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PE 1 PE ON TAP GIUA HQC KY 11
NAM HQC 2025-2026
MON: TOAN 12

PHAN I (3,0 diém): CAu tric nghiém nhiéu phwong 4n lwa chon. Thi sinh tra 1oi tir cAu 1 dén ciu 12.
Moi cau thi sinh chi chon m¢t phwong an.
(=(3:0:1) _, v=(2:1:0)

Cau 1. Trong khong gian voi hé toa do Oxyz , cho vecto ! va . Tinh tich v6 hudng
u.v
A UV=6 B. v =0 C.uv=—6 D. uv=_8
: I
Cfx)=1-— 7
Cau 2. Cho ham so COs" 4 Khang dinh nao dudi diy ding?
A j'__f'{_r]dr.' = v+ tan v+ C'. B. j’__f'{_r]dr = x—cotx+ C'.
C. ‘{__f'(.r]dv.' = x—tanx+ C" D. ‘{__f'(_r]dv.' = x+ cotx+ C"
Cau 3. Ho nguyén ham cta ham s Flx)=32+1 la
X
. . —+x+C
A X x4 C B. 0x+C c. X +C p. 3
. . x—v+2z-3=0 _. 2 .
Cau 4. Trong khong gian Oxyz , mdt phang (-:‘:r] Xy = di qua diém nao dudi day?
i 3 (30
. N L-1:—= M| L=
A. P(l-65 l) B. Q(O- 3-0) ) C. |-‘ 2 "\ 2 :J
[ = -[('E.r+]]cf.r
Cau 5. Tinh tich phan o
AT=5 B.[=T7 c.1=6 p. /=8
A \ e Jf'[_k';'l:c’-'+l 2 . \ L AR 1N A
Cau 6. Cho ham s0 - . Khang dinh nao duéi day la dung ?
A '{__.'r.f.‘.'}h"..‘.' = ¢ + 2n+ {". B. '{__."'f.\'}t.'f.r =o'+ .
C. ‘{__f'f.r]l:fﬁ.' —¢' T+ {’f" D. j'__f'f.r}:f.r — ¢ =2x+ C'.
] x =2+t
‘ yv=1-2f
Cau 7. Trong khong gian Oxyz , cho duong thang d, == —he .Veccto nao duoi day 1la mot vécto chi
phuong cua do
A :E =(1,2:3). B. u:= (2:1:1). C. iu. = (1:=2:3). D. e;,': (2:1:—1).
v oyv—-4 z-3
odi—= =
Cau 8. Trong khong gian véi hé toa do Oxyz , cho duong thang -1 = < . Hoi trong cac
vecto sau, dau khong phai 1a vecto chi phuong cua d o
A = (3:-0:29) g, 1. =(=2:43) c. o= (1-2:-3) p, = (=1:2:3)
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- -] . . . . < R
Céu 9. Mot 6 to dang chay véi toe do 2 (m thi gap chudng ngai vat, nguoi lai dap phanh, tir thoi diem
Y ! = =5 20 , \ , e . ,
d6 6 t6 chuyén dong cham dan déu véi van toc : ('r ) r+ 2 (m ' ], trong do I 1a khoang thoi gian tinh

bang gidy, ké tir ltic bat dau dap phanh. Hoi tir luc dap phanh dén khi dimng han, 6 to con di chuyén bao nhiéu

mét (’”)?

o=

A, 30m B. 20m C 10m p. 40m

— 1. .M T ()
Cau 10. Trong khong gian Oxyz , toa d0 mot vecto 72 vudng goc vai ca hai vecto a(l:1:-2) ,E}(I‘O‘SJ la
A (35-2) g (23-1) c (3:-5:-1) p, (2:-3:-1)
N | [(1+ ()i
Cau 11. Biét F("‘)_ Y la mot nguyén ham cia ham s / (x) trén U . Gia tri cia ! bang
A. 28. B. 22. C. 20. D. 26.
) A {2 ) . L R —
Cau 12. Trong khong gian Oxyz , cho diém 'U(“' ”'IJ va mat phang {P] 2x—3p—z+1=0 Duong
thang di qua M vy vudng goc voi ( ) c6 phuong trinh la:
[1=21”: [1—”1”5 v=2+21 [.\=2|2e‘
cv=-2-3 —24 3 -}1:2—3: T y==3-21
A, {:=l—s B. { =1 +1 C. z=1—¢ D. {:z—lu

PHAN II ( 2,0 diém). CAu tric nghiém diing sai. Thi sinh tra 1oi tir cAu 1 dén ciu 2. Trong mdi y a), b),
¢), d) & moi cau, thi sinh chon ding hoic sai.
Cau 1. Cac ménh dé sau ddy dung hay sai?

|

. [n'. ft 1y =—e¢” +e' +C
2) ‘[_ dv =2 ]11_+C' b) ° 2
[c-'-m:“TH:' [n’_' ddy = ———+(
c) o 2 . d) = Al |1'l A
f1-_n- 11— .
Cau 2. Trong khong gian v6i hé toa do Oxyz , cho a(l:-2:3) va b(1:1; l). Céac ménh dé sau day dung
hay sai?
a—bl=5 b= (~1-4:3 . a+h=3
a) b= . by L' l ) ¢).ab=4 d) .

PHAN III (2,0 diém). Cau triic nghiém tra 16i ngan. Thi sinh tra 10i tir cAu 1 dén cau 4
yr=1 v -l

4.1y Va . d——===—
A1) Y g 2 1T 3 L gei (P

Oxyz

Cau 1. Trong khong gian , cho diém

d

mit phang di qua diém A va song song véi duong thing ¢ sao cho khoang cach giira d va (P)lén nhét.

M (-1:2:3)

Tinh khoang cach tir diém dén mat phang (P) (két qua lam tron dén hang phan chuc).
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o A o a 10(mis) o . . N o
Cau 2. Mot 6 t6 dang chay véi van toc thi gdp chudng ngai vat, nguoi lai xe dap phanh. T thoi

. 2 A LA 2 ~ ~ A A s A £ ! =2 ) , \ , -
diém do, 6 t6 chuyén dong chdm dan déu véi van toc 1 ('r ) (+10 (m ' ], trong do 4 1a khoang thoi
gian tinh bang gidy, ké tur lac bat dau dap phanh. Tinh quang duong (don vi met) 6 t6 di chuyén dugc trong
8 gidy cuoi cung.

Cau 3. Cat mot vat thé boi hai mat phiang vudng goc véi truc Ox tai YTV 3 Khi cét mot vat thé boi

1 N OX ooi aih aq ot o X (lE2xE3) PR
mat phang vuong goéc véi truc tai diém c6 hoanh d0 , mat cat la tam gidc vuong c6 mot

) H ! X
gbc 45" va do dai mot canh goc vudng la 2. Tinh thé tich vat thé trén (két qua lam tron dén hang
phan tram).
Cau 4. Tinh dién tich phan hinh phing gach chéo (tam giic cong O4B) giéi han boi cac duong

P— oy o — — 2 . N ~ , y. X 5 7N N A \ A ~
y=xy=(v=2) va truc hoanh trong hinh v& phia du6i (két qua lam tron den hang phan tram).

\

PHAN IV (3,0 diém). Phan ty ludn. Thi sinh trinh bay 10i giai tir cAu 1 dén cdu 3
_ |'E.x'+3 khi v =1
fx)=1

Cau 1. Cho ham s6 Pxrel ki v el Giasr Foa nguyén ham ctia / trén [ théa méan
F(0)= F(-1)+2F(2)

2 e
~ Tinh gia tri cia

3
g

b

va ¢ la phan so toi gian. Tinh

2x—4‘dx=a+

Cau 2. Cho tich phan cn2 oo ab,cell

P=a’+b’+c*

A(=3:0:1). B(1-1:3

Cau 3. Trong khong gian Oxyz, cho hai diém ]Va‘l mit phang

sATIVE BVRTIE, P . ,
(P)ra=2r+22-5=0 . Puong thang d gi qua A, song song voi mat phang (P)sao cho khoang
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cach tir Bdén duong thang d 13 nho nhét. Puong thing dco mdt véc-to chi phuong 13" (Lbic) . Tinh
b

C .
DAP AN
I. Phan tric nghiém
1 A 10 C
2 C 11 A
3 A 12 A
4 D 13 Sbbb
5 C 14 bSSb
6 A 15 11,2
7 C 16 55
8 B 17 1,83
9 D 18 0,83
II. Phén ty ludn
Than
Cau Noi dung g
diem
(242 khi vz
, .Ir [_.'l,-}= l 1._: ] Jl:”l' . } ] -
1 | Cho ham s6 S "1 Giast I 1a nguyén ham cia J tren O
=7 B LYEY
thoa man F(0) ~ Tinh gia tri cua Fl=he2r2)
I B R TRy
.Ir- il_'g-}:l._; y . JII.”II . ]
F 1a nguyén ham cua J ten ' nén A+l mx<d 0,25
| . | T
Ta co: 'rm}_‘:{:_‘. (1)
limF(x)=lmF{x)= (1)
Do F liéntuctai =1 nen -+ =l ' 0,25
& C+3=C, 4 2;11‘, t3=4e C =1 0,25
F(x) |4 2ee 1 ki w2
= : . 0,25
' v o v N A =1V 2F( =18 >
Do d6 l'. v+ 2 Khiox ] Suyrar[- 1) _..Irl:__.} ]“..
3
=[] -4dx=a+ = b
2 Cho tich phan 0 ¢ voi @beell i ey phan sé tbi gian.
Tinh P = a’ +b? +02.
Nhan xét - 2" —4>0e x>2.= f(x)>0Vxe[2;3]; f(x) <O0Vx e[0;2] 0,25
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3

) 0,25

( x h x _ _L . 2 L .
vy 1=!(4—2 )dx+'2[(2 —4)dx—(4x —2 jo{mzz 4xj

=(8—i)+(i—4J:4+L 0,25
In2 In2 In2

SP=a*+b*+c*=4>+1>+1°=18 0,25

A(=301), B(L-1:3)
Trong khong gian Oxyz, cho hai diém va mit phang
[:f‘}:_'-,'—jll'- 2-—-5=10 d A (P)
. Puong thang diqua , song song voi mit phang

3 B d d

sao cho khoang cach tir ~ dén duong thang  1a nho nhat. Puong thang  c¢6 mot
. b

u(L:b:c) ~

véc-to chi phuong 1a . Tinh

Thay toa do cac diém A va B lan luot vao vé trai phuong trinh mit phang (P) ta
duoc

VT (A)=—6<0,VT (B)=4>0= A, B nam vé hai phia ciia mit phing (P).

Goi (Q) 1a mit phang di qua A va song song véi (P)=d c (Q).

0,25

Goi H 1a hinh chiéu vudng goc ciia B 1én (Q)=>d(B,d)>BH.
Vay khoang cach tir B dén dudng thing d nho nhit khid di qua A va H=H 1a
hinh chiéu vuéng goc ctia B 1én d. Goi A 1a dudng thang di qua B va vudng goc
x=1+t
v6i (P). Phuong trinh A:{ y=—1-2¢.
z=3+2t

0,25

Phuong trinh mit phang (Q) 1a x—2 y+2z+1=0.
COH=An(Q)=H € A>H(1+t;—1-2t;3+2t). 0,25

10
HE’('Q?I':1+t—2ﬁ.—1—2t?’i+2?‘3+2t?‘i+1=0@9t+10=0@t=—?.

111 7 26 11 2 0,25
SuyraHap—g;?;g_}u:)AﬂI: @9—;?;—§w&;=(26;11;—2)
11 2 b 11 26 11

B A T eatr il T A

PE 2 PE ON TAP GIUA HQC KY 11
NAM HQC 2025-2026
MON: TOAN 12

PHAN I. Cau tric nghiém nhiéu phwong an hra chon. Thi sinh tra 10i tir cAu 1 dén cau 12. Mdi cau hoi
thi sinh chi chon mot phuong éan.
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jlf'(x)dr ‘
thi 2 bang
B. F{J]—F{ﬁ]'

Cau 1. Néu ') 13 mot nguyén ham cua ham sb S tren doan [2:5]
A F(2)+ !—"{5]'

c F(5)-F(2)

. I .
. oy} =———"Fsinx
Cau 2. Ho tat ca cac nguyén ham ctia ham so cos v

A, tanx+cosy+C

la

B. cotx +cosy +C
C.- tanx- cosy +C D. tanx- cosxy +C

Cau 3. Goi D 14 hinh phing gi6i han boi cac duong V=SIMY Ox  x=0 vy x=1_Thé tich cua khéi tron
xoay tao thanh khi quay D quanh truc OX bang

| 1 !
jsin 2xdy 7| sin® vy 7| sin2xdy J|sin x|dx
A.° . B. ¢ . C. v . D. ©
Céu 4. Dién tich hinh phing duoc gach chéo trong hinh vé& bang
Y
Y= a? — 2 — 2
1 2 7 fz
-1 E T
Y= —x+2
A. 10, B. 7 C. 9. D. 8
flx)dy=3 J.B_f'(\}d\
Cau 5. Néu thi * bang
A.9. B.7. C. -3 D. 6
Cau 6. Nguyén ham cia ham s6 ¥ =2 1a
A JPdr=h22ec g ]2 dv=2" ¢
YK 35+l
[2dr=2s i C (2dr=2c
C.- In2 _ D. - v+l
| | |
J.,I" (xpx=2 Iq{x Jdx =5 H: o)+ 2e(x }:I:.".r
Céu 7. Cho va khi @6 bang
A. -3 B. 12 C. 8. D. .
s 1enl T . £ J\f"(.r}a’.x’ ‘
Céu 8. Cho ham s6 /) lién tye tren |21/ =87 Q0 =1 g an bing
AT, B. 9. C.9. D. 1.
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Cau 9. Viét cong thirc tinh thé tich V' coa phan vat thé gidi han boi hai mit phing vudng goc véi truc Ox
., . 2 =a, x= <

tai cac diém * = ¥ b(a<b) Ox

x(anSb) 13 S(x)‘

c6 thiét dién bi cat bdi mat phang vuong goc voi truc tai diém c6 hoanh

do
b b
V:J-S(x)dx V=ﬂjS2(x)dx
A. a ) B. a
b b
V:ﬂz_”S(x)‘dx V=7r'|.S(x)dx
C. a D. a

Cau 10. Ham s F(’C) 1a mot nguyén ham cua ham sb J (r) trén khoang K néu

A F(x)=—f(x).7rek B, Flx)=A(x)wrek

f'(x)=—F(x).vxek f'(x)=F(x).vx ek

Cau 11. Goi S 1a dién tich cua hinh ph:flng gid1 han bdi cac duong y=3 , V= O, x=0 , ¥ = 1 Ménh dé
nao dudi day dung?

5= *|~ dx S = |“3'_' "y 5= —J 3dy S = _[ 3'dx
A0 B. C D. 7
Cau 12, J¥E bing
[
: —x +C
A. 2x+C B. v +C C. 3 +C D.3

PHAN II. Céu tric nghiém dung sai. Thi sinh tra 10i tir cdu 1 dén cau 4. Trong mdi ¥ a), b), ¢), d) & mdi
cau, thi sinh chon diing hodc sai.

_I'{J.']:.r: +1

Céu 1. Cho ham s . Goi F(x) la nguyén ham cua f(x)'

a) Thé tich khdi tron xoay khi quay hinh phéng gidi han boi dd thi ham s yv=/ (1) , truc hoanh, truc
287

tung va dudng thang X = 1 quanh truc hoanh bang 15

[f(x)de = F(0)-F(2)

b)

[L}d:—l + In 3.
R

F(.x']:#+.x'+i' o
d) 3 ,v6i C 1a hing sb.

CAu 2. Cho ham s Y l‘/‘) —C

a) Nguyén ham ctia ham s6 I (r) 12a€ G v Cna hang sd.

[[2x=f(x)]dr=2-c.

b)

¢) Biét F(x)lé mot nguyén ham cua ham sb Y (r) thod man F(U) =0 , khido 1a F{ l)=e+1.
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d) Dién tich hinh phing giéi han boi hai dd thi ham sé * =/ (), ¥=1 4 hai dudng thing

|{c —1)dx

e T, TN J
xX= l"‘_“béng :

PHAN III. Cau tric nghiém tra 1i ngin. Thi sinh tra 10i tir cdu 1 dén cau 6.

fla)jde=7 fa)de=-3
) e o] =T ) o
Cau 1. Cho - lién tuc trén doan thoa man ;2 . Khi do gia tri cta

P=[ 7 (x)de [ f(x)de
! ' bang bao nhiéu?

Céu 2. Bé dam bao an toan khi luu thong trén duong, cac xe 6 to khi dimg dén do phai cach nhau tdi thiéu

Im nstoto 4 dang chay véi vén toc 16m/s bong gip 6 t6 B dang dimg dén d6 nén 6 t6 4 hdm phanh va

chuyén dong chim din déu véi van tbe duoc biéu thi bi cong thire " 1= 107 (don vi tinh bing M/s),

thoi gian tinh bang gidy. Pé c6 2 6 t6 4 va B dat khoang cach an toan khi ding lai thi 6 t6 4 phai him
phanh khi cach 6 t6 B mot khoang it nht 14 bao nhiéu mét?

Céu 3. Cho vt thé () duogc gi6i han boi hai mit phang ¥ =0 va X =3 Cit vat thé boi mot mit phing tiy

D<xy=3 e v A N A N N M
3) ta dugc thiét dién 1a mot hinh vuéng canh bang

¥ vudng goc vai truc OX tai diém c6 hoanh do * (
A or 5 A A V M [N
2X  Thé tich cua vat thé ( ) bang bao nhiéu?

fx)=x" +4 [ f () = ax + b

. Yo C. , .
Cau 4. Cho ham sb  Biét Trong d6 4P € Tinh 3@ -2b9

PHAN IV. TU LUAN. Thi sinh trinh bay 10i giai tir cau 1 dén céu 3.

Ciul. Timhamsé /(%) , biét ring / () =Treosevre o ((0)=-1

- [ ( : )

Cau 2. Tinh tich phan

18 m , chiéu rong chan dé 12m (tham khao hinh vé

Cau3. Mot cong chao cé dang hinh Parabol chiéu cao
bén dudi). Ngudi ta cang hai soi day trang tri 4B, €D nim ngang ddng thoi chia hinh gi6i han
AB

boi Parabol va mit dat thanh ba phan c6 dién tich bang nhau . Tinh ti s €D

---------- HET ———emm-
DAP AN
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1 C 10 B
2 D 11 D
3 B 12 D
4 C 1 b-S-b-b
5 A 2 b-b-S-S
6 C 1 10
7 B 2 33
8 B 3 36
9 A 4 -3
PHAN IV (3 PIEM):
Cau Noi dung Piém
Caul. Timhamsé /) biétring ! (¥} =1rcosnvre gy 7(0)=-1
Loi gidi
Ta co: ! [.'r}:‘[ § e )dy :J‘[] peosylde = x4 siny -(‘. 0,5d
Caul
@,0d) |\ f ()=l 07 sin0 C=—les C=—1
Mam o ] ' 0,5d
Vﬁy flxl=x+smxy - '
2(x -1
f= |‘|[ l' RN
Cau2. Tinhtichphan '
Loi giai
Chu 2 o 0.5d
z o _] 2 '|,'- -1 2 1 2 k1
(1,0d) (LSl IR S LD R (JERPWIA P
Taco: | | | |
(¥ [ 3
= ——x +In]x| | =—+In2 0,5d
4 4
Cau3 Cau 3. Mot céng chao c6 dang hinh Parabol chiéu cao 18 m chiéu rong chan dé 0,25d
1,0d ) . : 3 .
(1,0d) 12 M Ngudi ta cang hai soi day trang tri 48, CD nim ngang ddng thoi
chia hinh giéi han boi Parabol va mat dét thanh ba phan c¢é dién tich bang
AB
nhau . Tinh ti s6 €D .

uigeli.xyz

Trang 9




uigeli.xyz

Chon hé truc toa 3o Oxy nhu hinh vé.
AV
-6 x
4
| 18m
ﬂ:/
) . v =ax’ (P )
Phuong trinh Parabol c6 dang - .
18=a.[-b }: i ]
he —lo=ul- =g =——
(P) di qua diém c6 toa do (=6; ) suy ra: 2
=N ] w2
(F }._1'=—;.'. 0,25d
Suy ra phuong trinh -
AB X
Tir hinh vé ta c6: P %2 |
| . 0,25d
, . ABly=——=x
Dién tich hinh phang gigi ban bdi Parabol va duong thang 2 1a

X

1 1. 2 .

—— T =X X = —X

>3 2 .| 3
A -

Dién tich hinh phang gidi han boi Parabol va duong thing CD.- < la

B RN N

.'.'-‘
3

b | =
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v
4 =25 <=, =2x o 3

Ttr gia thiét suy ra =25 ex ]

0,25d
AB x|
vay €0 v HE)
---------- ) £ 1 ol (—
PE 3 PE ON TAP GIUA HQC KY 11

NAM HQC 2025-2026
MON: TOAN 12

Phén I. Céu tric nghiém véi nhiéu phwong dn lwa chon (3,0 diém). Méi cdu héi hoc sinh chi
chon mot phwong dn.

Céu 1. Ménh dé nao dudi day sai?

flayde= fx)+ C

v6i moi ham /(%) co6 dao ham trén .
I:J" l: } ¢=’|: RN :Id.".': ‘[ .-’ I: -,}d-, } ‘{ f_"l:: l.}dl.
J;f I: -,}d-,:,f.[}'[-,}d-,

N
v4i moi ham f(x), g(x) c6 dao ham trén U .

vO1 moi héng s6 k vavéi moi ham sb Y (x) c6 dao ham trén = .
[£ ()= 2(x)]de= [ £ (x)dr= e (x)dx

f(x)=cosx

[ v6i moi ham f(x)’ g(x) c6 dao ham trén U .

la
A, —Sinx+C B.sinx+C C. cosx+C p. —cosx+C

Cau 2. Nguyén ham cua ham so -

4 ’ T )= ‘;‘
Cau 3. Tim ho nguyén ham cua ham s6 Y ('1 ) T

[f[ '.}dl.'=_ [Jrl:'.}d'.=5][]5 C

A. B. -

C. ‘|‘ f I:-,}d-,: ];]_5 e . ‘|' f I:-.}d-.: ﬁ . (,.

Céu 4. Cho ham s6 /(%) xac dinh trén K va F(x) 12 mot nguyén ham cua /(%) trén K . Khing dinh nao
dudi day dang?

Al .-rrl: '-:|= -Irl:'-:l, Vye K _B. "rrl:":lz / l:":l, VxekK )

c. F=10) wvrek p Flo)=1(0) vrek

I 11 dx
Cau 5. Tim ° ¥
(La-Lic (LaeeLie
A. =X X . B. =X X .
{]—,dl.=]— +C [Ld.'ﬁ'=J[].'n':
Jos AL AE
C. " X LX X D. "X
iy . 1
o |: X } =x —3v+—
Cau 6. Ho cac nguyén ham cua ham so6 ol
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l . v .".'. 3
A'f[ll} '-_1_._..__;_'(-’ B..Ir[_.l.}—-T- E ][]||
-y _'.,'. 1 ] . e .'l.'. 3 2 ] »
C. f ['-}z_T 5 N . D. F |:_.'.}= _T__E.II 1IN+ C
Céu 7. Cho ham sé /(%) lién tuc trén khoang K va a.b.cek Ménh dé nao sau déy sai?

[ f(x)d +[ (x)dv= ‘{ f(x)dx ‘{ f(x)dv= ‘{ £ (6)dt

A. : y , B. g '
[7(eyde==[r{e)de [ F(x)dx=0

C. - " . Do .

Cau 8. Cho F (Y) 12 mot nguyén ham cua ham sé ! (x) Khi d6 hiéu sb F(0)-F(1) bang
| I
[ £ (x)dx [ F(x)dx [F(x)dv [/ (x)dv

A. " . B. " ) C. ! ) D. !

Cau 9. Cho hélm $6 J (x) c¢6 dao ham lién tuc trén doan [1;3] théa man / (]): 3):9 Tinh
[ = jr v)dy
A.Izll. B.[=7_ C.I:‘Z. D.]:lg

Cau 10. Cho ham s6 * =7 ) lien twe rén *?]. Dign tich hinh phing (7) gi6i han boi d6 thi ham sé
v=1(x)

, truc hoanh va hai duong thing ¥ = @x="0 (a<b) dugc tinh theo cong thirc
s=x[[f(x)] dv 5 j v)dy s=x[]f (x)|dr S =[] (x)|dx
A. ” . C. S . D. ; .

Céu 11. Ki hiéu S 12 dién tich hinh phing gi6i han béi @ thi ham sé * ~ ! (-‘"), =1 (-r), duong thing
X=a x=0b (nhy hinh bén). Hoi khing dinh nao duéi day la dang?

- [ [ £ ()= £ ()] de y 4
A. - .

5= [ [£(x)= £-(x)]d

B.
s=a[[ £ (x)- £(x)] dx

C. . o S
S=af[ £ (x)= f(x)]dr

D. z

Cau 12. Viét cong thuc tinh thé tich ¥ cua phan vat thé giéi han boi hai mit phing vudng goc véi truc OX
., .2 _ _ a < b ., 1A , e N . , o 2 N , L.

tai cdc diém ¥ =4 X = b ( ) c6 dién tich thiét dién bi cat béi mat phang vudng goc véi truc
. a2 . \ ~ (a< x<l .S

Ox tai diém c6 hoanh do X (a=2 }) la (x)

v _js v)dv ) f'::IS[:.'-:}d.r . r‘::;[_i::[j.-f}d.-..- . i':IS{_r}dr
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Phén Il. Cdu trac nghiém dung sai (2,0 diém). Trong moi y a), b), c¢), d) & moi cau, hoc sinh chon
dung hodc sai.

: 4
: (%)= o
Cau 1. Biét F(x) la mot nguyén ham cua ham so6 + trén khoang (04 )
- -_I_ — ¥ + L.'_.,-'._'n_' []: Lo
a)f[_..} i) = }
Fx )+ 2025 L ISP i
b) Fla)+ X cling 1a mot nguyén ham cia ham so I (r)
— f e '.': . s "I[]"I -
0 Fly)=x +lnx+2 25
3 e
0= RS
d) Biét 2 khido 2
. 6" — ¢ I= [(n.\"qd.\' J :J.\*"d\"
, vli=0x —x .
Cau 2. Cho ham so fle)=0x =2 . Goi ; @
A= J‘.x":d\'
a)Goi ¢ thitaco 4 =01
[/ (x)do=17+1
b) o
I=x I =h —a
c) !
|
[ f{o)de=m— "
d) i “TP Khide mtntp=3
Phién III. Céu trd 16i ngan (2,0 diém). Hoc sinh trd loi ddp dn tiv cau 1 dén cdu 4.
. : ]
) [[_:cm r—cosxf dr=x+—coshr+ C i
Caul: Biét " d . Tinh tong S =a+09
- 2 o) 3g(x)|de=2
i T e S (A G A ] ‘
Cau 2: Cho cac ham so va lién tuc trén U . Gia sa - va
[[F(x)=2e(x)]dr=4 [/ (x)=e(x)]dv
2 . Khi do, * bang bao nhiéu? (Lam tron két qua dén chir so
thap phan thur 2)
|3 -l Khivz2 U
f [,-"-'}:ll ki v < 2 / =I__I (x)dx
Cau3:  Choham sb vl W= Tich phan bang bao nhiéu?

Cau4: Mot khudn vién dang nira hinh tron, trén d6 ngudi thiét ké phan dé trong hoa Cam Tu Cau (phdn duwoc
gach chéo trén hinh vé).

Biét rang phan gach chéo 1a hinh phang gidi han boi parabol Y=X" Va nira trén cia dudng tron
Y=y 20—y : Ko 2 A 1 A A + R A A \ A a A A M A A
y=v20-a . Tinh s0 tién (nghin dong) toi thieu dé trong xong vuon hoa Cam Tu Cau biét rang dé trong

mdi " hoa cin it nhat 1a 250 nghin dong. (S6 tién dugc lam tron dén hang don vi)
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Phan IV. Céu hdéi tw lugn (3,0 diém).
[(3=5x) (a1 )dv
CAu 1. Tinh *

Cau 2. Cho F |::ﬁ.'}=|{n'.ﬁ.': F L'}E"

S=a+b+co

Cau 3. Ong A du dinh xay “tudng cong” trong san trugt patin 1a
mot khdi bé tong co chiéu cao tir mat dat 1én 1a 3.9M  Giao ciia
mit tudng cong va mit dét 1a doan thing AB =4m pide dién
ctia khéi tudong cong cit boi mit phang vudng goc voi 4B tai
A 1a mot hinh tam gidc vuong cong ACE vgi AC=4m
CE=35m canh cong 4E nam trén mot dudng parabol c6
truc ddi ximg vudng goc v6i mat dat. Tai vi tri M 1a trung diém

ciia 4C thi tuong cong c6 do cao '™ (xem hinh minh hoa

bén). Tinh thé tich bé tong can sir dung dé tao nén khdi tudng cong do.

DAP AN

la mdt nguyén ham cua ham so

f {.r}:l[ﬁ.': Pl)e

e .
* . Tinh tong

PHAN I. Ciu tric nghiém nhiéu phwong an lya chon (3,0 diém). M&i cAu diing 0,25 diém

1 C
2 B
3 C
4 B
5 B
6 B
7 A
8 D
9 B
10 D
11 B
12 D

PHAN II. Cau tric nghiém ding sai (2,0 diém). Mi cAu ding 0,25 diém

1 S |b |S

b

2 S |S |S

b

PHAN III. Ciu tric nghiém tra 1oi ngin (2,0 diém). Mdi cau dung 0,5 diém
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3,14
3 17,5
4 2985

PHAN IV. Ty luin (3,0 diém)

| |
[{3—5.1‘}{ vt l)dy = [I{—S.rz— Qx4 3 )dy 0,25
\ |
1 =‘ S S B | 0,5
3
_ .
_1 0,25
3 b
Fiix)=(2ax+b)e’ +|ax +hric)e = [:.'.1': H(2a+b)x+ b L'] ¢ 0,25
Fix)=lax +hr+c)e )= 1)
(x)={ax vhe)e la mgt nguyén ham cua ham sé flr)=( )e nén 025
F'(x)=f(x) ’
2 .
i =1 ‘ a=1
= dgt+h=0==ch==-2 0,25
h+c=1 c=13
Va},j':[f-h-t':j 0,25
0,25
3 x
Chon hé truc @Y nhu hinh v& sao cho 4 =0
= canh cong 4E nam trén parabol (P)iy=ar s hrie
7) 3.0
. . 4, — (P)iy="—x"+—x 0.25
(P) di qua cac diém (0’0), (2’1) va [ 2 nén 16 B >
4 . 1 ) \ )
S:J — ix |dv=5m’ 0.25
. 4 LN It .7 ACE ’, A , W i(" l.k"l A ?
Khi do6 dién tich tam giac cong c6 di¢n tich . o
Vay thé tich khdi bé tong cin sir dung 1a | = 3.4=20m" 0,25

* Moi cach giai khac néu dliing, can cir vao diém thanh phan cta huéng dan cham danh gia diém toi da.
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PE 4 PE ON TAP GIUA HQC KY II
NAM HQC 2025-2026
MON: TOAN 12

PHAN L. (3,0 diém) Ciu tric nghiém nhiéu phwong an lya chon. Thi sinh tra 1oi tir cau 1 dén cau 12.
Moi cau hoi thi sinh chi chon mdt phuong an.
Oxyz

Cau 1. Trong khong gian , phuong trinh ndo sau day khong 13 phuong trinh tong quat cia mat phang?

- - r=2r+2=0
A 2x—y +3z+7=0 B : g

c. V+8z-6=0 D. x+99=0

Oxyz v—43p—0z1204=10

Cau 2. Trong khong gian , cho mit phang (@) ¢ phuong trinh 7.

. biém nao
trong cac diém sau khong thuéc mit phang Q)9
A, B(?;?;Z). B. C(—I:S:?). C. H(—?:S:O). D. D{D:—l:—:'\).

Cau 3. Khing dinh ndo sau déy 12 sai?
A. Néu r(x) va G(x) déu 12 nguyén ham cua ham sé /() thi GLI=Fla) e
B. J-I: f [ X } B [ x }] dr = ‘[ ! [ x } d.'-.'_J‘ T [ X } dr
Aol d.'l.'= k x dl. 3 /
o, JH (x)dx=k[ 1 (x) (k 1a hing s6 va £ # 0
. [ f{x)de=f(x)+C

e (P):2x—3y+2--15= < 12 .
Cau 4. Trong khong gian véi hé toa do Oxyz , cho mat phang (F)i2e=d : ﬂ. Mat phang nao sau
day song song vé&i (P)
A (Q):Ox+9y—0z45=0 B (Q): 2x =3y +2z+415=0
C (Q): v+ 2p=3z-15=0 D (O):dr—tr+4z-30=0

Céau 5. Tinh thé tich khdi tron xoay dugc tao thanh khi quay hinh phiang (H) duoc gidi han bodi cac duong

T
V=C0SY trye OX va hai duong thing ¥ =0 2 xung quanh tryc Ox |
3 B ] 7
7| cos xdx | |cos x| dx | cos™ xdy TI cos” xdv
A B.? C. D. O
A £ [f' (v)dv=2cosv—e¢"+C | f 5
Cau 6. Néu +  * ) thi J(x) bang
A, —2sinx+¢ B. 2cosx—¢" C. 2sinx—¢" p. —2sinxy—¢"

()= 3—dmg 1= . .
(er): 2031420 1=0 pd 46 mot véeto phap tuyén cia (@)

n=(2:3-4)

Cau 7. Cho mit phang

AL "=(BRA) B. "= (7234), c. "= (=B3), D.
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,’:3_ <
y=3x

CAu 8. Dién tich hinh phing gi¢i han boi cac duong ¥ =1, ¥=2, a Y=Y duoc tinh theo cong

thirc nao duoi day?

5= [|.'-.':—3.'n'dn 5= |‘|'.I'_ 1I‘|dll
A B.
s=[ (30— )ds s=[(+ -3x)d
c. pD.
|
) _ _ J f(x)dx
Cau 9. Biét ') 13 mot nguyén ham ciia 7 @) thoa man 3 ="LEM=10 iy 5

AL B. 11, c. 9. D. —10,
Céu 10. Ménh dé nao sau day ding.

dx N

=Y (_ K - X -
N I I g [2dv=2%In24¢

- ]_ de=coty+ C
C. " sin"x

[uus.rd.r: —sinx+ C
D.

[ (23— 5 )dx .

Cau 11. Tim nguyén ham -

A 4x+C B.2+C C. X =5v+C p.2x —5+C
5 17 17
[ f(x)dy = =2, [ fx)dr=—16 J‘.f'(.r)ch‘
Cau 12. Cho * i . Tinh © .
A. 32, B. 14, c. 18, D. —14,

PHAN II. (4,0 diém) Cau trac nghiém dung sai. Thi sinh tra 10i tir cau 1 dén cau 4. Trong méi y a), b), ¢),
d) & moi cau, thi sinh chon diing hodc sai.

Cau 1. Trong khong gian Oxyz, cho hinh chop S.ABCD ¢4 5(0:0:5). ABCD la hinh chir nhat véi
A=000 0,0y B4 0;0), 20; 5 0)

z

Yov oz
a) Phuong trinh mit phang (SBD) 13 4 8 5

(4BCD) c6 vecto phép tuyén 1a(0: 0 10)
(SBD)

=1.

b) Mit phing
¢) Khoang cach tir diém C ¢én mat phing (1am tron dén hang don vi) 1a 3.
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< 2 . . X C \ L < 2 (SBD) .. . \
d) Mat phang di qua diém va song song vOi mat phang 7 ¢6 phuong trinh 1la
sr+ 3y +4z+80=10

cv= flx)=x =342 N O V- S
Céu 2. Cho hai ham s * flo)= =3 va ! glr)=—x"+x

B i,

Goi S 1a dién tich hinh phing gidi han boi hai d thi cia 7 (¥) va & (%), v6i S bao gdm hai phin S1°52
nhu hinh vé trén. Xét tinh dung sai ciia cdc ménh dé sau:

8 5
5 . Si=r S eE—
a) Dién tich phan hinh phang 3 va 12

b) Dién tich phan hinh phing S duoc tinh theo cong thuc "

¢) Khi quay hinh phing gi6i han béi db thi cua € (x), truc O va hai dudng thing * =¥ =3 quanh truc

31
po2t
Ox ta duge khdi tron xoay c6 thé tich 30,
d) Dién tich hinh phang gii han boi d0 thi ctia Y (x), truc hoanh va hai duong thang * ~ ~Lx=l bang

. v+ 2
AR
Cau 3. Cho ham s6 X
frydr=x+2lnx+C
NS nxiC
) 7
[;'[_ vjde=214¢
b)
0 Goi 90 1a mot nguyen ham ciia ham sé <= () pig C(O)=71 i qq GG) =17
4 ) = = Til= i+ 2 Ol
d) Goi F(x)lé mot nguyén ham ctia ham so /() va thoa man F(1) 2.Khi do Flo)=a _ln|..| :

Céu 4. Mot 6 t6 dang chay déu véi van toc Sdkm/h thi ngudi 141 xe bit ngd phat hién chudng ngai vat trén

duong cach do 60m. Nguoi lai xe phan img mot gidy, sau d6 dap phanh khan cap. Ké tir thoi diém do, 6 to
3 \ \ oA Z 2. . L= — 5S¢ .
chuyén dong cham dan déu vé6i van tdc thay doi theo ham sb ' 24 20 (s}

: : trong d6 ! 1a thoi gian tinh
bang gidy ké tur luc dap phanh.

a) Thoi gian tir lac nguoi 14i xe dap phanh cho dén khi xe ding hén 1a S5-
b) Qung dudng tir lc dap phanh cho dén khi xe dimg hin 1a 400m.
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¢) Quang duong s(1) ma xe 0 to di duoc trong thoi gian ! (gidy) ké tir lac dap phanh Ia

-y
P20
.

W |:|" } =
d) Xe 0 t6 do khong va vao chudng ngai vat ¢ trén duong.
PHAN III. (3,0 diém) CAu tric nghiém tra 10i ngan. Thi sinh tra 16i tir cau 1 dén cau 6.

CAu 1. Trén thiét ké dd hoa 2D ciia mdt canh dff)ng dién mat tro1 trong khong gian Oxyz , mOt tAm pin nam
L Py x4y a3z 40= s e : 4
trén mat phang (P)ix+2y 43242 r‘}, mot tam pin khidc nam trén mat phang (@) di qua diém

ML L1) va song song v&i mit phing (P) Biét rang phwong trinh mat phang (©Q) cd dang

. ! = Y = . . . ~ N
av +by +cz—12 D.Khld(’)glétr1a+£’+( bang

Cau 2. Mot hoa vin trang tri duoc tao ra tir mot miéng bia hinh vudng canh bang 16 ¢cm bang cach khoét di
bdn phan bang nhau c6 hinh dang parabol nhu hinh v& bén. Biét AB =5 ¢cm, OH =5 ¢m. Goi S 1a dién tich
S

ctia bé mit hoa van d6 (don vi: cm ). Tinh 12 (két qua lam tron dén chit s thap phan tht nhét).

Cau 3. Khi gén hé truc toa do Oxyz (don vi trén mdi truc toa do 1a decimet) vao mot ngoi nha 1 téng, nguoi
ta thdy rang mat trén va mit dudi ciia mai nha thudc cac mat phang vudng goc véi truc Oz Biét rang cc vi

, A(3:6:18) D(6:9:20) 1 o - v et i - \ A 1x , L. \ .
tri ( ’ -}, (6:9; ) lan lugt thudc mat dudi, mat trén cia mai nha. B§ day cia mai nha dugc tinh

bang khoang cach gitra mat trén va mat dudi cia mai nha d6. Hiy cho biét d6 day ctia mai nha d6 1a bao
nhiéu decimet?
Cau 4. Tai mot nha may, goi C(x) 1a tong chi phi (tinh theo triéu dong) dé san xuat X tan san pham Z trong

mot thang. Khi do, dao ham C'(x) , 2oi 1a chi phi can bién, cho biét tbc do tang tong chi phi theo lwong san
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pham dugc san xuat. Gia st chi phi can bién (tinh theo tri€éu dong trén tan) cia nha may duoc udc lugng boi
C'(x)=T-0.08x+ 0,00034x" o 0<y <88

Biét ring <(*)=27 trigu déng, goi 1a chi phi cé dinh. Tinh téng chi phi khi nha mdy san xuét 82 tén san
pham Z trong thang (két qua lam tron dén hang don vi).

cong thuc

A A . ;A L aA e . -2 < 1 asA . h(t . , N
CAau 5. Mot khinh khi cau bay véi do cao (so voi muc nudce bién) tai thoi diém 7 1a ( )trong d6 ! tinh bang

v(t)=—0,12¢7 4 1,2

phut, h(t)tinh bang mét. Téc do bay cua khinh khi cau duge cho boéi ham sd , V6i !

tinh bang phut, v(t) tinh bang mét/phut. 5 phut sau khi xuét phat, khinh khi cau & d6 cao 530 m. (Nguon:
Bigalke et al., Mathematik, Grundkurs ma-1, Cornelsen 2016). D9 cao tdi da ctia khinh khi cau khi bay la
bao nhiéu mét?

6(km/h) alt)=2¢+ o(km h:].

Céu 6. Mot 6 t6 dang chay voi tée d6 voi toe do thi tang toc voi gia tbc
Tinh quang duong 6 t6 di dugc trong vong 1,5 gid ké tir khi tang téc (Lam tron két qua dén hang phan

mudi, gia st trén dudng 6 t6 di chuyén khong ¢ gi bat thudng).

-------------- | § ) DY |——
- Thi sinh khong dwoc sur dung tai liéu;
- Can bo coi thi khong giai thich gi thém.
PAP AN
I. TRAC NGHIEM NHIEU LUA CHON
1 2 3 4 5 6 7 8 9 10 11 12
A D B B D D B A A A C C
II. TRAC NGHIEM DUNG SAI
1 2 3 4
DDDS DSSD SDDD SSDD
III. TRAC NGHIEM TRA LOI NGAN
1 12
2 15,8
3 (2
4 |395
5 540
6 16,9
PE 5 PE ON TAP GIUA HQC KY II

NAM HOC 2025-2026
MON: TOAN 12

PHAN I. (3 diém) Cau tric nghiém nhiéu phwong an lra chon. Thi sinh tra 16i tir cau 1 dén ciu 12. Mdi
cau hoi thi sinh chi chon mét phuong an.
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Cau 1. Tinh thé tich ¥ cta phin vat thé gidi han boi hai mat phing * =¥ =1 ¢6 thiét dién b cit boi mat
x(0=x<1)

phing vudng goc vai truc OX tai diém c6 hoanh do la mot tam giac deéu co canh bang * .

3 2
L) 12 po B3 y ol
A. 12 B. S C. 12 D. 5
Cau 2. Cho hinh phang gi6i han boi do thi ham s6 ¥ ~ sin.x , truc OX va cac duong thing * = 0, x=m quay

quanh truc OX . Tinh thé tich khéi tron xoay tao thanh bing
7| cos * xdv n[sinl X dx jsin xdx Jsin: xdx
A, ° . B. ° . C.° . D.?
e B
, vy =2 r—rcos r | -
Ciu 3. Nguyén ham F(Y) ciia ham s6 )= =sinr—cos thoamin -/ 2 1a
A Flo)=—-2cosx—siny—1| ' B. Flo)=2cosx—sinx—1 .

c - (v)=—2cosx—siny- I

Flr)=2cosv+siny—|- NE)

D
Céu 4. Dién tich hinh phang gi6i han boi cac dudong cong ¥ ~ Xbr gy yEY bang
63 253 125 16
A 4 B. 12, c. 12, D. 3.
[ |5jn .'-.'|[|".'-.'= a—h (a.be )

Cau 5. Biét ~ .Khi d6 @+ 4P bing

A. 8. B. 3. c.7. D. 10,

" R | ['.'n'}=3.1': 2y L s TR \ T a1 , f(x)
Cau 6. Cho ham so * * . Trong cac ham s6 dudi day, ham s6 nao 1a mot nguyén ham cua -
trén L 2

A. f'-_ [ _'.,'}: _1'. } .".':' B. f'-l [.,}: .'l.'. } .'l.': -4 .

)= . L
C. F(x)= 3 5 D Folr)=x —x +1
v Y=e" 42 =2y =

Cau 7. Nguyén ham F(Y) cua ham so flx)=e 2 ~" thoa man F(O) :

A F |:'.}= ¢ 42 —.".': B F |:-.}= gl =2t —_'-,':

C. Flx)=e +2e " —x" =2 D. Flx)=e" -2 —x"+2

Isin xdx
Cau 8. Gia tri cua ° bang
T
Al B. -1 C. 2 D. 0,
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= _'.,': — N V= [:]., = [:]., =

Céu 9. Dién tich hinh phing S gidi han boi cac dudng thang 2 dugc tinh boi cong

thirc nao sau day?

§ = [ |[ ¢ - H} . H"-: _ H} dv § = |'|[ eyt U‘

AT L '

B. L
5= ‘[ |[ .".': - l' — J‘ |[ .'-.': - l' dl. 5= ‘|‘|{ .'l.': - H'-
C. ! i D. a
B [x+2khi -3<x<-1] i
Céu 10. Cho ham sb == thi = bing
2 2 31 2
A. 3. B. 3. C. 3. D. 3.

Chu 11. Cho ham sé ' F(x) 1a mot nguyén ham ctua ham s6 ¥ = . Tinh F (25).
A. 25. B. 625. C. 125. D. 5.

Cau 12. Mot 6 t6 dang chay véi toe do 20(m /s) thi gap chudng ngai vat, nguoi 1ai dap phanh, tir thoi diém

. N c v(t)=—=5+20(m/ s L f o1 , e
d6 6 t6 chuyén dong cham dan déu véi van toc v(e)==St5 20(m s }, trong d6 ! 1a khoang thoi gian tinh

bang gidy, ké tir ltic bat dau dap phanh. Hoi tir luc dap phanh dén khi dimng han, 6 to con di chuyén bao nhiéu
mét (M)?

A, 20m B. 30m c.10m D. 40m

PHAN II. (4 diém) Cau tric nghiém dung sai. Thi sinh tra 1i tir ciu 1 dén cau 4. Trong mdi ¥ a), b), ¢), d)
¢ moi cau, thi sinh chon dung hoac sai.

F(x) 12 mot nguyén ham ctia ham F(¥)=¢" yan U thoa man F(0)=1 . Xét tinh dung sai cta

Cau 1. Goi
cac khang dinh sau:
fix) ;
[‘r.' |: ¥ }d-. =+ C [ — dv=1In |l.| I
a) s : b) = ¢ .
0 F(l):e. d) F'(U):G.
Cau 2. Cho ham s6 ' (e)=de lién tyc trén | F(x) la mot nguyén ham cua J (x) Xét tinh diing sai

cua cac khang dinh sau:
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Fx)=x"+

co 39
‘[ | ! |: X }| dl. = -T
a) - =
b) Ham s6 ¢6 mot nguyén ham la
31
_ F(2)=2
o Bist T=4 i g6 =7
f f(x)dv =352
d) -
[flryde=—4 [a(r)de
Cau 3. Cho va
[/ (e)s g () ]de==7
a) .

[[mf () e (x) Jde =51
b) Néu
f—z fx)dx=12
¢) .

Xét tinh dtng sai ctia cac khang dinh sau:

uigeli.xyz

Y2025
2

([ (x)+ me (x)]dr=—19

. X¢ét tinh dung sai cua cac ménh de sau:

thi m+n=-3

a) Hinh phing (H) c6 dién tich bang 4 (dvdt).

b) Hinh phing (/) dugc gidi han boi b thi ham s

flx)=

1'=

I
—xt
2 ’Ox,Oy’x:Z_

¢) Thé tich ¥ cta khéi tron xoay sinh ra boi (H) khi quay (H) quanh truc Ox guoc tinh bang cong thirc

H %x +1 |:h

14z

d) Thé tich V" cua khéi tron xoay sinh ra boi (H) khi quay (H) quanh tryc Ox bang 3 (dvtt).
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PHAN III. ( 3 diém) Cau trac nghiém tra 10i ngin. Thi sinh tra 10i tir cdu 1 dén céu 6.

Cau 1. Nguoi ta truyén nhiét cho mdt binh nuéi Céy vi sinh vt tu 1°C  Téc do tang nhiét do cua binh tai
e aeR , 0=t=5 Ve it 233‘: , NN R n~ . , .
thoi diém ! phut ( 3) duoc cho bdi ham so 1) (OC/ phut) . Biét rang nhiét d6 cua binh do tai
o4 R A A 1n ) \ . f(t A AA o 1x Py | r 1R e . b
thoi diém / 12 mot nguyén ham ctia ham so6 / ( ) Nhiét do cua binh tai thoi diém 3 phut ké tr khi truyén
nhiét 1a @°C  Khi d6 9 c6 gid tri bing bao nhiéu?

= f(x)=2x"-2x

- ]. Biét F(X)lél mot nguyén ham cia _f(x) va F(2

Cau 2. Cho ham sb Y ): 0. Tinh

F(4).

Cau 3. Dién tich S cita hinh thang cong giéi han boi dd thi ham sé * =/ )= truc hoanh va hai duong

thél’lg ¥y=2.x=4 1a

Céu 4. Mot vat chuyén dong véi van tée duoc cho boi d6 thi ¢ hinh vé duéi day:

v(m/s)h

2] S

—t(s)

e m e = S
- — ==

Quing duong vat di chuyén duoc trong 2 gidy dau tién 1a § mét. Khi d6 $co gia tri bang bao
nhiéu?

CAu 5. Tinh thé tich ¥ cua phan vat thé gi6i han béi hai mit phing ¥ =0 va ¥ =3 biét ring khi cét vat thé
boi mat phang tiy ¥ vudng goc véi truc O tai diém c6 hoanh do X (0= X=3) thi duoc thiét dién 12 mot

hinh vuéng c6 d¢ dai canh bang V9~ .

[ £ (x)de=3 [ e(x)dr=—1 =[x+ 27 (x)-3¢(x)]de
Ciu 6. Cho ! .Khid6 7 bang bao nhiéu?

DAP AN
PHAN I. (3 diém) Cau tric nghiém nhiéu phwong an lIwa chon.

1.C 2.B 3.C 4.B 5.B 6.B
7.D 8.A 9.C 10.B 11.B 12.D

PHAN I (4 diém) Ciu tric nghiém diing sai.
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Cau 1 2 3 4

a) Dung Dung Dung Sai
b) bung Dung Sai Dung
) Dung Sai Dung Sai
d) Sai Ping Sai Ping

MGi cdu trd 1oi ding 1y dwoc 0,1 diém , diing 2 y dwoc 0,25 diém , ding 3 § dwoc 0,5 diém va ditng 4 y

dwoc 1 diém.

PHAN III. (1 diém) CAu tric nghiém tra 10i ngin.

Caul Cau2 Cau 3 Cau 4 Caus

Cau 6

28 110 6 3 18

10,5

PE ON TAP GIUA HQC KY II
NAM HQC 2025-2026
MON: TOAN 12

A. PHAN TRAC NGHIEM: (7 diém)

PHAN I. Ciu tric nghi¢ém nhiéu phwong an lwa chon. Thi sinh trd 1oi tir cdu 1 dén cau 12. Méi cdu hoi

thi sinh chi chon mot phwong an.

Cau 1. Trén khoang (0: +GC), cho ham s Slx)=x . Ménh dé nao sau day dung?

W o= [ . [ £ (e =
f |: .".'}ln".".'= i.".'? FC f |: '.}(L". =
C. '[ 2 D. '[
. ! ['.}d'.= II— et O 3 s
Céu 2. Néu J 3 thi 7 ) bing:
EETE L rmer e )= e
1
A \ £ F(x) v oA A 1s s 1s L YET
Cau 3. Ham so la mot nguyén ham cua ham so ¥ trén

nao sau day ding?

A e 2 :
Fx)=In] T| T e —:0)

(x)= —x)+ C Fxe(—w:0 ‘e A, K A, 13
Fle)=In(-x)+ € Fre(— }VOICIamQtSOthLICbatkl.

F(x)=In|y|+In2 vy e(—=:0)

T a0 % >

“x)= v+ C Fre(—w:0 I VR ¢ A 1s
Flx) ][]H ¢ vrel— }Vorlclam(_)tsothucbatkl.
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J’- [ =2 L.

Cau 4. Cho ham s " Ham sé F(x) 1a nguyén ham cua ham sb J (x) trén i sao cho

M= 2025
F{[i_]_ 2025, Tinh F(l)

A, e+2025. B. ¢—2025. C. e+2024. D. ¢—2024.
- | Ty .
[ £y == r=[{24(x)+ 1
Cau 5. Biét rang <. tinh "
3
==
A. 2, B. 1=1, c. 1=3, D. [=2,

Cu 6. Cho [s'dv=F(x)+C

F(v)=5"

. Khang dinh nao duéi day dung?
Fiix)=5"In5 c F(x)=5+C F(x)=-5

A. B.

[ f [ X } dvr=—cos v+

O ,
Cau 7. Cho - . Khang dinh nao dudi day ding?

A. f |:-. } =—L05x . B. f{\;l = COs5Y . C. ! |:-. } =—sinx . D. flk}: sin x )
Cau 8. Cho ham s6 2=/ () lién tue trén “°?]. Menh dé nao dusi day sai?
[ £xdde=—[ f(x)elr [ £xdde=[ fin)r
A, " a B. - "
[ Flxddr= [ f)de [ fx)de | [kt =k(a—b)
C. - 5 . i Veel(ah) D. - , VkeR
f'r(.l‘)ch'
" : \ (2)1=2 ' 3 :5 I
C‘ﬁu 9. Cho ham J (x)cc') dao ham lién tuc trén [2’3] dong thoi f (“) -, A ) . Tinh
bang:
A. 10 B. 7. c. 3. D. 3.

. F . . )
Cau 10. Cho ham so (x) la mdt nguyén ham ctia ham s6 f (x) xac dinh trén khoang K- Ménh d& nao
dudi day sai?

Nl EN L ) fl -1(.',: )
[ F)av=F(x)ec o e = F()
F ! XN]= II" X F XN|= lr' X
¢ Fl)=7(x) b, F)=r()
[F(e)de=—1 [f(x)de=5  [f(x)dv.
Cau 11. Cho " ; . Tinh !
A. 6, B. 4. C. 3. D. 3.
Céu 12. Tt ca cac nguyén ham cua ham sé J=3" 15,
- 3
_ _ e ——+C
A, 3°+C B. 3 'In3+C C. In3 p. In3

PHAN II. Céu tric nghiém ddng sai. Thi sinh trd 1oi tir cdu 1 dén cau 2. Trong méi y a), b), c),
d)6 méi cdu, thi sinh chon diing hodc sai.

flx)=2x—3cosx

Céu 1. Cho ham s . Xét tinh dung sai cua cac khang dinh sau:

(X) 15 A A va oo 2 og|x)=2+ 3siny
a) I )la mot nguyén ham ctia ham so z2lx) S
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flr)=2x—3cosv ., A 1s s 1s i k(x)-e Ao o2 4 A 1s C s £
b) () la mdt nguyén ham cia ham so (x) , ho tat ca cac nguyén ham ctia ham so

k'(x)-e' 1a 3sinx+ 3cosxv+ 2o+ C
‘ FIEI:_E‘ v —3sinv—
J 5 \ A P ” ~ Y A N I . x)= " I X
¢) Nguyén ham F(x) cita ham o6 7 (x) thoa mén diéu kién " <~ af (x)
o f ()= 20 3eosy A )= ¢ 3sin s 2025
d) Mét nguyén ham ciia ham s§ /) cosx 5 hlx) sin 5
I=[6x'dx

Flx)=6x ) , ) . .
g ] . Goi i . X¢ét tinh dung sai cua cac khang dinh sau:

Cau 2. Cho ham s6 -
o [ovdr= [ovd [ords
2 vei C€0) g i 7
‘i‘ |':‘| .‘{;|d.‘( = ‘r X ;d_‘( t ‘I[ nx ;L'i_‘(
b) | |

I:}.fdr

¢) Goi a thi ta co ] =01

[[ox +x)dv=8  [xdr=3  I=[ox'dx=5
d) Biét - va thi 7

PHAN III. Cau tric nghiém tra 10i ngin. Thi sinh tra 107 tir cdu 1 dén cdu 4.

F: . f(x)=tan’ x =

Cau 1. Cho (Y) la mot nguyén ham cua ham so S) = tan”y thoa F(O) 0
Jr: _T I|:[.'—I:

Khide -+ b Tinh a+b.

Cau 2. Cho hinh H gi6i han boi cac duong ¥ = 2% va ¥ 37 =8 (phin gach

soc trong hinh). Khéi tron xoay khi quay ‘H xung quanh truc Ox ¢4 thé tich bang
bao nhiéu? (két qua lam tron dén hang phan chuc)

: o ) 1 2 1
[L*'I I-— |dv=¢ +ae+hIn2

Chu 3. Bibt * ) (@-b<") Khi do tinh gid tri cia
p_d +b
ab

Fx)=avs —=(x=0ahe ),

bi€t rang

Cau 4. Goi F(x) la mot nguyén ham cia ham s

FEN=LFM=4 0020 o o 2ab

B. PHAN TU LUAN: (3 diém)

f(r)=2025:"

CAu 1. (1.0 diém) Cho ham sb e . Tim mo{t nguyén ham F (‘C) ctiia ham sb / (r) théa man

F0)=2025.
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” 5 N 1 14 =0 '.I.- . .
Chu 2. (1.0 didm) Mot 6 1 chuyén dong nhanh din déu vi van tée 10~ (M) pi quge 10 giay,
nguoi lai xe phat hién chudng ngai vat va phanh gap, 6 to ti€p tuc chuyén dong cham dan déu voi gia toc
a=—00|{m's . \ . , ,
(m's7) . Tinh quang duong 5 di duogc cua 6 t6 tur luc bat dau chuyén banh cho dén khi dirng han.
Céau 3. (1.0 diém) Truong THPT Quang Trung c6 mot cai trong trudng c6 ban kinh cac day 1a 30 cm | thiét

) .. ., A e e, 1600 (em’ A gee .z . X
dién vudng gbdc véi truc va cach déu hai day co dién tich la { ] , chiéu dai cua trong 1a 1m | Biét
rang mat phang chtra tryc cat mat xung quanh cua trong la cac duong Parabol. Hoi the tich cua céi trong la
bao nhiéu?

A. TRAC NGHIEM: (7diém)
PHAN I: Tric nghiém nhiéu lra chon
- Mbi cau diing duoc 0,25 diém.

PHAN II: Tric nghiém ding sai
- Diém t6i da mdi cau 1a 1 diém.
- Paung mdi y duoc 0,25 diém

2)D - b)S - ¢)D - d)S 2)D - b)S - ¢)S - )P

PHAN III: Tric nghiém tra 1oi ngin
- Mbi cau ding duoc 0,5 diém.

Caul Cau 2 Cau3 Cau 4
5 18,1 ) -4,5

B. TU LUAN: (3 diém)

Ciu Noi dung Piém | Ghi
chu

1.00d

1 . f(x) =2025x""" +¢"

N £ A A . F(x 5 \ £
Cho ham so . Tim mgt nguyén ham ( ) ciia ham so

f(x) F(0)=2025.
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_ 204 | x L2025 | x 05d
Ta ¢6 jf(x)dx—J(ZOZSx +e )dx-x +e +C.
{F(x) =x"P e +C 0.25d
F(0)=2025 = 1+C =2025 < C = 2024
Suy ra . : 025 d
Vay F(x):x +e +2024.
Tinh qudng dwong S ai dwoc ciia é t6 tiv liic bit ddu chuyén banh cho dén 1.004d
khi dirng han.
Ta co: V(IO) =60 .
vai t210 g V(D)= [adt=—60t+C (m/s) gy V(10)=60=C =660 0.25 d
v(t)— 6t khi0 <t<10
.. 7| -60t+660 khi t>10 025d
Do do: .
O t6 dimg hin kni V(=02 =11
11 10 11 10 11
S=[v(t)dt= [ v(t)dt+ [ v(t)dt= [ 6tdt+ [ (-60t+660)dt=330 (m) 0.5d
Vﬁy 0 0 10 0 10
Hoi thé tich ciia cdi trong la bao nhiéu? 1.00d
Ta ¢6 chon hé truc @ nhu hinh vé.
Yy
X
Thiét dién vuong goc véi truc, cach déu hai day 1a hinh tron c6 béan kinh 7 c6
1600 ? 2 _ _
dién tich Ia n(cm ),nén nr —160071:>r—40cm.
, ~ Oy 1. £ : , 0.25d
Ta c6: Parabol nhan “Y lam truc d6i xtmg nén phuong trinh Parabol c¢6 dang:
y=ax’+b ‘
Parabol c6 dinh ](0;40) va qua A(50;30).
b=40 P
5 = 250
50°a+b=30 b =40
Thay toa d6 { va 4 vao phuong trinh Parabol: -
y=—-—x"+40
Nén Parabol c6 phuong trinh 250
0.25d

50 2
1
V=m (——xz + 40) dx _ . 406000 cm’
J. 250 ’ 3

Thé tich cua tréng la -0
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~425,2dm’ 0.5d

Chii ¥ : Hoc sinh c6 thé giai theo nhiéu cach giai khac nhau hodc lam tong hop néu dung thi vin cho diém
toi da twong Gng voi thang diém cua cau va y do.

PE 7 PE ON TAP GIUA HQC KY II
NAM HQC 2025-2026
MON: TOAN 12

PHAN I. Cau tric nghiém nhiéu phwong an lya chon.

CAu 1. Tim nguyén ham J5dx.

S5x

+C R
A. 2 . B. 5x+C C.5x +C, p. C.

5—3x)dx
Cau 2. Tim nguyén ham I(Rj v .

A S-3x 4+ C B. 0x+C c. 2 | ) D. —3x +5xv+C.

Cau 3. F (r) la mot nguyén ham cua / (x) trén tap xac dinh R Ménh d nao sau day dung?

[ £ (x)de=F(-9)+ F(4) [ f(x)de= F(—4)-F(-9)

A. B.
[ f |: .".'}In".".'= f |::—";'} + f [——1} { f |: .".'}In".".'= s |: —4}— ! [:—L;'}
C. D.

R DGy A 1 2 e o o v=glx)a=0r=2r=4 2 .
Cau 4. Goi © 1a dién tich cta hinh phang gidi han bdi cac duong - . Khang dinh
nao sau day dung?

S= J;; (x)dx S= [ a( .r}| d §= —[ |:;: ( .r}:|' d S=nrx [ af )y
A : B. = A oX : . D. : :
Chu 5. Trong khong gian @V | cho mit phing (R) c6 phuong trinh It Tr—0z=8=0 ha phang (R)

nhan vecto nao trong cac vecto sau lam vécto phap tuyén.

A ino=(3:7-8 :J. B. i ={_‘a:?’:—ﬁ}‘ C. 0. = [:3:—?:—&}' D. ", =[:?:—(1:—H}'
Cau 6. Trong khong gian @7 | cho mit phang (R) c6 phuong trinh He s 952 =17=0 pidm nao
trong cac diém sau thudc mit phing (R) ?
A D(3:42) g [(#-43) c A(S;—?;:ﬂ. p, E(=2:6 3)
. v=2—4d4
A ‘_1-: T+ 5t
OxVZ | cho duong thing '~ . Puong thang A nhan vecto nao sau day

Cau 7. Trong khong gian
lam vécto chi phuong?

A er_;:[:—4:5:—4}' ;a={2:?‘:0}_ n;-=(4'.:'~'.4)' u::[:—l'—?:ﬂ}'
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x==2+t
:.":‘_1'=1 N
: —=_3-2 : . g
Cau 8. Trong khong gian OxZ | cho duong thing S Puong thing ¢ di qua diém nao trong
cac diém sau?
o\ A=(la-2) g B=(2-23) o C=(2122) b, D=(1:14:-9).
: : : g My, [ =(a;bic
Cau 9. Trong khong gian Ox%;z , duong thang di qua diém M (%) 'J, nhan (a:bic) lam vecto phap
tuyén c¢6 phuong trinh tham s6 1a:
J' X=a+ix, ‘ v=—x, +af Y=, at X=X +at
Cv=htty, ==y, +bt = b v=v +bht
A ‘::c'if::,' B. ‘;:—: +w_ C. I=Z +t'2r’. D. :=::,u-;.
. . N(835 =31
Cau 10. Trong khong gian 97 | duong thing ¢ di qua diém V(8:3:5) va nhan vecto i=(=3-10) lam
vécto chi phuong c6 phuong trinh 1a
=3 y-1_ =z+1 =8 y—3 -5
A, D 3 3. B. —3 -1 ]
\ “-_1 1___'_'_‘.' | 1_1 ]___—]
c. -3 -1 ] D. © 3 5 .
Cau 11. Trong khong gian OxvZ  cho mit cAu (SPCe=sy o lr=9F 1 (==4) = 20 Toa do tam / cia mat
cau (S) la
o [(-8:9:4) g [(8:9:-4) C. 1(8;9;4). p, [(=8:-9:—4)
. 1.3 -8 . 2
Céu 12. Trong hé truc Y7 | phuong trinh mit ciu (5) cO tim B(—3-8) va di qua diém
o (P FR ER
N(-3-9:-10)
A LA e (r=3) (2 8) =149 g (1= 4) (0 3) o (z-8) =149
.--_-z::,--_l. .'II-__ .'I: C '-..-.'1:.'-.'-:.'—. .'I: G
o (=3 +(13=9) +(z=10) =149 p. (43) 4 (y9) +(z+10) =149
PHAN II Ciu tric nghi¢m ding sai.
c Flxy=2x"-2x . . f
Cau 1. Cho ham s6 AR )= 2= 2 . Biét F(x) la nguyén ham ctia ham s6 J (x)

y F3)=1()

a(x)=60"-2.

b) J (x:) 12 mot nguyén ham cua ham sb

¢) Nguyén ham F(x) ctia ham s J (’C) thod man F(O):l la Fle)=2e - ].

flx)=2x"—2x

d) Dién tich hinh phang gidi han boi d thi ctia ham s6 - va tryc hoanh Ox bang 2.

Chu 2. Trong khong gian ©*Y7 | cho mit phing (7) c6 phuong trinh ~10x A3 =T2=1=0 x4t tinh

dung-sai cia cac khang dinh sau
= (10;-43,7 . ;
a) n=(10:-4%7) khong phai 1a mot vécto phap tuyén cua (7/ )
52:5

b) Piém K( o ) thudc mat phéng (7/)
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(P):=20x + 861 —14z—1=0

¢) Mit phing (7/ ) va mit phang cit nhau.

) R i T DA
d) Mit phang (P) di qua hai diém H(0:23). € (2:2:73) va vuong goc voi (7/) c6 phuong trinh
dang vt 271308 =0 whige atbio=224
" v=—4-0¢
Arqr=—0-4
A ~ . Oxyz N < ‘ = 1 1 .-zl|| \ R {_ql_ll—ﬁ:—.l'] , , , .
Cau 3. Trong khong gian ~"~, cho duong thang va diém . Xét tinh dung-sai
ctia cac khang dinh sau (cac két qua 1am tron dén hang phan mudi):
, = (—6:-4:3)
a) Mot vécto chi phuong cua dudng thang A 13 u= {04 -].
o N(4-21) NI
b) biém khong thudc duong thang A.
-1 y+2 =z
v NI T Ty T
¢) Goc giita hai duong thang A va duong thang 2 ] 2 x xap xi

d) Hinh chleu vudng goc cua diém C tren duong thing A 1a diém (“:b:t). Khi d6

1
a+h+c=-7

Oxyz A =1y e (==5) =

CAu 4. Trong hé truc , cho mat cau (S) c6 phuong trinh L= . Xét tinh

dung-sai cua cac khang dinh sau:
a) Tam ctia mat cau (S) 1a didm 1(421;3)

g

b) Ban kinh ctia mit cau () 1a R= \/2_

. (—2 T 2T} ,
¢) biém M(=27:-7) nam ngoai mat cau ( )
: g o (S) o F(0-2:3) o
d) Mait phang (P) tiép xuc vol mat cau ( ) tai diém (0 ] c6 phuong trinh la
—4r—3y-2-=0
PHAN III. Cau tric nghiém tra 1oi ngin.
—Sx—4 p=—x"—-8

Cau 1. Tinh dién tich ctia hinh phing gi6i han boi duong thang ¥ = va do thi ham s -

(két qua 1am tron dén hang phan muoi).

Cau 2. Mot chiée 6 t6 dang di chuyén véi toc do 72 km/h trén mot doan duong thang. Nguoi lai xe bat ngo
phat hién c6 mot chuong ngai vat ¢ phia trude. Sau mot gidy phan tmg, nguoi lai xe bét dau dap phanh. Ké
tir thoi diém dap phanh, 6 t6 chuyén dong cham dan déu véi van toc duoc md ta boi phwong trinh:
v(e)=—100+20(m / 5)

, trong d6, 1 thoi gian tinh bang gidy ké tir lac dap phanh. Goi s(2) 13 quing dudng
6 to di dugc (tinh bang mét) trong ¢ gidy ké tir luc dap phanh. Quing dudng 6 t6 da di chuyén ké tir lic ngudi
1ai xe phat hién chudng ngai vat trén duong dén khi xe 6 to dimg han 1a bao nhiéu mét?

.J'I

Céu 3. Trong khong gian @7 | cho mit phing (©) c6 phuong trinh —23x—Sy+24z+4102=0

. Mit phang
. M(2:1:-3 . 2554 avd ho o=
(P) di qua diem M(2:1:3) va song song véi () c6 phuong trinh dang ~22+ " @t b= e=0 "y
a+b+c
. \S 11102 , o A(- 113
Cau 4. Trong khong gian Oxyz , mdt cau ( ) c6 tam (l ) va di qua diém ( 11 ) c6 phuong trinh

dangx af +ly- o) +lz- cf =R* [ipn @+ +C R,
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Cau 5. Trong khong gian véi h¢ truc toa do Oxyz (don vi trén mdi truc toa do 1a kilomét), mot may bay
dang & vi tri 232D y3 §3 ha canh ¢ vi trf B(46350 gren duong bang (nhw hinh v&). C6 mot 16p may
dugc md phong boi mit phing (@) g qua ba didm M (80 0), N,(D’_& 0)’ va P(G0GQ8) Ty do cao cua
may bay khi may bay xuyén qua ddm may d¢ ha canh (Lam tron dén chit so thap phan thi hai).

P 4
A
C 0 R
N\ y 7
B
M
Cau 6. Mot nha kho dugc mo hinh hoa trong khong gian véi hé truc toa do Oxyz va hai mai EFIK. HGIK
¢6 kich thudc bang nhau nhu hinh vé.
F
3 Y
B c
X
Biét rang chiéu cao ctia nha kho 13 9 m va cac blc tudng cua nha kho tao thanh hinh hop chir nhat
ABCD.EFGH g AB=10mAD=MAmAE=Tm \po a0 (EFIK) & phuong  trinh
axty+brte=0 o, gid tri ctia ¢ = b+ ¢
—HET—
HUONG DAN CHAM

PHAN I: Tric nghiém nhiéu Iyra chon

1 2 3 4 5 6 7 8 9 10 11 12
B A A A B A C C A B A

PHAN II: Tric nghiém ding sai

2)S-b)D-¢)S-d)S 2)S-b)S-¢)S-d)D 2)S-b)S-0)S-d)D | a)D-b)D-¢)D-d)S

PHAN III: Tric nghiém tra 16i ngin
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4,5 40 146 11 0,6 48
HUONG DAN GIAI CHI TIET
PHAN I. Cau tric nghiém nhiéu phwong an Iya chon.
Cau1l: Tim nguyén ham J5dx .
5x +C N
A, 2 B. Sx+C C.5x +C p. C.
Loi giai

Chon B

[5dv = 5v + C
Cau2: Tim nguyén ham I(w —3x) dx .

3L
. ——+2x+LC -
A S5-3x+C B. —0x+C c. 2 D. —3x +3x+C
Loi giai

Chon C

. v,

15=3xdvr=———+5x+C

2
Cau 3: r (’C) la mdt nguyén ham cua / (x) trén tap xac dinh R Ménh d nao sau day dung?
{f[.x‘}u'.r: FI-9)+ F{—4) {,f' (w)dv=F(—4)-F({-9)

A.

[ (piee -
C.

Chon B

[; (v)de=F(-4)-F(-9)

B.

{1 ()= F(4)- 19
D.
Loi giai

=glx)r=00=2 =4

Cau4d: Goi S 1a dién tich cua hinh phing gi6i han boi cac duong ", Khing

dinh nao sau day dang?

sfeos sflole seffe(oT
: : : C. E

S=x [ el )y
A. . D. 2
Loi gidi
Chon B

s=

-

o }| d
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Cau 5:

Cau 6:

Cau 7:

Cau 9:

uigeli.xyz

Trong khong gian Oxyz , cho mit phang (R) c6 phuong trinh 3+ Ty-06z-8=0 Mit phang
(R) nhan vecto ndo trong cac vecto sau 1am vécto phap tuyén.
N J:[}:u.-—?.-—l:wy B, E:[}};i]:—]n}' . a;'.:(z.-—?;—cw}. D, af:[:?:—li‘l.'—rﬁ}.
Loi giai
Chon B
Mit phang (R) c6 mot vécto phap tuyén la '~ (3:7:-6)
L no=(9:201-18) ., o
nén cling nhan vecto - lam vécto phap tuyén.
Trong khong gian @77 | cho mit phing (R) ¢6 phuong trinh et 9ps 32=17=0 pidm nao
trong cac diém sau thudc mit phing (R) ?
A D(3:4:2) g, [(%:-45) C. A(5:-7:5) p, E(=2:6 3)
Loi giai
Chon C
A s iR . . = 2 (R) A s 4R A(SQ—T";?’»} , ~
Thay toa dd cac diém vao phuong trinh mat phang ta thay chi c6 diém théa man.
| v=2-4
Aigv= T4 5t
Trong khong gian Oxyz , cho duong thang -7 . Puong thang A nhén vecto nao sau day
lam vécto chi phuong?
Al :[:h':—][l:h'}' B U ={2:?:t}}_ c i =(4:5:4}' p. :[:—l'—?:[l}'
Loi giai
Chon A
Puong thang A nhan vecto u=(=43-4) lam vécto chi phuong nén ciling nhan vecto
r= (8:-10:8
i, = (8- 10:5) lam vécto chi phuong.
‘ =-2+t
diyr=2+4
A . OJCVZ N 2 ‘___F_llr . M d . .2 N
Trong khong gian = | cho duong thang . Duong thang ¢ di qua diém nao trong
cac diém sau?
A ,{:{114;—3]_ B. B:l{l:—l:ﬁ]. c. C=(212:2) D. D=(L14:-9)
Loi giai
Chon D
A . = V= 1 = T = 2 . -J:.' .'_;'
Ton tai t=3=x=ly=14z=-9 nén duong thing ¢ di qua D=1 ).
, . Mix:v:z,) = (a:be
Trong khong gian Oxyz , dudng thang di qua diém M (x5 o3 2 '], nhén i=(a:bic) lam vecto phéap

tuyén c6 phuong trinh tham so6 la:
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Cau 10:

Cau 11:

Cau 12:

J N=atly, ‘ V=X

V= b 1 f.r:l ‘ 'll - _.1'

A lZ=ctiz g, \Z="1
Chon D

(x,01

Bu(‘)’ng’théng di qua diém M
tham s0 la:

81 Zo )

uigeli.xyz

Y=x +at

+ it X=X, +al
w bt = b 1V=y,+b
+ et z=z, +C't Z=Zy+
. C. . D. !
Loi giai
A di=(abic) , L, .
", nhan lam vecto phap tuyén c6 phuong trinh

X=X, +al
Tv=y +b
I=z, 4t
Trong khong gian @7 | duong thing 9 di qua diém N(8:3:5) va nhan vecto i=(=3=k) lam
vécto chi phuong c6 phuong trinh 1a
=3 v-l_ z+l v—8 y—-3 -5
A S 3 5 B. 3 -1 1
x+8  y+3 z+35 x+3 p+l_ z-1
c. -3 -1 1 pD. § 3 5
Loi giai
Chon B
Puong thing d g qua diém "\'r(‘&&'i') nhdn vecto ===k lam vécto chi phuong c6
r—8 y-3 -5

phuong c6 phuong trinh 1a:  —3

Trong khong gian V2

mit cau (S) la

A !(—8:‘):—4].

B.

Chon C
Mit cau (S) co toa do tam la:

Trong hé truc Oxyz

N(-3:-9:-10)

A.

C. (x=3) +(v=9) +(z-10) = 149

Chgn A

, cho mat cau *

.-’(819:—4)

) . a (S L a
, phuong trinh mat cau ( ) cO tam

(x+4) +(v=3) +(z+8) =149

-1 I

(SPe=8) o lr=9) (=224 =30 100 g6 tam | cia

C. [(8;9;4). D. [{—8:-9: —4]

Loi giai

1(8:9:4)

B(—43:-8)

va di qua diém
g (=4 1 (re3) i (z-8) =149
p, (¥ 3V 4 (0 +9) 4 (z+10) =149
Loi giai

3 BN = J
Mat cau (S) c6 ban kinh la
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(<3=(~4)) +(-9-3) +(-10-(-8)) =49
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. .'.'- .':I (A :.'—,I"l:: ;

Mat cau (5) ¢6 phuong trinh 1a: (red) +(v=3) +(z48) =149
PHAN II. Céu tric nghiém ding sai.

fx)=2x"-2x

Céu 1. Cho ham s6 - . Biét F (?{) 12 nguyén ham cia ham s6 J (’C)

a(x)=60"-2.

b) J (x:) 12 mot nguyén ham ciia ham sb
¢) Nguyén ham F(x) ctia ham s / (’C) thoa man F(O) la

d) Dién tich hinh phang gii han boi db thi ctia ham s6 ]
Loi giai

2 T =), ping,

Theo dinh nghia, F (r) 1 nguyén ham ctia ham s6 J ()C) néu

" . J'. = - —
b) / (K) 12 mot nguyén ham cua ham so glr)=0x"-2 : Dung.

f(x)= (20" —2x) =6x" -2 = g(x)

Vi’

¢) Nguyén ham F(x) ctia ham s f(x) thoa man F(O) =1 la Flo)=2v—a ol : Sai.
Fla)= [ fla)de= HZ —rjdv=—x" -0 C
Vi ’ ’

I
E .

: ]
(V=] s = Flo)y==x
‘r[-[]]'_]_(_].vay J

=2y —2x

d) Dién tich hinh phang gi6i han boi db thi ham s6 AR ) va tryc hoanh Ox bang 2: Sai.

Ta co:

S= h?.f —E.x‘|LI.1' = J-I::E.‘.': — 20 )dy +h =21+ 2x ) =1.
|

[
Dién tich hinh phang can tim la:
Viay dap an a) ding, b) ding, c) sai, d) sai.

Or+43r—-T=—-1=10

. Xét tinh

OxVZ | cho mit phing (7) ¢6 phuong trinh !

Céu 2. Trong khong gian
dlng-sai cua céc khang dinh sau

47T .
n=(10:-437) khong phai 1a mot vécto phap tuyén cua (7 ) :

a)
. K(5:2:5 :
b) bieém K ( "3) thugc mat phang (7/)
. . (P 20x 480y —14z-1=0
¢) Mat phang (7/ ) va mat phang L7 80y —14z-1 cat nhau.
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I TR P PR
H{0:2:3).C(22:-3) va vuong goc voi (7/) c6 phuong trinh

d) Mit phang (P) di qua hai diém
dang® Pt = 1305 =0 ki go athre=224,
Loi giai
a-sai, b-dung, c-sai, d-ding.
a) Khing dinh da cho 1a khang dinh sai.

= (10437 o ., . £
n=(10:7437) la mot vécto phap tuyén cia (7 )

b) Khang dinh da cho 1a khang dinh ding.
K(5:2:5

10x+ 43— Tz—1=0

Toa d¢ diém ) théa man phuong trinh nén diém K thudc mat

phing (7)

¢) Khang dinh da cho la khang dinh sai.
n = (-10:43-7).n, = (-20:80:- 14)
Taco: =20 va —l=2(=1) nén (7) va (P) song song nhau.
d) Khang dinh da cho 1a khang dinh dang.

no=(—10:43-7 ) HC = (—4:0:-8)

Mit phang (P) nhan n,, HC lam cd@p vécto chi phuong.

1 HC = (344:52:-172) , . (P)
4 la mdt vécto phép tuyén ciia mat phang .

e [y PR M 1T m =S = e 3 S — 1T 13 =
Phuong trinh (7)1 34 (1= 0)#52(y=2)=172(= = 5)= 0= 344x 4 52y~ 1721308 =0

Khi do: ¢ +h+oc=224
[v=—4—0¢
Arqr=—0—44
v -=2+43 o C(=2:—6:
Cau 3. Trong khong gian 97 | cho dwong thing '~~~ va diém “l 6:4)

. Xét tinh dung-sai
cua cac khang dinh sau (céac két qua lam tron dén hang phan muoi):

9 SR
a) Mot vécto chi phuong clia duong thang A 1a = (o -J.
o N(4=21) NI
b) biém khong thudc duong thang 8.
A =1 v+2 =z
¢) Goc gitra hai duong thang A va duong thang 2 ] 2 xap xi 64, 7%

H(c:‘:h:(')

d) Hinh chiéu vuéng goéc cua diém C trén duong thang A 1a diém . Khi do

g+h+c==-7,3
Loi giai
a-dang, b-sai, c-dung, d-dung.
a) Khang dinh da cho 1a khang dinh dtng.
Mot vécto chi phuong ctia duong thang A 1a i =(=0:-4:3)
b) Khing dinh da cho 1a khing dinh sai.

) , A (A —2
Toa d6 diém N théa méan phuong trinh A nén diém N(#-2:2) thuoe A.
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¢) Khang dinh da cho la khang dinh dung.

0:1)

o 2 . . 2 B(-2:0: \ ~ , , . ~
Mat phang di qua diém ( ! va vuong goc v6i A nhan vecto
tuyén.

IR
w={-0:-4:3) lam vécto phap

7 et M A o OVt 2 1Y ) sn e At 3m 15—
Phuong trinh mat phing Ia: Ofx+ 2)=4{r-0)+3(z-1)=0= —tdx—41+3z-1: [].

d) Khang dinh da cho 14 khang dinh dung.

7 (pedon)
Puong thing A ¢ vécto chi phuong 1a " (-0:=4:3)

A e e Asy 2
Goi Hi—4-tr—0-4n2 _..f}.

CH = (—0r—2:—4n3-2)

I

CHii=0e —0(—00—2)—4(-4)+ 3(3-2)=0= =-—
i
(208 342 104
H|-Z :—'4":]4|
Toa d6 diém Lol ol ol
Jr_z_li‘.lrw'_}-ll . ][]4=_44'ﬁ=_?.3
Vay ol ol ol ol

Oxyz Poolv=Iy+(=2=3) =29 5t tinh

Cau 4. Trong hé tryc , cho mit cau (S) c6 phuong trinh (=4
dung-sai cua cac khang dinh sau:

a) Tam cua mat cau (S) 1a diém 1(4;];3).
b) Ban kinh cua mit cau (S) a k= \/2T) .

W(-2:7:-7)

< R : M e - A S
¢) Diém nam ngoai mat cau ( ) .

F(0:-2:3)

d) Mit phang (P) tiép xGc voi mit ciu (S) tai diém c6 phuong trinh 1a

—4x—-3y-2z=0
Loi giai
a-dung, b-dung, c-dung, d-sai.
a) Khing dinh da cho 1a khing dinh dng.

Tam cta mit cau (S) 1a diém 1(4:]:5).

b) Khing dinh d3 cho 13 khang dinh dtng.
Ban kinh ctia mat cau (S) a = ‘h_"} = ""I'z_"}
¢) Khang dinh di cho 1a khang dinh dung.

IM =330 +30 1144 =040 =29

. 2.7 =T} A
Suy ra diém M(=2:7:-7) ndm ngoai mat cau (S)
d) Khang dinh da cho 1a khang dinh sai.

F(0;-2:3) IF = (~4-3-2)

Mit phing (P) qua diém , nhan vecto 1am mét vécto phap tuyén.

e ALY AUt T A e TN () e A e e
Phuong trinh (7)) =3 2) =2z =3) =0 =3 - 22=0

PHAN III. Cau tric nghiém tra 1oi ngin.
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Cau 1. Tinh dién tich ciia hinh phing gi¢i han béi duong thing * = % ~+ va dd thi ham sé
(keét qua 1am tron dén hang phan muoi).
Loi gidi
Xét phuong trinh:

—'—8=-Sr-4e -’ i Sr-4=0ox=ly=4

Dién tich hinh phang:

§=[|(=x = 8)-(-Sv-4)|dv=[ |- ¢ Se-afdv=2=45

Dap an: 4,5

Cau 2. Mot chiée 6 t6 dang di chuyén véi toc do 72 km/h trén mot doan duong thang. Nguoi lai xe bat ngo
phat hién c6 mot chudng ngai vat ¢ phia trude. Sau mot gidy phan ng, nguoi lai xe bét dau dap phanh. Ké
tir thoi diém dap phanh, 6 t6 chuyén dong cham dan déu véi van téc dwoc md ta boi phwong trinh:
v(e)=—100+20(m/ s5)

, trong d6, 1 thoi gian tinh bang gidy ké tir lac dap phanh. Goi s(2) 13 quing dudng
6 to di dugc (tinh bang mét) trong ¢ gidy ké tir luc dap phanh. Quéing dudng 6 t6 da di chuyén ké tir lic ngudi
1ai xe phat hién chudng ngai vat trén duong dén khi xe 6 to dimg han 1a bao nhiéu mét?

Loi giai

NLATA] )
3’:?1_] A=200m)

Quang duong 6t6 di duoc 1 gidy trude khi dap phanh: : 3000
v(t)=—10t+ 20=0=¢=2

Khi 6 t6 durng han, van toc cta 6 to6 bang 0 nén

S, = [ (—10¢+20) de = 20 (m)
Quing duong 6t6 di duoc tir lic dap phanh dén lic ding han 1a: !
Quéng duong 6 t6 d di chuyén ké tir luc ngudi 1ai xe phat hién chudng ngai vat trén duong dén

: NPT 2o S=5485 =204+20=40{m
khi xe 6 t6 dung héan 1a : LT [- }.

Pap an: 40

Cau 3. Trong khong gian @7 | cho mit phing Q) c6 phuong trinh —25x=5y+24z+102=0 prp phang
, A1 — iy - ' e —
(P) di qua diém M (2:0:-3) va song song voi Q) c6 phuong trinh dang Sx+ ay+bzte=0 iy
a+b+c
Loi gidi
Vi mit phang (P) song song voi (©) —23x=Sy+24z+4d =0

nén c6 phuong trinh dang:

) S o W ¥ Y5 143 =0= =127
bidm M (21 ']thu@c (P) =-252-5.1424(-3)+d=0=4d 127

Phuong trinh ciia mat phing () 25— 51+ 2424127=0_
Khi d6: ¢ +h+ec=140
Dap an: 146

1(102) Al- 113)

X a} }f' 'b} 2 C}?=R?_Tinha?+b? +c ‘|‘R?.

. \S .
Cau 4. Trong khong gian Oxyz , mdt cau ( ) c6 tam va di qua diém c6 phuong trinh

dang
Loi gidi
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Mit ol (s) 1(102) Al- 113)

R=14=\J(-1-1) +(1-0) +(3-2)" =&

cO tam va di qua diém nén c6 ban kinh

Khidod tH +C+R =1+0+2+6=11

bap an: 11
Cau 5. Trong khong gian v6i h¢ truc toa do Oxyz (don vi trén mdi truc toa do 1a kilomét), mot may bay
dang & vi tri A3 -21) va s€ ha canh & vi tri B(4650 yen duong bang (nhu hinh v€). C6 mét 16p may

dugc mo phong boi mit phang (@) di qua ba diém M(80 0), N,(D;—B; O)’ va P(000Q8) Tinh dg cao cua
may bay khi may bay xuyén qua ddm may dé ha canh (Lam tron dén chir so thap phan thir nhat).

|
|
|
I
\ 4

Loi giai

Pap an: 0,6

Gia sir © %Y%) 13 yi tri ma may bay xuyén qua dém mdy d& ha canh = € < (@)
alt l|i:l«::%x—j«'llﬂz—B:El
8 -8 08

Mit phang (@) c6 phuong trinh 1a
Vi AC va AB 13 hai vecto cung hudng nén tdn tai sb thuc t > 0 sao cho AC =tAB
AC =(x. -3y, +2z -1, AB =(185-))

]KC—3=f JXL_:NE
— _1}".; |2=8,5f<=‘= }‘L— =8,i-—2
I‘EF-:_:L=—;r ‘Z.;=—I'1l
£ 3-(85-2) 10t 1)-8-0ct-2
ViC =(a) nén - 5
vay (341400
: 06km
Do cao ciia may bay khi may bay xuyén qua dam may la
Ciu 6. Mgt nha kho duge mé hinh hod trong khong gian véi hé truc toa do 7 va hai mai FF 1A HOTK

¢6 kich thudc bang nhau nhu hinh v&.
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X

Biét rﬁng chiéu cao cta nha kho 12 9 m va cac buc tuong cua nha kho tao thanh hinh hop chir nhat

ABCD.EFGH o AB=10m. AD=24m. AF="7 m Mt

av+ v+ hz+e=10

(EFIK)

véi phang c6 phuong trinh

. Tim gi4 tri cia ¢ —b+¢
Loi gidi

— ! — ” [ it rall Rl

) . , ) 10-12-9
Hinh chiéu cta ! trén mit phang (Oxy) la trung di€ém cua BC nén toa d6 diém 1(10:12:9)
(o0 TY FO0 Ty Tl 1oy e =0 ST
Khi do: ELO0:7 ), A0 T ) i (10012:9) EF =(10:0:0), £7 =(10:12:2 .
7 = | EFEL |=(01:—0
Mait phang (EFIK) c6 vec to phép tuyén [ } ' }
) CEETE Y v — - Y —
Phuong trinh mat phang (EFIK): y =02 42 =10 .
Suyra [{—.'!}+t'=43.
Dap an: 48
—-HET---
PE 8 PE ON TAP GIUA HQC KY 11

NAM HQC 2025-2026
MON: TOAN 12

Phin I. Ciu tric nghiém nhiéu phwong an Ira chon. Thi sinh tra 10i tir cdu 1 dén cau 12. Mdi cau hoi thi
sinh chi chon mot phuong an.

Cau 1.

Cau 2.

Cau 3.

[NB.GT] Ham sé 7 ) 1a mot nguyén ham ctia ham sé /) trén khoang K néu
A Flivi=—fix),Fre K. B Fla)=Fix)hvre X
C Flixl= fix),Fre k. D fixt=—Flx) Fre i

[NB.TD] Ménh dé nao sau déy sai?
o U gk [ £ (ndes [g(xdr

o ¥

B [[ flx ]' - R ]'].[l'l.'l.' = ‘[ f ]'In".".' - ‘[ o R ]'In".".'_

. *

c. [ Fatode = [ f(xpde [ el b, JH (v =k[ f(x)d. (k=0).
, J N
[NB.TD] Nguyén ham ciia ham s6 -/ (¥) =< 1a:
pas 1 e
—+C. . +C. .
A, x+1 B. ¢ +C. C. x D. xe +C.
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Cau 4.

Cau 6.

Cau 7.

Cau 9.

Cau 10.

Cau 11.

Cau 12.
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o

[NB.TD] Cho s thyc *# —1. Ham sé nao sau day 1a mot nguyén ham cta ham s6 V=
X’ X
L+l '|.'=|:.f.-" , ]}__---I .],-': _V:
A. V=X B. - | X C. a+1 D. o+1

INB.GT] Cho /) 1a ham s6 Tien tue trén [“?] va £ 1a nguyen ham cia /) . Khing dinh
nao sau day la sai?

{ f(x)dv=F(x)| =F(b)-F(a) I_;'( x)dx =0
A. - ) B. «

[ £(x)edr= 7 ( '.}I =/ (h)=1 (a) [ f(x)dv= —'[ f{x)dx
Q. a . D. e s

[NB.GT] Cho ham sd J(x) lién tuc trén doan [1:3] va F(x) la mdt nguyén ham ctia J(x) . Ménh
de nao sau day dung?

(" (e = F(3)- F(1). [ f o= F(3)+ F(1),
A. J1 B. ‘!
[ (o= F(1) - Fi3). [ v ==F(3) - F(1),
C. - D.
3 3 3
y Jﬁ fixyd =3 L oixydy =1 ) |‘1 [;’[_'-_'] i _g[.'-.']]u'.'-.' .
[NB.GT] Biét /- va *- . Khi do6 -'- bang
A4 B. 2. C. 2. D. 3.
2 4 4
, frde=9 [ flode=4.  7=[f(xdx
- [ F(de=9: ] (5 |
. R 1 2
[NB.GT] Cho ham s6 lién tuc trén  va co Tinh
I 9
A T=5, B. [ =36 c. 4. p. /=13
fx)=2"
[TH.TD] Nguyén ham caa ham s6 1a:
2%
: _ ! +C.
A 2 In2+C. B. 2 '+cC. c. 2" +C. p. In2
[TH.TD] Ham s6 7 *7 =% +3 13 nguyén ham cia ham sb
. X -
. ) flx)=—+3x+C.
AL S (0)=3x7 B 4
. X -
(v)="—+35x , .
C. ..r '.] 4 2 D. Jrrl.'] — 3-]._.. + ST
r lr (.‘l.'. = 3.11.' . 1 1.11.' 1 _:"
[TH.TD] Ho nguyén ham ctia ham s ~ la
A X HXT+S B Y +x+C C. ¥ +x45x+C p ' +x’+C
3siny+ dcosx)dx
[TH.TD] Tim nguyén ham je e
A dxv+4dsiny —3cos v+ C. B.—4sinx+3cosy+ C.
C.4sinxy—3cosx+C. p. —|2sinx+Y%cosy +C.

Phin II. Ciu tric nghiém ding sai. Thi sinh tra 10i tir cAu 1 dén cau 4. Trong mdi ¥ a), b), ¢), d) & mbi

cau, thi sinh chon ding hodc sai.
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4 ] = i = 1 L } ‘ 4 W r r 7 . 9 14 :f .
Cau 1. Cho ham s§ =/ (¥} =510 V3 cos: . Xét tinh dung sai cua cac khang dinh sau:

j__.f'f.x'} dv = I.ﬁjn vody+ ﬁ.jcus v ody

a) [NB.TD]
b) [NB.TD] ,[”“ vdv=—cosx+ C

) [TH TD] I-rlrx} dv =cos v — J-T'-'l‘?i]'l e
c . |

2+ »J"_ Jo
J' f(x)dy
d) [TH.TD] 3
i VS T R T O I Tt
Ciu 2. Cho him s6 / J=x —2024x+2025.

e f(x) Ix —2024x + 2025

a) [NB.GT] Nguyén ham cua ham s6 - la
. Fx)=—=x"=10123"+2025x.

. f()g) ;

b) [TH.TD] Mot nguyén ham cua ham s6 * V7 la 4

c) [TH.TD] Nguyén ham F(x) cia ham sb f (r) thoa man F(O):3 la
» |
Fix)=—x"=1012x"+2025x.
n
|
{ }h _ 4053
d) [TH.TD] Tich phan
Cau 3. Cho cac ham sb S()-2(0) lién tuc trén [ . Xét tinh dung sai cta cac khang dinh sau:
[ f(ydv=2  [3/(x)de=2
a) [NB.TD] Néu) (R =2 ] 2
| S (x)de=-3 r(x)dy=3 2f{x)=3g(x)]de=—15
b) [NB.TD]NéuJ () v Je()dr=3 o 127 (x)-3e(o)d .
j_;'( vidv=6 3/ (x)dr=18
¢) [NB.GT] Néu' thi
o ) v
| |+ 207 fdv =2
f f(x)=x 2 A 2
d) [TH.TD] Néu ' thi
A e (Cliy=—x 412 (P)y=—" 0§ 18 1A v 1 O ”
Cau 4. Cho hai duong cong * va . Goi ® la di¢n tich hinh phang gidi han boi

=1 = Wl \

¥=-3x=4(C) va (P) Xét tinh dung sai cia cac ménh d¢ sau:
[0+ 120)de = 1.

a) [NB.GT] ~

rr.—.-.-' b 12x)dx | [r— +12x)dx = [r— F12x)d.
b) [NB.GT] o .
S= [ | —x' -1 1|d
¢ [VD.TD]
937

d) [VD.TD] Dién tich hinh phing 12 (dvds).

Phan III. Céu tric nghiém tri 16i ngan. Thi sinh tra 1i tir cdu 1 dén cau 6.
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;_ [Losicos 3v
Cau 1. [TH.TD] Tinh tich phan sau: i Loy (két qua ldy phan nguyén)
| 7-4x" khi0=x<l
flao)=1 o
|_ 4—" khi ox=1

Céu 2. [VD.TD] Cho ham s6 . Tinh dién tich hinh phang gi6i han béi do thi

ham sé 7 (x) va cac duong thang * =

H) Y
Cau 3.[VD.TD] Tinh thé tich khdi tron xoay khi quay hinh phing gid1 han bdi cac duong ,
y=0 r=—lLx=1
va quay quanh truc hoanh (tham khao hinh dudi ddy). (két qua dé dudi dang so
thdp phdn va lam tron dén chir s6 thdp phan thir hai sau ddu phay).

Cau 4. [VD.TD] Cho d6 thi ham s6 ¥~ “*5¥ va hinh phiing dwoc t6 mau (nhuw Hinh 6 dwéi ddy). Tinh dién
tich hinh phang d6 (keét qua dé duoi dang so thdp phan va lam tron dén hang phan muwoi).

Cau 5. [VD.GQVD] Mat cit cia mot ctra hAm c6 dang 14 hinh phang gi61 han boi mét parabol va duong

thang nam ngang nhu hinh sau. Tinh dién tich cta citra ham (két quad dé dudi dang sé thdp phdin va
2

. ) i \ p » . m
lam tron dén hang phan muwoi theo don vi ).
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i 6 m :

Cau 6. [VD.GQVD] Mot bé chira nhién ligu hinh try dt nam ngang, ¢6 chiéu dai Sm, ¢ ban kinh day 1m.
Chiéu cao cua myc nhién liéu 1a 1,5m. Tinh thé tich phan nhién li¢u trong bé ((két qua dé duoi dang

. . . . 3
O thdp phdn va lam tron dén chit so thdp phan hang phan chuc theo don vi ™ ).

HET

Cdn bg coi thi khong gidi thich gi thém.
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DAP AN CHAM

PHAN I. Cau tric nghiém nhiéu phwong an Iya chon
M&i cdu tra loi diing thi sinh dwge 0,25 diém

CAU 1 2 3 4 5 6 7 8 9 10 11

12

Dap an C C B D C A A D D A C

PHAN II. Cau tric nghiém dung sai

Diém t6i da ciia 01 cAu héi la 1 diém

- Thi sinh chi Iyra chon chinh xéc 01 y trong 1 ciu héi dwoc 0,1 diém.
- Thi sinh chi lya chon chinh x4c 02 ¥ trong 1 ciu héi dwoc 0,25 diém.
- Thi sinh chi lya chon chinh x4c 03 y trong 1 ciu héi dwoe 0,5 diém.

- Thi sinh lya chon chinh xac ca 04 y trong 1 ciu héi dwoc 1,0 diém.

CAU a) b) c) d)
1 1)) 1)) S b
2 S 1)) S 1))
3 S 3] S b
4 S 1)) S b

Phan III. Ciu héi tra 10i ngin
M&i cdu tra 1oi diing thi sinh dwoc 0,5 diém

CAU 1 2 3 4 5 6

Pap an 1 10 2,85 4,7 48 12,6
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HUONG DAN GIAI CHI TIET
Cau 1. [NB.GT] Ham s6 ©'™) 1a mot nguyén ham ciia ham s& /) trén khoang K néu
Al Fllol=—fxL¥re K. B. flixi=Fix)l.vre k.
c. Fllx)=f(x).9xekK. p. f(x) = —F(x). vr e K.

Theo dinh nghfa thi ham s& ©"*) 1a mot nguyén ham céia ham sé /) trén khoang K néu
Flal= filxhvre K.

Ciu 2. [NB.TD] Ménh dé nao sau day sai?

o U gk [ £ (ndes [g(xdr

o ¥

Loi giai

5 (L7 (o) =g topde = [ £ (opde = [ e o).
. [ Fatode = [ f(xpde [ el . [f G =k [ £ ()b, (k= 0).

, d N
Cau3. [NB.TD] Nguyén ham ctia ham sé /(¥ =¢" 1a:
X+ x
—+C. . +C. .
A, X+1 B. ¢ +C. C. X D. xe +C.

Loi giai

Loi giai
Chen B

Caud. [NB.TD] Cho sé thuc ¢# 1 Ham sb nao sau day l1a mét nguyén ham cta ham sé 7 =
x* xﬁ_.{

R = |: i+ 1 } A Y= y=

A. 1_x B. . , LA X C. 0+l Q. ()"+l

Loi giai

Caus. |[NB.GT] Cho S () 12 ham s6 lién tuc trén [a;b] va F(x) la nguyén ham cua J () . Khang dinh
nao sau day la sai?
[ f(x)de=F(x)| = F(b)-F(a)

&

[ £(x)dr=0
A. . B. «

[/ (x)dv=s () =/ (b))~ (a) [/ (x)de=—{ / (x)ds
C. u . D. - b .

Loi giai
Cau6.  [NB.GT] Cho ham s /%) lien tuc trén doan |
deé nao sau day dung?

1;3] va F(x)

la mdt nguyén ham ctia S ) . Ménh

[ F(x)de=F(3)- F(1). [7 Flxdde = F(3)+ F(1).
A. “! B. ‘!

[ F(x)de= Fil) = F(3). [ Fix)de==F(3)- F(1).
C. ! D. !

Loi giai
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3 k)
. . L fixydy =3 L afvhdv =1 _
Cau7. |[NB.GT] Bie¢t - va *- . Khi do bang

A. 4. B. 2. C. 2. D. 3.

Loi giai
Chen A

{1 [,"f.w} i f.?[.".']']h".'l.'

/(%) PO

Ciu8. [NB.GT] Cho ham sb lién tuc trén  va co Tinh

I =
A L=5 B. [ =36 c. 4, p. /=13
Loi giai

{= [ fic)dy ={ F i )do [ flo)dr=9+4=13.

Ta co:
f)=2"
Cau 9. [TH.TD] Nguyén ham ctia ham so la:
2.\’
A 2 In2+cC. B. i c. 2" +C. p. In2
Loi giai
Céau 10. [TH.TD] Ham s Flay=x"+5 1y nguyén ham ctia ham s
flx)= - S+
A f(0=3 B 4
. oL
(v)=—+5x . -
C. Fx) 4 D. Filal=3x + 50
Loi giai
c f(x)=3x"+2x+ 5

Cau 11. [TH.TD] Ho nguyén ham ctia ham s6 ~ ) la

A X HXT 45 B X +x+C C. ¥ +x 45x+C p ¥ +x’+C

Loi giai
e | M)A = (3702w S)dv= a0 i SaC
aco - : . : .
3sinx+ 4cosajda

Cau 12. [TH.TD] Tim nguyén ham Je |

A Sx+dsiny—3cosy+C. B.—4sinx+3cosv+ C.

C.4siny—3cosxy+C. p. —12sinx+Y%cosy+C.

Loi giai:
Chon C

. [{3‘ sinx+ dcosy)dy= 5‘[51’11 xdy= 4[&35_&11‘: —dcosxy+4dsiny+ C
Taco - : : .
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Phan II. C4u tric nghiém ding sai. Thi sinh tra 10i tir cdu 13 dén cau 14. Trong mdi y a), b), ¢), d) & mdi
cau, thi sinh chon ding hodc sai.

S L N T - I T T L ) B .
Cau 1. Cho ham s§ =/ (¥} =510 V3 cos: . Xét tinh dGng sai cta cac khang dinh sau:

j__.l"f.x']l dv = Iain vdy+ \E.jm:& v ody

Isjn vdv=—cos v+ O

a) [NB.TD]

b) [NB.TD]

¢) [TH.TD] J--”"']' dv = cos ¥ —Bsiny +C |

2442 -6
2

I__f'f.x'} dx =
d) [TH.TD] *
Loi giai
Chionl) Biing]b) Biing] ) Saild) Ding:
I__f'f.x'} dv = jsjn v+ ﬁ.fm:e oy

Jsjll vdv=—cosy+C
b)

suy ra ménh d¢ ding.
suy ra ménh dé ding.
J__ﬁ.‘.r} dv = j:ﬂjll vy + ﬁ.fm:e vdv = \E:ﬁjn v —cosy +C R L.
suy ra ménh d¢ sai.
I_;"fﬁ.']l dv = {ﬁsjn X—COSX ]‘_ = | ﬁ:;in——ma— | —| ﬁwn——mai |
d) -
i 26346

2 2 suy ra ménh dé ding.
v = 20245 +2025.

.

Cau 2. Cho ham sb 1 {x] -

e f(x) Ix —2024x + 2025
a) [NB.GT] Nguyén ham cua ham s6 - la
I ; i
7 (%) F(x)=—x"=1012x"+2025x.
b) [TH.TD] Mt nguyén ham cua ham so6 - la 4
¢)  [THLTD] Nguyén ham () cia ham s6 ) hoa man F(O=3 4
I

Fx)=—x"=1012x" + 2025z,
4

3
A

Jl

%_

S p = —
d) [TH.TD] Tich phan ° 4

Loi gidi

: 32024 + 2025y

a) Nguyén ham ctia ham s Y x) la »[“ 2024 +2025)ds

b) Mot nguyén ham ctia ham s6 -
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F'(x) =f]1.1.'4 —1012x%7 +2025x)" = ¥’ —2024x + 2025
¢) Nguyén ham F(x) ctia ham s6 j(x) thod man F(O):3 la
F(x)= L 10120 42005y = F(0)= Lot Z10120° +2025.0 0.
4 4
| - [ -
J._f'(_y Jlx = -Hl':u‘ Jf(x Jx :J v =2024x + 2025y = -H!.‘u‘
d) Tich phan * * Taco: *

Vayddp'én ) Saillb) @ing.|c) sailld) ding!

Céu 3. Cho cac ham sb S(x)-gn) lién tyc trén | . Xét tinh dung sai ctia c4c khang dinh sau:

3
) INB.TD] Néu) T (=2 I 3

[ F()dr==3  [e(x)dv=3 _ [[2/(x)-3glx)]dr=—15

by INBTDING )/ ()4 =73 , Je(¥)dr=3 o [12/ (x)=3a(v)dv=-15
I__f'[.r] dv=10 [3," (x)dr=18

¢) [NB.GT] Néu' thi °

P 7 TENE R, T J

d) [THLTD] Néu | (F)1=+ # 27 s
Loi gidi
a) Sai: Ta co [ }di_q[ (¥)dv=3.2=0

b) Diing: Ta c6 [[2/(x)-3g(x)]dr=2.(-3)-33-13

{ }dx—"t[ x)dr = j f{x)de=-3.0=-18

¢) Sai: Ta co 3 |
”"‘ i "r:|dr: - —r"—l.r: Jdux |'I|{.r" i E.x':}d.r:%
d) bung: Ta co - =2 -

Vay dép an =) Sai,|b) -c) -d) -

1 Xy ":—':
Cly=—x +12x Vé{P}.j. X

Cau 4. Cho hai duong cong .Goi S 1a dién tich hinh phang gidi han boi

v==3a=4(C) . (P) w4 . , Pt S
T va . Xét tinh dung sai cua cac mé¢nh dé sau:
[(=x"+ 12v)dv = 1.

a) [NB.GT] -

{l’—.r; i 120)dx If—.".'; F12x0)dy = If—.t‘a P12
b) [NB.GT] o

S= H1 -x° —13.1‘|dr

¢) [VD.TD]
97

d) [VD.TD] 12 .
Loi gidi
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[[—.'.,"‘ } ]jl.]'dl. =1,
a) Sai vi -

[(=x s 120de s [(—2 1 120dv = [(— + 120)dr.

b) Bing 0

¢) Sai vi
S= Hx —x —]1.x'|d.r:[ X —x —]2.r|d.r | |-|u —x —12x d.r:L;T—L;I | E = L}i?
d) Dlng vi S 5 0 4 - 12 .

Vay'dépidnla) Saislb) @ing.]c) saild) ding!

Phan III. Dang tri 16 ngin (Trong cdc cdu héi sau, méi cau héi hoc sinh trd 10i két qua tim dwoc)

Frosy b cos iy

/= [—dl.
Cau 1. [TH.TD] Tinh tich phan sau: 4 COS X

Loi giai

L[L:L'IS.'-.' i L:L153.x'd ;
A =

dx = [ 2 cos 2xdy = (sin 2x }|T =1
CoS ¥ ) CoS ¥ ) 0

; |- Jeosycos 2y

|7-4x" khi 02x<]

.'r. |: X }: _—
CAu 2. [VD.TD] Cho ham s l -0 khi w1 dién tich hinh phing gi6i han bos db thi
ham s6 7 () va cac dudng thang * = O.xr=3v=0
Loi giai

§=[(7-4x o [(4- 2 )ee [ (-4 )dx

Ta co: E ! :
—_— I . ' A .".'; 12 . /
= |[.' X X }|-| ‘ —]'.". _T I|||

%““H =0+ 4—;—3—;- Nle.

¢

11' ——
Cau 3. [VD.TD] Tinh thé tich khoi tron xoay khi quay hinh phang (#) gi61 han bdi cac duong 2
y=0 vy ¥=-Lx=1 quay quanh truc hoanh (tham khdo hinh duéi day). (két qua dé duéi dang sé thip
phdn va lam tron dén chiv sé thdp phén thir hai sau dau phdy)

b

Yi
\
1
1]\ .
| !
1
| 5
i 1 : |
} —
+1] o1,
\ 1
\/’ 1 :
\-~\ [N
N \
~ 1
\\ ]
N,
.
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Loi giai

o oo o)

Thé tich khdi tron xoay la: = ! ’ .

Cau 4. [VD.TD] Cho db thi ham s = “*>* va hinh phang duoc t6 mau (nhu Hinh 6 dudi ddy). Tinh dién
tich hinh phang d6 (két qua dé duoi dang so thap phdan va lam tron dén hang phan muoi).

Loi giai
Hinh phing di cho dwoc giéi han boi cac dd thi ham sé V'~ COSX V=X va hai duong thing
x=1x=3 Khido dién tich hinh phing dugc tinh theo cong thirc
i
S = [|cos x — x| dx )
1 . Vi chosx,Vxe[l,3] nén ta co:
3
=4-sin3+sinl~4,7

3 x2
S=[(x- dr=| —si
!(X COSX) ( 5 sme

Pap an : 4,7

1

Cé:lu 5. [VD.GQVD] Mat cit clia mot ctra ham ¢ dang la hiqh phéng gidi han boi mot parabol va duong
thang nam ngang nhu hinh sau. Tinh dién tich cua ctra ham (két qua dé dwoi dang so thap phan va lam tron

dén hang phan muoi theo don vi m’ ).

6 m
A |
3 6 m o
Loi giai
N y=——x'+6 S =0
Ta dé dang tim dugc parabol 1a b va duong thing nim ngang 1a »' =

—_—— ._I._." =11 P _':_"l: = ?‘f"l P e o I\

Phuong trinh hoanh d¢ giao diém la:  ©
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5= H—%x 1 lf:l}h: [—%1 1 lfHJ

° 48
= = )
Dién tich cta ctra hAm 1a: 0 (m )
Cau 7. [VD.GQVD] Mot bé chtra nhién liéu hinh tru qat nam ngang, co chiéu dai 5m, co ban kir}h day Im.
Chié€u cao cua muc nhién li¢u l1a 1,5m. Tinh thé tich phan nhién li¢u trong bé ((ket qua dé dudi dang

. . . . 3
50 thdp phdn va lam tron dén chik so thdp phan hang phan chuc theo don vi ™ ).
LOI GIAI
. . I = B-J’F:S;r(nl"}
Thé tich cua ca bé nhién liéu la .
4 . N .
Goi ' la thé tich phan trong nhién liéu trong bé.
Chon hé trye " nhu hinh vé.
S -Iy
A B
H
X
0

Ta co6 dién tich phﬁn to dam la
i L

s=2[|\I-+ -

0% A il ] T
T — S 5 .. (BB B
_ —ain? I T A oM | NSNS R NS
—“j:mfl sincfcoss -de 5 H!cns;dr 5 Hhﬁ 4}‘ R

=) 2 e 2B s

. o . L34 34
Vay thé tich phan trong trong bé 1a '
V =V -V =57— E—E‘qzllﬁ(m"}
4;

Vay thé tich phan nhién li¢u trong bon 14
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PE ON TAP GIUA HQC KY II

NAM HOC 2025-2026
MON: TOAN 12

Phén I. Tric nghiém nhiéu phwong 4n lra chon. Thi sinh tra 10i tir cAu 1 dén cau 12. Mdi cdu héi thi
sinh chi chon mot phwong an.

7 oC
la mot nguyén ham cua ham so nao sau day trén khoang (0:-+20) ?
I

Cau 1: Ham s Flx)=lnx
: I : l .y 1 .
f ()= f(x)=—. f(x)== f(x)=-=
: X B. X C. X D. X
" A s v vz flx)=sinx+3
Cau 2: Ho nguyén ham cua ham so * * la
A. cosx+C. B. cosx+3x+ C. C. —Cosx+3x+ D. —cosx+C.
CAu 3:Mot nguyén ham cia hamsé € +¥ 1a
e+ X 200s. ¢+ L2028, | i
A. 2 B. 2 C. —¢ " +2x. p. € +2x+2025
f(x)= |
. A= — =2 .
Cau 4:Biét F(x) la mgt nguyén ham cua 1 vy F(0)=2 thi F(1) bang
A, In2. B. 2+In2. C. 2. D. 4
| £(x)dv =3 [[4/(x)—5dx
Cau 5: Cho * .Khido © bing
B. 2. c. 7 D. 10.

A 3.

Cau 6: Dién tich cua hinh phéng gidi han boi dd thi ham s6 V'~ 3 , truc hoanh va hai duong théng x=0 ,

x=213
S= ;:j 3 dx. S= |'% du.

C. D.

S= I3 dx.
B. {
, phuong trinh nao dudi day 13 phuong trinh mat phang di qua

= 7|1 dx.

A. !

Cau 7: Trong khong gian véi hé toa do Oxyz

. A(1 2 —3) c on=(1:=2:3
diém All:2:-3) va co vecto phap tuyén n= "'}?
A x—2y+3z-12=0 B v=2y=-3z+06=0
C x=2y+3z+12=0 D y=2r=3z-b=10

1’ . 4.2 1 (2 1: ’ . .2
Cau 8: Trong khong gian O%7Z, tho hai diém ' L2:0) B2:L0 }. Mit phing di qua diém B va vuong goc
v6i duong thang AB ¢6 phuong trinh 1a
Iy—p—-— 5=
A. N—py—-—I—a= 0. B. X
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c. Xt3y+z-5=0. p, Jx—y-z+5=0.
Cau 9: A . Oxyz, . R . 2 B(2:1,-3) 4 oA .
au 9: Trong khong glan phuong trinh cua mat phang di qua diém dong thoi vudng goc

Mo 4 3z = N v —p4 o=
() y+ 3 [lva[{_.i']._.. y+z=0

la
dy=5dr=3z-12=0.

v6i hai mat phang '
dridy+3z—-4=0

A. B.
C. dx-5p+3z+06=0. D. dx+5y-3z-22=0.
‘ R T T g (O Sy—3p—1-—-T =
Cau 10: Trong khoéng gian OXZ: ¢ho hai mit phang (F7):20=3yi2-4=0 va (Q):3x=3r=22-3 [].
Khi do hai mit phang (") va (©)
A. song song v&i nhau. B. cit nhau nhung khong vudng goc.
C. vudng goc voi nhau. D. trung nhau.
ab 2 A3 —'
Cau 11: Trong khong gian Oxyz, cho ba diém A(3:0:0), BO:1:0), (0 . Mat phang (AB() co
phuong trinh la
R L L) A
Ad -T2 B.} 1 -2 c.’ 1 2 p. 3 I 2
A A . Oxyz S 2 - (er):ix+ v+ 2241=0,
Cau 12: Trong khong gian > cho hai mat phang song song v4i nhau *
f PN T T g - 1= . B N
(A): 2o 2y 442-3=0 . Khoang cach giira hai mat phang (@) va (5) bang

4 2

5 1
A VO B. Vo c. 26 p. 26

PHAN II. Céu tric nghiém ding sai. Thi sinh tra 10i tir cAu 1 dén cau 4. Trong méi y a), b), ¢), d) & méi

cdu, thi sinh chon dung hodc sai.

Flx)=x

Céu 1: Cho ham s 0y mot nguyén ham cua ham sé Y ()C)

J_I ) =10,
b) !

) . _ (AN 3 — 2
¢) Ham so G(x) cling 12 mdt nguyén ham cua y (x)Vé G(]) 3 thi Gl4)+G(2)=30.

=F(x)

d) Thé tich cta khdi tron xoay sinh ra khi quay hinh phing gi¢i han béi d6 thi ham s va

625
— .
truc Ox quanh truc Oxppa 6

Cau 2: Mot ca nd cao toc di chuyén trén mat nude voi van toc v(t) (don vi: ki | ;,{”,;) trong khoang thoi
gian 20 phut , v6i t 1a thoi gian ( don vi: phat) ké tir lac cand bat dau chuyén dong. Ham s van tdc cua ca
no6 duoc cho bdi

" 0,5, n=t<2
vitl= 4 | < 15

‘_—1—[‘1.1.& I:

2y
5 Et=20

4 . '/'( f— \ = 5 .lq. I i
a) Van toc cua ca no tai thoi diém r=113 0,5 Az *”””'r].

b) Quing dudng ca nd di chuyén duoc trong 2 phiit dau bang Lkm
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¢) Muoi phat cudi ca nd di chuyén duoc 8km
o
| )
d) Gia tri trung binh cia ham s6 lién tuc J(x) trén doan [a;5] S
L 775 (km ! phit)

duogc dinh nghia la

Vin téc trung binh cua ca né trong 20 phut 1a [

A32:0LBi(1:3:-2)

Oxyz

Cau 3: Trong khong gian , cho hai diém va mit phing (P) c6 phuong trinh
;

x+2y+3z-0=0

H=(=2=20-3) 13 ar o . £ oo oo (P)
a) " 1a mdt vécto phap tuyeén cua mat phang

b) Piém 4 khong thuéc mit phiang (P ).
¢) Mit phing (@) di qua diém4 va song song voi mit phing (P) c6 phuong trinh

2x+2y+3z2-12=0.

O, 0v,0z M,N,P

d) Mat phéng (R) chira diém B, cit cac tia lan luot tai sao cho

OF = 20N = 40M thi thé tich cua khéi t&r dien OMNP bing 64

Oxyz 1(-2:1:1) B(5:2:3)

, cho hai diém ,
Oxz)

(Oxz) 1A H(Ul“) .

Cau 4: Trong khong gian véi hé truc toa do
a) Hai diém 4B gim cung phia v&i mat phéng(

b) Hinh chiéu vudng goc cua diém 4 trén mit phang

A'(2:1:-1) (Oxz)

¢) Diém d6i xtng v6i diém 4 qua mit phang

126

d) M 1a diém thudc mit phang (0x2) a0 cho MA+MB ngén nhat . Khi d6 d6 dai OM bang 3

Phén III. Tra 1oi ngin.

Cau 1: Mot bdn chira nudc ¢o dang hinh tru vi chidu cao 27 va ban kinh day "™ . Luc diu bdn chira
day nudc. Nguoi ta tien hanh van van ¢ ddy bon dé xa nudc. Ké tur khi bat dau xa nudc, toc d§ thay doi

. t 2
, , i =5--< ‘
chiéu cao ctia muc nudc trong bon theo thoi gian 13 <23 (m/phut). Sau khi xa 5 phut, trong bon

con bao nhiéu lit nude (két qud lam tron dén hang don vi)?

Céu 2: Khi nghién ctru mot quan thé vi khuan, ngudi ta nhan thdy quan thé vi khuan d6 o ngay tha  c6 sb

. K000
.1". 'l:f}: —_—

N con. Biét rang toc do phat trién cta quéan thé d6 1a ! va sau ngay thi nhét (/=1) ¢

lwong
250 nghin con. SO lugng vi khuan sau 10 ngay 13 bao nhiéu nghin con ( lam tron dén hang don vi).
Cau 3: Hinh dudi md phong phan bén trong ctia mot chiu cdy c6 dang khdi tron xoay tao thanh khi quay

RN

mot phan cta do thi ham sb 2 voi O=X=4 guanh truc hoanh. Biét don vi trén cic truc
decimet, thé tich phan bén trong (dung tich) cua chau cay la bao nhiéu lit (két qua lam tron den hang don

vi)?

Ox, Oy la
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y

4
3
2

a) b)

Cau 4: Mit cit cia mot ham c6 dang 1a hinh phing gi6i han boi mot parabol va duong thang nam ngang

A s , , Y sy omt 14 ) 1y . O A .
nhu hinh. Tinh dién tich cua ctra ham.( don vila ™ | két quad lam tron den hang phan muwor)

——

- 10m ——————=
. . 2 Al 6= 32 .
Cau 5: Trong khong gian voi hé toa do Oxyz , cho diém hai AL6;-7), B(3:21) . Mat phang trung tryc cua
doan thing 48 ¢6 phuong trinh 1a “* byt ezt I8=0 pp a—4b+3c,

Cau 6: Trong khong gian véi hé toa do Oxyz (don vi trén mdi tryc toa do 1a mér), mot ngdi nha nhu hinh vé
dudi day co san nha nim trén mit phing (Oxy ). Hai mai nha lan luot ndm trén cac mit phing
(P)r—22+ II‘I:[]Vél (O):x+ 2z-10=0

“Tinh chi€u cao cua ngdi nha (khoang cach tr mot diém cao nhat
nam trén mai nha dén mat san).
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HUONG DAN CHAM

PHAN I: Tric nghiém nhiéu Ira chon

1 2 3 4 5 6 7 8 9 10 11 12

C C A B B B C A D B B C

PHAN II: Tric nghiém ding sai

Caul Cau 2 Cau 3 Cau 4

2)S-b)D-¢)S-d)D | a)D-b)D-¢)S-d)S | 2)D-b)D-c)S-d)S | 2)D-b)S-c)S-d)D

PHAN III: Tric nghiém tra 1oi ngin

393 268 104 43,3 21 4

LOI GIAI
PHAN II. Ciu tric nghiém ding sai. Thi sinh tra 1oi tir ciu 1 dén cau 4. 7 rong méi y a), b), ¢, d) & moi
cau, thi sinh chon dung hodc sai.

Cau 1: Cho ham sé T4 =" 1 0=0 15 mot nguyén ham ctua ham séf (x)

“

R

— =+ O
3

flx)=
a)

l-.F'|

J_ﬂ ¥y =10,
b)

¢) Ham s6 G(x) cling 1a mét nguyén ham cua f(x)vé G(1)=3 thi @ (4)+GM2)=30.

d) Thé tich cta khdi tron xoay sinh ra khi quay hinh phing gi6i han bsi db thi ham s ¥ =F() ya
625
—
truc OX quanh truc Ox1y 6

.
Gidii: 2) Sai | (¥ =2

[ £y = [(25+ Detr=10.
b) Piing "
¢) Sai
(;[.f]‘:.ﬁ;: S (Jl:]}:}:}(_":] ::*(.;[.1'}2_1': Cr

b

G(4)=21,G(2)=7 = G(4)+G(2) =28

b
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r=—3
Fix)=x i x-0=0&|
d) Pung: T
025
=af (i r—0)dv=—"x
¥ i

Céu 2: Mot ca nd cao toc di chuyén trén mat nudce véi van toc v(?) ( don vi: han phur) trong khoang thoi
gian 20 pht, véi t 1a thoi gian ( don vi: phut) ké tir lac cand bat dau chuyén dong. Ham so6 vén toc cia ca
no duoc cho boi

" 0, 5¢, 0=t =2
vidl=q 1, 215
‘_4—[].2;. 15 =t=<20

a) Van tdc cua ca nd tai thoi diém 7=11a 0. 3(ka | phit) .

b) Quing dudng ca nd di chuyén duogc trong 2 phut ddu bang lkm
¢) Muoi phiit cudi ca nd di chuyén dugc 8km

1 ; [ )
d) Gié tri trung binh cua ham s6 lién tuc J(x) trén doan [a:5] dugc dinh nghia 1a v

Van tdc trung binh cua ca nd trong 20 phut 1a 0.775(km { phiit) .

| 0.5t =1
b) Pung -
5[ Ta-020d=17.5
¢) Sai 15
| - o | 2 ] 15 i _
o= i [_'.,'}[."_'-_‘_ = — ! [_'-_'}[."_'-_' . Fix :|[|'I.".' } ) ! [.".'][f'.'-_' =0.825
d) 2010 [ ' 1[][*[ ' [ [ ] km | phit
. Af3 £330 ,
Cau 3: Trong khong gian Oxyz) cho hai diém 4 ="U) B(1;3,-2) va mdt phang (P) c6 phuong trinh
Qi+ 2y43z—-0=0
S N TR TR 7 2
a) "~ (=223, mot vécto phép tuyén cua mat phang (P).

b) Piém 4 khong thudc mit phang (P )
¢) Mit phang Q) di qua diém4 va song song v&i mit phing (P) c6 phuong trinh

2x+2y+3z-12=0.
d) Mét Phéng (R) chira dlém B’ Cét cic tia {),\'.{)1"{'): lé\ln lujort tai ‘Vf,“\,P
Gidi a) Dung
b) Pung
Yorp ¥ - _
¢)Sai (P); 2x+ 2y +32-10=0.

sao cho

OF = 20N =40M = c=2b=4a
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c v -

Bil:3-2)=(R) _XI : 1_ f E=]_X o=
32

_ 1 3
M2:0:0), N(0:4:0), P(0:0:4) — T = g OMOVOP= =

. 21 5-9-
Cau 4: Trong khong gian vdi hé truc toa do Oxyz , cho hai diém A(=2:11) 5(5:2:3) .

a) Hai diém “4Z nim cing phia v6i mat phing (Oxz)

v 2 : c 0:1;0
b) Hinh chiéu vudng goc cua diém 4 trén mat phang (Oxz) la H(0:1:0) .

. (2:1:=1) .; . , .
¢) biem A'(2:5-1) d6i xtng véi diém 4 qua mit phang (Oxz)

J26

d) M 13 diém thudc mit phing (Oxz) sao cho MA+ MB ngin nhat . Khi d6 d6 dai OM bang 3 .
Gidi a) Dung

()
bysai  7(H0)
AP .
osai  ACETED,
a) M= (Oa)= MEEUD) - g6 ximg voi diém 4 qua mat phing (O%%) nen

MA+MB=MA"+ MB= A'B

Déu 2 Xé.y ra khi M , A . B = A'M. AR

A'M = (a+ 21:h—1)

thang hang cung phuong

AB=(732)

o=

Ladi | v

J2o
2

1 5
=M= D)= 0M =—"
3 3

|
=

Lad | W

Suy ra
Phén III. Tra 1oi ngin.

Cau 1: Mot bon chira nude cé dang hinh tru véi chi€u cao 2m v3 ban kinh day 0,5 M Lac dau bdn chira
day nudc. Nguoi ta tien hanh van van & ddy bon dé xa nudc. Ke tur khi bat dau xa nudc, toc d§ thay doi

; t 2
. . ||I|I flr} — ? - .

chiéu cao ctia muc nudc trong bon theo thoi gian 1a = 2 (m/phut). Sau khi x4 5 phut, trong bon
con bao nhiéu lit nudc (két qua lam tron den hang don vi)?
PS: 393

P L.
hit)= [ﬂ'i' (ki = ——=t+C

. 3003
7

I . —_— r - - j
h)=2=C=2 > e 30 5!

- NP - .
hS)l=—=1 =705 . —=—=(m") = 393(dm ")
2 0A

b | —
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CAu 2: Khi nghién ctru mdt quan thé vi khuan, ngudi ta nhan thay quan thé vi khuan dé & ngay thir 7 ¢6 so

2000
V=20

N con. Biét rang tc do phat trién cta quan thé d6 1a ! va sau ngay thi nhét (/=1) ¢

luong
250000 ¢on, Tinh sb lugng vi khuan sau 10 ngay (két qua lam tron dén hang nghin).
DS: 268

V()= [ M)t = 8000.In |+ €

Tir gt N{1y= 230000 — = 230000

Nt = [Hﬂﬂﬂ_]n|r| L 250000

N(10) = [mrm_ln [10]+ 230000 = 268 420

Céu 3: Hinh dudi mo phong phan bén trong ctia mot chau cay c6 dang khdi tron xoay tao thanh khi quay

3
mot phan cua do thi ham so6 2 véi 0=x <4 quanh truc hoanh. Biét don vi trén cac truc 9% 9 1a
decimet, thé tich phan bén trong (dung tich) cua chau cay la bao nhiéu lit (kéet qua lam tron den hang don

vi)?

a) b)

DS: 104

. 3
f':f[ (o + =)V dy =337(dm’)
di 2’ .’“’104(11'[)

Cau 4: Mit cit cia mot him c6 dang 13 hinh phing giéi han boi mot parabol va dudng thing nam ngang

Y , , Y sy omt 14 ) 1y . O A .
nhu hinh. Tinh dién tich cua ctra ham.( don vila ™ | két quad lam tron den hang phan muwor)

---Y

DS: 43,3
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B
6.5m
4 h ¥ >
—_————— 10m ——
LA R (P):v=ax +c
Gan hé truc toa do Oxy , pt parabol
13 13
(0—le(ff=e=—
2 2
- 13
(50)e(P)=a=——
30
PR B 130 .
. 13 . 13 5= f—i—.r' F—ifr=— =43, 3(m)
:}[.-Iﬁ]'-_l —_E.". t ? J-{ 0 2 3

Cau 6: Trong khong gian véi hé toa do Oxyz (don vi trén mdi tryc toa do 1a mér), mot ngdi nha nhu hinh vé
dudi day c6 san nha nam trén mit phang (Oxy ) Hai mai nha lan luot nam trén cac miat phang
(P)ix—2z4 ﬁ:DVé (OQ):x+2z2-10=0

nam trén mai nha dén mat san).

“Tinh chiéu cao cia ngdi nha (khoang cach tr mdt diém cao nhat

bS: 4

Diém cao nhat ciia mai nha ndm trén giao tuyén cua hai mit phang (P).(Q)
ChOIl .erl' }.'—]'ll' = I:‘F}I"_\.l f(}}

d(M . (xOr)) =4

Chi€u cao cua ngdi nha la

PE 10 PE ON TAP GIUA HOC KY II
NAM HOC 2025-2026
MON: TOAN 12

PHAN I. Céu tric nghiém nhiéu phwong 4n lwa chon. Thi sinh tra 10i tir cau 1 dén cau 12. Mdi cau hoi
thi sinh chi chon m{t phuong an.
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. M(3:0:0) N(0:-2:0 ?(0,0:2 7
Cau 1. Trong khong gian v6i hé toa do Oxyz , cho ba diém 1(3:0:0) , Vi } va P00 ) Mat phang
VN,
(MAP) c6 phuong trinh la
* L ¥ LIy ol Iy
A3 22 B.3 2 2
i.L-i:] i'l_'iz]
c.3 -2 2 pD.3 2 =2
. v o g [ (x)=cosx
Cau 2. Nguyén ham cua ham s0 - la
A, —sinx+C B. sinx+C C. —cosx+C D. cosx+C
Cau 3. Trong cic ham s6 sau, ham s6 nao c6 mot nguyén ham 1 ham s6 F “}: lHM?
. X .y 1
U= fly)=—. f(x)=—. ey = |+
JNEAC Y g =3 IRAC) b /(=]

Cau 4. Cho ham s f(x) lién tuc trén khoang (_2; 3). Goi F(Y) la mét nguyén ham cta f(x) trén khoang (_2; 3).

< T/ (e)s 22
Tinh . ,biét F(—]):] v F(2)24

A 1=9, B. /=6, c. =3, p. [ =10,

) I IR
Céu 5. Cho biét F(x) 13 mot nguyén ham caa ham sb I (x) Tim ! _*I-[_Jr ) ]]dn )

=2F{x ) O :ﬂ"l."-.".' Fr+ O
A, =217 I:-.} l (. B.F _.fl:_.} 'f_'
C. i = jf['.} o+ O . D. f=2xF [ .,} 1+ C '
L
J‘B"'dx
Cau 6. Tinh tich phan °
2 3 2
A. 5. B. 2In3 C. In3 D. In3,
O_xyz .-'l'f{.::.—l'.—l] |: .Ir‘} . 3.1.'—_1' F2=44=0

Cau 7. Trong khoéng gian vdi hé toa do , cho diém va miat phang * . Phuong

: . . P
trinh nao duéi day 1a phuong trinh mit phiang di qua M va song song véi ( ) ?

Al [(_}} 3v _1'—1:—]—1 =0 . B. [{_}} 3.1.'—_1' t2z—6= f].
C. [:{_J}:3.r—_1-—1:—(*|=ﬂ' D. (@):3x—p+2-+0= [”]‘
. j_f'q.w:ir: 2 If';.w:!x: 7 j.)"(x)dx
Cau 8. Cho ham s6 J (x) lién tuc trén doan [0:6] Néu va ! thi ¢ c6 gia tri bang.
A. 7S, B. 9. C. 3. D. 9.

Cau 9. Trong khong gian vai hé toa do Oxyz , cho mit phing (P): 2x—2+1=0 Toa 6 mot vecto phép tuyén ciia

mit phang (P) la

A n=(2:(l:|j. B. aa:[j:—]:ﬂ}' C. HJ={2:(P:—]_‘,I. D. n=(21-1:1)
e _ . R T
Cau 10. Trong khong gian véi hé toa do Oxyz , cho ba diém (5 1), B( 1’0’4),{—‘{0' - l-}. Phuong trinh nao
sau day 1a phuong trinh ctia mit phang di qua 4 va vudng goc BC
A x=2y=52+5=10 B v=2y=5z-5=1
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C v=2y=>53z=10 D 2y—y+3z-53=10
1
y=- . x=lxy= .
Céu 11. Goi H 1a hinh phang gi6i han boi d6 thi ham sé X | truc hoanh va hai duong thang * ~ L¥=2 T4 tich

V' ciia khéi tron xoay tao thanh khi cho h1nh phang # quay quanh tryc Ox 1y

P 1
- _,r — Vo= | —dx V=
R | (x J- ax C J.\'H D '|[

- 1
f(e)de=—ihhxsC o
CAu 12. Néu [ ' véi ‘e (l’.i. 1 T]thi f (’C) 1a

fx)= —i 1 =—Jx+—+Inx

PHAN II. Cau tric nghiém diing sai. Thi sinh tra 11 tir cdu 1 dén cau 2. Trong mﬁi y a), b), ¢), d) & mdi
cau, thi sinh chon dung hodc sai.

v=flrx)= ]— -x
' 3

Céu 1. Cho hinh phing (H) gi61 han bo1 duong cong va truc hoanh. Cac ménh dé sau

diang hay sai?

[ f(x)de="-ZC
a) 3
—0
[ f () = —
: 4

b) °
9
¢) Dién tich hinh phing (/7) bing 2.
d) Thé tich khdi tron xoay khi quay hinh phang () quanh truc OX (1am tron dén hang phén chuc) bing
2,3 (don vi thé tich).

) 8 . A 3: L
Cau 2. Trong khong gian Oxyz , goi () la mat phang di qua hai diém A(1:3:4). B(2:-L5) va vudng goc voi mat
2r=3v+z+41= . A
phang ' Q): ytztl=0 . Xét tinh ding sai cua cdc ménh dé sau:
. . =(—0:-2
a) Mot vecto phap tuyén ciia mat phang ©) la (=40:=2)
AB.
b) ”“” la c@p véc to chi phuong cua (P) .
—2x+3v—-z+3=0

¢) Mit phang qua 4 va song song Vi ©) c6 phuong trinh la -
vt vt Sr—=22=1

d) Phuong trinh miat phang (P) la
PHAN III. Cau tric nghiém tra 1oi ngan. Thi sinh tra 101 tir cdu 1 dén cau 4.

. » 2 . « R _-':lI-' 5. " 3 z .
Cau 1. Trong khong gian @7 mit phing (%) di qua diém 1(5:43) va cat cac tia Ox, Oy, Oz cac doan

bav A bz e =0 g
arri=re=4 Tim gia tri cia € ?

flx)=1+3"1In3 i FO) =1

bang nhau c6 phuong trinh 1a *

Cau 2. Goi ') 13 mot nguyén ham ctia ham s6 tinh D)

" P S 2 n f g . R 1 A 1s D=x=3
Cau 3. Khi cat vat thé boi mat phang vuong goc voi truc Ox tai di€ém c6 hoanh d6 1a ¥ ( 3)

ta dugc mit cit 1a mot hinh vudng c6 canh 1a v 9-x (xem hinh dudi).
Tinh thé tich cta vat thé da cho.
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¥
'
; S(x)
i
1
JUETEEEFEREEE TETTPERRES
’¢/\/ 9— 152
T
o x 3 -

Cau 4. Mot chiée 6 t6 dang chay véi van toc I5m/$ thi nhin thdy chudng ngai vat trén dudng cach d6 207
nguoi lai xe hAm phanh khan cap. Sau khi hdam phanh, 6 t6 chuyén dong chim dan déu véi van toc

! . = -2 T S v (s . . . .
W)= =3 Istm /. }, trong d6 7 (giay). Goi g(t) la quang duong xe 6 t6 di dugc trong thoi gian 7 (gidy)

ké tir lic dap phanh. Hoi tir lac him phanh dén khi dimg han, 6 t6 di chuyén dugc bao nhiéu mét?
PHAN IV. Céu tw luin. Thi sinh lam bai tir cdu 1 dén cau 3.
Céu 1 (1,0 diém).

F(x) < f{x)=1+tan" x bidt 4/

Tim modt nguyén ham ctia ham so
CAu 2 (1,0 diém).

Mot ngudi tho gém st mudn thiét ké mot cai binh hoa béng cach

quay hinh (H) (phan gach chéo trong hinh v& bén) quanh truc
AB  Hinh phing (1) 13m trong hinh chir nhat ABCD | gidi han
boi céc doan thing M-8 (M.P 13 hai diém 1an luot thude cac
canh AD.BC , MPIICD), cung tron MN (c6 tam 14 trung diém
cia doan thing A4E) va cung parabol NP . Biét A5 =5dm |
AM = BE=1dm  Ti&p tuyén cta cung tron va cung parabol tai
diém A la tring nhau. Binh hoa d6 c¢ thé tich bang bao nhiéu 1it?
Két qua lam tron dén hang phan chuc.

D
Ciu 3 (1,0 diém).
A(2:4:-2) B(—4-3-3) C(—4-L3) D(4-4-3)

Trong khong gian Oxyz , cho bdn diém , , . Viét phuong
trinh mét phang (P) di qua hai diém 4, B va song song v6i duong thing CD .
----------- HET -
DAP AN

<

C/B|C/BICIDB/A|C|B|D|C

PHAN II (2,0 diém). M&i y 0,25 diém

a b c d
Caul b b S S
Cau 2 D b S b
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PHAN III (2,0 diém). Mdi ciu 0,5 diém

Caul -12
Cau 2 13
Cau 3 18
Cau 4 37,5

PHAN IV. TU LUAN (3,0 diém)

Cau

N¢i dung

Pieém

Tim mot nguyén ham F(¥) ¢ga ham 56 /1) =11 tan , biét

1,0

F(x):J.(1+tan2x)dx:J. ! dx=tanx+C

COS2 X

0,5

F[Zj:2<:>tan[zj+C=2<:>C=1
Ta co 4 4

0,25

0,25

Mot nguoi tho gdm st mudn thiét ké mot cai binh hoa bang cach quay hinh (#) (phan

gach chéo trong hinh v& bén) quanh truc 458 . Hinh phang (#)

nhat 4BCD | ¢iéi han boi cac doan thing AM ,BP (

AD,BC

nam trong hinh chi
M. P 13 hai diém 14n lugt thude
cac canh MP/ICDY cung tron MN (c6 tam 1a trung diém ctia doan thing
AE) va cung parabol NP Biét AB=5dm =AM =BE= ldm Tiép tuyén cua cung

tron va cung parabol tai diém N 1a tring nhau. Binh hoa d6 c6 thé tich bang bao nhiéu
1it? K&t qua lam tron dén hang phan chuc.

1,0

Y,

D C
y = f(x)

y = g(z)

[

)
O I E B x

Chon hé truc Y% sao cho gbc toa d0 O trung voi diém 4, tia OX trung véi tia 4B,
tia O tring véi tia 4D
Tacs IM =NOM* +0I* =2 +1? =5 =>R=1/5

Phuong trinh duong tron (©) tam 1(Z0) pan kinh R = Vs la
2 2 2 2
(x=2)"+y =5 hay ¥ =5-(x-2)

0,25

Goi ¥ = () 13 ham s6 cua cung tron MN | khi d6

[P0 =5-(x-2)" = f(x)=4/5-(x-2)’

0,25
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Thé tich khi quay hinh phang gi6i han bai ¥ = f(x),y=0 g3 x=0,x=4 bang
44r

V, = 7Z'I: 2 (x)dx = 77_[04 (5 —(x=2) )dx = T(dm3 )

Goi ¥ = &™) 13 ham s6 cua cung parabol di qua VD 3 P51

1 x:4,x:5,d0

Nhu vdy cung parabol cit dudng thang ¥ =" tai cac diém c6 hoanh do

do

phuong trinh hoanh d6 giao diém & D=1 ¢42 nghiém * = 4x=5 0,25
Sgx)-l=a(x-4H)(x-5) <= gx)=a(x—-4)(x-5)+1
Tiép tuyén cua cung tron va cung parabol tai diém N@&D 13 trung nhau nén
@) =g@) o -a=—2ca=2
Thé tich khi quay hinh phéng gi6i han boi ¥ = & (x),y=0 y3 x=4,x=5 béng
_ 5 2 _ 5 2 2 _ 77[ 3
V2—7TJ.4g (x)dx-ﬂ_[4 (2x —18x+41) dx—g(dm ) 0as
Vay thé tich binh hoa bang ’
44 22
V=V+V, el +7_”= 2N 47,5(dm3)=47,5(1)
3 15 15
£ . (9.4 L3 [P I SR 411
Trong khong gian Oxyz , cho bon diém A(2:4-2) , Bi--3-3) , C(—4-1:3 ),
b H"_;"‘_"}. Viét phuong trinh mit phang (P) di qua hai diém 4, B va song song 1,0
v6i duong thing €D
AB =(~6,-7;-1),CD = (8;,-3;-6) 0,25
fi=| AB,CD |=(39;-44;74 ,

(P) nhéan [ ] ( ) lam vecto phap tuyén. 0,25
Phuong trinh (P) : 39(x=2)—44(y—4)+74(z+2)=0 0,25

(P):39x—44y+74z+246=0 0.25

Vay
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