uigeli.xyz

CAC DANG TOAN BAI PHUONG TRINH LUQNG GIAC CO BAN

Phuong phap: Can cha y mot sb diéu kién sau:
m Nhén dang (bién d6i) vé dung loai phuong trinh co ban, xem s6 "@" quy vé goc dep hay x4u.
m Chon va lip vao cong thirc nghiém

A.BAI TAP TU LUAN

Bai tap 1: Giai cac phuong trinh lugng gidc sau:

- \ﬁ ﬁmn[ % + 15

siny = —
a) 2 b) 2cosy = -2 c)

cot(2x—1)=cot = _ _
d) ’ ) e) sin2x+ cosdy =10 f) cosdv=—cosTx

Loi giai

ﬁ .x:T-AE,-T Y=< K2z
n}sim-:T"cxsim:sjn%f:x : (kel)e= - (keZ)

v=1-+k2x v="" k21
3 3
2z
k2r kel == Kr kel
Vay phuong trinh da cho c6 cac nghiém la va
iT
i ='T Fk2T
J_ ir - iT (ke Z)
= COSY = — —— <= COSC = 0058 — v=——+ k27
Hmﬂ——sf_ 2 4
b)
ir ir
x=—+k2m,ked x=—-—+k2m kel
4 4
Vay phuong trinh da cho c6 céc nghiém la va
,_"_ X e | el e
J_mn|_ 15 =+ L1n|5-]:.~ ._Eﬁhmlfl]:\x._mnm
c)
X - - :
— l_-=1l_-l.l"l_-.. ) )
r=30%4 E300° ke
Vay phuong trinh da cho c6 nghiém la
cot(2r—1)=cot = e dv—l=ZikmkeZ o v= i Lok Z peZ
' 5 5 i 2 2
d)
x=£-l-ﬁ— kel
m 2 2

Vay phuong trinh da cho c6 nghiém la
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Ty
- (-2)]

_ <= cosdy = —sIn2v <= cosdy = sin {2 |<= cosdy = cos
sin2x + cosdr =10 :

e)

dy="12x+ k27 =2 ok
T [ 2 . 4 _
= cosdr=cos| =+ 2x |« ;o (ke l)= (kel)
: 4.x'=—|i-21 el =T o iX
L2 ,-| 12 3

Vay phuong trinh da cho c6 cac nghiém la

cos3y = —cosTy <= cosdvy =cos( 7+ T

0
m
L

v=-T ik Zk ez
Vay phuong trinh da cho c6 cac nghiém la 2
Bai tap 2: Giai cac phuong trinh lugng gidc sau:

cos E.r-i|:lf] cos 4.1‘—i|:] cos| -y |:—]
i, l:" | 3; h 5 4
a) b) c)
-jn|1x =1 sjn|_—_|:] sin i-l_r|:—]
1Y l:" A

cos| 2w l|:U<:>21 f L mhresx=—_+_" ke
! 0 0 12 2

COS| ——x |:—]«;:=-'T—x: T+ k2T v= —
._:'.\' r b' j‘
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iT

sin| ——— |zl - _=_+4ilre=x= o Sl =
L2 >4 2 2
€)
sin| =+ 2x |:—]»;:>l =4 kdres x=—_+kake
I.Ii‘l r ':‘I j 3‘

Bai tap 3: Giai cac phuong trinh lugng giac sau:
T I
cot(2x - 10°) = —.
| J3

cot 4 = cot =
7 cot3y =-2;
a) b) C)
Loi giai
cotdr=col— > v=—idhr o r=—+ b— ke
7 14 '
a)

Il
b
=
-
0

cot3v=—-2 =0l <= 3x

b)

1 . . l . . .
=cotnl© cot(2r—10")= — = cot( 2y =10 )= cot a0~

u‘r_; ) [' ) \JE l:' )

c) Vi nén

< 2o —10=00"+ FI80% < 2y =707 4 F180°% <= v =357 4 (0% |

Bai tap 4: Giai cac phuong trinh lugng giac sau:

s T P . T o
. - il =ML fl fl
5m|3r- |:If] xe| —: L[m|_ —|=-1 .xe|———
! 5 V2 2 L2 0 22
a) voi b) v6i
Loi giai
o 2 2z T T
sin E.x'-T|=D«:>E.r-T=LT«:>x=——_ k—
x 5 5 502
a)
(7 3T T T x iz 7 ; 17
Vs | —. —_— =k — = e —
22 205 2 2 s 3 kel kei2:3}
Do nén ma nén
[47 137
YEq— 1 —
|75 10|
Vay
‘x T v T T ST
L{m|—-—|=—]<:>— =tk x=— k2
20 20 4 ]
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i “ ] o 1
Fh2m e —e —a b —
2

0

| ]

Do nén
k

kell
Mat khac nén khong c6 gia tri nao cuia  thoa man.

\ /

b | N
ra |y

Vay phuong trinh khong c6 nghiém trén khoang

Y ()
J2sind v Z|=m .\'€|0:—
! 4 L2

m 2
Bai tap 5: Tim  dé€ phuong trinh c6 nghiém

Loi giai

il ol r 1= ﬂl
Dere = leoyrlel = — -m - |_ I
2 4 4 4 2
Ta co
PR 3
.‘.'6‘0'.E £ m_]rx].'m'-_iﬁ
L2, > 2

Phuong trinh da cho c6 nghiém khi

Bai tip 6: Gia sir mot vat dao dong didu hoa xung quanh vi tri can bang theo phuong trinh

2cos| 5t— y |
| o
t X
O day thoi gian  tinh bang gidy va quang duong  tinh bang centimét. Hay cho biét trong

khoang thoi gian tir 0 dén 6 gidy thi vét di qua vi tri cAn bang bao nhiéu 1an?

Loi giai

x=0
Vi tri can béng cua vat dao dong diéu hoa 1a vi trf vat ding yén khi do ta co:
." i _ o _
Jeos| 5 — |_ rxLL‘ll-. ‘wr— |_f]e-“>‘\|' —:—-ﬁ.',Ta_“rf:_—-ﬁ.—ﬁ.EZ
o) ' ) 0 2 15 5
2T T
_ = —+ b—=0
0<t<6 15 3
Trong khoang thoi gian tir 0 dén 6 gidy, tirc 1a hay
2 W0—- 27
e — i . STl
3 I kel el 345078

vi nén .
Vay trong khoang thoi gian tir 0 dén 6 gidy, vt di qua vi tri can bang 9 lan.
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v, =500(m /s

Bai tap 7: Mot qua dan phao dugc ban khoi nong phao véi van téc ban dau hop voi
a r N r
phuong ngang mot goc . Trong Vat li, ta biet rang, néu bo qua strc can cua khong khi va coi qua dan
= — 5 ¢y vtana
2vicosTer
phdo dugc ban ra tir mat dat thi quy dao ctia qua dan tuan theo phuong trinh , 0do

e=98m/s")
1a gia tdc trong trudng.

4 124 ) 7 7 2
a) Tinh theo géc ban  tam xa ma qua dan dat t&i (tic 1a khoang cach tir vi tri ban dén diém qua
dan cham dat).

., a2 . o , 22000 m
b) Tim goc ban  d€ qua dan tring muc ti€u cach vi tri dat khau phao

a
¢) Tim goc ban  dé qua dan dat d6 cao 16n nhat.

Loi giai
|.'I = _‘-‘[][] [ m. s }. &= "}.H |'l m b" ’

Vi nén ta c6 phuong trinh quy dao ctia qua dan la
9.8 49 :
.1I = - - - - X+ '-[L”.]f-( .'II = R — T+ .".-LH ner
2.500"cos e 2500000c0s ¢
hay
—449 .
—x +xtane =0
y=0 2500000c0s ¢

a) Qua dan cham dét khi , khi do

I.-' __1|.;| )
> X ———x+ tane =0
| 2500000c08 ¢ /
=1 r=1l r=10
= 2500000c0s e -taner = | 2500000coser - siner 12500008102 ¢
o 49 - 49 o 49
x=0
Loai (dan phéo chua dugc ban).
1250000sin2er
y=—————( m}
49 '
Viay tam xa ma qua dan dat téi 1a
22000 m x=22000 m
b) B¢ qua dan trung muc ti€u cach vi tri dat khau phao thi
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12300008102 ¢ . 539
eI 200 = snler =

49 025

Khi do

[ | =1
L 1
N
L)
| WD

sinff = 625 sin2egr =sinfd
Goi la goc théa man . Khi d6 ta co:
_B
Ya=pik2r bl
=3 o p_[_i.'eZ}q_x - (hel)
Jor=g—-f+ k2= ”:,-;_,l’_: .
2 2
—49
V= —— " + xlaner
2300000c0s ¢
¢) Ham sb 1a mot ham sb bac hai ¢6 dd thi 1a mot parabol c6 toa
[(x:0))
d6 dinh la
b tanex ~ 1250000c0s ersiner
EEEE B -99 a 49
T 2500000¢08 ¢
. —49 ([ 1230000¢08ersines v 1250000008 crsine
v, =flx )= — — | | - tancr
' 250000008 ¢ 49 49
~ 1250000c0s ersin e
'I'.' — _]_L}
‘ 023000810 ¢
vV, =
. 49
Hay

02500080 e
_ e

L

Do d6, dd cao 16n nhét cua qua dan la

B. BAI TAP TRAC NGHIEM

PHAN I. Cau tric nghiém nhiéu phwong 4n lya chon. Mdi ciu héi thi sinh chi chon m§t phwong 4n.

Caul: Tim tap nghiém cta phuong trinh SiNx =0

[ I e g a ] — i l
A._‘i—,d k2a, ke i B-S ‘ha, ke
Eq '|
S=c—+&m, kell;
s )
C. [2 |. p. S=ik2m ke
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Cau 3:

Cau 4:

Cau 5:

uigeli.xyz
Taco > "~ O v=kr (ke }. Vay tap nghiém cua phuong trinh la 5=

Nghiém cta phuong trinh 2sinx+1=1073

i F LAl

x=—+k2mix=—+ k27 x=——+&2mix=
A 0 0 B 0 0
_ T ST
v=r+hklmr=—+ k27 X=——+ k2= —
C bt D. 0 0

r=—" k27 x=—ik2x
§] i
g = o -
Zsjn.r-]=lf]f:ssjn_r=_—] PRy o T=— k27
3 0 0
Ta co:
v= - k2= ik
0 )
Vay phuong trinh c6 nghiém la
sini =1
Nghiém cua phuong trinh 2 la
y=_+ k21
A X=m+k2x B. x=k21 C. 2 ] D.

X
sin—=]<
¥

Ta co

Phuong trinh 1= c0s2v =1 ¢6 tap nghiém la:

—+hkr kel
A L4 | B (k. kel c \k2mkel) D,
Loi gidi

Ta co

Giai phuong trinh 2¢€05¥ = —1 duoc nghiém la

_ |

37 R
Ald 2 B. 3

T AT =27 ke
c |l 3 3 | p | 3 |

1 2T
Jeos =1 SLosy=-—o x=:T kxm ke

Ta co
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rral]

l.:u::| X+ |=1
CAu 6: SO nghiém cua phuong trinh = 7/ voi TEXNEIT |3
A. 0. B. 3. c. L. D. 2.
Loi giai
cos| - :lzl S Y LN 5 Py =
4, 4 4
Ta co:
reo T keSS ko)
T<x<5w T4 T TN T g T g ke =ke kil

Ma nén ; vay phuong trinh da

o) [;r;S;r].

chocdo  nghiém trén

Cau7: Nghiém cua phuong trinh 08 ¥ =c0s007 3
x= 0074 & 3007

v =120°+ £180° & e v =120°4 £360°T " ©

A. B.
C. Y= 007+ £300° e p. *= 0% 4+ A 1807 ke
Loi giai
cos v =cos00% = v =200 4 L3007 F <
Ta co

J3tan Li3=0
Ciu 8: Tap nghiém S cta phuong trinh 3 )

5=]|_1_T-,q-3,¢.,q-e 1. _f;=]|—;,¢:.;-e 1
A, L9 I B. . 7 |
(x 1
‘ X S=:_+km ke
c S=i-mikinkel] b lo |
Loi giai
X X ! T RY ki
Jtin—+3i=0=tan—=—+f3=tan| — — | —==——+ o= x=—g+ £37
J__.un} 0 HE‘13 NE) Lm|‘ 1| 3 3 ke x A
Ta co
Cau9:  Giai phuong trinh Vitanx-1=0
e= T ka(ke ) NELSLA
A. 3 ' . B. o2 .
v="vkr(ke ) v=—Z ik (ke )
c. 0 ' . D. 0 '

Loi giai

ve ikl
. i 2 (he) wﬁ tanx—-1=10
bicu kién: . Taco
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- 1
B A = lany= —
‘ ) [' } Jitanr—1=0 J3
Véi diéu kién thi phuong trinh
etny=tans < x="y kr(kell) x=Ztka(kel)
0 0 ' 4y '

. Vay phuong trinh c6 nghi¢m la

Cau 10: Nghiém cta phuong trinh tany —1=0 13

=

1 ™
a 4L

.\'=£i e y=Z k2 Y= —+ ki1 x=—+kr
A. 6 2 B. 4 . C. D. 4
Loi giai
e tany=le x= z, ko kel
tany—1=0 4
Ta co:
Cau 11: Chon khing dinh sai.
A\ COST= les v k27 (ke ), . siny=—1& x:—E k2m (kell)
c fans =0 es v = k27 (ke ) b cotr=0 x= E krlkell}
Loi giai
tanx=0=x=fx (ke =
Ta co C sai.

Cau 12: Tap nghiém cua phuong trinh Sin v =2cos v |3

Varctan ¥ o | I I
Al arctan2 + kx |JL = 3 B O
(| = T N A )
o \kalks ) ftan2+ kalk
Loi giai
siny=2cosx
Ta co
~cosx =0 , )

Vi thay vao phuong trinh, ta thay v6 nghiém.
“l"':ﬂa—_.":z- ca b -
LU - E S krke tanx =2 <> v =arctan (2} + k .k €

Voi ,tacod

jarctan2 + krx|k =
So véi diéu kién ta co tap nghiém ctia phwong trinh 1a

Cau 13: Nghiém ctia phuong trinh €012% = -3 1a

/_ﬁ % _ _
¥ = arccot| —— | thrk e =T R e
L= _ B. 0 2
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Cau 14:

Cau 15:

Cau 16:

Cau 17:

uigeli.xyz

LI Sy r=——+ k. ke

c.. 122 p. 0
Loi giai
dv=-Z ke e v=- kI
cot2yv = —J_ - i 12 2 -

Ta co:
Tim nghiém ctia phuong trinh “OtY = V3 :
A =00+ k180" B, 1= 00"+ k300"
C ox=30" 1 k150" D, x=—00"+ k150"

Loi giai

cotr=+J3 < cotr=cot30" e v=30"+ £180". ke Z
Ta co:

Phuong trinh 3 0t¥ — J3=0 c6 ho nghiém 1a

= z, ki ke = z, km ke
A. O . B. 3

r= x E2xk e
c. 3 . D. v6 nghiém.

Loi gidi

J3 7
3

Jecoty— J__: 0= potr= s pot = L:mT = = o o =
Phuong trinh: ) i '
!
cotx=

Nghiém cua phuong trinh V3 la

x=2y kalke ) x=24 Klzlkel)
A O ' : B. 0 ' :

T iy Ny
- =3 kr(ke } o, =3 Kk e }

Loi giai

1 T T
oty = —= <> LL‘I['I.—LL‘IE|—|"-:‘>.'I.'=— krlked)
J3 3 3
Ta co:
T : |
[0,2} siny =—
Hoi trén phu’O'ng trmh 2 ¢6 bao nhiéu nghiém?

AL C. 3. D. 4.
Loi giai
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o i .
sinx=—« - (ke )
T | x=—+k27
0
Ta co: .
T pia
0,— ==
[ 2} T
Trén doan chi c6 mot nghiém thoa man.
::jn-Sx—E.'|=] .
Céu 18: S6 nghiém cua phuong trinh 3 trén [O’ 2;[] la:
A5, B. 3. C. 4. D. 2
Loi giai
’ s T T T K2z
-m|ﬁx ?|:]<:=-"~k—?:: Hlreox=_+_—_ke
Ta co - - 0 >
T k2x -3 35
ve[l2r]e 0z ——22re <k ke =k=01234
Khi do 0 5 12 12
Vay c6 5 nghiém thudc khoang [0 2ﬁ]
2sint—1=0
Cau 19: Tap nghiém ctua phuong trinh 2 la:
T St B3 S
7 F k2 + k2r ke l 5= |z Fhdr—+ kdx ke
A. o 0 | L 3
=]| * i km I kdmke ) e:{;m—% k2m ke
Loi giai
) o S =T 4k2z x=§-x~4;
Tsint o1 =0 ensint = — en| = 0 kel = .
2 2 2 v T 2T
2 {1 3
Ta co
) -1
sin2y=—
Cau 20: Phuong trinh 2 ¢6 bao nhiéu nghiém thoa man 0 <X <7
Al B. 3. C 2. D. 4.
Loi giai
dv= L k27 (= ik
oal T 0 _ 12
sinly=—< o (ked)= 2 (ke l)
B 2x=—+k27 (= —+ ki
& 12
Ta co:
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Cau 21:

Cau 22:

uigeli.xyz

r= T thalke Z)
Truwomng hop 1: )
o =T 13 Iz
0 ye g=0= hreg= —awbe—=b=l=y=
12 12 2 12
Do
v = B krlke L)
Truwong hop 2:
T -7 5 ir
Dexasg=le —dbhrer=s —ache—=k=0=x=
12 12 12 12
Do

) sin2x =
S6 nghi¢ém cua phuong trinh

trong khoang (0:37) la

A. 4. B. 1. C.6. D.2
Loi giai
de=24 k2 =2k
5 :
\Ff‘:: S = ':1 JAhel)
sin2y =22 dr=—+ k27 = ki
2 3 3
Taco
0 kraizn - <k < 7
{ { i _
: = ’ kel0:1:2!
= _] 9 i ]
v km<dx il _ - -
ve(0:37) 0 3 £2 3 o 3 kel ke0:1:2]
Ma nén va do nén
L J‘?:
Vay phuong trinh c6 6 nghiém trong khoang
Tap nghiém ciia phuong trinh 2sin2xv = V2 la:
T 3 [ T T
:ll—-i"',-.— K2z ke l _‘S':ll—_-ﬂ';f.—_ kz ke l
4 3 B. '® § -
| T 3w | | = 3z |
_§=]— klm—+klz ke | ‘§=]_—-J';,T.'— ko ke |
C Lo S D —]' 4
Loi giai
=Zik2r  |x=Z
e 4 P o
2 r s - 3
25in2x =2 < sin2x £*‘:‘>‘ij[]1.'u'=5j[]i 2x=—+k2x r=—+
2 - 4 5
Ta co
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Cau 23: Nghiém ctia phuwong trinh 25107~ Ji=0 1a

x=Z i kax
2
;_ e
=" k27 L T
A | 3 B 0
x= 4 k2
(_1 ke
T = J'nj_ '.=:—';'I1'ITJI1'E
c..L o D 3

Loi giai

X=—+ k27
151[].1‘—\;__.:(]#:»51[].1':Tf:v:iJ[].'n'::iJ[]?f‘:v N =
- - v= "+ k27
3
Ta co
2 el
) CosSx=— T
Cau 24: S0 nghiém cua phuong trinh 5 trén khoang = la:
A. 2. B. I. C. 4. D. 3.
Loi gidi
% 2 | T ! 2 2
COSy =< r=tarccos—+ k21 rel - 2o|l=x =:at'uunr:;:.r = —arccos o
Ta co 2 2 . Vi - / -

1a thda man.

Cau 25: Tong cac nghiém thudc khoang (0:27) ctia phuong trinh 2c0s v —2 =013
A S=37, B. S=27, C.S=0, D. S=4r,

Loi giai

) £y
Scosx— 2= 0 cosx= & xr==arccos| = |+ K2z kel
3 |5 )
Ta co
l-’ ol S
X = arecos| - | ¥=-—arccos| — [+ 27
(O: 27-7.-) _‘" r r‘ A
Xét trén phuong trinh c6 hai nghi¢m va
S s IR
arccos| = |—m'uuus| —|+27=2x
1 :‘ s |l. b' r

Do vy tong tit ca cac nghiém ciia phuong trinh bang

Céu 26: Tinh tong S tt ca cac nghiém trén khoang (0:37) ctia phuong trinh 2¢0s3x =1

21; 2 22 7
S:l ¥rg S:] O S:] T SZZOT

A. 9 . B. 9 C. 9 D. 3
Loi giai
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T T A
3 L= 1 AE T = —
| 3 0
2eosdv=1s c0s3r= — - =
2 T T k2
Ix=—0+ 27 = ——-
3 9
Ta co:
¢ ‘7z Tz 137 197 257y (57 llx 177 23r 1217
‘HTL;.'L;.'L;.”?'L;. A B
cosdv = CL15;T_
Cau 27: Phuong trinh I3 ¢6 nghiém la:
T 2T T T 2kT
r=t—H+ y=x—+ k27 XY=—+
A. 45 i B. 15 ) C. 45 3
Loi giai
005 3x = COSI2" & COS3x = COS - < 3v= o 4 k27 &> Ir=+ =
15 15 43
Ta co
cos| 2r——
Céu 28: Tbdng nghiém dwong nhé nhat va nghiém am 16n nhit cia phuong trinh
T =27 T
A. 12 B. 3 c. 4 D.
Loi giai
| E— —T ﬂ_. T T
™ 1 Ty = R P
cos| 2x — — —£<:> o0 P = =
] 2 T T
di——=——+ k27 2v=k27
0 0
Ta co:
T -5
Xr=— =
=0 = & k=== i1
X = 1] X=-T
Cho

. Cho
Cau 29: Cho phuong trinh 3 tan 2y =3 6 nghiém 0 khi d6 “®®** nhan gid tri 1a
5

3

3
+ s ]— + £ +
A. 2 B. 2 2 c. 2. D.
Loi giai
3 T T T
ﬁmn r=3=tandyi=—-—x== Ji= —thkr s x=—+ kK —
ﬁ 3 ] 2
Ta co
uigeli.xyz
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Cau 30:

Cau 31:

Cau 32:
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-

| ]

Al

F

Sl | SR Ty

=

Suy ra

Téng cac nghiém ciia phuong trinh tan 2y = tan x rép

/e

A 7. B.E.

L

3 y 3

v 2kl ke

|
|

CosSy, e l_

. Do vay

[-m:27]

C. 4r,

Loi giai

|' cos2y =0
-

ll:'."'s.'l.' =0 - l -
Y

biéu kién xac dinh:

tanZ2yr=tanyr = r=x+bre v=hrk e

Khi do

[-m27] 2,

Vay téng cac nghiém cua phuong trinh trén

la

la

©

2r

|3,

2 . n , \ A S — P v — ~ , ) 0, M
Téng cac nghiém ciia phuong trinh tan 3x— tanx =0 tén nira khoang [0:7) bang

St 3z
A7, B. 2. c. 2.
Loi giai
‘_]1|21+J|!l'“ '---_ti'.llll£
2 10 2
=
'll.;L"_JI!l-N Il'.i..-n_
tan5v— tanv—=0 (1) . 2 T2
Ta co: . Biéu kién:
. ko
(1) e tanSy=tany <= Sy=x+ k7 4 kel
Phuong trinh ( )
= l.l’].'i: 37|
.re[O:;r) ’ ‘ ] 4 4
Do va két hop vai dieu kién suy ra
0+ —+—=r1
, _ 4 4
Tong cac nghiém:
Nghiém ctia phuong trinh tan 3y =tany 13 .
kx kx
b r=—.ke v=—_ke
A. X :JI!I..-’T. Jl!l. = ) B. 1 C. 0
Loi giai
uigeli.xyz Trang 15
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Cau 33:

Cau 34:

Cau 35:

uigeli.xyz

T
Y= —+ &7

biéu kién:

tan3v=tanxy < 3x T
Ta co: R

Két hop diéu kién, khi d6 phuong trinh c¢6 nghiém 1a
tan2x = L:m| Z oy |
LY j

Nghiém cta phuong trinh 4 la

v= i ke v= ik ge =ik ke —
A. 0 2 . B. 4 3 C 3 2 D i
Loi giai
tan 2x = tan| T X |¢—_*= Ji= I v kT = Z 4 k EJ; =
L2 2 6 3
Ta co
ﬁum{ 2+ Z|=1
Nghiém cua phuong trinh ' 6 la:
T kx T kT
II:]_"I'ITHI;E II:Z]_"I‘ THI;E
A - = B - =
n=£ ki ke .1=—T ko ke
C 0 D. 3
Loi giai
’ T 1 T T Tk
= L:L‘ltl v = |: = Myt =t hkre =+ ke
\ o -,ﬁ T3 12 2
Phuong trinh
o T ]
5m| T+ — |:;
Nghiém duong nhd nhat cia phuong trinh ' '/ = thudc khoang
3 o3
AN 2 g, (0:7), c.\ 2, p, (7:37)
Loi giai
CN L TS T
sin| x+ — = - ':1 (_"_ — v, ke
R P S T R e
i & -
Xét phuong trinh:
uigeli.xyz Trang 16
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.'-1 ™

v=Zc(0x)
Vay nghiém dudng nho nhat ctia phuong trinh 1a )
Teot| x4+ = |= |
Cau 36: Nghiém cua phuong trinh b la:
v=—+—ke y=xt—+ —ke
12 2 12 2
A. B
R o= hrke
0 3
C D.
Loi giai
y bl Y | = L T R L '=—4 — &
— |,_,|:|[It R 5 | 'J'? R | 5 3 Jlm,. T ]j 1 .n'lm =
Phuong trinh

PHAN II. Cau tric nghiém dung sai. Trong mdi y a), b), ¢), d) & mdi cau, thi sinh chon ding hoic sai.

l

sin2y=——
Cau 1:  Cho phuong trinh lugng giac 2 Xét tinh dung sai ciia cac khing dinh sau:
sin2x = sin =
a) Phuong trinh da cho twong duong 0
b) Trong khoang (0:7) phuong trinh c6 3 nghiém
37
¢) Tong cac nghiém cta phuong trinh trong khoang (0:7) bang 2
11z
d) Trong khoang (0:7) phuong trinh c6 nghiém 16n nhit bang 12
Loi giai

I : T

§in2y = ——< sinx = sin— —
2 f
a) Sai:
1g=(‘ k27 u:TT-A;
1
= _ (ke j= o= (ke )
dr=—" k27 r=— + ki
i 12
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llz 77 3x

¢) Pling: Tong cac nghiém clia phuwong trinh trong khoéng (0:7) 12 12 2

117z

d) DBung: Trong khoéng (0:7) phuong trinh ¢6 nghiém 16n nhit bang 12

tan{2x—15%)=1 L , C ., 2 .
- . X¢&t tinh dung sai cua cac khang dinh sau:

c=3074 k90 (ke )

Cho phuong trinh lugng giac

a) Phuong trinh da cho c¢6 nghiém -

(—1807,907)

b) Trong khoang thi huong trinh ¢6 nghiém 4m 16n nhét bang —30°

¢) Téng cac nghiém cua phuong trinh trong khoang (~180%:907) bang 180°

i _ }: =y [= N , . y A = °
(—1807:907) phuong trinh c6 nghiém 16n nhét bang 60

Loi gidi

d) Trong khoang

tan|2x— 15 )= 1< x=30 + k90 (ke |
a) bung:
=150

—180%< x =90 = —180° <30+ k90" < 00°%k e )= L =1-2:—1:0l = | x=-00"

= 30"
b) Sai:
~150 4+ (—60)+ 30=—180
¢) Sai:
[—H‘:UI:L(‘JO':} 3()°
d) Sai: Trong khoang phuong trinh c6 nghiém 16n nhat bang
) I

cotdx=——= 9

Cho phuong trinh luong giac V3 . X¢ét tinh dung sai ctia cac khang dinh sau:

cotdr=cot : T |
a) Phuong trinh da cho twong duong 6 )

=ik ke )
b) Phuong trinh da cho c6 nghiém 9 3

( T 0 ] =Sz

¢) Tong cac nghiém cia phuong trinh trong khoang - bang 9

¢

"
2

J phuong trinh c6 nghiém am 16n nhat bang 9
Loi giai

d) Trong khoang *

[ =
cotdv=——_<>cotdx= L:ut; — |

a) Sai:

b) Sai: Phuong trinh da cho
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¢) blng:

- 0 j -
d) bung: Trong khoang * - phuong trinh c6 nghiém 4m 16n nhat bang 9
Cau4: Cho phuong trinh luong gide 208 = V3 . Xét tinh diing sai cua cac khang dinh sau
y=x—+k27lke )
a) Phuong trinh c6 nghiém
w37

b) Trong doan { 2 } phuong trinh c6 4 nghiém

{0-5—”} 257
¢) Tong cac nghiém ciia phuong trinh trong doan bang ©
{0 S—”} Bz
d) Trong doan 2 phuong trinh c6 nghiém 16n nhat bang 6
Loi giai
] _
—L0s -'=~J'3_.<._‘-LL‘IH = s = lalke )
2 0
a) Sai: Ta co
[ 57| [z, 1z, 137
xe| 0 — R R
ey o0 o |
b) Sai: Vi nén
| 7 1z 13|
x . ] (1 {1 1 |
Viay nghiém  thod man dé bai la:

a lx 13z 237
(1I I I I a

I
c¢) blng:

[O 5_-’1’} 137
d) bung: Trong doan -

phuong trinh c6 nghiém 16n nhit bang  ©

sinf 2x—

P
| i|=5jn:.r-i| q
Cau5: Cho phuong trinh ~ * d : Xét tinh ding sai ctia cac khang dinh sau
— = )I: 1 .
T Yrike )
v=—4 k=
a) Phuong trinh da cho c6 nghiém 0 3

b) Trong khoang (0:7) phuong trinh c6 2 nghiém

uigeli.xyz Trang 19



uigeli.xyz
i
¢) Téng cac nghiém cua phuong trinh trong khoang (0:7) bang ©
St

d) Trong khoang (0:7) phuong trinh c6 nghiém 16n nhéat bang ©
Loi gidi

ﬂ":—'—z'u'-_ A‘"'r
( ! | i7" - a -
sin | 1.1‘—% |= SHIES e 4 ~ 4 (kell)
' S dv-T= -y k2r
4 4
a) bung: Ta co:
— = Aj_
= xr L 2xlhkel)
=Stk
_ ce T2
Vive(0ur) le 6 |
nén
b) bung:
T Ar
Vay phuong trinh c6 hai nghiém thudc khoang la .
T S
—t—=x
6 0
¢) Sai:
St
d) Trong khoang (0:7) phuong trinh c6 nghiém 16n nhat bang ©
sin| 3x+ — |=_T
Cho phuong trinh lugng giac -/ = . Xét tinh dang sai cua cac khang dinh sau:
Y
9 3 =
T 2T
=tk
a) Phuong trinh c6 nghiém -
27

b) Phuong trinh ¢6 nghiém am 16n nhat bang 9

0;E

¢) Trén khoang ( 2 J phuong trinh da cho c6 3 nghiém
(oﬁj s
d) Tong cac nghiém cua phuong trinh trong khoang 2 bang 9
Loi giai
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Cau 7:
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T H'T
'.:—_) AT
L
=
=3tk
a) Sai: Phuong trinh c6 nghiém 3 3
3 £=—£
SO 2 T < R R
SJI]IE.'I." —|:— e - z
I' 3 ) 2 T 4r
o - FI. —_—
3 3
b) Blng: Ta co:
T = by
27 Sy St
}.I=—L -ile L) "} JI:I -2
o 3 I'};E ]f\'_x N o] rj;E
div=m+k27 5:1 };;
3 3
0.7 T 4
IYG‘O:_J = — = —
Y 2 3 0
¢) Sai: Vi nén

Vay phuong trinh da cho c¢6 hai nghiém thudc khoang

a dr I

—+

3 0 0
d) bung: .

Cho phuong trinh lugng giac
a) Phuong trinh da cho c6 nghi¢m

b) Phuong trinh c6 nghiém am 16n nhat bang
—T E T

.

2 thi phuong trinh c¢6 ba nghiém

d) Tong cac nghiém ciia phuwong trinh trong khoang
Loi giai

¢)Khi 4

ra

L

a) Sai: Phuong trinh twong duong véi:

b) Sai: Phuong trinh ¢6 nghiém am 16n nhét bang

uigeli.xyz

[H[]: i TT|= \'@q_x i = .

. Xét tinh diing sai cta cac khang dinh sau:

—,-T_E,-T\"J T
43 béng 0
T kx
—+—,ke
3 2
Trang 21



Cau 8:
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-7 e —x m hkx 2m  “lm km om -7 2
_ o - P ot ez a— ) e e - o J!. -
3 4 3 2 3 12 2 3 0 3
¢) Sai: Vi
- /s
e 1O X=— ‘==
kel ke =10 k=-1 6 k=0 3
Do nén Vi thi , VOl thi
— T
X=— X =—
6 3 . ‘
Vay va thdéa man yéu cau bai toan.
. E_Z
4] 3 4]
d) bung:
_ 1
siny =—— )
Cho phuong trinh lugng giac 2, Xét tinh diing sai ctia cac khang dinh sau:
siny = sjn: z |
a) Phuong trinh da cho twong duong 0
v=-Z4k2mx= 24 k2alkell)
b) Phuong trinh da cho c6 nghiém la: O 0

¢) Phuong trinh da cho c6 nghiém 4m 16n nhat bang 3

d) S6 nghiém ctia phuong trinh trong khoang (-z:7) la ba nghiém
Loi giai

sinx=—— <> siny=sin| - = |
2 L6
a) Sai: Ta co6:
H:-%.,ﬁj; T = i k2
3
N | (ke ye| O (ke
o= - -2 |+k27 =T ik
Lo 0
b) DBing: Phuong trinh da cho
(= -4 k2mx=——+ k2alk el )
0 0
Vay phuong trinh c6 nghiém la:
T

¢) Sai: Phuong trinh c6 nghiém am 16n nhat bang  ©
R {:—ﬁ":ﬁ'}

d) Sai: Khi phuong trinh c6 hai nghiém
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Cho phuong trinh lwong giac 2 siny =2 . Xét tinh dung sai ctia cac khang dinh sau:

il

sin x = sin —
a) Phuong trinh da cho twong duong '
_ S
==+ k2miv=—+k2alk e )
b) Phuong trinh da cho c6 nghiém la: 3 4
~
¢) Phuong trinh d cho c¢6 nghiém dwong nhé nhat bang 4
2

d) S6 nghiém cta phuong trinh trong khoang *
Loi giai
7 ol

2sinx =2 < siny = — e sinx = sm":‘

a) Pung: Ta co:

b) Sai: Phuong trinh da cho

=24 k27 :T bk 2k el
Vay phuong trinh c6 nghiém la:
z
L. 4
b) DBing: Phuong trinh c¢6 nghiém duong nho nhat bang
22

d) Sai: S6 nghiém cua phuong trinh trong khoang /1a mot nghiém

_ -
v=15c0s| — |
Yy

Mot vat dao dong xung quanh vi tri can bang theo phuong trinh ' ; trong d6 7 1a

;- ; N N \ ~ \ h=|x ; M TR ) .
thoi gian dugc tinh bang gidy va quang duong ! M duoc tinh bang mét 1a khoang cach theo
phuong ngang cua chat diém d6i véi vi tri can bang. Xét tinh dung sai ciia cac khang dinh sau:
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Vi tri cdn bing

h=15m

a) Vat & xa vi tri cAn bang nhét nghia 1a

b) Trong 10 gidy dau tién, c6 hai thoi diém vat & xa vi tri can bang nhét

¢) Khi vat ¢ vi tri can b.':fmg thi
d) Trong khoang tir 0 dén 20 gidy thi vat di qua vi tri cAn bang 4 1an?
Loi giai

h=e|= ].51.:05:: ’4__|‘ <15

Ta co

h=15m
a) Pling: Vat ¢ xa vi tri cdn bang nhat nghia la

I." — =h
cos| L |=21 ] ke | =%
E:_-ﬁ."‘l_ f=4lh'll;.
: 2
Khi d6

b) Sai: Vay trong 10 gidy dau tién thi vat & xa vi tri cAn bang nhat tai cic thoi diém:

f=0t=4r==5

(gidy)
- { ta {tx
r=0a | 5cos] — |: 0 cos| — |: 0
| 4 | 4
¢) bung: Khi vat & vi tri can bang thi
o —=—thkrlke J=it=2+4k(ke )

d) Sai: Vay trong khoang tir 0 dén 20 gidy thi vat & vi tri can bang tai cac thoi diém
(=10;r=141=18 . .
(gidy); tuc 1a c6 5 1an vat qua vi tri can bang.
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PHAN III. Cau tric nghiém tra 10i ngin

A A C z 2 o SN 2xy+ 2=m A 1s [a;b] o
Cau 1: Téap hop cac gia tri cia tham so /77 dé phuong trinh - c6 nghiém la . Khi do
a+b bang bao nhiéu?
Loi giai
sin2x )+ 2=m < sin2x)=m -2
Ta co: c6 nghiém khi va chi khi

TR e me[]:_’-f] a+h=4
. Vay

1M

—l=m-2=1l=1
Cau 2: Tap hop céc gid tri ciia tham s6 7 dé phuong trinh Isin"x=2m-1 ¢4 nghiém la [a:2] . Khi do
2a+b ping bao nhiéu?
Loi gidi

-1

3sin“x=2m—lesin x=

Ta co:

Vay nén suy ra
r . ... o5y ) = r :2 2
Ciu 3:  Tim so0 nghiém ctia phuong trinh sinfeosy) =0 doan [1:20 1].
Loi giai
sinfcosv) =0 cosv=kr (ke )

Ta co:

-1 |

—“lzcosr= l=-l=hr2l o —=kh=

Ma:
T . el 11 2021, P al
= eosr=0o v = —+mr (e J—————— 5 ) -3 soe 02042
= 643 . '
co nghiém thoa man bai toan.

A oSy =0 s ” ” A . (0:20217]
Cau 4: Phuong trinh ¢08X =Y ¢4 bao nhi€u nghiém thudc nira khoang ?

Loi giai
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cosy=0e= v="1 kx

]

Ta co

(0:27]
Do d6 phuong trinh c6 2 nghiém trén nura khoang

(0:20207]
Suy ra phuong trinh c¢6 2020 nghiém trén nura khodng

(20207:2021x]
Trén ntra khoang phuong trinh c6 thém 1 nghiém nira.
cosx =0 (0:20217]
Vay phuong trinh c6 2021 nghiém thudc nira khoang

37.5m , quay déu mdi vong

Mot vong quay tro choi c¢6 ban kinh S7Tm tryc quay cach mat dat
hét 15 phat. Khi vong quay quay déu, khoang cach h( m) tir mot cabin gan tai diém 4 cia vong
|"' ¥ i
h(r)="37sin| =

L 15

=

| —
i

|+ 57,5

b | =

quay dén mit dat dugc tinh bai cong thirc: véi ! 1a thoi gian quay

) \ ; N .. (t=0 . N \ A , A, o \ NP _
cua vong quay tinh bang phut ( ) Khi quay mot vong lan thir nhat tinh tir thoi diém =0
(phut), tai thoi diém nao cua ? thi cabin ¢ vi tri cao nhat?

=

| . G e T T

Loi gidi

[l i |=1

, 15 1=17,5

Khi quay mdt vong, cabin & vi tri cao nhat khi hay (phut)

1

(R =

sin

Hang ngdy, Mit Troi chiéu sang, bong ciia mot toa chung cu cao 40 Min trén mat dat, 4o dai

S(r)=40

cob _Tlf
s ¥
bong cta toa nha nay dugc tinh bang cong thirc

& d6 S duoc tinh bé“mg mét,
con ? 1a sb gid tinh tir 6 gio sang. Tai thoi diém nao thi do dai bong cia toa nha bang chiéu cao
toa nha?

Loi giai

Do dai bong cua toa nha bang chiéu cao toa nha khi:

i

=40 = cot —¢ = =1 o Zi=s X

Sit)y=40 =40
' 12 12 4

cot g
¥

thret=23+12k(kel)
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0<tr<12 =9
Vi nén hodc , tre 12 tai thoi diém 9 gio sang hodc 3 gid chicu thi bong cua

toa nha dai bang chiéu cao cta toa nha.

Phwong phap: Can chi y mot s6 diéu dac biét sau day
m Bicn doi vé moét trong cac cong thirc sau:
tanu = tanv cotu =coty

SNt = sinv COsl =cosv

m  Chu y cac cong thuc bién doi lugng giac:

—sinxy=sin{-x}) —cosy=cos{T— x)

s )

z x|
5

i
L A

: (T
sinx = cos CosSy = 5m| S |

A

A.BAI TAP TU LUAN

Bai tap 1: Giai cac phuong trinh lugng gidc sau:

a) 2cosdv+1=0

p) 28in” x4 sinx—3=0

¢) cos2x 4 3sinx -3 =0 d) 4sin”x +cos2v—Ssinx +1=0
e) cos2x—sinly =1 f) sindx + cosSx =0
Loi giai
2T
3x=—+k2x
1 3
Jeosdv i =0 cosdv=—— = §
2 27
Ixy=——+ k21
3
Giai phuong trinh:
a)
2 k2rx
= — —
9 3
e
2r k2m
v=— f—
9 3 kel
b
siny = |
= 3
o _ siny=-—
b) Ta co 2810 x #sinx —3 =0 2
siny =14 r= ? Fha ke
Vi =
, 3
siny =———=
Vi 2 phuong trinh v6 nghiém
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. - . . . SN x
cos2r4Ssmr—3=0=1-2sm v+ 5mr—3=0=-2sm r+5smr—2=0=
sinx

©)

sinx =2 ‘
Voi , phuong trinh v6 nghiém.
v=—+ k27
, | , . T i
SNy = — <= 8Ny = sl — <= - (ke )
2 i1 ST '
v=—+ k27
i

Vay phuong trinh da cho c¢6 nghi¢m
4sin” v +cosl2r—3siny+l=0«4sin v +1-2sin" x—Ssinx+1=0
d) Taco

0

& 28in" y—Ssiny+2=0

r=—+ K27
. 1 0
SNy = — <> - (ke )
2 hFr )
v=—+ k27
0

2y 4 ;|:]

cos 2y —sin2x =1 < 2 cos

e) Tacod
) v=ka
= T 1 .
& cos| 2x _|=_,;: T ke
\ 4] J2 v=——+ k1
4
e coshx=cos| —+ 4y |
sindv 4 cosdv =0 cos5r=—s51ndy \ 2 J
Sx=—+4dx+ k27 v=—+ k27
3 7
F - = -
- - ¥
- e Y .il_l'l.
Sx=———4r+klx r=——
2 K y
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Bai tap 2: Giai cac phuong trinh lugng giac sau:

a)

Fa

cas

c)

a) Ta co:

COs .5 | 2y—

A

o Fra
LlL‘IS.'I.'.SlI'J| I.r—T |

dv—-_ | FEINC T =C0sx

P

sin(7—x)—cos

b)

Fa

cot v+ sin .r| 1+ t:

d)
Loi giai
cosy=11

P

:ajn| 2r—

LAy
I

b |

Vay tap nghiém cua phuong trinh da cho la:

sIn{ 77— x)—cos

b)

fl

I

cos

¢)

-

| Aa—

o 008

,,

d) biéu kién:

cot v+ sin .r| 1+t

Ta co:

() | ."-'.-|

cos

)

ST

Lad

dx— I
o

FRINT v =008 x o< cos

Fsin

-

- |: o8y
o

s

!

l.:u:i.r-x X
cos

ra

o
—=2x+k27
1
=

X
an x.tan — |=4
7|

cos.yw

TR

uigeli.xyz

L,

Ti—+
4]

e siny—sin2y=0<sn2vr=smnx

s
n v tan — |:—'1
7|

& )

i | ¥y

;

dy— " |=cos y—sin” x

i

( X . Lo
COS L COs —+ 81N sin —
¥ ¥

i

Fsin

X
COs v cos —
5

Trang 29
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Cosw
—

5w

( (
| LS |

F8in x|

[ i
| Ccosx.cos—
| 7

-
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sin v

cus Y

sin v 4

cus Y

= dsin veos r=1

12 .
A - (ke )
- | b :
c:::-rxml\v:E u:E T
(thoa man diéu kién)
T ST
.1=E vk 'l_ﬁi 7 (!(e_ )
Vay nghiém ctia phuong trinh la :

B. BAI TAP TRAC NGHIEM

PHAN 1. Cau tric nghi¢m nhiéu phwong 4n lya chon. Mdi cau héi thi sinh chi chon mdt phwong an.

. R
5Ny =sn—

Cau 1: Ho nghiém cua phuong trinh 2 la
=g =Sk
;‘_ INE 4_ kil e
x=— i r=— 4127
At 2 B. L 5
=Tk B
T ki e T ke
x=—-_+12x x=——+irx
c.t 8 D. L 8

Loi giai

. ) y=o+ k2x
ST = 851006 =

=

i+ 2

=

Ap dung cong thirc nghiém cta phuong trinh

v=2kax
= 4_ ke
Sin X = sin — x= T 2x
5 )
Ta co
. .5
Sin X = sin —
Cau 2:  Tap nghiém cua phuong trinh S la
S -2 [ 5 T
S= ]l_T Rm =l K2k e 1 S= ]lT 2 T ke
|57 -5z [ |5 -2 |
_§=]T- 2 - Elaike _§=]T- kT - kmke
C. |3 3 | D. 3 3 |
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Loi giai

=T i v=2Z i k2r
. . Ax 3 3
SNy =581 — = _ )
o _ﬂfr
r=x-—+kdx  |x=——+k2x
3 3
Ap dung cong thurc nghiém:
Cau3: Phuong trinh 25D -'“'_J§=Ucé tap nghiém la:
|7 ke | |7 ke |
.r 5 .T T
T n T e | T e 2T e |
C ]\.:1 0 | D ]\3 3 |
Loi giai
N L
Zsm.r—q'r__.:ﬂf:wsm.r:Tc:a S (ke )
T |x==ik2r
3
..'-— T =
ST w2 ek |
[3 3 |

Vay tap nghiém cua phuong trinh la:

, Yeinl vt 409 = 3 _180°:180°

CaAu4: Tong cac nghiém ciia phuong trinh 2sin(x+40°) =3 trénkhoéng{ [8071807)
A. 2()0_ B. 1000. C. 8()0' D. 1200.

Loi giai

NE)

dsin(x o 40°)= 3 & sin x4 _-hj]u-}:T

Ta co:
o407 =004 F3a0 r=20%+ k3007
< . . kel )= . (kel)
v+ 40° = 1207+ £ 360°" v =80°+ k360°"
Theo dé bai:
—180° = 207+ £360° < 180° e — 3" ko< 3= k=0= y=20°
, , , . 13 3 .
—180%< 807 + k300 < 180> — — < he — = k=0= x=80°
18 18

, 20% 4 807 =100
Vay tong cac nghiém ctua phuong trinh la .
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cos| Sv- 2 |= u.‘l-xl 22 | 0
Ciu 5:  Tim tong cac nghiém cta phuong trinh : 0 ' 4 trén [ ’ ]
457 T

47 4_7r
A 18 B. 18,
Loi giai

Ta co:
= o _ Sy J-
ql. izj".-_% 1':.1_ .".':—d_ A;L
0 - el = s kel
k2

LL‘|5|.5.-.—£.I=CL"IE\|.1'I.'—£.I Sy i_—ﬂ il 2T v=
Ry ek o e T T
\E[O;ff]

Vi nén ta co

T i.'j,T_%nr___,T K2z N e L \_llfr

I8 3 18 3 7T 12771 keZ=k=1 18

Voi , do nén )

o .Iin.l-T_["],-"T I.ZT#_(‘__ _]"'L""]F

CE 7T T TE 7 CTT TN keZ=kelnins
Véi ,do nén

| & 5z 97 137
xeq T

(147197137 19|

7 Yz 13z 47x

Tong tat ca cac nghiém la:
sin 3x
=0 24 .,
la

S6 nghiém phuong trinh €0s X + | thudc doan
6, C. 4.

A7, B
Loi gii

. cosx + 1
bicu kién:

sin 3y : hm
S 0 =sindv=0e v = (ke )
cos x4 | 3
Ta co
krm
YIS kel k=3(2041)
So véi diéu kién nghiém ctuia phuong trinh 1a voi
kT
fFei0, 78100012

rsxsdredrs —<d4res 02k 212

Vi nén ta chon
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-

_ sin| x+ = | rsinle=10
Cau7: Sb nghi¢m thudc khoang (O’zﬁ) cua phuong trinh k 3 la
AL B. 2. C. 3.
Loi giai

=
~

sin| v+ ;'| - '-»J[]"'u—ﬂ»‘—‘s'\m| ;'|:—::jn!."_ v+ E]:Sjn['—l.r}
\ 3 3 3 '
| —=—2x+k2x r=——+ &k —
1 0 3
— _ = 4
(+—=g+2c+k2r  |x=—-"_—k2r
3 3
IR, WP LI, g
(0:27) 9 3 9 39 °
Céac nghiém thudc khoang cua phuong trinh la:
2 Sz Uz 17z 4r
iy = 2 22
3 9 9 9 3
hay ;.
Viy c6 4 nghiém thoa yéu cau bai toan.
sin(7x)= L:m:I ; XY |
Cau 8: Tap nghi¢ém ctua phuong trinh N 4 a:
I | [ 1
|— L = ]: |—-A'A'E 1 |—-L,T.L'E l |—-A,T.A'E 1
A 12 R | [2 | [2 |
. . C. D.
Loi giai
510 (Tx)= EUSI‘J; b & .,/| . -\m[ Tx)= -\j[]l E_ _—:— T |#;:> sIn{7x }-k][]l —— X |
Ta co:
—.,:E——-, t A2 I
= 0 e v=—+ ke
T 12
Tx=a——+ax+ &2x (VL)
0
1; |
kmiL— |—-m| —| (0:7)
Cau9: Cho phuong trinh : + /. Tinh téng cac nghiém thudc khoang ") cla
phuong trinh trén.
i S il
A 2, B. 7. c. 2. D. 4.

Loi giai
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- I

_ o P dy—=x+ =4 k27 v=x+k27
sjn: de- = |= ::jn: it e i ! o = T 2
fE LS T R
4 4 (k ell)
Ta co:
v=rikor (kell)
Xét
I
Qexasrgelagthlrane ——<k<0
2 kel k
Do . Vi nén khong c6 gia tri
T 2T
v=—+k
6 3 (!( € )
Xét
0 0% 4 2z l L 3
Tl vk — o —— ko —
“ o 3 37T ken K k=0 =1
Do . Vi nén c6 hai gid tri  la:
k=0=x=Z
{1
Vi .
iz
b=l=xr="
0
Vi
s ‘ Sz
X=— x=—
(0:7) 6 6
Do do trén khoang phuong trinh da cho c6 hai nghiém va .
T Ax
—t—=x
, 0:7) 6 6
Vay tong cac nghi¢m cta phuong trinh da cho trong khoang la:

sin{cos2x)=0 n [0:27].

Cau 10: Tim s6 nghiém cta phuong trinh tré
A. 2. B. 1. c.4. D. 3.
Loi gidi

sin(cos2x) =0« cos2r=kx (kell)

Ta co

cosdre[-Ll] =k =0=cos2r=0 2r= ; ke x=2ikZ (ke )
Vi B B
ve[2r] =k |0:1:2:3]. 4 [0:27].

Vay phuong trinh c6  nghiém trén

o Fral .
sin} 2x— — |= sin | x
| 4] |

4

Cau 11: Phuong trinh ! ¢6 tong cac nghiém thudc khoang (0:7) bang
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Cau 12:
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cac nghiém thudc khoang ctia phuong trinh nay bang

Phuong trinh sinSx—sinx =0 ¢4 bao nhidu nghiém thudc doan

1id 37 x
A 2 B. 7. Cc. 2. D. 4.
Loi giai
V. T 3z,
_.'._4—=.".'T'J|I1_L v= 7+ k27
::milr——|=5m|.r- L LY o g H_’_.g_[ =
L —]' A . : A —]' —1' l:" }‘
Ta co
x=x+k2x (0; 7)
Ho nghiém khong c6 nghiém nao thudc khoang .
v #_T_E (r)=0< . { T T Telefnll
Ve S
(0:7) T T
Vay phuong trinh c6 hai nghiém thudc khoang la va
(0: ) r

[-20187:2018 7],

A 20179 B, 20181 C 16144 D, 16145,
Loi giai
.,:_J','%
Sy=xikdr T 9 .
"'T—" - T = — —_—
sinSx —sinx =0« sin 3y = sinx Svx=m—-x+k2Ix & 3

Ta co:
v= 4 5 (ke )
| x=—+max (me )
0 ’
="t nr =
= (ne)
20187 < k<2018
7
5r
—Ml8rs —+mag= 20187 —
0
—20l57= z, nr = 20087
v e[-20187:2018 7] ‘ R
Vi nén
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4030 = F = 4030
12113 | 12103
- ==
i i
12109 12107
— ==
& i
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8073 k 4036 m 4036 n , . 16145
Do d6 co giatri giatri giatri , suy ra soO nghiém can tim Ia .
nghiém.
cos| sv— 2 |= uus{ 1';—£| 0
Cau 13: Tim tong cac nghiém cta phuong trinh ' 6 ' -/ trén[ ’ﬁ].
477 4 457 1z
A 18 B. 18, c. 18, D. 18,
Loi giai
Ta co:
ql. —l_=1l.——71':.1_ '.=—; Lj_
1
p B p I (1 T Shel = _]\ L kel
LL‘I‘~|“'-.——|:LL"I‘\I1'-.'——| Si— =2yt =4 k27 f = —
\ 0 \ 3 o 3 4 7
X E[O‘,.?T]
Vi nén ta co
- = o - R I
P =—— ’Ll:xﬂi—l A‘"irz::x]—_"_iﬁ \:11—7[
s 3 15 3 12 12 hed=1k=1 18
Voi , do nén
T k27 T k2x -1 13
c= 2 — 0=z Tes —<h<
' 14 7 14 7 4 4 ked =ke02:3]
Vi ,do nén
) 75797 137 llx x Sz 9¢r x4z
=1 —_— Ty —_—f — — — —_——
(4 e . IS 14 14 14 14 18
. Tong tat ca cac nghiém la:
Ssin’ : % I|CL”|5: I % '|— =0
Cau 14: Phuong trinh ved nes tuong duong véi phuong trinh nao sau day?
2 V2 . V2
siny = — COS X = — siny=——
A. 2 B. cos2x=0, C. 2, D. 2.

Loi giai

\ (L [xh AN -
|—]:ﬂ¢> 2| 151t1| - ||.:nr:! — || —l=0<2sin"x—1=0
| ) [ 2]

ho= 4

e = 2sin v =0 cos2i=

X o . [1-2cosx)(2022 4 sin* k) =0
Cau 15: Tap nghiém ctua phuong trinh * : ' la

|
|.

]|: i A——: i A',T|A' = ]: ]|: ' ;;j;;—i ' ‘“'TH =
A4 4 3 B. 4 |
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Cau 17:

uigeli.xyz

Loi giai

- y2cosy=10
[:]—ﬁuns.r}l[lﬂﬂ Fsint ) =0 - 2022 +sin® x =0 (VN)

= L0sxy =

e

Ta co:
A COSY=COS— e y=+—+ k27 ke

4

T i k2fkel ]
1 |

ERySI.
[4
Vay tap nghiém cua phuong trinh da cho la

-

sin(7 - x)- cos| =
Gidi phuong trinh A /

|
S={k2zlkel | B. |

A

[, & Kk2m , |x# k27 ,
_‘S':]L,-;.?- - | ke } 5:]? - |k e }
C. 33 . p. 3
Loi gidi
. C T 2yx=x+k27
sin(z—x)-cosl ——2x |=0 =3 s
' 2 J s siny—sin2y=0 < sin2xy =sinx dy=g-xtklx
vr=Fk27
= x k2x (kell)
.x__?- -

cos| 4 - = | F8InT = o8 v
Nghiém 4m 16n nhat ciia phuong trinh 0 )
> 1 Iz T
A, 36 B. 36 c. 12 b 12

Loi giai

cos| 4 — = | FSINT =008 x4 o8| 4y = |= COS™ v —s8in°
o &
_ _ dr—=2x+k27 v=—+ k7
. T L ) 12 p
s dr— — |: cos v e e (ke )
dvr——=-2x+k12x = — k=
0 30 3

Ta ¢6 mdi ho nghiém lan luot c6 cac nghiém dm 16n nhat la:
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oox Nz & & llx
TR 12777 3% 3 3

11
X=——0r
) 36
Vay nghiém am 16n nhat cua phuong trinh la
A 4 ‘A 5 N t: o — t: =10 A 5 N [0,2%) N
Cau 18: S0 nghiém cua phuong trinh 10 20— WA0.C =1 trén mira khoang bang:
Al 1. B. 2. C.3. D. 4.
Loi giai
L kmr
cosde=0 T 3.
| . 0 3 (ke }
] cosy=( T '
Diéu kién:
tan3y—tany=0<=tandyr=tanr<= Ir=v+ v v= T_ =
Ta co: )
0<xedres02iZ cope0em <4
. 2 R mel .IIJ::(].'IZ-).‘:.
Vi . Ma nén
V= | 0 ;_
x [0:7) ] 2
Khi d6 nghiém  nhén gid tri tvong tng trén nira khoang la:
Vay s nghiém can tim 13 4.
I ZuL15;i—] | sjng r2 '|:L’]
Cau 19: Gidi phuong trinh * = A=
N v = :‘T th2r (ke ) . .r=:§ Fh2r kel )
v=E Fxlke ) r=E— kr ke )
C. 3 D. =
Loi giai
—]’-_i:ajn;iz].'-‘#.re :w::jn;i- 2=0
Vi - -
2c0s - —1=0 e cost= ]_,:, A
Vay phuong trinh tuong duong 2 2 2 2 3

27 .
*t:‘>.'.=:-T'JI1—L-i.[.J;E }

Cau 20: Phuong trinh 5-¢0s 2x.8in2x.cosdr = —f2 ¢6 nghiém 1a
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% LAY

37 1, 4 5

sr T (k=) ir T A )
= k— v=— —

A- B 32 4 B 16 o

c.l' 8 73 : p.l 32
Loi giai

Ta c6: S-€0s Jysinlyocosde = —»,E = dsindrcosd = —JE = 2sinfte = —\E

v=- Tk d
L e T (ke )
f;:;5][]5_-.;:—__"‘:%5][]1"-.'-.'=5][]|——| = — 4 kb —
2 -y 32 4
=Tt
- (ke )
= Pk —
32 4

Vay phuong trinh c6 nghi¢m

sin| v+ = |+ cosx=0
Cau 21: Phuong trinh ' 4 | c¢6 tap nghiém dugc biéu dién boi bao nhidu diém trén
duong tron lugng giac?
AL B.2. C. 4. D. 3.
Loi giai

5m|.r- — |4 L:L1::.x'=f]»:>5m|.r- — =5m|.r—— b —=g—x+ —+ k27
T v gl F e xrZaron
Ta co:
e lr= i dr e x=—tka
4 5
S
y=—+ kT
b , o ,
Cung biéu dien dugc hai di€m trén duong tron luong giéc.
sin(r—x)— cos ?— 2x |=0
Cau 22: Gidi phuong trinh L /
T k2m
S = 2|k X S:{L‘Zf.?- - |k e }
S=k2m|k el 3 3
A. . B. : .

[t

A

E':lﬂ—:ﬁ' | ke l 5=
773 3

C. - | . D.
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. | T X=X A Z,T
sinfz—x)—cos| ——2x (=0 =
- [ 2 e e e e Y . Iv=mg—r+ L
& s sy —sIn2y =0 52y = s = ‘
Ta co
= Jl:le
= T klzlke )
T3 3
|'-' T - -
L:L‘lsi Ay —— | FSINT X =COs v
Cau 23: Nghiém am 16n nhat ciia phuong trinh : 0
35 11 11z T
- - — ——
A. 36 B. 36 . c. 12 Dp. 12,
Loi giai
{ ol - . { R . -
cos| dyr—— | FEINT v =c0s" <= cos| dr— — |= COS™ x— sl x
| 0 ) | o )
Ta co:
_ Ax-Z=2x+k2x v=—+ ki
: i 3 I:‘I ]2 i
<> cos| dr—— |=coslr e = (k=)
Ay — —=-2yv+£27 r=—1k—
Y 20 3

Ta c6 mdi ho nghiém 1an luot 6 cac nghiém am 16n nhét 1a:
17 Fral s ¥y

= V, = —— —=

12 12777 3 3 36

11
X=——r
) , 36
Vay nghi¢m am 16n nhat ctia phuong trinh 1a

PHAN II. Céu tric nghi¢m diing sai. Trong mdi y a), b), ¢), d) & mdi cau, thi sinh chon ding hoic sai.

P

inl 4 X
y=sin| x — |

Cau 1:  Cho hai d thi ham s ' va ¥ TSI Xt tinh dung sai cua cac khiang dinh sau:

o Fi I .
sin| v+ — |: SN
) 4

a) Phuong trinh hoanh d¢ giao diém cta hai d6 thi ham sé:

T
v= —+ hkalkell)
2 1 :‘\;
b) Hoanh d¢ giao diém cua hai do thi la
xe[0:27] i o i
¢) Khi thi hai do6 thi ham so cat nhau tai ba diém
{57 Sohniie 0 Tw
| —sm— || —8In —
ve[0:2r L8 5008 8
d) Khi thi toa d§ giao di€m cua hai do thi ham so la:
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Loi giai

a) Pung: Phuong trinh hoanh d6 giao diém cta hai d6 thi ham sé:

. _ X+ ==x+k2x .
o T . 4 AT e
5][]|.-.-—|=E~J[].-.¢_‘> (ke e x=—tkalke )
r+—=—=xgg—=-Xx+ I,Z—
1
b) bBung:
(37 1l7|
ve[llr]=xe |——l
5008
¢) Sai: Vi
iT . 3T 1=z 1=
r=—=ry=58In—=10092 r=—= 1 =5In = —0,92
5 5 5 5
Véi vol
3z . 3=z 1z . ="
| isin —— |.' 1SN —— |
LS A 5 )

d) Pung: Vay toa do giao diém ctia hai d6 thi ham s 1a:

Zsjni a—_; [+ 3=0
Cau 2:  Cho phuong trinh lugng giac Y. . Xét tinh dung sai cua cac khang dinh sau:

o Fral N
sin | x—— |: sin| =

I |
a) Phuong trinh twong duong ~ * - L3
=i k2mr= i kdnlkel)
2
b) Phuong trinh c6 nghi¢m la:
_r
4

¢) Phuong trinh c6 nghiém 4m 16n nhat bang

d) S6 nghiém cua phuong trinh trong khoang (—;r; ;T) 1a hai nghiém
Loi giai

o T o T 3 o ol N
2sin| - — |+4f3=0=sm|yx—-—|=—""=sin| x—— |=sin| ——
" ]2]«!— " 11| 2 " 1.| |3
a) Sai: Ta co:
u—];‘=—_ k2x .x:—i-;:z—
=3 B kell)e= 17 (kell)
r——=ag—(——)+k27 ; —+ k2
12 3 12
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x=——+k2mx= Fh2alk e )

_I_.l s
1

b) Sai: Vay phuong trinh ¢6 nghiém la:

¢) bung: Phuong trinh c6 nghiém 4m 16n nhét bang

d) Pung: SO nghiém ciia phuong trinh trong khoang (-m:7) 1a hai nghiém
V2 - 2sin(45° - 2x)=

Cau 3: Cho phuong trinh lugng giac B ﬂ. Xét tinh ding sai cua cac khing dinh

sau:

Gin (455~ 34} = sind 50
a) Phuong trinh twong duong véi sIn (45" - 2x)=sn4:

=2 - 2sin(45° - 2x)

b) P thi ham s6 - cat tryc hoanh tai diém géc toa do

¢) Phuong trinh ¢6 nghiém la: * ~ —h180% = —45" - K180%(k ) )

d) Trén khoang *

ro | X
o] x

/ phuong trinh da cho c6 mdt nghiém

Loi giai

ﬁ—ZSJnHE —2x)=0<sin(45 —2x)= — < 8in (45 —2x)=sin4s
a), b) bung: Ta c6: B

45 = 2x =45 + k360 x=—k180
re e (kell)
Jr=180 —45 ¢+ £360 r=—45 — k150

v=—k150 ;v ==45 = L1580 (ke )
c¢) bung: Vay phuong trinh c6 nghiém la:

S
d) Sai: Trén khoang phuong trinh da cho c6 hai nghiém

b |y
ro | X

PHAN III CAu tric nghiém tré 10i ngin

cos| 2r—2 |-m=2
Caul: Goi S 1atap hop tit ca cac gia tri nguyén cta tham sé 7 dé phuong trinh ' 3
¢6 nghiém. Tinh tong 7 cua cac phan ti trong S-
Loi giai
L:us: 1.1‘—% |—m=2< L:us: 11‘—% | =m+2.
Phuong trinh ' -/ ' -/

=l mt 24l -3 s —|

Phuong trinh ¢6 nghiém

— S = -3l —aT=(-3)+ (-2)+ (-1)=—0.
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Cau 2:

Cau 3:

Cau 4:
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EI.:L‘IS: = |—m+3=0
Co bao nhi€u s6 nguyén 7 dé phuong trinh ' 0
Loi giai

c6 nghiém?

i T - i T om—=5
3L;L‘I:~'i.'f--|—m-J=ﬂﬁ;qu15;.'a'- |=

O ) A

Ta co:

- 2]l 2<mEs

biéu kién dé phuong trinh c6 nghi¢m:
m = i sonTis]

, m
Do  nguyén nén . Vay c6 7 s0 nguyén

0;202

S6 nghiém ciia phuong trinh €08 2x + 3cosx + 1 =0 trong khoang ( D la bao nhiéu?

Loi giai

coslred3cosct =02 2cos v+ 3cosy=10

Ta co
cosx=10
= 3 -
Cos.r=—— el s pcpsy=0e x= —+ ko
2 2
. T 1 oz,
¥e((:202l) =0 < -4 kr <2021 = -2 <k < ——— S ———k {0 2....042

643 (0:2021)
Vay co nghiém trong khoang

. IR ~ , Je 2 \ v Y el - _ , cn
Tim s6 gia tri nguyén duong ctia tham s 7 dé phuong trinh €08 2x —4sinw +m =0 ¢4 nghiém

Loi giai

e{n;ﬂ = e[0l]

sinx =¢
bat . Khi d6 voi
< , m -2 -H+m=0

Yéu cau de bai twong duong véi tim s6 nguyén duong  sao cho c6 nghiém
te [O; l]

) =2 =4+ m=0 ) i v=mov=2 4 -1
S6 nghiém cua phuong trinh chinh 1a s6 giao di€ém cua

»(t) te[0:1]

Ta c6 bang bién thién cua voi .
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t 0 1
y'(t) +
6
—1
l<m<6 ‘ ‘ m m=1:2:3:4:5!
Tu d6 suy ra thoa man yéu cau dé baima  nguyén duong nén

(2c0s2v + 5)(sin x—cos x)=0

Tinh téng S cac nghiém cia phuong trinh trong khoang

(0:272’)
Loi giai
(2cos 2v 5}(51'[1'.r—uus'.r}: 0> (2cosly+ 5).cosle=0
Xét phuong trinh:
e poslr=0a 2= z kmes x= 4 E
2 4 2 kel
T krm l T,
Dexelreola—t—alre ——<k<-———k =013
Vi i ) )
| # 37 5S¢ rx T it sSx Tx
= 4 — — "‘1—_—__=_]'I._
‘ [479 91| q 1 04 4 14
Suy ra cac nghiém can tim la nén tong

N vve e 1y v 1 = 7. \ A \ A A 5 A A
Cho phuong trinh €0s2v —siny +m—1=0 y4i m 13 tham sb. Tim diéu kién cta tham sb 7 dé
t ,-T_S,-T\'J

phuong trinh ¢6 5 nghiém trén khoang * © 2

Loi giai

cos2x—sinxy +m—1=0em=2sin’x +sinx (1)
Ta cod .

[ =sinx (1) m=2t" +1 (2)
bat thi phuong trinh trd thanh

t=sinx
Ta c6 bang bién thién ham so
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. T ™ 3w om
' 6 2 2 2
t=sinx _1
2
—1
"( _ T . Sz'T\'
, 1 s Lo 2)  (2)
Tur bang bien thién ta c6 phuong trinh cd nghiém trén khoang khi co
B
2 1 2
nghi¢m thude va nghiém thude .
flE)y=2r +1¢
Xét ham sb
Bang bién thién
1 1
t -1 —= —-= 1
2 4
3
1
O] B /
\ 1
8
0<m<l

Tir bang bién thién ta c6
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