung c6 do dai bang
Loi giai
a) Sai: Do A 1a tiép tuyén cia duong tron (€)= A cach tAm ctia duong tron (C) mot khodng
béng R=15 )

b) bung: Puong tron (C) cO tam ! (0;1)

2 14 -= :I 1 . .2 '[ t—
Duong thing A ¢é vecto phap tuyén =M =1=2) va di qua diém 1(1:-1)
i p
A=) =2+ 1)=0 = A g-2p-3=0 AV EINTS
Phuong trinh duong thang — "~ =t — L. A7a VT a= 2 2
1
, k:_
Vay A cohésdgoc 2.
i ';
X B| 0:—=
A1 ; , A3 i ) | |
c) DPling: Avrmor=d=U=4 g true OX tai A(j’o),cét truc W tai L 2/
I 9
S.,.=—0408=—
2 4

I'(-2:0)

—

d) Pang: () co tam bankinh R'=3

1!

Giasir A cat (€) theo day cung EF va H 1a trung diém cua EF
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—2-2.0-3
;?f::ufﬁﬁ}=L;_;;_;J=¢F

Ta c6 VW 2Y mF=2Em=2IRT-1H =2y9-5 =4

Vay A cit duong tron (C ) theo day cung c6 do dai bang 4 .

(C)ix (1 1) =5 P2p—3=0 =0

Cho duong tron va dudng thing Ay _Goi @by

\ \ < 7. NN gt A A 5 C r ’ /. c ’ < .
12 duong thang song song v4i A va 1a tiép tuyén cua ( ) Xét tinh dang sai ctua cac khang dinh
sau:

a)d céhéségéck 2,
a_l
byc 7.

¢) Khoang céach giita 4 va A bang 10.

) VY (e ) = ' y . ’ .
d) 4 cét duong tron (C)le=2) lye2) =0 tai 2 didm 4B . Dién tich AI'4B bing V5
(v6i I' 1 tam cita duong tron (€ )),

Loi giai

l

k=——

At dr—3=0= .
x4 2v=3=0=d sia ko2
Arrt 2 " c6 hé sb goc 2,

a) Sai: Do
P A+ 2r=3=0=d:x+2y+m=0(m=-3)

b) Pung: Do *

Puong tron (C) c6 tam ](O;_l), ban kinh & = \/g

O+ 2. (=1} m| m="7

(C)ed(1.d)= R m=-3{/)

d 13 tiép tuyén ctia JE 2

5= |m—1|: 5 =

- i
dixi2p7=0= %=L

Vay L
)

II|'I [[l'l."L } = T = Z‘II'_E
¢) Sai: Ta co: VIT+ 2

PR R ne A -
d) Ping: (€ )r=2) w2y =0 cam T(372) pan kinh R =6 |

A\E/B
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_ R+2.(=2)+7
rH=d(rd) = 1-f5
Goi H 1a trung diém 4B ta co VIt 2

.
\ x S.,.=—IHAB=
AH=AR"-I'H =1 = AB=2AH =25, =~ 2

(C):(x=1) +(r=2) =25

bt | —

Oxy

Trong mit phing toa do va duong thang

(d)de—3v+2=0 _, , ., 2 )
: : . Xét tinh dung sai cua cac khang dinh sau:

, cho dudng tron

a) Puong thing d tiép xtic véi dudng tron (C)

b) Khoang cach giita hai tiép tuyén ciia duong tron () vuong goc véi duong thang d bang
10

¢) Puong thang m:3x+ 4y +14

thang d

= NEYA A 5 \ \ C A r r.e \
U la tiép tuyén cia dudng tron ( ) vuong goéc voi duong

d) Ti€p tuyen ctia duong tron () vuong goc voi duong thang d gi qua diém (0 ) .

Loi gidi

P T P L L ST S Sy .
Puong tron (C)lemty rlr=2) =2 cO tam 1(1’2) va ban kinh R=3.

a) Sai: Ta c6
A \ N ATy ST \ (C )
Vay duong thang ¢ khong tiép xuc vai duong tron .

b) Pung: Khoang cach giira hai tiép tuyén cua dudng tron (C) vudng goc voi dudng thing d
bang dudng kinh nén be‘“lng10 .

. A3 4 =

c¢) PBling: Goi ' la duong thang vudng goc voi dide=3p2=10 )
T4 Ay (=

Khi d6 ™ c6 dang ~* W E=0,

Puong thang " tiép xtc véi duong tron (€) khi va chi khi

_ _ 11+ C=25 =14
:_“a_\|]]-('|:1_“-f;_“>[ c_“rl
= O =-30

3+42+C

d(fm)=R<

Suy ra c6 hai tiép tuyén cta duong tron (C) vudng goc voi duong thang d 1a

w34y 14=10 va M Br 4y -30=0

.2 Py .,() A e z ._::f]'- '—:f —
d) bang: Biém 1o )thuoctleptuyen w3y 4y —30=0
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PHAN III. CAu tric nghiém tra 1oi ngian

Cau 1: Trong mit phang Oxy’ duong tron di qua ba diém ‘4(1;2), B(5:2) , C(k-3) c6 phuong trinh

v — Yav— Yh o= , ., . )
dang™ Tt AN U Tinh giatr @ th+c,

Loi giai

_I_.'f Lot r— My 4 e — . . . -
Phuong trinh dudng tron ¢ dang © * 1 T =TT S 0 . Puong tron nay qua 4.B.C nen

. , (=13
l+4-2a—-4b+c=10

2544 -10a—-4h 4 c =04

_] F9—-2a+0h+c=0

'
0=—

Lot | =

Vay phuong trinh duong tron can tim 1a it —br i r—1=0 |

A(3:0).8{0:2)

Cau 2: Phuong trinh dudng tron di qua hai diém va co tam I(asb) thugc duong thang

d:x+ 3 =0 Khido gia trj cia biéu thire 2¢ +5b bing bao nhiéu?
Léi giai
A(3:;0) B(0:2) d:x+1v=0

2

Goi 7 1a tam duong tron vay | (=) i Ted

L i[53
47 =ggt = Boa) i = (2] o ar i o=4004 T T2 gy (20 2)
| | 2
;z:‘jg_l|. ]_|: -0
| 3 | |~ ] b , i . .
VRS A = la ban kinh dudng tron.
( 1y { 1" 13
'.'..-—_l.'1-._|=_
\ \ A A aa | 2 = 2 2
Phuong trinh duong tron can lap la: - ' “ =
58
. o H(3;2) G(?gj : .
Cau 3: Cho tam giac ABC piét T lan luot 1a truc tdm va trong tdm cua tam giac,

duong

N - Y Y .
thang BC c¢6 phuong trinh * 7=V 7=~ " Tim ban kinh ciia phuong trinh duong tron ngoai
tiép tam giac 4BC 9

Loi giai
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A

Goi / 1a tim dudng tron ngoai tiép tam giac 48 C

X - i=

| -
|

L | L

w

— - R
— Hi = Z HG ‘.1';—
r" .

|
b |
_ I

Lot |
. -

Goi M 14 trung diém caa BC = IM L BC = 1M Dx—p+l=0

|-1.'-.'— 1r==1 J,-)«':O
Khi d6: M= BC - |. F =12 l'l":l 311(0 1}
32
2
— - ) [ i
(g \ v, =3
SR PR LY PG b
Lai co: M4 =3MG 3 =

Ci(v-3) =25

Viy phuong trinh dudng tron ngoai tiép tam giac 48C 1a (x—1)

Trong mat phéng toa do Oxy , cho tam giac ABC ¢ truc tam | trong tAm G(_];B) . Goi

KM.N 13y luot 1a trung diém cua AH, A8, 4C Phuong trinh duong tron ngoai tiép tam giac

ABC ¢4 dang (x—a) +(y=b) =R L. gif trj @+ b+ R |
Loi gidi
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A

B
B C
Goi E 1atrung diém BC, J 1a tim duong tron ngoai tiép A4BC

' ME |1 AC ' NE! AB
Taco ‘ BH LAC _ yyx 1 e (1) ‘ CH LAB = KN L NE(2)

T -(2) = KMEN 13 4t gide noi tiép duong tron duong kinh KE

Puong tron (Clx 41y +d4x—4y-17=0

KE

;A (-2:2 , P . — \ R
c6 thm (-2:2) ban kinh 7 =35 =1 [3 trung diém

KHEJ 13 hinh binh hanh =/ 1a trung diém JH

[, 42=3(=142) [y, =1
(3-2) T |y, =5 = (1)

]

L)

Taco: I/ =31G 11 -

]

Bén kinh dudng tron ngoai tiép A4BC |3 R =74 =2IK =2r =10

, =1 +(r=35) =100
Phuong trinh dudng tron ngoai tiep A4BC 1a: =1y =) =1 .

Trong mit phing toa 46 @ cho tam gidc 4BC co truc tim O . Goi M 1a trung diém ciia BC

5

N P lan luot 13 chan dudng cao ké tir B va C . Pudng tron di qua ba diém M, N, P ¢o

o : 1
(T):(x=1) +| yo 3| =

-

N

phuong trinh la 4 Phuong trinh duong tron ngoai tiép tam giac

—a) i (v-b)Y =25 . .. ... :
(e=a) L, } . Tinh gia tri cua 3a +4b

Loi giai

ABC ¢4 dang
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B C

M

Tacd M 1a trung diém ctia BC; N P lan luot I chan duong cao ké tir B va C . Puong tron
di qua ba diém M | N | P 13 duong tron Euler. Do d6 dudng tron ngoai tiép tam giac ABC
chinh 13 anh ciia duong tron Euler qua phép vi tu tim 1a O ty sb & =2,

Goi / va I’ 1an luot 14 tAm dudng tron ngoai tiép tam giac MNP va tam giac 4BC .

Goi R va R’ lan luot 12 ban kinh dudng tron ngoai tiép tam giac MNP va tam giac ABC

s
Il I;—
Tacd

o | —

. Ol =201 = ['(2: -
Vadodo"(jr Or =11 ”.

= R'=5

R=
Mat khac

L | th

’ ) '-,-_"'l'l-.'-. ."=,..I_
Vay phuong trinh dudng tron ngoai tiép tam gidc ABC 1a: Lr=2) )y =23

Nhan xét: Be bai nay rat kho doi voi hoc sinh néu khong bict dén duong tron Euler.

: A A . C (Chx v =24y 3=0 .
Trong mat phang véi hé toa do Oxy , cho duong tron () ! 4) . Toa do
g M(xv : R . . =X, + ¥, 1 £, o R
diém 1(x:00) nam trén duong tron (C) sao cho I'=x+5 dat gia tri 16n nhat. Tinh gia tri
S=2x +3v
Loi giai
Ay
M
T
O T
1 2 i}
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Suy ra ['

co !l =

Ap dung bét déing thirc bunhiacossiki cho 2 b3 s§ (1 )-

(=1 G 2= Pl =2 ] do

Dau dang thirc xay ra khi

uigeli.xyz
e 1 — Tty — A 3= .
Puong tron (€)= 2o =4+ 3=0 (C) co tam 1(1’2), R :\E.

Clfo—1) +(r=2) —=2=0

Nyt =la, =) (v, =2 )

b

3

[(x,=1)=(r,-2)

v —1=1 X
i ) f— I — I
_ |: Xy 1 }- =1 [.'l.',l —l=- |:.".',|

Vay max T =3 khi '}‘

L =2,), =

Phuong phap: Xét vi tri twong ddi cua dudng tron

. oo Moo .
Vi tri tuong doéi cua diém va duong tron

IM
tinh

IM <R

] éu
m Néu

m Néu

IM=R

IM >R

=2y,=3T=5
=0, =1T=1
E':j_-, 11 =

(€)

M .
suyra  thudc duong tron

[(x, = 1) + (3, -2) =2

1
: Xac dinh tam

M . .
suy ra  nam trong dudng tron

M )
suyra  nam ngoai duong tron

((r,= il =2))

(x,~1) +(r,-2) =2

va ban kinh

cua duong tron

(€)

va

Vi tri twong ddi giita duong thang A va dudng tron (C): Xac dinh tAm / va ban kinh R cua duong tron

(C) va tinh d(I;A)
s Néu d([:A)<R
m Néu d(I:A)=R suy ra A tiép xuc véi duong tron

Né

0 d(l:A)=R

suy ra A khong cat duong tron

suy ra A cit duong tron tai hai diém phan biét

Vi trf twong d6i gitta duong tron (€) va duong tron (©) : X4c dinh tAm / , ban kinh R ctia duong tron

(€) vatam /", ban kinh R cta duong tron (<) vatinh 11’

i
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m Ncu /7 > R+ R suyra hai duong tron khong cat nhau va ¢ ngoai nhau

m Néu /I'= R+ R suy ra hai duong tron tiép xtc ngoai v6i nhau

. II'<|R-R|
cu

m N suy ra hai dudng tron khong cat nhau va 10ng vao nhau

. II'=|R-R|
cu

m N suy ra hai duong tron tiép xtic trong voi nhau

<il'<R+R'

M(x,:0,)

Néu biét tiép diém 1a -

m Néu |R R suy ra hai dudng tron cit nhau tai hai diém phan biét

3 oK £ P \ A M=(x, —ay, —1 \
thi tiép tuyén d6 di qua M va nhan vecto IM =(x, — a3, =) lam

r .'I-— .-I-—'I- iy —h = =1l
vecto phéap tuyén nén c6 phuong trinh la Ly —a Jlr=x, )+ (o =b )y =y,)

Néu khong biét tiép diém thi dung diéu kién: Puong thang A tiép xtc dudng tron (C) khi va chi khi
dEA)=R 42 e dinh tiép tuyén,
A.BAI TAP TU LUAN

(Cha v —4x+2v—4=0

r+1=0 va duong tron

Bai tap 1: Cho dudng thing -
a) Chirng minh diém M(2:1) nam trong dudng tron

b) Xét vi tri twong dbi gitra A va (€)

¢) Viét phuong trinh duong thing A" vudng goc véi A va cit dudng tron tai hai diém phan biét
sao cho khoang cach cua chiing 14 16n nhit.

Loi giai

7 _
2) Puomg tron (C) ¢6 tam * (%) va ban kinh £ =3

IM=J(2-2Y +(1+1f =2<3=R :
Ta co \/[' y ) " do d6 M nim trong duong tron.

. 2+ 141
(=22 s g
b) Vi I+l nén A it (€) tai hai diém phan biét.

¢) Vi A vudng goc véi A va cit dudng tron tai hai diém phan biét sao cho khoang cach cua

. s i X, A A s . A , . . (C
chung 13 16n nhit nén A" vudng goc v6i A va di qua tdm I ciia duong tron ( )

r ..._': . B __f: e Y 1 v _
Do d6 A" nhan vecto *» =51 1am vecto phép tuyén suy ra 2 12T +1)=0 10
x4+ y=1=0
Vay phuong trinh duong thang can tim 1a At r=1=0
A < 2 Oxy . . . ] . ['(_'}:_'._-f' . 1':'—1_'._'—(11-_]_-7.:[] ‘
Bai tap 2: Trong mat phang , cho hai duong tron c6 phuong trinh * : _ v

(CY:ix” 4y —0x=2y=3=0
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a) Ching minh rang hai duong tron cit nhau tai hai diém phan biét 4,8

b) Viét phuong trinh dudng thang di qua 4 va B
A \ \ \ . R A’B e,
¢) Viét phuong trinh dudng tron di qua ba diém va
Loi giai
2) Cich 1: (©) co tam 753 vaban kinh 235, () cotam 7 D) ya ban kinh =13

= J3-1y +(1-3) =242

Khi dé:
Ta thay |H' - R-‘-l <Al < |R' ' H-‘-| suy ra hai duong tron cét nhau.
[x* 43" =2x—6y-15=0 -~ [x* 43" =2x—6y-15=0
Cach 2: Xét hé phuong trinh l = 2p =320 l x-y-3=0
' 2 © s [[y==2
L e =23 —er-1s=0_ [ -y-o=o_ | [

oy s

A(l:-2) 5 B(6:3)

Suy ra hai duong tron cit nhau tai hai diém c6 toa do 1a 5

b) Duodng thang di qua hai diém 4,8 nhan AB=(5:5) lam vecto chi phuong suy ra phuong
[ x=1+5
|v==2+5

trinh dudng thang can tim 1a

\ " .I..‘. Lot N
¢) Cach 1: Duong tron can tim ( ) codang * TN T T AN 0

. I [f::
‘ l+4—-2a+4dh+c=10 ]—
I049-12a-0h+ec=0= ¢ h= -

c=1 F=0

(C ) di qua ba diém 4B 3 0 néntaco hé

R} : _':_':: A 2 _ ?_':_' — = []
Vay () ] J

Cach 2: vi 48 13 giao diém cua hai duong tron (€) va ( ) nén toa d6 déu théa mén

Ciy = dr—op— 15wt eyt —0x-2p-3)=0
™

15+ JIJ.[:—E}: 0= m=-5

phuong trinh
2 (%) o -
Toa do diém O thoa man phuong trinh \ / khi va chi khi

=T = =0

* 2
Khi d6 phuong trinh (*) trg thanh *
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Vay phuong trinh dudng tron cn timla * " T TN E 0

(C): b _1': —2rx+4y—-4=0

Oxy , cho duong tron *

Bai tip 3: Trong mit phang toa do co tim 1 va

A ~..."'1_ Foany+ - «.E= 0

duong thang

a) Tim 7 dé duong thang A cat dudng tron () tai hai diém phén biét 4,8

b) Tim 7 d¢ dién tich tam giac /4B 13 16n nhat

Loi giai

A

2) Duong tron (©) co tam 75 2) ban kinh R =3 va duong thing A it (©) tai hai diém

mﬁ—lm i ]—ﬁ

i [ [iA) < R <= - = 3
phan biét khi va chi khi: N2+
< S Sm 170 (ding véi moi ™)
1 . 9, 0
S, .=—lAdB s AlE = —sinAdff = —
b) Ta c6 2 2 2
9
max S, = — _
Suy ra: "2 Kkhi va chi khi SInAIB =1 AIB =90"
: - 3
AIFf =45° = I = [4.cosd5° = =
Goi H 13 hinh chicu cta / 1én A khi do 2
i |] - 1m| 3 .
d{LA)=1H < S—x== m +8m+ =0 m=—4

24w’ \E

Ta co:

I .-I-'.:_(ﬁ_',_' ; 1.1' Fin= 1

Oxy , cho duong tron (C) c6 phuong trinh

Bai tip 4: Trong mat phang toa do
All=1): B(1:3)

va diém hai diém
a) Chung minh rang diém 4 thudc duong tron, diém B nam ngoai duong tron
<A \ (94 A 5 (C) . + R A
b) Viét phuong trinh ti€p tuyén cia tai diem 4.
o (O) e g
¢) Viét phuong trinh ti€p tuyén cia ké tor P-

Loi giai
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Puong tron () co tam T (1) pan kinh =3 11-0=2

iA=2=RIB=2J5>R

a) Ta co: suy ra diém 4 thudc dudong tron va diém B nim ngoai

duong tron

b) Tiép tuyén cua (C) tai diém A nhéan = (2:0) lam vecto phap tuyén nén c6 phuong trinh
g 2(r=1)+0(y+1)=0 hay ¥ =1
b) Phuong trinh dudng thing A di qua B c6 dang:

['Il:.--'-_]} T "I] [1_? }=[] (V(,)'l “: | h: = U)hay 0 - n'I]_'I' _[II_3|'I] =1l

Puong thang A 1a tiép tuyén ciia duong tron — ¢ /4] = £

|7‘c.'—-'1—:.'—1-'1| . 2 s . . h=10
=2 %[_[.'—1.'1} =g +h =3 -dab=0=

‘J'IE.' P b 3h=4a

Néu =0 chon =1 suy ra phuong trinh tiép tuyén 1a X = L

3.h=4 Fdyp=15=0

Néu 3b=4a chon ¢ = suy ra phuong trinh tiép tuyén la

Vay qua 4 ké dugc hai tiép tuyén voi (C)cé phuong trinh 1a ¥ =1 va - a4y —-15=0

Bai tap 5: Viét phuong trinh tiép tuyén A cua duong tron (C)rxmt ) —dridy=1=0

hop sau:

trong cac truong

a) Puong thing A vudng goc véi duong thing A:2x+3y+4=0

b) Puong thing A hop véi truc hoanh mot goc 45°
Loi gidi

7.9
2) Puomg tron (©) ¢6 tam 7 (32) ban kinh & =3

Vi du’(mg thang A LA" nén A nhan ”(- 2) lam vecto phép tuyén do d6 phuong trinh ¢

I PR, DT
dang Jrd 2yt o=1

Puomg thing A 12 tiép tuyén voi duong tron \©) khi va chi khi

. 10+ ¢f
u'[f:.-ﬂ}:}.w| —3ee=1023J13
' 13

\i=3e 214 102313 =0

Vay ¢6 hai tiép tuyén 1a
b) Gia sir phuong trinh dudng thing @ v Ho=00a e b7 =0
\ < A Nt A A /e \ \ (C) . \ 5 .

Puong thang A 1a tiép tuyen véi duong tron * 7 khi va chi khi
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|"|[|._ M+

[n'[f A)=34 ‘-;‘4:31_*[:2“_1"'] f L'}:zL}([": ! "l]:}[:x}

a +h°
Puong thing A hop vai truc hoanh mot goc 45° suy ra

I
i

) h B .
cos(A O )= L —oeosds = L L a=h
g+ h qa°+h hoic 4 =-bh

Trudng hep 1: Néu @ =5 thay vao (*) taco |84 = ¢ < =c= W2

Chon g=h=1= :——‘JT "'."_1':3\;']?:“

suy ra

. . L-:I:.Eﬁ_—]'.'”
18a = [:—hn' Fo) e -
L-:—I:.Eﬁ - —1}[-‘

, *
Trwong hop 2: Néu 4 = —b thay vao ( ) ta co

) |’.'=|:-3\E——1..'i|' a=1h=-1 :'=|:.3~,E—4.} = Alx— 14 32 -4 =0
Vi \ ", chon - /
L_=_['3£ - —1][.’ g=1h =—].['=—|:.3ﬁ - —1.} = A :.1‘—_1'-3@——'1=ﬂ
i ] " chon | ]
ot 232 =0,A - r+ W2 -4=0
: : va

A sk . 2 \ PSP S
Vay c¢6 bon duong thang thoa man bai toan 1a '

Ar—r-32-4=0

(C):x + 17 —4r=5=0

Bai tip 6: Lap phuong trinh tiép tuyén chung cia hai duong tron sau: va

(C.)ix" +07 —bx+ 8y +10=0
Loi giai
Duong tron (©) c6 tam 7,(0:2) ban kinh k=3

Puong tron () ¢6 tam 2™ ban kinh & =3

Goi tiép tuyén chung ctia hai duong tron c6 phuong trinh Avartbyte=0 o a®+bh720

; |_1,||'“. ,,[ )

(d(7.A)=3 _
A 1a tiép tuyén chung cia (%) va (¢2) 7 latr.)= l|’“—4” ve|=3NaT b
a=2h
|1."1 i ['|= |3n’—4-"1 tefe|  =3a+2b
Suy ra ) 2
Truomg hep 1: Néu @ =2bchon =27 =1 thay vao (*) ta duge € = 2 345 nén ta c6 2

—2+35=0

1 , 7
tiép tuyen la =
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—3a+2b
, L= % T ="II'|"'."",~_
Truwong hop 2: Néu 2 thay vao ( ) ta duoc |"” ”l NG TP =a=0 hoac
Ja+4b=0
Voi «=0=c=b chon 2=¢=1 tadugc Arytl=0
Vgi Jatdh=0=¢= 3.-'1’ chon a=4 h=-3c¢c=-"Y ta duoc Avdr—3r—-9=10

X X TR oy Jrt =235 =0+ 1=04r -3y -0=
Vay c6 4 tiép tuyén chung cua hai duong tron la: =" V3=0.y+1=0.4 y=-9=0

m =—4 théa min yéu cau bai toan.

(Clix 4 +0xr=21v45=0

Oxy , cho duong tron *

Bai tip 7: Trong mit phang toa do va dudng thing

d g qua diém ‘4(_4;2) , cat (C) tai hai diém M. N sa0 cho 4 1a trung diém caa MN | Khi
d6 hay viét phuong trinh ctia dudng thing ¢ .

Loi giai
Puong tron () cotam LR = 5 nén do d6 =2 < k= 4 & trong (C)

MN = I4 L MN = [4=(-;

Mit khac 4 1a trung diém cia H 1a vecto phap tuyén cua d nén

—."- --'-"': s = 1+ 0=
d ¢6 phuong trinh: Hesd)i s 2)=0e x—pso ﬂ.

(Ch:r 4 = 2ri0pi6=0 d 4y =314 5=0

Bai tap 8: Cho duong tron va duong thing . Viét
phuong trinh dudng thang d' song song v4i duong thing d va chén trén (€) mot day cung cé
6 dai bing 243

Loi giai

- =13 =1
Duong tron () co tam =3 k=2

Do 4 d=d' =3y +m=0(m=5)

c6 phuong trinh H
ve TH LMN = HM =3 = [H =R ~HM* =4-3=1

|—1_]—3.['—3} - m| ) m=—8
i :]a_wlm i ]3|::‘£_“>

d(1.d")=1H =
Khi do: i+ o

m=—185.
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d tdr—3r-8=0
- S S S
Véy. ol .—]'.. _..'| ]'.\l [].
{ '.'.'_ﬂl 2 T _':=
Bai tap 9: Cho duong tron (C)lx=2) +(y-2)

diém 431,
Loi giai
Puong tron (©) ¢6 tam 7 (% 2) va bin kinh R =3
Khi do: " =(4:B) 1a vecto phap tuyén nén DrA{x=3)1 Blyi1)= [].

Puong thang D 1a tiép tuyén cia (€) khi va chi khi :

4 . . .
. Viét phuong trinh ti€p tuyén cua (C) di qua

_ |4(2-5)+ B(2+1)| A=0 0 4o
dlIA)=R < — : =3 AR=0—= - _
' a5 B=ll ———wr=2>
C)x =0+ 2y 5=0 o d e (m=2)y-m-T=0
Bai tap 10: Cho duong tron L) y -0 ! va dudng thang ‘ L= 2}y =m
V6i gia tri ndo cia 7 thi 1a tiép tuyén cua (C)?
Loi giai
DPuong tron (€) c6 tam I(3:-1) va ban kinh &= V5 .
\ 2 d 1a 4 A £ (C) . s 1 qas.
Duong thang ¢ 1a tiép tuyén ctia * ~/ khi va chi khi:
. (‘I—m-j—m— - . =3
dif.d)=R = | Seam —lom+39=02= .
B. BAI TAP TRAC NGHIEM
PHAN I. Cau tric nghiém nhiéu phwong 4n lya chon. Mdi ciu héi thi sinh chi chon mgt phwong an.
_tl.l_,*:r.: i e A S
Caul: Cho duong tron (CFlesd) s ly=3) =4 va dudng thang ¢ y+5= . Phuong trinh cia

duong thing d' song song voi dudng thing d va chin trén (C) mot diy cung c6 do dai 16n nhat

la

A. —]'.".- 1 3_1' 1 ]3 =1 . B.

Puong tron (C) 6 tam 1(—];3) va R=2d""d=d" 3x—4dvic=0

Yéu ciu bai toan c6 nghia 1a d' qua tam I(- )cua( )tuc la: " 3-124c=0=c=1
e A 15—
Vay o . ax —]'_1 ]_“ ] ]
5 ) I SO T
Cau2: Tim toa do giao diém cua duong thang v o =0 va duong

f(l : ._I._.‘. , .1.-‘- -y = _1_1' =1l
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Cau 3:

Cau 4:

Cau 5:

uigeli.xyz

0 O (1) 1) (o9 (69) () () ()
Loi giai
Toa d9 giao diém 1a nghiém ctia hé phuong trinh sau

=2y-3

E

[F 4 0f =2 —4y=0 " |(2p=3) +1° -2(2v—3)-4y =0

BRI J_rzl
A Y et

hoa Vay toa do giao diém la (3-3) va (_1;1).

(Cl:x’ + vy —4x—6p+5=0
Cho duong tron () Y —4x=0
theo mot ddy cung ngin nhat c6 phwong trinh 1a

A, 2.1'—_1'—2:[]. g, Yty-I=0 C. S p. X—-Vv+1=0

. Puong thing 9 di qua A(3:2) va cat (C)

Loi giai

floy)=x +1 —dr—oy+ 5 f(22)=9+4-12-12+5=-0 <0,

Vay 4(3:2) O trong (C)

Day cung MN ngin nhit < IH |6n nhat < H =4 < MN ¢4 vecto phiap tuyén la
_=.__ " ."__2_ .._'"I _ e L _
A= (1:-1) a0 d o6 phuong trinh: (¥~ )~ 1= 2)= 0 x=y=1=0

(Clia s v —dxi0p—3=0

Cho duong tron * . Ménh dé nao sau day ding?

(I) Piém A(L1) nam ngoai (C)
(I) Piém 0(0:0) nam trong (C)

(I11) (C) cit truc tung tai hai diém phan biét.
A. Chi (I). B. Chi (II). C. Chi (III). D. Ca (1), (IT) va (II0).
Loi giai

floy)=x"+1 —dx+6y-3= f(L)=1+1-4+0-3=1>0= 4

bat O ngoai (€) .

fl00)==3=0=0({00)

Do O trong (C)

=0= 1y +0pr—3=10

Khi * = . Phuong trinh nay c6 hai nghiém suy ra (©) cét YO tai 2 diém.

IVl I, Yt 5=
Cho duong tron (Cha+y +0xr—2p+1

M, N

va duong thing 4 di qua diém ‘4(_4:‘2), cat

(C) tai hai diém sao cho 4 1a trung diém ctia MN | Phuong trinh cua dudng thing d 13

A X H6=0 g Tr-3ri3=0 o Tw-3r430=0 o Tx-yi35=0

Loi giai
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Cau7:

Cau 8:
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Duong tron (C) cO tam H=3:1) R = V5 nén 4= V2<R=4 O trong (C)

MN = [4 LMN = [4=(-1

Piém 4 1a trung diém cia H 1a vecto phép tuyén cia ¢ nén ¢

_]['.- T —]'} T ][1' T 1}: ﬂf.,_\ _'I,-—.'l,' i I:'I: ﬂ

c6 phuong trinh:
o e . , e
Puong tron (mdy=23=0 dudng thing ¥V =250 theo mot day cung c6 do
dai bang bao nhiéu?
AL 10, B. 8. C.6. D. 32,

=
|2 4 3f =20 =23 -23=0 [2'-4x-23=0 ‘ 252
B R, T Y=
Giai h¢: lr+r-2=0 @l-‘ - =3 2
2-52
=
21542
Hay * 2 nén dJ dai day cung AB =10

Tim giao diém 2 dudng tron (G417 =4=0 (G )ity —dw—dy+4=0
A (V242) 3y (V242), B. (0:2) vy (0:-2),
. (20) 3 (02) . (20) 3 (-20)

Loi giai

|. .'._': } _1.3 —4=0 | .'l.': , -].: —4=0 | ..I._: . .1.: -0
Giai hel Y —Ax—4p+d= ﬂ®[4—4.--—4,1- 4= “@l Y p=2

[ (2-x) =420 |2+ (2-x) -4=0

l=2e =2

Vay giao diém A(O;Z), 3(2;0).

Xéc dinh vi trf twong déi giita 2 dudng tron (C )07 =4 (G ):(er 1)+ (y=lo) =1

A. Cit nhau. B. Khong cit nhau.  C. Tiép xtic ngoai. D. Tiép xuc trong.

Loi giai

(C‘) ¢6 tam va ban kinh: I ¢6 tam va ban kinh:

11 =107+ 16° =289 = R + R,

(0:0) R=2.(C,) 1,(-10:16) R, =1

Khoang céch gitra hai tdm
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Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

uigeli.xyz

Vay (Cl) va (Cz) khong ¢ diém chung.

ey~ I s Adrs Ivem=0
V61 nhitng gia tri nao cua thi duong thang :

[(.}: _'|_': , _'I':: _L;I — [~]

tiep xtic voi duong tron

A, m=-3 B.m=3yym=-3 Cc.m=3, p. m=15 y3 m=-135,
Loi giai
Puong tron () co tam va ban kinh 1a 7 =(%0) v ban kinh =3,

m=15
Il {

Dub'ngthéngAtiépxﬁc(c)cff”‘mz‘qa 5 Telm=1
Mot dudng tron ¢ tm 1(1:3) tiép xuc voi dudng thing A3t =0 Hoi ban kinh duong
tron bang bao nhiéu?
3
A. 5. B.1 C.3. D. 15

Loi giai

3 L3
= R=d(A)= |_.-] 4| =3

n A N ’ T
Yéu cau bai toan Vi +4

Puong tron (v—a) +{y=b) =R

dai bang bao nhiéu?

r=a—h=10

cit duong thang * theo mot day cung c6 do

RS2

A. 2R B. RV2 c. 2 . D. R.
Loi giai

] 3 S
Vi dudng tron o6 tam * (“?) bankinh R va tam (%?) thude duimg thing ¥+ 40 =0,
Nén d6 dai ctua day cung bang d6 dai dudng kinh bang 2R .

(C a1 —4e=0_, (C)ix 417 +81r=0

Xéc dinh vi tri twong ddi giira 2 duong tron va "

A. Tiép xuc trong. B. Khong cit nhau.  C. Cit nhau. D. Tiép xuc ngoai.

Loi giai

buong tron Jixt eyt —Ae=0 Ll 1](2;0)’bén winn B =2
Duong tron (C.)za 437 48y =0 cO tam [3(0;_4), ban kinh R, = 4.
R eIl =25 R . .
Taco™ =il 25 R en hai duong tron cat nhau.
—1: . £ , iy \ 2 " 3r—dv+ 5= . 42 ,

Duong tron (©) o tam 113 3 tiép xtic voi duong thang ' Ay+3=0 tai diém H co
toa do la

(17 17 “1‘7] “1‘7]
Al S S/ B.\5 5/, c.\S 5/, p.\ 55/,
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Loi giai

Hai dudng thing IH1ld=IH 4x+3v+c=0

. -1 A-1)+33+c=0ec=-5 R S
Putng thing H qua |(713) pan #1133 c=0c=5 i 4350,

o

CIETRE R s T

) el

) y==
Gidi he: 5

: ()it =4 (C)(w=3) (p-4) =28
CAu 14:  Xéc dinh vi tri twong d5i gitta 2 dudmg tron (C1)7 107 =3 (G 1e=3) =4 .

A. Khong cit nhau. B. Cit nhau. C. Tiép xtc ngoai. D. Tiép xtc trong.
Loi giai

Tam ! 0:0). 1.(3:4) , ban kinh

en | | 2 1
Vay hai dudng tron trén cit nhau.
(C):ix"+ 3"+ 2x—0p+5=0 NPy Lo .
Cau 15: Cho duodng tron L) ! 01 . Phuong trinh ti€p tuyén cta (€) song song voi
5 S DRI -
duong thang Dix+2y=15=0,
A XH2y=0 5 x+2p=10=0 B, ¥—2y=0 3y x+2y+10=0
c. ¥t2y=1=0 s x+2y-3=0 p. ¥ —2r=1=0_5 x-2y-3=0

Loi giai

Puong tron (©) 6 tam 7 (71 3)ya ban kinh B=V119-5=5.dixs 2r=m =0,
\ N d N A A 5 (C) TR 2 ..
Duong thing ¢ 1a ti€p tuyén cla khi va chi khi:

. |—] | (n—m| _ o m—5=-5 m=0=d v+ 2r=10
dif.d)=Reo —m——= -ul'r_;c.:>|m—_“-|:l‘? — =

J1+ 4 m=10=d v+ 2r-10=10

(Chrw’ 0" =20 48y=23=9 .  M(8=3)

Cau 16: Cho dudng tron '~ " : va diém . Do dai doan tiép tuyén cua

(€) xudt pht tir M 1a:

w%
E

A. 10 B, 210 | C.

p. V10,
Loi gidi
"...:. ':—ﬂl'll'-."—ﬂl-%z . _
Puong tron (€ ) 107 20 8y=23=9 0 T4) i kinh R =340

Do dai tiép tuyén 1a VM — & = Jio

'1.'.II__ :,'-—:-f:: :.’ : - :
(Cllx=T) +(y=-3) =R tiép xtic v6i duong thang -

. e
Ciu 17: Néu duodng tron * Sv+12y—-00=10

thi

gia tri cia R la:
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19
R=—
A R=2V2, B. 13 c. k=15, D. R=+2
Loi giai
PRV P L S ST T '
Duong tron (Cle=T) sy =3) =R c6 tam ](1”3)bémkinhR.

Sy 12y —60=0

Puong thang tiép xuc voi duong tron (€) kni va chi kni:

5.01412.3-00 19
Jsn 13

':'ﬂ"l.'— =M=
Céu 18: Cho duong tron \/ )7+ #07 # 2r—4r=20=0

i =[."[:.|r.n"}=|

22 A(5,-6 . A <
va diém 4( ' 6). Goi B, C lan luot 1a cac

< A < R 5 ’ < A A IR < R A \ \ T - A s \ B
tiép diém cua cic tiép tuyén ké tir diem A4 dén duong tron ( ) Viét phuong trinh dudng tron

noi tiép tam giac 48C

a5 ) . . a5

Loi giai

Ta thiy diém 4 ndm ngoai dudng tron (T) nén tr 4 ludn ké duge 2 tiép tuyén 4B va AC

dén duong tron (7) (v6i B, C 1an luot 1a cac tiép diém).

— 1. £~ = — —_'_‘:-.1- l‘=[]
pusng tron (1) ¢6 tam *(712)  ban kinh =5 vaco ! =15y (2 0y =10

B : :
cosdil=—= 3= AIB =00% = BAT =30" = B4C =00"
A2

Xét ABAI vudng tai B co:
Tir d6 ta c6 tam giac ABC 13 tam giac déu va goi H 1a giao diém cua BC va Al .

IHIA=IB" = IH = B

Trong | BA! vuong tai B va BH 1a duong cao nén I4

b |

R TN T (%)
A

Suy ra

GOI JrLJJI’('.\‘-Il:‘.vll) t]:l' (*) Suy ra ‘ Yo = 0

b

Do A4BC gy nén tam dudng tron ndi tiép A4BC 1a trong tim G cua tam giac do.

AG=ZAH = G(2-2)

Lad | L

Khi d@6 ta co
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Cau 20:
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5
A G(2:-2) r=GH=>
Vay duong tron ndi tiép ABC ¢ tam ’ va ban kinh = nén cd phuong
. . . 25
(r=2) +{y+2) ==—
trinh: 4

(Chfx—1) +(y+3) =10 vty

Cho dudng tron va dudng thing =0 biét duong thing

A cat (€) tai hai diém phan biét 4, B . Do dai doan thang 48 bing

19 J19 38

A 2. B.\@. c. 2 . D. 2 .

Loi giai
Duong tron (©) cO tdm 1(1:-3) va bankinh £ =14= \fm

=341 1
Ho=d, =1
Goi H 1a trung diém day cung 48 . Khi d6 ta co: ' Vil ‘E

1 38
AH = J10-~ = ”:_
Tam giac AIH vuéng tai H nén & 4

bo dai doanthéng AB=1AH =35

Mot canh cdy dai 4 m, r& nhanh tai diém cao 7 m trén than cdy moc thing dimg so v&i mat dét.
Canh cdy nay c6 nguy co giy tai guc A (gia sir khi gdy sé& roi theo mot cung tron) tai diém ré
nhanh tai than cdy trong mua mua bdo. Hoi cic cong trinh xdy theo phuong thing dting cao
3,7m nam theo hudéng gy ctia canh ciy, phai cach than cdy it nhat bao nhiéu dé duogc an toan?

A. 4m.

Ta md hinh hoa bai toan nhu hinh vé:
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i
B.’
B A
H
€
K C

Véi gde cay 1a diém €, diém r& nhanh cua canh ciy tai 4 va diém cudi cling cua canh cy la
B

Cong trinh x4y dung co cac diém gan than cay nhat la AK

Theo gia thiét thi AC=7 AB= A8'=4m. HK =3.7 m.

Ta dat hé truc gan véi bai toan nhu hinh vé

Khi dé ta co: =(;0:7"), B'z(—ﬂr:?]’ C=0 =|::[]:[]:];diém K =[.\"._’~..'?}, H :(_.x':O_).

Cach 1:

Cung tron tao ra boi diém B khi canh cdy giy guc thudc dudng tron tim 4 va ban kinh 1a 4,

duong tron ¢6 phuong trinh: voaly=T) =4 ]"_

K=(x3.7)

Diém - !, thudc duong thang d:y=37T

A T < A : < R 5 \ \ C B \ < \ [N 5 A
Toa dg cac diém giao diém cua duong tron ( ) va duong thing @ 1a nghiém cua hé

r= G =+ 20

RTY

y=137

o 51
=N | 100 <

=37

fﬁﬂﬁj}xhﬁmﬁﬁ]

1o 1o

M
Viy ta c6 cac giao diém la

Ta thay cong trinh s& bi canh cdy va phai néu duong tron va doan MN ¢6 diém chung.
Vay cong trinh phai cach than cdy it nhat 2,26 m theo phwong giy cua canh cay.
Cich 2: Cong trinh s& khong bi ton hai néu xay ra 4K >4

: o , 511
S A =10 X +(T-37) > 1o ¥ >

“Too [~ 10

| =226
L 1A . AL X[ =220
Hay ta c6 két qua xap x1|
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Vay cong trinh phai cach than cay it nhat 2,26 m theo phuong gay cia canh cay.

PHAN II. Cau tric nghiém ding sai. Trong mdi y a), b), ¢), d) & mdi cau, thi sinh chon diing hoic sai.

Caul: Cho \©)

a) Piém de (C)

ez A(4 Lo 42 . ., 2 .
; va diém (1) . Xét tinh dung sai cua cac khang dinh sau:

b) Puong kinh cua duong tron (C) bang \/ﬁ

¢) Phuong trinh tiép tuyén ciia duong tron (C) tai diém A(+1) c6 vecto phap tuyén la

in=(3:1)
, , R / . , A4
d) Phuong trinh tiép tuyén cta duong tron (€) tai diém A(%1) di qua diém N (4’3).
Loi giai
(4-1) + F=10

4 y=1

a) Pung: Thay * ~ vao phuong trinh dudng tron (€) ta co:

Dods 4 =(€).

b) Sai: Ban kinh cua (C) bang \/ﬁ Do do6 duong kinh cua (C) la 2310 .

¢) bung: Phuong trinh tiép tuyén di qua diém A(1:4) o™ =51 }.
: TS oo A(L4) =M= (31) s
d) Sai: Phuong trinh tiép tuyén di qua diém co ="' nén c6 phuong trinh la

3w+ y—-13=0

Thay ¥~ F=3 vao phuong trinh tiép tuyén ta co: 34+ 3-13=2=10,

Do d6 N khong thudc tiép tuyén.

-

1.0 B ) ATy T o
Cau 2: Cho duong tron (€) cd tdm [(-1:2) va tiép xtc voi duong thang Arr= 2t = Xt tinh
dung sai cta cac khang dinh sau:

-

d(1A)=—

a) ”'ll:

S

b) Puong kinh cta duong tron c6 do dai bang

[I . ] }-‘: . [:.'l'— 1}‘ —
c¢) Phuong trinh dudng tron 1a

v | 4=

d) Piém O(O; 0) nam bén trong dudng tron ( )
Loi gidi

. —1—4 ”| 2
ff:u'[_f._-x}=—| ==
a) Sai: (C) c6 tam / va tiép xtic A nén c6 ban kinh Vi J5 .
7
R=d(1.0)= —== 4
b) bung: Tu V5 duong kinh cua duong tron c6 do dai bang V5 .

(€) . Loty olr=2) =
c¢) bung: Vay phuong trinh dudng tron la:

|01 = =1y + (2 =5 > R= %

d) Sai: Xét
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Do d6 diém 0(0:0) nam bén ngoai dudng tron (C)

Duong tron (C) di qua A(z-1) va tiép xuc voi hai truc toa d6 OX va Oy Xét tinh ding sai
ctia cac khang dinh sau:

I(R;—R)

a) TAm cua (€) c6 dang , R 1a ban kinh duong tron (€)

py K =(R=2) 4 (R-1)

c¢) C6 2 duong tron thoa man
d) Tong ban kinh cac dudng tron thda méin bang 5
Loi giai
a) Ping: Vi .2 ‘4(2:—]) N A , s 1A A oas A
ung: Vi diém nam & goc phan tu thu tu cua hé truc toa do va duong tron ti€p xic
vo1 hai truc toa do

Nén tam cua duong tron c6 dang I(R:~R) trong d6 R 1a ban kinh dudng tron (C)

, , . > , , R=1
== Rk=2-R)+(-1+R) =R -0R+5=0+= .
b) PBung: Ta co: fi=>
e (=) (1) =
c) DBling: Vay c6 hai duong tron thod man de bai la: * - ;
(x=S) +(y+35) =23

(R =1=d =2
R.=S=d. =10 =d +d, =12
d) Sai: Taco: 2T I= 4L E :
A(2:3),B(-L1) Aix=3y-11=0

Duong tron (C) di qua hai diém c6 tam thudc ° . Xét tinh

dung sai cua cac khang dinh sau:
[[ 7 —iw
N

b) Buong kinh cua duong tron (€) bang 05

a) Tam cua duong tron (€) la

¢) biém 0(0:0) nam bén trong dudng tron (C)

d) Buong tron (C) di qua diém N(O;z)
Loi gidi

ETPREL ;
a) Sai: Goi tam duong tron 1a H3telhr)eA .

Ta co: A= 1B 4" =18

S (M 1=2 4+ (=3 =(3+11+1) +(t=-1) = 11r=—5:'~f._xr=—;:.
(7 35
!‘.?:_?J

Suyra ‘- “</;

-
Il
b
Il

]
|
b |
)
Lo | wa
1l
|_:||’3“
A
|
ad
=

b) Sai: Ta c6 ban kinh duong tron
A \ , , \ \ (C ) N 9
Vay duong kinh ctia duong tron * ~/ bang -

uigeli.xyz Trang 78



Cau 5:

uigeli.xyz
IR
A - 2 h

f

130
- b

c) bung: Xét

Do d6 diém O(O; O-) nam bén trong dudng tron (C)
AT( (- [(_}I.,—_l -I._1'- i| —
d) Pung: Thay diém N(0:2) 30 o2 L2} 2

P T O -
L2 T
o .:r ) 7 W2 l,z 5 65
T [( }. .'._—| 1 .'|_'I —| = —
, N 0,2 N n . . . | | | |
Do do6 ( )nam trén dudng tron 2) 2, 2
\ \ C . . a-A ¥ :1 . ?" A , At Ivg =13
Duong tron (C) i qua hai diém (520 B s o e 130

sai ctia cac khang dinh sau:
2) IB=d(I.A)

b) Tong dudng kinh cia cac duong tron (C) bang: 2410
c¢) Co hai duong tron (C) thoa man
d) Piém N(1:0) nam trén it nhat mot dudng tron (€)
Loi giai
a) bung: Puong tron (C) di qua hai diém A(L2).B(4) 5 ja=18=R

, A Tvr o p—3I=0 =dl{. A=
Buong tron (€) tiépxﬁcj‘""‘ y-3=0 =d{LA)=R

vay 1B=d(1.8)
|3a+b-3|

J10

1(ah) d(1.0)=
b) bung: Goi tdm duong tron la T/, taco:
|14 = 15°

|t = (d (A
Theo gia thiét l Lt )

'[”_]}: i [h—j}::r_u—}f}: { [-"1—4}:

e h— 3y —
10

(2):(5-b) = 2(S—b)+ 96" = 34b+ 41-0(5=b)b=0

|[|' Fh=35

l:.': —2a+ 9 —34bh i 4l —tab =0

—

(a—1" +(h=2)"

Thay (1) vao
h=1 ;‘>[.'=—'1;¥ff|=\‘|']_ﬂ
e dh” —18h+ 14 =0 = 3 J]_[]
h==— =g="=FR, =
2 2 2
¢ 74 337 5
Rl R R I (r=4) +(y-1) =
A ' = _Vél L” L

Viy c6 hai duong tron théa man: *

‘. R =10 [:." =210
= =, +d, =310
‘fﬁ: 0 l[.": =4/10 _

c) Sai: Taco * 2
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Cau 6:

Cau 7:
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PR RRER.
[ T -
2 V(L I Y
d) bung: Thay diém V(1:0) vao duong tron 2 \ 2 2
i ,-. W2 / 3 L2 ] ,_, :_"
REEET Y R
i H | { 3 | 5
| — N T -
N(L N A \ o L /
Do do v (1’ 0) khong nam trén dudong tron 2 \ 2; 2

Thay dlém 1\’(1,0) vio du(‘mg tron ['——]-} { I:__l'— ]} =10 = I:]——]-} { I:_[]—]} =10=r

(x—4) + (=1} =10

Do d6 N(10) nam trén duong tron '

Viay diém N(L0) nam trén it nhat mot duong tron (€)

=t 2 0=10

. TR 1.2
Cho duomg tron (€) co phuong trinh * va hai diém UE—1)BULE3)
Xét tinh dang sai cua cac khing dinh sau:
a) Piém 4 thudc duong tron

b) Diém B nam trong duong tron
c) X =1 phuong trinh tiép tuyén cua (C) tai diém 4

B v Cox o x . (C) s x=1. dridr—12=0
d) Qua 5 ké duogc hai tiép tuyén voi * 7 c6 phuong trinh la: ; :

Loi giai

a) Ping: Puong tron (€) c6 tam I(3:-1) ban kinh £=V9 1 1-0=2
Taco: IA=2=R
= A thuoc dudng tron
b) Sai: IB=25>R = diém B nam ngoai duong tron.

‘ . , 17 — (.
¢) Pung: Tiép tuyén cua (€) tai diém 4 nhén Al =(2:0)

phurong trinh 1a a=1)+0{p+1)=0es v=1 .

1am vecto phap tuyén nén co

H{x=1)+h{y—=3)=0

d) Sai: Phuong trinh duong thing A di qua B ¢6 dang: " (voi
LS Pl — g — 3 =
a +h =0 ) hay gr oy —a —ab []'
Puong thing A 14 tiép tuyén cia duong tron — ¢ L/+4) = &
|3[.’ —h—a- 3-":!| . 2 . . ) h=0
= =2 (la-2h)y=a+h <3 -dab=0&
xl"n'"' P h ' Ih=4a
» Vi =0 chon a=1; phuong trinh tiép tuyén 1a X = I
3 : <A A oqx vt dpr—15=
» Voi 3b=4a , chon == h= 4; phuong trinh tiép tuyén la =~ dr=15=0 .
tdy—15=0

Vay qua B ké duogc hai tiép tuyén voi (C) cO phuong trinh la: ¥ = L, 3w

A(2:0), B(0:-3)

. (53 .
Duong tron (C) di qua ba diém A }. Xét tinh ding sai ctua cac khang

dinh sau:

a) Puong kinh cua duong tron (€) bang V26
5

b) Hoanh d¢ ctua tdim duong tron (C) bang 2
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¢) Puong tron (C) di qua diém N(‘%;O)
d) Goi / 14 tam ctia duong tron \©) khi do do dai doan /0= 52
Loi gidi
Goi tam duong tron la ](a;b).

| A" = BI*
Theo gi4 thiét | =cr
- 5
[:”_1}: b =a (h 3}: |.4:.' FOh=-75 ‘e 2
L — ) ) __"v—\-' I p )
l_[ﬁu—Z}' b =(a-5) +(he3)  [0a—0p=30 lh:i
:

(s sy (3
= '——1|-'—_|= -
| 2 ! | 7 3
Ban kinh duong tron la h Ay 2
13 13
R=.—=d=2]==426
, 3 =
a) bung: Ta co = 2
55 5
L s S
b)Sai: Tacotim = <=/  hoanh d9 cua tdm bang 2
(5 Vo[ 5 20
M =J"‘3| == | =——=R
[ = | | a4
c) bung: Xét = = 2

Do d6 duong tron (C) di qua diém !

10| =
d) Sai: Xét

A (—2 6

. , , AT T
’ ) va tiép xac véi duong thang A 3r—dr—15=10

Puong tron (C) di qua diém tai

8(11_3) . Xét tinh ding sai cua céc khéng dinh sau:
a) Puong kinh cia duong tron (C) bang 10
b) TAm ctia dudng tron (€) c6 tung do bang —2
c¢) Khoang céch tir tdim ctia dudng tron (C) dén duong thiang A bang 4
d) Diém 0(0:0) nam bén trong duong tron (C)

Loi giai
Goi tdm duong tron ](a;b).
Ta ¢6 vecto chi phuong ctia A 1a iy =(43) va 1B=(1-a-3- by
Theo gia thiét: 1B Lii, = IBii, = 0=>4a+3b+5=0 “}_
Talaico A= 1B 14" =18

e (=2—a)y 1 (0=b) =(l-a) + (-3-b) =a-3b+5=0 (2)
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[4a+3b=-5 [a=-2
s l_."J:

RPN \ l[.’-}."::—
Giaih¢ (1) va(2): *
R=14=J(-2+2F +(0-1) =5

Suy ra
a) Pung: T & = 11 =5= Puong kinh cta duong tron (C) bang 10

e 1 .
b) Sai: Ta c6 tam 1(-2i1)= tung do ctia tAm bang 1.
B.(-2)-41-15] _

d{7:a)= —
¢) Sai: \’} =

, , |(}]f|
d) bung: Xét
Do d6 diém 0(0:0) nam bén trong dudng tron (C)
. . -2: . M(2: ,
Trong mit phing %%, cho hai diém I(-2:3) va diém M(2:5) va hai duong thing
L |x=t

3=0_, |y=

va ~ Xét tinh dung sai cua cac khang dinh sau:

a) Pudng tron tim / va di qua M c6 ban kinh K= 25 :

: w4 2) 4+ (r=3) =10
b) Duong tron tam / va di qua M ¢6 phuong trinh [- Poily=3) =l _
omg tron tam 7 va tiép xic duong thing 9 ca (e 2) (v -3) =4
c¢) Puong tron tam / va tiép xtc duong thing ¢ c6 phuong trinh a3 .
|x =1
A
ly=-

d) Phuong trinh duong tron c6 tim thudc dudng thang " vadi qua hai diém / va M

- (v +4) +(r—4) =H_“.
Loi giai
-2:3) . .. MA(2:5) . .,
a) Bung: Duong tron tam 1(-2:3) va di qua M (2:5) c6 ban kinh
R=IM=\J(2+2) +(5-3) =248

b) Sai: Puong tron tam (=2:3) L ai qua (2:5) ¢ ban kinh
R=IM=\J(2+2) +(5-3) =248

‘ (e 2) i (r-3) =20
Suy ra phuong trinh duong tron can tim: * - .

N, coa I(23) \ e d i 2x=5v+13=0 .. .
c¢) bung: Puong tron tdm va tiep xuc duong thang : c6 ban kinh

. 12.(-2)-53+13
ff=[."[_F.[."}=| ) |=1

R
(x4t 2) +(v-3) =4

Phuong trinh dudng tron can tim:
d) Sai: Goi K 1a tdm cua duong tron, tacd K €A vy Kl =KM = It

Kea:l

(=t

= K1)
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KI=KM < KIT=KM™ < (2-0) +{300) =(2=0) +{54¢) s _a4/ 4 162 0es 1= 4

Suy ra duong tron c6 tam K(%- 4) va ban kinh £ = &M = ""{E ¢6 phuong trinh la:
(v=4) + (01 4) =85

PHAN III. Ciu tric nghiém tri loi ngin

Cau 1:

(Cyifx—1) +(r-2) =4

M (2:1) va dudng tron

Oxy

Trong mit phing toa do , cho diém

Phuong trinh dudng thing () qua diém M va cat (€) tai hai diém phan biét 4B 520 cho do

(d):ax+ byt c=0

dai 4B ngan nhit c6 dang ' Tinh ¢ +b+c,

Loi giai
Duong tron (€) c6 tAm [(1;2), bén kinh R=2 va IM =<2 < R=2 nan didm M nim trong
duong tron.
Gia str goi H 1a trung diém ctia 4B khi do A8 =2HE=2IB" — IH" = 2N4- 11
Vi fH = IM =2 pan AB= 24— 117 = 24— =22

Do d6 4B ngan nhat khi /H{ = IM
M (2:1) Vi IM =(L;-1)

Luc d6 duong thang d qua a nhan lam vecto phéap tuyén
: (x=2)-ly-1)=0=(d):x—y-1=
Phuong trinh duong thang (d) la: He=2)=Hr=1)=0=(d) y=1=0
Khi do g=kh=-lLc=-1 nén [|r+f}+,-_-:_].
Mot chiée cau duoc thiét ké dudi dang 1 cung tron (Hinh ve)
M
A K B

Biét do dai A8 =00m chidy cao MK =3M  Tinh ban kinh cua dudng tron chira cung AMB
(Biét MK di qua tim ctia duong tron chira cung AMB)
Loi giai
= A(=30:0) B (30:0), M (0:3
Chon hé truc toa do Kxy nhu hinh vé 1(-30:0) .5 )M }.

Y
M(0;3)

A(—30;0) K(0;0) B(30;0)
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:-"l:-ﬂl'.'.ﬂlll.-z
Pudng tron chita cung AMB ¢4 phuong trinh dang: * 1 =TSR 0

A M, B.

di qua

OO0 — 60 + ¢ =10 g=10
OO0 4 (g + c=0 = = =900

9+0h+c=0 o297
: =

Nén ta c6 h¢ phuong trinh: - 2

— o (297
= R=Ja - +h —c =0 +| — FOO0 =1515m.
Bén kinh duong tron chira cung AMB /
Vay R=1515m.
Gia st ¢6 chiéc nhan duong kinh 2Omm‘Ngu(‘)’i tho mudn stra thanh chiéc nhan vira v6i ngon
tay duong kinh Lomm g, nguoi tho tinh do dai day cung €D dé cit chiéc nhan ¢ hai diém €

va D rdi han lai (hinh v&). Tinh d6 dai €D,

an Y
\ww)

A
I
B

Loi giai

Duong tron (€) biéu dién cho chiéc nhin duong kinh 20mm_ Duong tron () biéu dién cho

ngon tay duong kinh l6mm

n N n A , . . (C C oA, \
Ta chon hé tryc toa do co6 goc toa do O 13 tim cua duong tron ( ), don vi trén cac truc la
Imm

0(0:0) +17 =100

Duong tron (C) c6 tam , ban kinh R =10 nén phuong trinh 1a a

Taco IA=10=IB=20-16=4=0I=06

D(d:~6) (d>0) (—6) +d> =100 =d =8

DPiém hudc (C) nén co: "

Vay €D =2d =lopm,
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Cau 6:
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C6 hai hon dao xem nhur hinh tron 1a () co tam & vi tri /(%) ban kinh & =7km 5 (€)
co tam O vi tri J(IS;Q) , ban kinh R = Skm' Nguoi ta dg dinh xady mdt cay cau ndi hai hon
dao. Tinh d dai ngan nhét ciia cdy cau?
Loi giai

= IV 49 —ay =13k
Ta c6 khoang céach giira tam cua hai dao la: M \',“'H' 3 +0-4) ]_.(Lm}.

Cay cau co chiéu dai ngan nhat khi diém dat cia né nam trén giao diém cua duong nodi tdm cua
hai ddo v6i hai duong tron. Khi d6 khoang cach ngan nhat bang:

AB=11-RF—- F=13-7-5=1(km)

La mot trong bay ki quan thé gi6i, ngon hai dang Alexandria simg sitng nghin ndm chiéu anh
sang dan dudng cho nhiéu con tau cap bén Ai Cap an toan. Ngon hai dang nay ¢ toa do (3;4),

A . <2 . < & . Ao o L (23:4 N , , \ \
mot trong cac dieém dugc n6 chi€u sang xa nhat cé toa do ( ) Tim ban kinh duong tron
biéu dién tap hop cac diém xa nhit ma anh sang tir ngon hai dang chiéu téi.

Loi giai
Puong tron biéu dién tap hop cic diém xa nhat ma anh sang tir ngon hai dang chiéu t6i co tim

R=J(23-3) +(4-4) =20

toa do (3;4) di qua diém (23;4) ¢6 ban kinh:

. 1 P Ay —.

Vay phuong trinh duong tron can tim la: (e=3) +{r=4) =400 .

Bén trong mot hd boi, nguoi ta du dinh thiét ké hai bé suc nira hinh tron ban kinh bé‘mg nhau va
mot bé suc hinh tron (tham khao hinh v&) dé ngudi boi ¢ thé twa lung vao thanh cac bé suc thu
gian.

Biét tong chu vi ciia ba bé 1a 32™ Téng dién tich ba bé suc 1a nhé nhét khi ban kinh mdi bé
suc 1an lugt bing 4 (m) va b (m) (trong tinh toan 1iy 7 = 31 d dai tinh theo mét va lam tron
t&i chir s6 thap phan tha hai). Tinh @ +5

Loi giai

TS X1 2 5 TS \ . \ x.v>0
Goi ban kinh mdi bé suc hinh tron va nira hinh tron twong tmg 1a * Y (m) (x. )
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32m

Tong chu vi ba bé 1a , ta co:

5= 1.57x . .
e p=s ———— = [ 5T 257 v—8=0
23140+ 2314+ 41p=32 2,57

. o . CS(m?
Goi tong dién tich cua ba bé suc 1a ( ), §>0

3,145 43,14y =S e vt 4t = 1i
Khi d6 34
U T 1S IO R .
A4S =0 v =0 [—f} - U = I :{I.S?'.r'— l6.1, 57+ 04)
Ta co V2,57 2,57
C 15T 16.1.57 04
=14 _ﬂ|.1'— —
2577 2570 2570
5 i« 5 Y
r= I:‘l'?:':? :[2‘ |+ % |]: L350
Suin khi va chi khi <3 . (thoa man)= = 227

Viy tong dién tich bé suc 12 nho nhét khi ban kinh ctia bé hinh tron va bé nira hinh tron twong
ﬁng 1a o= 1,38n1; h= 2.27m.

Oxy,

Trén mat phﬁng toa do mot vat chuyén dong nhanh trén dudng tron c6 phuong trinh

L= coe e M(3:4) L e~ s . A
VA= 25 R 6 vi tri (3:4) thi vat bi ving khéi quy dao tron va ngay sau do, mot
khoang thoi gian ngin bay theo hudng tiép tuyén cta duong tron (tham khao hinh v&).
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Ay
S

A

\ i

Hoi trong khoang thoi gian ngin ngay sau khi ving, vt chuyén dong trén duong thiang cé

phuong trinh “* " A te=0 iy gié tri biéu thirc ¢ +¢
Loi gidi
Fal TR ¥~ 2{0:
Xét duong tron (C)amar =2 c6 tam 0(0:0) va ban kinh & =5

Tiép tuyén ¢ cta dudng tron (©) tai diém M(3:4) ¢6 vecto phap tuyén 1a OM =(3:4)
Foo Ay — 3y A — e o T s
phuong trinh 3r-3)+4{y—4)=0=d B3r i 4p-25=0.

va

_05

- nén l'|r+f.':_23.

Khi do ¢ =3¢=

Chuyén dong cua mot vat thé trong khoang thoi gian 180 phit dugc thé hién trong mit phiang

. e ez MO IR0, L, R
toa do. Theo do, tai thoi diem f }Vat the ¢ vi tri ¢6 toa do

(34 sint® A4 cos e £
[- }. Két

thiic quéa trinh chuyén dong thi vat bi ving khoi quy dao tron chuyén dong va ngay sau do,

trong mot khoang thoi gian ngan bay theo hudng tiép tuyén cta dudng tron quy dao. Trong

khoang thoi gian ngan ngay sau khi ving, vat chuyén dong trén duong thang ¥ ~ ¢ Tim @?
Loi giai

Quy 2 e R . o HO=r=180) L . (O)

uy dao chuyén dong cua vat thé trong khoang thoi gian l1a dudng tron co

.-I-_-J",.-_:,::
phuong trinh Lr=3) o lr=3) ].

Két thuc chuyén dong, vat thé t6i vi tri M (3;4-). Sau d0, trong khoang thoi gian ngin vat

chuyén dong theo hudng tiép tuyén cta duong tron (C)tai didm M (3:4) _

Tiép tuyén nay di qua diém M(3:4) vaco VIPT "'~ (0: 1) nén c6 phuong trinh 1a *' 4=0

Hay =4 nén gid tri ciia @ =4,

O cac nudc xir lanh, vao miia Dong thudng cé tuyét roi day dac khip cac con duong, tré em tai
day rat thich dip hinh dang cta ngudi tuyét. Co thé xem phéan than dudi va than trén cia nguoi
tuyét 1a hai hinh ciu tiép x(ic nhau. Vao ba dém ta ding mot chiéc dén pin soi vudng goc véi
ngudi tuyét thi dugc hinh anh 13 hai hinh tron tiép xGic nhau nhu hinh v&. Tinh tong ban kinh
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phuong trinh duong tron 16n va dudng tron nho biét kich thudce cua hai vién tuyet can dap dé
dugc mot nguoi tuyét cao 1,8m co duong kinh ctia han than dudi phai gap doi duong kinh cua
phan than trén ngudi tuyét (theo don vi cm).

Va

Loi giai

1.8 >0)

Tacd: °m=180 cm. Goi 7 (cm) 1a ban kinh ctia dudng tron nho (r
Pudng kinh cua dudng tron nhé 14 27 (cm); Pudng kinh cua duong tron 16n 1a: 2-27" = 47" (cm).

Taco: 2+ 4r=0r =150 (v (0) tiép xtic véi (0 ))“:” =30 (cm).

Phuong trinh dudng tron (0) co tam 0(0:0) va ban kinh R=2r=060, © + " =3000

0'(0;90 (x=90) + 7 =900

Phuong trinh duong tron (0) cd tam ) va ban kinh 7" =30

Vay téng ban kinh hai dudng tron bang 90 ¢m.
Cau 10: Trong thé thao, mdt van dong ném dia di vung dia theo mot duong tron (C) c6 phuong trinh la
17
(-1 (1) =12 R )
144 Khi @6, nguoi d6 vung dia dén vi tri diém thi buong dia.

e 4 4R .':.'l.'--"'-':ﬂ , .,
Phuong trinh tiép tuyén ctia dudng tron (C) tai diém M c6 dang (d)aet by . Tinh gia

P
d
Loi giai
169
C):(x-1) +(y-1) =— .
Du(yngtrc‘)n( )( ) (y ) 144 ¢6 tam I(l’l).

_m(i32) ©)
biém thudgc duong tron .
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17,
127

(35
Phuong trinh tiép tuyén cua dudng tron (C) tai diém 1a duong thang di qua M va

W:(i;l
h 60x+144y—373=0'

nhén vecto ) lam VTPT nén c6 phuong trin

= s T
Cho hinh chit nhat 45CD ¢ tam 1o 4), phuong trinh canh 4B 13 *—=V7=7= 0 va
AB=2A4D Biét rang dinh 4 c6 tung d6 dwong. Khi d6, phuong trinh dudng tron ngoai tiép

tam giac /BC ¢6 tam 1a (:2) 3 ban kinh 7 . Gia tri T'=m+1+7 13 bao nhiéu? (két qua lay
dén 1 chir s6 c6 nghia).
Loi giai

A M r—2y+2=0R

I(0; —

D C
Goi M 1a trung diém cua 45 .

Puong thang /M di qua 1(0:-4) va vudng goc v6i 4B nén IM 6 phuong trinh 1a:
Jy+r+4=0

Do M = AB™IM nén toa do cia M 1a nghiém cua hé phuong trinh sau:

| r=2

=2
— Mi{=2:0
/ i [ )

f] | T
P
(0 ] ik

NS R
Il

.1I 1
24y

T T rEs
Goi Al2t=2it)ye AB. (1 = ﬂ}'

M s 2 gp A B(-2-20-1)
Do M 1a trung diém cua nén

8 M2+ 2 -8
Do / 1a trung diém ctia BD nén D(2t+ 2t =8)

) x,x._ _“I._ﬂl _"= :I-_I_.‘Z

20 =320 = loe =24

, N ” )" [ _ '_ T —Ar— 17 [ -
Két hop didu kién ta duoe didm (%) Kni go; B(710:-4):C (-0 12):D(10:-4)

Goi phuong trinh dudng tron ngoai tiép tam giac /BC 1a:

X4 4 2ax+ 2+ =10, IIH" th ==

Thay toa do cac diém LBC i phuong trinh trén ta c6 hé phuong trinh sau:
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J —8h+e=—10 } |
=20 —-8h+e=—110 = h -
| —12a—24b + ¢ = 180 lt__,;h

~ 7 (thoa man).
T 10x 4 134 30=0

Vay phuong trinh dudng tron ngoai tiép tam giac /BC la; * voi thm

( 13 575

—5;—— J p=N2 )

la b 2/ va ban kinh 2 vayT=minir=-59

Thiét ké khu vuon Hanh Phuc hinh vusng canh 19™ nhu hinh v&. Phin duge t6 dam ding dé
tréng co, phan con lai lat gach. Biét mdi mét vudng trong co chi philoo nghin ddng, mdi mét
vudng lat gach chi phi 300 nghin ddng. Khi dién tich phin 14t gach 1a nh6 nht thi tdng chi phi
thi cong vuron hoa Hanh Phiic bang (lam tron dén hang nghin)?

Loi giai

Goi 7 (m) Jan luot 1 ban kinh ctia phin 14t gach hinh tron (27>0) ) g x+y=5.
2
Goi (m ) la phﬁn dién tich duogc lat gach cua khu vuon (S > O) ,taco

_ _ 2 2_ 2 2_ <:>x2+y2=m
§=100-257 +7x* + 7y’ =100+ 7 (x* + y* = 25) -

S+257-100 _ |S+257-100
(O =R 000) i S v
Ta co: T c6 tm ban kinh va duong

thing A+ Y=5=0. Khi 46 bai todn tré thanh: Tim R nho nhat dé (€) va A co it nhdt mot
diém chung, voi hoanh d6 va tung do déu 1a cac s6 duong?
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Ay

V=

Ta co () va A ¢6 it nhat mot diém chung khi va chi khi

257 257
Rzd(ON) < 2571002 e S 2 100 - =
3 7 3 Smin = 100_25_7[
Vay dién tich phan 14t gach nhé nhat bang 2
Tl d6 chi phi dé thi cong khu vuon Hanh phuc 1a 100.(100-5,;, ) +300.5,,, =22146 n

ghin
dong.
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