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BAI TAP TRAC NGHIEM VAN DUNG CAO
VECTO - TICH VO HUONG

VAN DE 1. BIEU DIEN VEC TO

Caul. Cho tam giac ABC biét AB=3BC =-4AC=6 , | 1a tam duong tron noi tiép tam giac ABC

.Goi X¥'Z 1a cac sb thuc duong thoa man XIA+ylB+ ZIC = G.Tinh y £ X

»_3 p_ M p_23 2

A 4 B. 12 c. 12, pD. 3.

Loi gidi
Ho va tén tac gia : Vii Ngoc Thanh Tén FB: Vii Ngoc Thanh

Chon B
A
D
B C
E
iB-1E1D0--Ea-10¢
Duyng hinh binh hanh BD/E nhy hinh vé&. Khi d6 [A Iic

IE_MB_BC ID_BN_ A8
Theo tinh chit duong phan gidc trong tam giac : A MA AC IC NC AC
BC ~ AB

B=-"—iaA-=C
Suy ra AC AC

X
Ty XfA+yiB+zIC=0 suy ra 1%

Do 'ATC 13 hai véce to khong cung phuong suy ra x=4ty=6tz=3t voi £> 0,
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X
vayy Y
Email: tiethanh.78@gmail.com

Cho hinh binh hanh 48CD  Goi 7 1a trung diém ctia CD G 13 trong tam tam giac BCT  pyt
a=AB.b=AD

Hay tim déng thirc dung trong cac déng thirc sau?
Y-S — 5. .

AG="ua+=h AG=Zua+h
A. o 3

B. 0 )
e . 5. U R
AG=a+2h AG=—=a+=b

C. o D. 3

Loi giai

Ho va tén tic gid : Nguyén Thi Tiét Hanh Tén FB: Hanhtiettiet
Chon A

C

e ] e
7 Al=—AC
* I 1a trung diém cua CD nén: 2

AD

|_:|-—~

AB+ AD

|_:-|-—~

AG=SAB+ LAl Lai B
* G 1y trong tdm tam giac BCI nen: 3 3 3 thay AC=AB+ AD
U e = | g
Al =—=AB+ AD

- va
, I, S
AG=_—AF+ —[.f!b’ f‘f}' ]_' ]— AB fH?I| —AB+—AD
2 1L r B | 2
- ta dugc - - i 4 -
Email: ilovemath.ddt@gmail.com
R L o AB =¢ BC =a CA=>b o . .
Cau 3. Cho tam giac ABC v6i cac canh . Goi I 1a tdm dudng tron ndi
tiép tam glac ABC. Bang thirc nao sau day dung.
L LLE 1
aIA-I—bIB +dC—i] BHA-I—EIB-i—aIC:(}
LK L LBl
C.CIA-I-HB-i-aIC:G D.EIA-I-aJ'B-I-HC:ﬂ
Loi giai
A
BI
1
B C
C!
Ho va tén : Duong Bdo Tram Facebook: Bao Tram
Chon A

Qua C dung dudng thang song song v6i Al cat BI tai B’;song song véi BI cat Al tai A’
LAE

LWl UL

Tacé IC =||'A'+||'B'(*)
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Theo dinh 1y Talet va tinh chat duong phan giac
trong ta co :

/B _BA _c,_ um  pun
B =ca =pP 1B =" 7B

[A" = -
Tuong ty :
Tur (1) va (2) thay vao (*) ta co :

U.[I bU.ll L ur Lr

L
IC =- EIA— EIB U alA+HB +dC —G

b/c mail: honganh161079@gmail.com

914 (2)
C

Caud. Cho hinh thang can ABCD ¢6 CD la day 16n, 4DC =30"  Biét DA = a, DC = b, hdy biéu
didn DB theo hai vecto DA va DC

A B
a
ag?
(8] b ]
T A &
D pE-pis =B pe
A DB=DA+DC. B. h
e ] .
DB=DA+2_9pC L
C. h p. PB=bDA+aDC.
Loi giai
Hy tén: D6 Thi Hong Anh
A B
d
30°
D inE b K c

Ké BE // AD , E nim trén canh CD. Ta c6:

DB =DA+ DE = Dh%ﬂf DJ{EDC
DC DC

_pA s PC2RC e g ~a\3 SLALYSTa
DC h
Vay dap an ding 1a cau B.

Email: kimduyenhtk(@gmail.com
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LA LAl 1
Cau5. Cho hinh binh hanh ABCD | M 13 diém thoa man AM +ZA =0 Tren cac canh 48, BC
MP | IBC, MQ | [AB .

lan luot 13y cac diém P, 9 sa0 cho N 1a giao diém cua AQ vy

AN CN
CP  Gia tri cua tong AO CP bang
21 24 2 >
A 19 B. 19 C. 19 D.19
Loi giai
FB: Kim Duyén Nguyén.
A P B
M 0
D C
BétAN = xAQ ,CN = yCP
MQ//AB MP//BC b BL AP _AM _ 2
Vi BC AB AC 5
LLLF

L L LL L ELLLI L 2
AQ =AB +BQ =AB +58C AB +5[AC AB) = EAC +§AP

Nén
2 3,10
Do - C'Pthénghélngnén 5002 L
LLLI LA LLAE LALE LLEH
Cu"'l.l' yoP U AN - AC —y[AP AC}P Al"'-.l' (1- vJAC +yAP (2)
Mat khac
Tur (1) va (2) suy ra 219 Dodo AQ .PapanD

Email: thuangiaoyen@gmail.com
Cau6. Cho tr giac ABCD, M la diém tuy y. K la diém c6 dinh thoa man ding thic

MA + MB + MC + 3MD = xMK " Timx :
A.2. B.6. C.s. D.A4.
Loi giai
Ho va tén tac gia : Pham Thi Ngoc Tén FB: Giang Thao
Chon B
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Vi ding thic MA + MB M_ C ' BE_D =_ XM < (1) thoa mén v6i moi M nén no ding khi M
KA + KB+ KC+3KD =xKK =0
trung voi K. Khi do ta ¢o : X (2).

Goi G la trong tm AABC g KA KBHKC=3KG 3).
3KG+ 3KD=0e KG+ KD=0 y
Thay (3) vao (2) ta dugc , suy ra K 1a trung diém cua GD.
Tu (1) ta co:
MK + KA + MK + KB + MK + KCKB + 3MK + 3KD = (KA + KB + KC + 3KD) + 6MK = 6MK
BMK = xMK
Vay suy rax = 6.

Email: ngthhoail705@gmail.com

Facebook: https://www.facebook.com/hoaihappy

Cho tam giac ABC | trén canh AC léy diém M | trén canh BC léy diém N sao cho
AM = 3MC  NC =2NB . Goi O 1a giao diém cia AN va BM | Tinh dién tich tam giac
ABC biét dién tich tam giac OBN bang 1.

A. 24 B. 20. c. 30. D. 45

Loi giai

Ho va tén: Nguyén Thanh Hoai

Chgn C

. E{“OM =x§£ +[l— x)gﬁ ‘,ﬁ:ymﬂl— y)EE
Ta co: va .
b AB =yrﬂ:¢“+[x— y-i—l)fé‘ +(x- l}gﬁ U (x- y}EE +ym+[x— l)BMN =0
Q)
Lt

L LY

i wa _r I 3 1r
_CB =A&CA = AB =a- b;AM =- Zb;BN =- =&
bat ' ta dugc 4 3
r - r
fx— }’}ar— [x- y}b =X_l£+§yb
Thay vao (1) va thu gon ta dugc: 3 4
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x-1 1
- }n’:— ) X =_—
33 U %‘D 1 g 1 UL
- ow = = - BD=—BA+§— —=BN
y- x==y Y=z X=_——
Suy ra 4 > Vi 10 ta duoc 10 105
LU our g un uan o ur g u
U BO- BN = —|BA- BN |U NO=_—_NAU —=10
10 10 NO
Vi Sons =1U Spag =10P 5, =

Email: ngocuyen203@gmail.com
Cau 8. Cho tam giac ABC ,goi I 1a diém trén BC kéo dai sao cho /B=3I1C Goi J. K lan luot 1a
nhimg diém trén canh AC.AB a5 cho = 2JC KB =3K4 . Khi do6 BC=m.Al + n.JK
Tinh tong £ =11+ 9
A, P=34 B. P =-34, C. P=-14 D. P=14,
Loi giai

Ho va tén tic gia : Tran Ngoc Uyén Tén FB: Tran Ngoc Uyen

Chon B
e 3 3 | -
Al=AB+ Bl = AB+ = BC = AB —[ AC—AB)==AC—— Al
Ta co: 2 2 2 (1)
e | LR
JK = AK —AJ =—AB-=AC
4 3 )
3—— 1-—
‘ ”=E !(—1—:153‘ F'“_: AT 12Kk
— —— —
JEe_2ac. a5 | AB =10 47 +30JK
Tur (1) va (2) ta c6 hé phuong trinh 3
o n
Ta co: BC=AC—-AB= WA =240K = m=—1tn=-24d=m tn= "4.Ch()ndépé.nB.

Email: huanpv@dtdecopark.edu.vn
Cau9. Cho hinh binh hanh ABCD, lay M trén canh AB va N trén canh CD sao cho

avi=1uz ov=Lpe 7
3 2 . Goilvallacac diém thoa man
Khi J 1a trong tAm tam giac BMN thi tich m.n bang bao nhiéu?

1 2
A3 B. 3 C.3 D. !
Loi gidi
(Ho va tén tac gia : Pham Van Hudn, Tén FB: Pham Van Huan)

Bi=mBC, AJ=ndl

Chon A

A M B
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J1a trong tim tam gidc BMN khi va chi khi 48+ AM + AN = 34T (9)
Ta co
AM =

* 3

AB

i | —

AB

!
2

AN=DN-DA=—-DC—|DC+ ('.fﬂ= AC—-=DC= AC -
* 2 ' : 2

, Ad=nAl=n(AB+ BI)=n(AB+mBC)= n|:.fif:’ | m[_m:‘—.w” 1= ) AB + mn AC

R R e -
AB+ —AB+ .4('—:.4.? =3nll—m)AB + 3mnAC
Nén thay vao (9) ta co 3 2
- i—3..li'[]—m}=l’] 1
o\ 2= 3n(1—m) | 4B (1= 3mn) AC=0 =10 =g
e [ —— 2l — 4 1 — J ¥, = !
0 ' ' 1= 3mn =0 -

Email: namlongkontum(@gmail.com FB: nguyennga
Cho tam giac ABC, trén canh AB 147 diém M, trén canh BC 147 N sao cho AM=3MB,

NC=2BN. Goi I 1a giao diém ctia AN véi CM. Tinh dién tich tam giac ABC biét dién tich tam

gidc ICN bang 2.
3 33 9
A. 2 B. 2 C. 11 D. !l
Loi giai
Ho va tén: Hira Nguyén Tuong Vy
Chon dap an B
A
M
C
B N
Dt BC=a BA=c
- — 3 - - 9
AC=g—-¢  AM=——=¢; CN=——u
4

Suy ra
Do A, I, N thing hang nén ¢/ = *¢4+ (1= 4} €N

Vi M, I, C thing hang nén 1/ = ACH 1= v} AM

Mit khae ¢ = Al— €= 140 (1—v) AM —(xCA+(l—x) CN)
3p+x—1- 1-y—4x-
1 L

> i

3 4

=
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¢ T T— ¥
A R L
3 AT
Ay - ;
. ‘1 vodx o ‘1:;
Ma % € khéong cung phuong suy ra 4 H
¥ — j C j
r=—= ] ==Cd+ —":-1"- == 1\;_;'\‘-'4
Vi 11 11 11 11
b, q 7
iz;-_x =;_‘¥_€._:. =]]
Hay A S 11
-4 11
Ma ) N 2 2z

congsondienan@gmail.com

Cau 11. Cho AABC c¢6 trong tim G va hai diém M, N thoa man; WA —-2CH =0 NA-INE =10

Chon ménh dé ding.
A NG =4GH B NG=3GV ¢ NG=6GI  p NG=1G
Loi giai
(Ho va tén tic gid : Tran Cong Son, Tén FB: Tran Céng Son)
Chon B

N

Goi E 1a trung diém BC. M, N 14 cac diém nhu hinh v&.

L —_ 2 o S ] e
NG=AG- AN =2 AE-24B=2 _[ AB+ AC)-24B=-ZAB+ - AC
Ta co: 3 32 ' 3 3
U (U, DS, | 21, 1—— 1
GM = AM ~ AG=2AC -2 AE=2AC-Z.—[AB + AC|-=—=AB + — AC
5 3 5 320 3 15
P 1
NG =—Z 4B+ —AC =_i——4h’ __AC |—wmr
Nén 3 3 ._ 15
Vay NG =35GM |

Ciu 12. (Pang thirc vec to) Cho tam giac ABC Goi A", B' ,C' 1a cac diém xac dinh boi
2018.4'B+20194'C =0 2018B'C+20198'4=0_ 2018C" 4+2019C'B=0_ gpi g6
ménh dé nao sau day dﬁng?

A, MBC 3 AA'B'C' g cung trong tam.
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B. AMBC=AL"B'C"
C. AABC  AL'B'CY
p. ABC y3 AA'B'C' g cung tryc tam.
Loi giai
(Email): tranminhthao201 1@gmail.com
Chon A

Taco 2018.4'B +20194'C =0
 2018( A"+ AB)+2019( A" 4+ AC)=0
& 40374" 4+ 201848+ 20194C =0 ()

T , 4037B' B+ 2018BC + 201984 =0: 4037C'C + 2018CA+2019CB =0
uong ty ta co

Cong vé v6i vé 1ai ta duoc
4023(44"+ BB+ CC' )+ BA+ AC +CB =0 < A"+ BB'+CC'=0
Viay AABC vy AA'B'C' ¢4 cung trong tam
Cau 13. (tinh d¢ dai vec to) Cho tam giac déu ABC canh @ . Goi diém M la trung diém BC . Tinh do

1 — —
?.{B +2A4AC
dai cua vec to <

a21 a21 a21 av21

A, S B. 2 . c. 4 . D.

Chon B

Goi NV 1a trung diém 4B, 0 1a diém dbi xtmg cua 4 qua C va P 1a dinh cta hinh binh hanh
AQOPN
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Ly IS Tal Ty

-

Khi d6 ta c6 = suy ra theo quy tic hinh binh hanh ta c6

| = U
SAB+24C = AN + 10 = AP

Goi L 1a hinh chiéu cua A len PN
vi MN TAC = ANL =UNE =C4E =00

. i AL o ) _
sin ANL = — = AL = AN sin ANL = gam Gl = !
Xét tam giac vudng ANL 13 ¢ AN 2

N . . .
cos ANL = —L = NL = AN.cos ANL = _[—'rma 60" =2
N ) 4

) ) ) ) ]
AQ=PN = PL=PN+NL= 10+ NL=2a+ % - 41

Ta lai co
Ap dung dinh 1i Pitago trong tam giac 4LP ta c6

AP = AL +PL* =—+ - — AP =
16 16 4 2

3 8la” 2a i+ 21
b

]—}.-J§+ E.-!f‘ _ AP =

a2
7

Vay

Email: tranquocan1980@gmail.com
Ciu 14. Cho AABC c6 M la trung diém cua BC, H 1a tryc tam, O 1a tim duong tron ngoai tiép. Tim X

d4é HA+ HB+ HC = xHO
A X=2 B. ¥=-2, c.x=1 D.X=3,

Loi giai

Ho va tén: Tran Quéc An  Facebook: Tran Quoc An

N

A

A

Chon A

Goi A' 1a diém dbi xtmg v6i A qua O , ta co :
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A'B 1 AB|
i |>:>(‘H A'B(l)
CHJ_.-JB|

Tuwong tu ta chung minh dugc BH - A'C(2)
Twr (1) ,(2) suy ra t&r gidc BHCA’ 1a hinh binh hanh .

Do d6 M la trung diém cua HA'" .

Taco: HB+ HC =2HM = H{'

= HA+ HB+ HC = Hi+ H1'=2HO = x =2.

buiduynam1993@gmail.com

Cho tam giagc 4BC ¢o duong trung tuyén CM vudng goc voi phan gide trong AL . Gia st

a+ bk-
. Ccos A= —
ngoai ra con ¢6 CM =kAL Biét c+dk™ Tiph @+b+c+d

A 18, B.5. C.26 D.17.

Loi giai
Biii Duy Nam swu tam. FB: Biii Duy Nam
Chgn A

C T B

1
= AC=AM =—4A8
S S —
‘ AL= AB AC=Z( AM + AC)
Theo dé bai AL 1a phan giac trong cia goc 4 nén: cth c+b 3 "
4

i 4 . . e ! . . B
= AL = Z(AM® + AC + 2AM.AC ) == (20 + 2 cos A) = —h* (14 cos A)
9 'y ST

Lai co 2ACAM = ACT+ AM* = CM? = 2b7C0s A=2b"—CM ™ = CM " =2b" (1-cos 4)

AT e AT e A Y DT ene .

TiI (..1I.Ir—.l':|."iulr.- —_— 2"'] [] s ."i}—.il .Glf] [] b oo .'1}@ L}[]_CL15.4}=—]'A-[] \ L:US../E}
0 — 4
94 4k

e pns 4=

Vay ¢ hto+d =18
Email: phamthanhmy@gmail.com
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Cau 16. Cho tam giac ABC Goi M, N.P 1a cac diém 1an luot thoa man MA 3MB = E',

Cau 17.

uigeli.xyz
w
AC

b

UL
wa w1 g -

Wi

2PB+3rC=0 Goi K 1a giao diém cua AP va MN | Trong cic ménh dé sau, ménh d& nao
dang?

A 4KA15KP=0 B. 3KkA+ 2kP=0
L LRI | i AL
c. K1+KkP=0, D. KA=KP,

Loi giai
Ho va tén: Pham Thanh My Facebook: Pham Thanh My
Chon C

Goi I 1a giao diém caa MN va BC

1B NC MA — ]
, — 1= B-1IC - - -
Ap dung dinh 1y Menelaus ta co ¢ A4 M5 0 malfBi3rC=05P 3
trung diém C

KiTP WM

Ap dung dinh 1y Menelaus ta co K7 1B MA
7 R
=—l=KA+KBE=10
KPP

—

Email: ntyen.c3lqd@gmail.com

Cho hinh thang ABCDUABICDY g i duong chéo vudng goc v4i nhau. Biét
AB+ CD =200 Tim |A(' +BD"

A. 40cm. B. 20cm. C. 30cm. D. 10cm..

Loi giai
Ho va tén tac gid : Nguyén Thi Yén Tén FB: Nguyén Yén
Chon B
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Cau 18.

Cau 19.
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F

|ﬂE-Hﬁkﬁﬁﬁ-ﬁﬁkﬁﬁfF:DEZZWHL

Mail:quyphucvn@gmail.com Fb:Thanh Lam Lé
Cho tam giac 4BC ¢o AB=3 AC=4 .Goi 4D 13 duong phan giac trong ctia goc 4 Bibt
AD=mAB+ nAC Khi d6 tong "+ c6 gia tri 1a:
1
Al B.-1 c.7 D. 7
Loi giai
Ho va tén tac gia :Lé Thanh Lam
Chon A

/o

Theo tinh chit duong phan giac trong ciia goc 4 trong tam giac 4BC ta co:
s AR -
neo AC 4

I
AB+ = - AC nm=—in=
/ .Taco / ' Vay téng 7 +1=1_Chon A

Cho tam giac 4BC bat ky, goi W NP 1in luot 1a trung diém céc canh AB.BC.CA H.H'

.]|4a.

]l'_a.l

s TAD=4AB+ 3AC = AD=

..]|.L.

1an luot 13 truc tAm cac tam giac ABC, MNP . Khang dinh nao dung trong cac khang dinh sau?

A, HA+ HB + HC=3HH" B. HA+ HB+ HC=2HH"

C. HA+ HE+ HC=0 D. HM + HN + HP =3HH '
Loi giai

Chon B

uigeli.xyz Trang 13



uigeli.xyz

H' 13 tryc tam tam giac MNP nén H' 13 tAm duong tron ngoai tiép tam giac 4BC
Goi 4D 1a dwong kinh ciia dwdng tron ngoai tiép tam gidc 4BC nén BHCD 13 hinh binh hanh
suy ra HA+ HB+ HC = HA+ HD =2HH'

. Mail : kimlinhlgd(@gmail.com
Cau 20. Cho tam giac déu ABC tam O. M 1a mot diém bat ki bén trong tam giac. Goi D, E, F lan luot 1a
hinh chiéu ctia M 1én BC, CA, AB. Vi gia tri nao ctia k ta c6 hé thirc:
MD + ME + MF = kMO
k= 1 k= 3

A, 2. B. k=1, c. 2. D. k=2
Loi giai
Huynh Kim Linh GV Truwong THPT Chuyén Lé Quy Déon Khanh Hoa
Chon C

B DA C
Goi hinh chiéu ctiia M 1én canh BC 1a D. Ta c¢6
s MD SR L —
L= =MD =2 44'=— A0
5 A4 5 28

S =S

] SMBC

Tuong tu cho cac danh gia khac.
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Cau 21.
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Do dé :

S B o —
MD + ME + .\H-'='—'[_‘r?_,.4(.? PS5 BO S CO|=
15. !

£ S U S
=555, (Vo= MA)+ S, MO=MB)+ S (MO- MC ||
3

— 1 A A —
= (S, +5,+S ).MO- =[5, MA+ S, MB+ S. MC )=
25+ ' 25 <

Cach Khac: Qua M ké cac dwong thing song song véi cac canh BC, CA, AB

Email: thanhdungtoan6@gmail.com

Mot gia do hinh tam dugc gan vao tuong (nhu hinh v€). Tam giac ABC vudng can tai B. Nguoi
ta treo vao diém A mot vat nang 10N. Tinh d6 16n cua cac lyc tdc dong vao tudong tai B va C?
(Bo qua khdi luong cua gia dd)

B A

10N

F, = 102N, F. = 10N

A

B, Fr =10V, Fo=1042
. Fy=F.=10N

p. Fs=10N.F, o

Loi giai
Ho va tén tic gia : Nguyén Thanh Diing Tén FB: Nguyén Thanh Diing
Dap an: B
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Cau 22.

Cau 23.
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|

3 F, 45
E, = + ¥
45° A
F2

|

Fyt|-F. )t P=0e F=-P=|F|=|P|=10N

Fl=

Heé chat diém can bang nén
Pl=10x

J2 =102

Lo

7 -7

Tam gidc ABC vudng cén tai B suy ra *

P

Email: giachuan85@gmail.com

Cho ba diém 4, B,C thudc duong tron tim O, thoa man O4+ OC+ OB =10 Tinh goc 408

?
A, AOB=120" B. 40B=90" c. AOB=150" . 4oB=30"
Loi giai
Hy va tén: Trin Gia Chudn Tén facebook: Trin Gia Chudn
Chgn A

Do 4+ 0OC+ OB=10 pan O [3 trong tam tam giac 45C

Ma O 1a tim duong tron ngoai tiép tam gidc nén tam giac ABC déu. Vay goc AOB =120°
Email: giachuan85wgmail.com

TR I T

Cho tam giac ABC  pidm M trén canh BC thoa man 3 3 , kh'fmg dinh nao
sau day 1a khang dinh dtng ?
A, MB=2MC B. MB=2MC c. MC=2MB p. MC=-3MB

Loi giai

Ho va tén: Trin Gia Chuin Tén facebook: Trin Gia Chudn
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Chon B

Cich 1: Gia st BM =k.BC khi g6 A
Ta co

AM = AB+ BM

AB+ k.BC

= AB+k.(AC - AB)

= (1-k)AB + kAC

. C
B o o . 2 ,
o _._ M
.4.\1":1_.43 i g..f!('_x k =g
M@__ _3__ 3 3 suy ra
IBEM=28C= MBE=2MC
Cach 2:
aoi=tas lac-Yav Lim Zoa 2aic
3 3 3 3 3 3
j — 2 i
= —ME+ = =0
3 3

= MB+2MC=0

= MB =2MC

Email: cvtung.lg2@bacgiang.edu.vn
Ciu 24. Cho tam giac déu 4BC noi tiép duong tron tim 0. M 13 mot diém tily y nam bén trong tam
AB:C' h BC:CA (4

giac da cho; goi theo thur ty 1a hinh chiéu vuong goc cia M 1én céc can

; ) k
A‘[.‘-Lr!' FMB Y MCT _F=.".H(J'.;§' =0, —

AB  Khi d6 ta c6 dang thuc vecto ! 14 phan s6 t6i
gian. Tinh 2k =17
A2k =F =1, B, 2k~ =1, C. 2k~ =14 D, 2k 1=

Loi giai
Ho va tén tac gia : Cao Van Tung Tén FB: Cao Tung
Chon B

c1

G2

7 BC;CA; AB : ,

T M ké cac duong thang song song vdi cac canh va cac duong thang nay cat cac
ABC _ A.A.B.B..C.C,

canh cua tam gidc tai cac diem nhu hinh trén.

uigeli.xyz Trang 17



Cau 25.

Cau 26.
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MA, A, ABC . \
Xét tam gidc do tam gidc deéu va tinh chat cia goc dong vi nén goc

Wid 4, =4, 4 = 00" MAA, 7 A A,
suy ra tam giac déuva  latrung diém cua tr do ta co:

. 1 —
MA'= EE-'W' b MA, |

MB'= = MB, + MB. ): MC'= ~(MC, + MC.)
Chirng minh tuong tu ta co - -
MA"+ MB" + MC" = —(MA + MC, + MA, + MB. + MB, + MC, |
Suy ra - , mat khac cac tor gidc
ABMC: BAMC,: CAMB.
la hinh binh hanh nén

N [ S, e -
MA'+ MB'+ MC' = :[.‘n".f! i ME .H’(.'.]— - MO P~ ’1[ MA + MB' + MC' }: MO

|__.'l|'.u

Vay

Email: trang145@gmail.com

BE=LaccF=--Lch

Cho hinh vuong ABCD , E,F thda man 3 2 ; AEMBE =1
Ta co Al'=kAB+1AD Khldotlsoklthoamancapnaosau
3 2 6 2 6, 1
J'il'f:j:l":j J'r'n=jl"=j J'r=—l"_— JI!I.-=_T:|'=T
A S S B. S 3 c. 6 6 pD. = 7
Loi giai
Ho tén: Nguyén Thi Trang Fb: Trang Nguyen
Chon B
A B
K
1
D c F
JEK 1 ELEK |
KeEK/JAB CF 3 Al AB o
— 6 0 0 == 6-= 2——
Al =— AE ——f AB+ BE )= —f AB —B( }=— AB+=8C)
Ta co: 3 5

Cho tam giac ABC, trén canh AClay diém M | trén canh BCliy diém N sao cho:
AM =3MC  NC=2NB  goi O 1a giao diém cia AN va BM Tinh dién tich AMBC biét dien

tich AOBN biang 1.
A. 10, B. 20, C. 25, D. 30,

Loi giai

uigeli.xyz Trang 18
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(Ho va tén tdc gid : Nguyén Thi Phwong Thdo, Tén FB: Nguyén Thi Phuwong Thdio)
Chon D
vi 40N thang hang nén:

BO=xBA+(1—x)BN

i T
Tuong ty: 0= 1AM (1- 1) AB

= AB=VAM +(x—v+ 4B+ (x—1)gv B N c

(X = V)AB+ VAM 4+ (x —1)BN =0 (

hay 1)

Pit CB=a CA =Z—).

b

L g PO | -
AB=ua—h, AM =—=h, BN=——u
4 3

[-_'u,'—_'l-'}[.”_'ll] '—_—11--"] { [._'y'__ll}i‘_:z—.[f |=ﬂ

Thay vao (1) ta co:
. s I T
e r—1ja—(xr—v)h= T:f——-"l
r—1 1
| y=is e
—
: 5
l rexr=—1 l ==
Tur d6 ta co: 4 -
v=t go=Laiea-Lysw
Véi 10 = 10 10
Bo- V= (gi-6v) ~No=+an1 Moy
- 10" " hay 10 = No

vi Sow =12 5., =10=5 =30

Email: Quanvan09@gmail.com
Cau 27. Cho tam giac ABC ¢6 tryc tm H, trong tim G va tim dudng tron ngoai tiép O. Chon khing

dinh dung?

A HA+HE+HC =4HO B. HA+HB+ HC =2HO
Ly L L 2 UJ_.I'
HA+HE+ HC =_—HO

LEAH LA LEAE LA
C. p. HA+HB+HC =3HO

Loi giai

Hy va tén : Nguyén Viin Quin Tén FB: Quéin Nguyén

uigeli.xyz Trang 19



Cau 28.
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LELE LAl LLAN LA

D@ thay: HA+HE+HC =2HO péy tam giac ABC vuong.
Néu tam giac ABC khong vudng goi D 1a diém dbi xing cua A qua O. Khi do:
BH //DC (vi ciing vudng goc véi AC).

BD //CH (vi cung vudng goc voi AB).

Suy ra BDCH 13 hinh binh hanh, do d6 theo quy tic hinh binh hanh thi HE+HC=HD (1),
Mt khéc vi O 1a trung diém cua AD nén HA+HD =2HO (o)

Tu (1) va(2)suyra. HA+HBE+HC =2HO
Tén facebook: NT AG

Cho tam giac ABC ¢5 D 1a trung diém cua BC , O 13 mét diém trén doan 4D sao cho
AO=40D Goi 1EI=COMAB [F{=BOMAC [M{=ADNEF

b b

. Khang dinh nao sau day

dang?
= 1 =2 ST e e D
7 B. 15 C. 8 D.

A.

Loi gidi

Ho va tén tic gid: Nguyén Ping
Chon B
A
E F
o
B D C

Pit: Aé = _\'AE, 4(.2 — I'L',‘;-I-JE , (.\'._ yel ) .

uigeli.xyz Trang 20



Cau 29.

Cau 30. Cho ABC diémM thudc canh BC sao cho

uigeli.xyz

g

U I 2 o JUUIR DN,
AO=—AD==(AB+ AC)=ZxAE+ ZAC=ZAB+= yAF
Theo bai ra ta c6 2 2 2 3 5 5
7 7 3
. —t—p=l= ==
Do @B F thing hangnén 5 3 2
7 7 2
" O F R %l. :_:]_'3.:__
Do &£ thing hangnén 5 3 2
AB  AC 3 AD 4 L
=== AO=24D = MO= = 4D
5

Tu do: AL AF 2 AM lajco

Cho hinh thang 4BCD ¢o AB/CD  Goi M-V 1an lugt 1a trung diém caa 1€ 5D ke
N LAD(H .MJ] 3 ME L BC(Ee BC) _ Goi A= MENH ké N L DCTR e DO
Khi do trong tam glac MNK 1¢ thie nao sau day dung‘?

A, MEIN + NKIM + MN K =0 B. IN.tan N+ IV tan M+ TK. tan K =0

C. IN.cOtN ¢ [M . cot M + JK cot K =0 D. IM +IN 4 IK =0

Loi giai

Chon B

Ta ching minh /D =1C
= ABF + AJF = 150"
Ke A= BCBS L AD g giae ABFJ poitidp = DCB+ AJF = 180"
Khi d6 = PCEJ 13 tir giae noi tiép.
NH . ME 13 cac duong trung binh cua cac tam giac DBJ,CAF
IHLIE 13 cac dudng trung tryc cua DJ.CF an M =1F =1D=1IC Vay
| NHUBC [NK LME  [NK LM

Tir d6 suy ra / 1a tryc tim tam gidc MNK  Nén dap an dung 1a B

Email: nguyenvantoannbk@gmail.com
20058, ., =2019.5

. Pang thuc nao sau
day sai?

A, 2018.8, 5 =4037.5, 0y B. 2018.8M +2019.CM =0
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Cau 31.
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2019

ST 4037

T

Ho va tén tic gia : Nguyén Vin Todn Tén FB: Diu Vét Hdt

BC= BM s
C. 2018 D.
Loi giai
Chon C
o AH | AABC
Ké duong cao clua .
2019
Saise = Sy TS = St S =
. s '
Ta co
Tuong tu D cling ding.
1
S 3B gy o
. 1 P, )
Swew —amem M 2018
Tir gia thiét ta c6 B
—— 4037 =
HC = AM
2019

(C sai vi

037
_ 4037

018

— BM =—

, suy ra A dung.

2019 ———
M
2018

, suy ra B ding.

(T4c gia: Nguyén Vin Phung ,Gmail: nvpmaster0808@gmail.com)

Cho tam giac 4BC . M 1a diém nam trén canh BC sao cho S 1w

’ A " A ’
cat cac canh AB.AM .,

Tim s6 .

A k=1,

Chgn C

AC lan luot tai

B .M'.C’

C.

Loi giai

phan biét. Biét ring 4B’ AC

k=3

- "5-"'-"'. Mot duong thang
A AC 0 AM
A
2
D. 3.

(Tdc gid: Nguyén Vin Phing ,Gmail: nvpmaster0808@gmail.com)

15;:"=3'§:'.'=
Ta co

bat

Tacg BT = AN~ AB"

= BC=3MC= BM =

M

BC

Lid | b2

AB'=xAB: AC'=yAC: AM'= zAM

= zAM — xAB

uigeli.xyz
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Cau 32.

Cau 33.
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=

= z(AB+ BM |- xAB=(z— x) AB+ %f;’i:_‘

T - - "I—
T N - -
= (2= x)aB+ {4 - AB)= 3 |=H;’ —ac
Lai co: B'C'=AC' - AR '=vAC—xAb
z 2z
3 3 ..3_1°2
Mitkhac B'M' B'C' cung phuwongnén ~—*+ ¥ z 2y
AB ,AC . AM
Hay AB' ~AC' ~AM'
Twr 6 suy ra k=3
nguyenchitrungl2@gmail.com
Cho " diém phén biét trén mat ph:fmg. Ban An ki hiéu chl'mg la 4. 4,.....4, . Ban Binh ki hiéu
ching la B.B..... B, (Al =5, ). Vecto tong A B+ 4 B- 4 B bang
A. 6 B. 44 c. BB p. 4B

Loi gidi
(Swu tim, Tén FB: Trung Nguyén Chi)

Chgn A
Lay diém 0 bét ki. Khi d6
AB + AB ..t A B, =40+ A4,0+..+ 40|+ (0B, + OB, +...+ OB, |
IBLBLLL B =tA. A4
Vi . ' i ~ nén
OB+ OB ...+ OB, = OA, + OA, + ...+ OA,
AB +AB +..+AB =(40+04 |+(A0+04, (4,0+04,)=0
Dogo M1 AE | ) ) (45+0F)
Trong dudng tron (O) voi hai day cung AB va CD cét nhau tai M. Qua trung diém S cua BD k¢
AK AM*

= .
SM cét AC tai K sao cho CK Tinh: €M~

r<7\
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|
A.2a B. & C. D.a
Loi giai
L{Kr =t =0
CK
MR = - g T
Ta C(’): ] ol ] ol (1)
Y A
—_— MK =IMS=—IMB+ MD)
Do MK, MS cung phuong nén: 2
Mat khac
- h
M =—— ‘uM
. - MA”
MAME=MCMD=h>>0= .
MD = —— uC
MO
— |.']I.| — |.']|.| —
= MK =— — M- _MO(2)
A4 2MCT
‘ ] B !
E 2MAT MA®
‘ hi MO
Tir (1) va (2) suy ra M
% — —
‘ 7 BD= 2 B0, AF = - AT
Cau 34. Cho tam gidc ABC. Goi D, E lan luot 1a cac diém thoa man: 3 4
AK
Piém K trén AD sao cho 3 diém B, K ,E thiang hang. Xac dinh ty sb AD
| | | 1
A. 2 B.3 c. 4 D. 5
Loi giai
A
E
K
C
B D

Ba diém K, B, E thang hang khi va chi khi ton tai @ sao cho:
AK = ax AB+ (11— UMF_ 1)

_— . | ——
AK=xAD= .1‘[; AB+

'..u||_;|

bat

uigeli.xyz
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— AK = L AR
3
Ap dung hé qua 5 thi tir (1) va (2) ta ¢6:

= —

3
- A

‘l[]—ff}=i lfJ.*:l
4

5
3

— AK |
AD 3

— 1
AK = -
Vay 3
Email: lethithuy@thpthv.vn
Cau 35. Cho tam giac ABC vuong tai C, co AC =bBC = a’ D 1a chan dudng cao ké tir C. Khing dinh
nao sau day la ding?

e al = = — — a  — b -

= A ~ K = A - A
A a +b a +h° B a +h a +h
o G — b — - G — —
= — AL - — B = AC- — B
C a +b a +h D a +b a +h
Loi giai
Facebook: Lé Vian Ky
Chon A
A
D
b
C a "B
. CB° BD CE° - = B
BC'=BDBA=BD=—_ 222 __ 9 . gp-_"Y gy
) BA B4  BA a4+ N a + b
Ta cod
L ur LK -5‘2 ur ur
BA=CA- CBP Bﬂ=ﬁ[CA— CB
, a +b
Lai cé:
ug ur o um o w2 Uur ur F W poour
CO=CB+BD =CB+— 2[CA—CB =——CA+— CB
a +b a +b a +b

Vay
Email: huyenbla81@gmail.com
Ciu 36, Cho tam gidc ABC cd trong tim G. Goi I la diém xdc dinh boi 514~ 7/5~1C=0. Goi E la
EA
giao diém ciia Al va BG. Tinh ty s6 £/
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W | —

1
2. B.2 C.3. D.
Loi giai
(Ho tén tac gia: Nguyén Thi Thu Huyén. Tén FB: Thu Huyen Nguyen)

Chon B
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Vi G 1a trong tdm cia tam gidc ABC nén ta co:
A+ 1B+ IC =3I,

CSIA-TIB—IC =0,
Ma:
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Cau 37.
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)  0iA-01B=3IG
Vay ta co:
< 2BA=1G
| 1G //AB
J——
| IG =248

I
EliGo

Email: nghiepbt3@gmail.com ) 7 i
Cho 2 tia Ox, Oy vudng goc. Trén tia Ox lay cac diém A,B sao cho OA = OB = 1. C la diém

thudc doan OA, N 1a mot diém thudc doan OB va dyng hinh vudéng OCMN. Trén doan CM lay
diém Q va dung hinh vuéng ACQP. Goi S I3 giao didm ciia AM va PN. Gia si 0C=kOA

1
—- — =  — kel=-]
AS=xAM NS:yNP, 2 )
) a
Khix+y=10 thik= b vsi GLVEN via bnguyén té cung nhau thi a.b bing
A.7 B. 4 C.5 D.12

Loi giai
FB: Ngo Quang Nghi¢p
0S=0A+AS=0A+x AM=0A+x|OM—0A |=1-x| OA+xOM

Ta co:
=(1-x)OA+x|OC+ON|=(1-x| OA +xk OA+ xk OB
:(1_X+kX)a>4+Xk@ ’(1)
Mt khac: 5TS:O_I>V+N§:k5I§+yN13:k51§+y(513—5]>\1):k5l§+y@>4+y@—yk51§
:k[l_y](jé'i'yag'}'y(l_k)(_)é ,(ViAP:CA: 1 -k nén XP:(l_k)(_)B)
@f 1_k 1
, bx=——— 0l
b=
o ey | -2k
Tu (1) va(2),taco !
1 1—k k2 13 k=
X+y="—"— —o

©o— +— = [¢
10 2k"*-2k+1 2k°—2k+1 10

3
4
1
k==
| 4

Ta co:
r r Y k :§ r r
Déi chiéu didu kién, tachon 4 . DAP AN D.
Email: Duyleag@gmail.com
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Cau 38.

Cau 39.
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Cho tam gidc 4BC | Gia sir diém M nam trén canh BC thoa cac tam giac MAB.MAC 13, luot

¢6 dién tich 1a °>°2, Khing dinh nio sau day déng?
A (S 45.) AV =S, 4B+ 5, AC. (s

S )AM =5 AB+ S, AC.

B.

S ) AV =S AB- 5 AC S ) AV =S AB-Ss.AC

c. ' D. -
Loi giai
Ho Tén: Lé Duy Tén FB: Duy Lé

A
S] SZ
B IY; C
Goi =d (A4.BC)
L (4. BC).BM
s, FUABCLBM gy
ol ==
S Zd(asC) o M
, 7 -
Taco =

U A — e S,
= B.H:?—'.H('c;w S,(BA+ AM)=5,(MA+ AC)

= (5.4 5, )AM =S, AB+ 5 AC

Email: Duanquy@gmail.com

. _I ——
) Al = —MI i
Cho tam gidc ABC c6 c6 M 1a trung diém cia BC, 2 . biém K thudc canh AC sao
—— F i —
i K4A=—CK . _
cho B,L,K thing hang. Khi d6 n .Tinh & = 25m + 60+ 2019
A, S=2019 B. S=2068 C. S=2018 p. S =2020

Loi giai

Ho va tén tac gia : Nguyén Dirc Duin Tén FB: Duan Nguyen Duc

Chon B
A
K
— ] — —
.4.\!2:[.43 + AC) C
2 B
Ta co . M
Goi diém K thuoc canh AC sao cho AR = x.AC
- e e [ S, S R

— — . Bl=-AB+ - AM =—dB+ —-AB+ - AC=—dB+—dC

Ta ¢o BK ==AB +x.AC va 3 §] 4] §] 4]

uigeli.xyz Trang 29



Cau 40.

Cau 41.
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X

- D = KAd= 4—(]"{ — | A
Pé B,LK thang hang thi 6 0 1=
vay 3 =251+ 6.4+ 2019 = 20068
Email : boigiabao98(@gmail.com

Cho tam gidc ABC c6 trong tam G, ldy cac diém I, J sao cho 1A =21B va 3A+2IC=0 3 thoa

|m:

mén dang thite 7 =KIG | Gi4 tri ctia biéu the © =7 ~0H koD,
p_> p_f
A, P=1235 B. P=0 C. 6 D. 5

Loi gidi
Ho va tén : Nguyén Quang Huy Fb: Nguyén Quang Huy

That vay néu ta goi M 1a trung diém cua BC ta co:

IG = AG - AT = ZAM :.xﬁ.;._i..x]'a-.u"a 2AB lu ZAB
- S QU e Y
= AT-AT=ZAC-2AB = JoAC - ZAB) = 21
Mat khac ta lai c6 2 oA : 2
6
Dodo 3
25Kk -36=25.20 36 =36-36-0
Nhan thay =2 do d6 P=0 vay chon B

(Email): nguyenmy181@gmail.com

= E;._m c. Mot dub’ng théng
AB , AC _ _AM

Cho tam giac ABC . M 1a diém ndm trén canh BC sao cho Sasc

. AB,AM AC B'M'C' . ,Tm =N .
cat cac canh lan luot tai phan biét. Bict AB AC AM "
Tinh M+7
A.2. B.5. C.3. D.4.

Loi giai
(Ho va tén tac gia : Nguyén Thi Tra My, Tén FB: Nguyén My)
LK EU.IH
S,.. =3,,. b BC =3MC b BM = 2BC
Taco . 3
pst AB' = ¥AB ; AC '=yAC ; AM ' = ZAM
Taco B'M'=AM'- AB' = zAM - xAB
L LLLF L LLMT EZU'”
=z(AB +BM |- xAB = (z- x)AB +ZBC
L wr um 5 LLLT
—(z- x)AB + Z(AC - AB) =§Qi- x BB + ZAC
3 378 3

LE LA T LAEAW AR md LBAR LAEH

B'C'=AC'- AB'=yAC - xA
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- X

=
-3
y

VY
I
=
+
bl

z

UL UL 3

Mit khac B'M ', B'C ' cing phuong nén - X
AB EAC _3AM

_|_
Hay AB' AC’ AM

Tén facebook: NT AG
Cho tam gidc 4BC ¢4 D 1a trung diém cia BC, O 1a mot diém trén doan 4D sao cho

Cau 42.
40=40D _Goj \E1=CONAB [F{=BONAC IM{=ADOEF o gk nao sau diy
dang?
e I S _‘,‘l — — [ — S— 2 =
MO==4D MO == 1D MO =-A4D EM ==BC
B. 15 C. 8 D.
A.
Loi gidi
Ho va tén tac gia: Nguyén Ding
Chon B
A
E F
o
B D C
Pit: Aé = _\'AE, "-M_:= I'L',‘;-I-JE , (.\'._ yel )
I TN SNUUI, SUU, SRR SR
AG=ZAD=Z{AB+ AC)=ZxAE+ZAC=ZAB+= yAF
Theo bai ra ta co 2 2 -2 2 A 2
7 7 2
q S+ Zy=loy="
Do ©-B.F thdng hang nén = - 2
7 7 2
. )E ) :__'l" :_=]_\|=-—
Do ¢ thang hang nén - 2 2
AB  AC 3 AD 4 2 —
JE— = —= "1{}_7"!1?:'_'3 1|.||r{'-l'|_—_"1.Ir--:I
Tu do: AL  AF 2 AM lajco 3 15
Ciu43. Cho hinh thang 4BCD ¢4 ABICD | Goj M.N 130 luot 1a trung diém cia AC.BD kg
v - O - b — ey , . . . .
.HH_.MJ[HE.MJ] ME LBCI(fe 5C) . Goi A= ME ”, ké K L DCTK e D ]_

Khi do trong tam glac MNK 1¢ thie nao sau day dung‘?
A, MKIN + NKIM + MN K = 0 B. IN.tan N+ IM.tan M + IK.tan K =0

C. IN.COtN ¢ [M.cot M + IK.cot K =0 D, IM +IN 4 IK =0
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Loi giai

Chon B

Ta ching minh /D = IC

= ABF+ AJF =180"
Ke AF LBC.BJLAD g gise  ABFJ ngitip = DCB+ AJF = 180"
Khi d6 = DCEJ 13 tir giae noi tiép.

NH . ME la cac duong trung binh cua céc tam gidc DBJ,CAF

IHLIE 13 cac duong trung tryc cua DJ.CF pan 40 =1F =1D=1IC Vay
(NH//BC [NKLME [NK_LMI
o — —
=i — K= K¢ ] MK TAD ] MK L HN ] ME L NT
Tir d6 suy ra ! 14 tryc tim tam giac MNVK  Nén dap 4n dung 13 B
Ho va tén tic gia : Nguyén Thi Tiét Hanh Tén FB: Hanhtiettiet

Email: tiethanh.78@gmail.com
Cau 44. Cho hinh binh hanh ABCD  Goi I 14 trung diém cua €D, G 1a trong tim tam giac BCT . Pit

a=AB,b=AD Hay tim dang thirc dung trong cac déng thirc sau?
R - — 5.
AG=—a+=h AG=Za+bh
A. o3 B. 6
e 5. 4. 0
AG=a+=b AG=—a+ =h
C. 6 . D. 33
Loi giai
Chon A
D I C
- G
b
A a B
U T TP [P
Al==AC+ —AD=—-AE+ AD
2 2 2

* I 1a trung diém cua CD nén:
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Cau 45.

Cau 46.
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AG =15 Lac L o
* G 1a trong tam tam giac BCI nén: 3 3 3 thay AC=A81AD vy
L N [ R I [ e e g
Af= l,am b AD AG = ?.M:’ - ?[_.445’ { .MJ} - ;i ;:H tAD |= — AR ?:H}
2 ta duoc - - sl ;0 -

(Email): locleduc10@gmail.com

Mot duong thang cit cac canh DA. DC oy duong chéo DB cia hinh binh hanh ABCD an
luot tai cic diém £+ ' va M. it PE=m-DA. DF = n.DC (m. 1 >0). gpino dinh ding la:
pif =2 P ot =i
A. W ) B. m+n
o = DB oy =2 pi
C. m+n ) D. m+n
Loi giai
Chon D

Pt DM = x.DB: EM = vFM.

Khi do:

EM = DM — DE =(x—m)DA+ xDC
FM =DM —DF =xDA+(x—nDC
Ta co:

EM = vEM & (x—m)DA+ xDC=xvDA+ vix—n)DC.

| x—m=xv
Do P4 DC khong cung phuong nén | x=yla—n)
Lo_m mn
Giai hé dugc nova m+n
ot =2 b
Vay i+

(Ho va tén tac gia : Lé Diwrc Loc, Tén FB: Lé Durc Ljc)
Email: phuogthu081980@gmail.com
— - — .1 — e
Hinh thang cin ABCD c6 d6 dai duomg cao A1 = @ 4B/ CD. 4B = a3 AD = a2 AB < D¢
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Cau 47.
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Al = : J_ AC vt zhme N
bl

AC cét BH tai 1. Biét

=+ 1

o t 2+
Tinh tong

A.20 B. 18 C.17 D.21
Loi giai

Ho va tén tac gia: Nguyén Thi Phuong Thu FB: Buisonca Bui

A B

D H C

VAT = AB+ Bl = AB+ kHB= AB+ k| AB— AH |=(1+ k) AB—k AH
et em e HO = —— f3 4]

NAC= AH+ HC= AH + — AB= AH + V3
AB N

‘M e AC e Al =mAC

AB.

Ma AH; 4B khong cung phuong

k=—m
=T=0+1+3+11=21
tambc3vl@gmail.com

Cho hinh thang ABCD véi O 1a giao diém cua hai duong chéo AC va BD. Qua O vé& dudng
thang song song voi day hinh thang, dudng thang nay cét cac canh bén AD va BC theo thtr tir
taiMvaN. Vi 4B=a CD=>b khido MN bang:

a.AB +b.DC bAB+a.DC a.AB-bhDC bAB—aDC
A. a+bh ) B. a+h ) C. a+h ] D. i+bh

Loi gidi
Ho va tén: Nguyén Thanh Tém Tén FB: TAm Nguyén
Chon B
MA NB 04 OB AR a

MNJAB!/CD MD NC oC 0D DC b
Do nén: .
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MA=-2 Wb

1

Do d6 ;
NB=-4NC
b
, hén:
- -
_oa+%oD oBiZocC

1+ 8 1+

! !
1 1

— — g — —y — g —

OB — 04+ —|0C—0D AB+=.DC |, 53
‘u'"'-._ = {-.1’.":.-'— {.}.HF: h [ ' _ h _ hoAB 4D
N | | 1 i 14 i i+ h

) r
1 1

Co:
Cho tam gidc 4BC déu tim O diém M thudc mién trong tam giac OBC; D E F 1an luogt
13 hinh chiéu vuong goc cua M trén BC | C4 | AB  Khang dinh nao sau day dang?

VD -+ VIE+ MF= 2V

AL 27 B. MD+ ME+ MF = MO |
— e Y
S P MD+ ME + MF = = MO
C. MD+ ME+ MF =3MO D. 2
Loi giai.
Phan Minh Tam

Chon D

ATHE T F R ‘B
T M ké duong thing Myl AC 4 4B , BC tai H, K,
T M ké duong thang My AB 4 BC CA i P, Q;
T M ké duong thing Mz BC cat AB, AC tai R S,

Suy ra AHMR  APMK | AQMS 1 céc tam giac déunén MD | ME  MF 13 cac duong cao
dong thoi cling 1a duong trung tuyén. Khi do
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VD= L(3iP+ 3R)
1. L
VE = (155 + 310
2l -,
RN P ——
MF = —( MH + MR
j. i .
e e e | e e e e e
MD+ ME+ MF = —| MO+ MH + MP+ MR+ MS+ MK |
Ta duoc 2%

S T

MDD+ ME+ MF = —|:.‘|M t MBH .‘u"('}= —[.‘lﬂ.’i' O MO+ OB+ MO (J('}
Mit khac ta c6 tam giac ABC ¢éu nén tam O cling la trong tdm tam giac ABC pgp
O+ O+ 0C= If‘];

. g

MDD+ ME+ MF==M0O
Vay 2 .

VAN DE 2. BA PIEM THANG HANG

Email: phunghang10ph5s@gmail.com
Cho hinh binh hanh 4BCD ¢6 cac diém MLV 13n luot thude cac canh “4B-BC-CD g6 cho

.4.”:%.43. fJ’fZMJ’('.('.".':é(T.] .
3 2 . Goi G1la trong tam tam gidc BMN  Xac dinh & @& Al

di qua G .
1 9 12
A3, B. 13, [ATH D. 13,
Loi giai
Ho va tén tic gia : Phiing Hing Tén FB: Phiing Hang
Chon C

A M E B

E . MB
Goi  la trung diém cua . Khi do:
AM =ME=FER

EG - EN
Ta co: _
S L —
& EA+ AG==(EA+ AN
3 -
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2= |

]

| L

T T 2 2= iy o 4s %) —
e AG=Z"AE+ —AN < 4G ==.2AB 1 —[.4( FON }: 2AB+ —| AC——AB |: AB+ —AC
3 3 33 3t T0 2 ) I8 3
Do Bl =kBC 3 diém I nim trén doan BC nén Bl =kBC
& BA+ Al =k(BA+ AC )< AI=(1-k) 4B+ kAC
PR . S I LY T S W T Sl
LR - 1
Do Al diqua G nén A4.1.6 thang hang IS 3
Cho tam gidc ABC . Goi M 1a diém thudc canh AB, N la diém thudc canh AC sao cho
1 3

AM =Z-AB, AN = ZAC i ) )
3 4 . Goi O 1a giao diém cua CM va BN. Trén duong thang BC lay

LAY LA
E.bat BE = xBC .
Tim x dé A, O, E thang hang.

Chon C
2 8 S 8
A3 B. © C. 13 D. 1

AQ = §AB +4AC

Ta co:

AE =(1- x)AB +xAC
LA LLAR

A, E, O thing hang U AE = KAO

LI LLLr L LLAY
U (1- x)AB +xAC —EAB -I-kAC U k=% X=E
9 4 13 13
9
X =_— ‘
Vay 13 12 gi4 tri cAn tim.

Ho va tén tic gid : Nguyén Thanh Diing Tén FB: Nguyén Thanh Diing
Email: thanhdungtoan6@gmail.com

i

'Q: oo . . 2 . P.O. R 2
2 Y twong: Cho tam giac ABC | T 13 trung diém cua BC . Goi O R 13 cac didm xac
dinh béi:
AP= pAB, 4D = AT, AR=r AT g pgr =0
2 1 1

Chémg minh ring: 7> ¢> Kthing hang khivachikhi ¢ 7 7.
Chirng minh

Ta cé
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Pu—du—dr:“u—pqﬁ—u_pw AC)-pAB =2 143 Lac

‘f‘h’— AR— AP =rAC — . 1B

Do d6, I € Rthing hang khi va chi khi tdn tai s6 thuc ™ sao cho 7<= MR

N e 9% P Y — -1 R, .
L AB+LAC=m(raC- paB)e LT g I— W 4= 0

lJl'-

| g —2p+2mp

i =
2r

Cau3. Cho tam giac 4BC  Goi I 1a trung diém BC; P 1a diém dbi xang v6i 4 qua B; R 1a diém

-
AR=ZAC 7 , 7
trén canh 4C sao cho . . Khi d6 duong thing 4R di qua diém nao trong cac diém
sau day?
A. Trong tdm tam giac 4BC B. Trong tdm tam giac 4B/
C. Trung diém Al . D. Trung diém BI .
Loi giai

Pap an: B

A

G

B c
J H 1
P

‘4?—“43[ﬂ—“}

AR = Ar;r=

Theo d bai, R

LN ]
]
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U B 7
AG="ait| 4= |
Goi G 1a trong tdm tam giac 4BI | ta dugc v

|t

£

p)

L | L] e

Ta co suy ra P, G, R thang hang.

\ !
/Cg\ (co thé phat trién P, J, G, M, R thé’ing hang voi J — ¢6 1€ 1a trung diém BH, con M chia Al
theo ty so tinh duogc)
Caud4. ChoAdBC ¢4 H 1atrung diém ciia 4B va U & AC:GC= 246G Goi F 14 giao diém cia C1

va BG  Tim diém 7 trén BC sao cho /£ thang hang

[ 'F) (& 'F) (™ ¥ [ 1) (& 1F) (= ¥)
A, [C=-2IB. B. IB=-2IC. c. IB=1IC. p. /C=-3IB.

Loi giai
A E D
G
H
F
B C

Goi D 1a dinh th{ tu caa hinh binh hanh ABCD va E 3 trung diém cua 4D- Khi do, ta co:
LT L
FH =— i_ FC

Van dung dinh ly IMen"c"lal’“"’ttrong AHBC o A F.1 thang hang

R
by
e
oy
ey

O | I8 .

— —— . — ==]"~'.:* —=|:_—]'}=]
AR IC FH 2 IC
B

— =—= — —
ic 2

(= 1F) (=T

Vay /C=-21IB.

Hoy va tén tic gia: Hoang Thi Tra FB: Hoang Tra . i
Caus5. Cho tam gidc ABC. I 1a trung diém cia BC. Goi M, N, P lan luot 1a cac diém xac dinh boi
AM =mAB AN =n Al AP = pAC _voi mnp =0 Tim didu kién cua M- P dé M, N, P thﬁng
hang.
A, P =mintnp B, 2mp = mntap C 2np = mn -+ mip p. 2t =mp np
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Loi giai

MP=AP—AM = J.'J.f.E-("'—m AB — ] —
Al = :[.f!h’ tAC)

Tacg VIV = AN AT = ndi-mAB g

e [ — e S I =
MN =—=[AB+ AC)—mAB=(——m)AE + = A(
7 b b

"
— M -
5

=== 2mp = w4 np

Do "1 # 0 nan M, N, Q thang hang khi va chi khi ~" 7
Chon dap an B.

L |

Nhan xét: Vi bai toan trén thi viéc cu thé hoa bd ba sb m,n,p sao cho théa man diéu kién trén
ta déu ra duoc bai toan chimg minh ba diém thang hang. Két qua trén chung ta c6 thé van dung
vao dé giai nhanh bai toan sau:

Cho tam giac ABC. Goi G 1a trong tAm cta tam giac, I 1a trung diém cua BC, M va N 1a cac
' I
=

(v =Llge

} TN £ Rt
diém duoc xac dinh boi - . Goi P 1a giao diém cua AC va MN. Tinh ti s6 dién
tich tam giac ANP va tam gidc CNP.

7
A. 3 B. 2 C.4 D.2

Loi gidi.
51. - E PA
5 PC

CNP

Ta cod . Yéu cau bai toan dan dén tim ti s6 FC .
Ta dé dang chimg minh dugc M, N, G thang hang.

—_ ] —= e —— e
CN=—BC=2CN=0GC-GB = 2IGN -GN ) =GC-GA

s JGN = 3GC - GB = -3GA- 4GB

&5 IGN =—3GA- 4GB+ 3IMA+ AMB(vi3MA+ 4MB = 0)
Vay G, M, N thang hang. Mit khac MN cit AC tai P, nén M, G, P thiang hang.

- e _]_
AM =mAB = m=—

Ap dung két qua G, M, P thang hang theo cdu 1 vao ta co

AG=nAl=n=

tad | b2

Jmp=nminpe2—p=

) QNN

Led | b

Aﬁ= ‘EI'A(_: Khl dé

PA_, Save _ 4

do PB . Vay Scp
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N, N .
E 9 BD=>BC: AE=LAC
Cau 7. Cho tam giac ABC Goi 7~ lan luot la cac diém thoéa man: 3 4 . biém
Ak-%ap & » e
K trén AD théa man b (v6i b 1a phan s6 t6i gian) sao cho 3 diém Z-™-L thing
hang. Tinh P=a"+b7
A, P=10 B. £=13 c. P=29 D. P=5
Loi giai
Chgn A
A
E
K
B
D C
= = == 3
AE=—AC = BE=—EC+—BA(l)
Vi 4 4 4
Gia sir AK = xAD = BK = xBD+ (- x)BA
I P e Dy e _
BD=—BC AK=x AD = BK = —ED +(1- x15A4
Ma 3 nén 3
vi 8.K.E thang hang (B # E')nén c¢6 m sao cho BK =mB5E
e Y T —
DB+ 2L BA="2BC +(1- x)B4
Do dé co: 4 4 3
: o T T I —
| ﬂ—% BC+ |1~ 21 |BA=0
Hay [ —]' &) \, —]' A
Do BC: 584 khong cung phuong nén
% Y '2 4
”'I—;:[\Jj]—n,—_”.l—ﬂ _T:%;m:i
3 4 Ttr d6 suy ra 3 9
e | —
AK =—AD
Vay 3
Email: themhaitotoanypl@gmail.com
Cau 8. Cho tam gidc ABC, I 1a diém thoa man: 274 — 18 + H1C =10
K 1a diém thoa man; &4+ ZKE + IKC =10
P la diém thoa man: 4+ mPE+niC =10
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Cau 9.

Cau 10.
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C6 bao nhiéu cap (m,n), mneZ, mne [—]ﬂ: ]n] sao cho 1:&:F thang hang.
A.2 B.3 c.4 D.5
Loi giai
s PA=—-mPB-nPC
Co: 20415 + 47 = ©2|PA~PI|~|PB~PI|+4(PC~PI|=0 5P[=2PA-PB+4PC
©5PI=|-2m—1|PB+(-2n+4|PC
Co:
KA+2KB+3KC=04 (PA—PK )+ 2(PB—PK |+3(PC— PK =0 < 0PK = PA+ 2PB + 3PC

e O0PK = (—m E}Pﬁ t (= 1}4"’(_

ILK,P thang hang khi va chi khi 5P1,6PK cung phuong
e[2m+1)in-3/=(m+2|[2n-4|=2m-5n=11

Do (mon).mouneZ mne [—]ﬂ.‘]l’]] nén (o) e (=8 =10 (=3.-1).(2.3).(5.7),

(Fb: Luu Thém)
Email : bovhanam@gmail.com

Bai em suu tam a !

Cho tam giac 4BC M va N 1a hai diém théa man: BM = BC-2A8 , CN =xAC-BC  X4c
dinh x @& 4, M N thing hang.
| |
A. 3. B. 75 C. 2. D. 75
Loi giai
Chon D
Ta co

BM = BC—2A4B < AM = BC— AB & AM = - AC+ 2BC
CN =xAC—BC.<> CA+ AN = xAC — BC &< AN =(x +1) AC- BC

pé 4 M. N thing hang thi 3k # 0 sao cho AM =k AN

_ N R . v+ 1=k
(x+1)AC—-BC=k(-AC+2BC | | =
Hay

Huonghungc3@gmail.com
Cho tam giac ABC ¢6 G 1a trong tam, | 1a trung diém AG , léy K thude canh AC sao cho

AK =kAC Néy B/LK thang hang thi gia tri cla K nim trong khoang?

NES M I

Loi giai

uigeli.xyz Trang 42


mailto:boyhanam@gmail.com

Cau 11.
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(Ho tén: Nguyén Thu Huwong. Tén FB: Thu Huong)

Chon B

Khéng giam tinh téng quat: gia sir tam giac ABC ¢6: AGO)B [ﬁ D):C ([}' 6) thi

G(22);1(21)
™ L - 6
1) ) Sm=6U =—
GQiK(Qm) Khid('):lB[S' l)JKB[a m}.Dé B,I.K thang hang : " " 5
k=1
suy ra 5

Ho va tén: Tran Van Luét
Email: Tvluatc3tt@gmail.com

FB: Tran Luat

Cho tam giac 4BC | M 13 diém thudc canh 4C sao cho MA=-2MC N thuge BM sao cho
NB=-3NM P 1a diém thuoc BC . Biét ring ba diém AN, P thdng hang khi F’B=kPC
Khang dinh nao sau day 13 ding?
T o
A. =7, B. N . C. =/, D. = .
Loi gidi
Chon B
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A

Ta cé

— o L L o o — 1
NB=-3NM = AR - AN = —3[.4.“’ — AN F = AR + 34AM =4 AN = AN = _—1

. PE=}PC e AB— AP=1}(AC— AP
Do P la  diém  thuoc BC nén [ "
| k

o AB—kAC=(1-k) P = AT ‘A._]’”ﬁ_]_L AC

] i
-5 4

AP = hAN <

1
I-& 2

AN,P thang hang khi va chi khi

Ba diém
Vay k=-2

Ho va tén: Hoang Thi Kim Lién
Email: lientiencl@gmail.com

Facebook: Kim Lién
Cau 12. Cho tam giac ABC . Goi M.N, P 13n lwot nam trén dudng thing BC, CA, AB sa0 cho

UB—”’?‘}? T?_”k{“‘q ;-‘II—APB . Tinh tich nnk @& M, N, » P thang hang?
Al B.-1. C.2. D.—2.
Loi gidi
Chgn A
Tacod:
VB = 2 BC; BP =L 4B BC=(1-m) MC: ON = AC
1-m k-1 1-n
MN _l_}” AB + ll—lm ﬁglfi(
?J}l‘ﬂ_f — __|1;;'E " tﬂﬂ
\1-m 1-k) 1-m

pé M.N,p thang hang thi ta co :
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-m 1 m
l-m 1-k__1-m . _
— = Ii_nﬂk 1
Cau 13. 1-m 1-m 1-n

(Email): thuhangnvx@gmail.com i i
Cau 14. Cho hinh binh hanh ABCD goi M 1a trung diém cta canh CD, N 1a diém thudc canh AD sao cho

o
'4'\ = —.""JD

3 . Goi G 1a trong tam cua tam giac BMN, dudng thing AG cit BC tai K. Khi do
BK="BC 2
n (7 1atdi gian) . Tinh S =m +n
A S=106 &3:17_ C.S=18 D. S=19
Loi giai
( Tén FB: Phing Hing )
Chon B
Ta co
VAG = AF + AT =_[m AV )+ 2(4G + 4B)
— —— | — 1 ;— R — e | -
& 3AG= AN+ AM + AB=—AD + —=(AD + AC|+ AB=ZAD+ — AC + AB
3 20 ' ] 2
S s S L —
=2 4D+ ]_[.43- AD)+ AB= i AD + Z AB
i 20 : 3 2
[
= AG=—AB + — AD
2 B
Dit BK =x.BC = AK = AB+ BK = AB+ xBC = AB + xAD
\ |',a- =2
AK =kAG = AB+x. Jﬂ—;-b+—.-if}<:‘ 8
i Y= —
Do A4,G K thfmg hang thi 9
m_8
Suyra # Y
vay S =17
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Email: builoivka@gmail.com
Cau 15. Cho hinh thang ABCD ¢4 day 4B | CD , (D= 248 M , N 1an luot 1a cac diém thudc canh

PM  ON _a a
giao diém cia BD va MN; Khids v <M bovei b ola phan s téi gian. Khi do @ +b
bang
A. 386 B. 385, C. 287 . D. 288
Loi giai
Ho tén: Bui Thi Lo¢i Facebook: LoiBui
Chgn A
E
A B
N
P
M0
D C

Goi £ 1a giao diém cua 4D va BC  Taco A, lan luot 1a trung diém cua £C | ED |
Gia st PM = xPN , ON = yOM
11— 7

—— — Fi-FCc | — 7x -
PP M — x BN _ 6 10 - FA—— FC
Ta c6 ) 1— - x i [] — '} 1n [ 1- l.}
11 T 53
T— vt 100 — <% S x=——
Do P, A, C thénghéngnén ﬁ[.]_"'} ]ﬂ[.]_"'} = 55— 2lv= 30— 30x 9 .
PM 25
Vay P 1'\"' a "') .
L L= S
f(]: EN- yEM _3 12 = — : f:'E’— — ff_'i
Tach -y -y Sl=v) 12(1-y)
7 Iy :
— - B P
Do & 8. D thing hang nén Sl=r) 12(1=1) = 84-55yp=00-00y 3

ON 24

viy OM 5

PM  ON 341
PN OM 45

=a=3lb=45=a+h=350
Suy ra

Cach 2:

A.P.C

Ap dung dinh 1y Menelaus cho tam giac AMN véi ba diém thang hang 1a ,taco
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Cau 16.

Cau 17.
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FMO3 0
| = —=1

PM 25
PN CE AM PN IO PNO9

A

Ap dung dinh 1y Menelaus cho tam gidc £MN v6i ba diém thang hang 1a B,0,D ,tacod

OV DM BE _ _ON 1 S_ _ ON
oM DE BN oM 122 oum s

¥ Y 3

PMON 33 341 =45 = a1 h=380

Vay PN OM 45
Email: datltt09@gmail.com ) i o
Cho tam gidc ABC, trén canh AC lay diém M, trén canh BC lay diém N sao cho AM = 3MC, NC

= 2BN. Goi I 1a giao diém cua AN va BN. Tinh dién tich tam gidc ABC biét dién tich tam giac
ABN bang 4.

— —115% — 175 —17
AL S o =1 10. B. S g =115 . C. S g =125 . D. S o LO.
Loi giai
Ho va tén tic gid : Vii Thi Hiang Tén FB: Pat Lam Huy
Chon D
. L AI=kAN
Gia sw ta co
BI—BA=kBN—k BA
- — e
= Bl=(1-k)BA ?B('f_]]

JAM =3AC = BM = BA+3BC(2)
Tuong tu

Vi B,I,M thang hang nén tir(1) va(2) ta c6

) Y = 1 [H]S_.*._ ;= 40
Suy ra

S, =35, =120

(C6 thé dimg dinh Iy Menelauyt dé tinh ty s6)
Email: samnk.thptnhuthanh@gmail.com
Cho tam giadc ABC M thudc canh AC sao cho MA=-2.MC , N thuéc BM sao cho

NB=-3.NM , P thuoc BC sao cho PB=k.PC . Tim gia tri k dé ba diém A, N, P théng hang.

1 1
k == f = —=
A 2, B. k=-2, c.' 2. D.k=2,
Loi gidi
Ho va tén: Nguyén Khic SAm  Facebook: Nguyén Khic Sim
Chon B
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Ta co:
NB=-3.NM & AB—AN=-3.|AM - AN |=AB+3.AM =4.AN
o AN=1AB++ AT [1

4772
PB=k.PC & AB— AP=k|AC—AP|= AB—k.AC=(1-k|AP (k#1)
1ik1TB_1§k
Ba diém A, N, P thang hang khi va chi khi:

Det Biei L1
o

= AP= AC (2]

=>k=-2

VAN DE 3. QUY TICH
Nguyén Vin Diing Fb: Nguyén Vin Diing
Email: dungtoanc3hbt@gmail.com
Caul. Cho tam gidc ABC véi ) 1a diém thoa man JA+ FB+FC =0, goi E 1a didm thuoc
AB va thoa man AE = kAB . Xac dinh k gé €.EJ thang hang.
.f{E(—EZ—”. B.;’(e(—l:())- C.f\'e(O;]). D. ke(l:2)

A
Loi giai

Ta co

JA 9B +13C=0=2E + FA+JE 5B +JC =0 JE +JC 1 FPA+EB =0
A 5EB - 0 TEA + SAB = 0> AE = 2AB — k=2

pé '’ 7 U

Chon C

Leminh0310@gmail.com

Cau2. Cho hinh vuéng 4BCD taim O canh 1. Biét ring tdp hop cac diém M thoa man

thang hang thi

2MA™ + MB™ 4 2MC™+ MD™ =9 13 mat duong tron o ban kinh R . Khing dinh nio sau day
dang?
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: re(53] re[ 22|
A, Ko@) B. £=(1:2) c 22 D. \°
Loi gii
(Swu tdm: Lé H6 Quang Minh — FB: Lé Minh)
Chon C
A D
0]
B C
|'(ﬁ FOC =)

Vi 4BCD 13 hinh vuéng tam O nén ta co: l”‘r’: HOD=0

Theo giai thiét; 2MA™ + MB™+ ZMC™ 4+ MD* =9

©2(MO+ OA) +(MO+ OB) +2(MO+OC) +(MO+ OD) =9

& OMO™ 4+ 2047 + OB® + 20C° + OD° + 2MO 204+ 20C + OB + 0D | =9

& 0MO +3=9< MO=1
Vay tap hop cac diém M 1a duong tron tim O ban kinh R=1,
Email: thuyhung8587 @ gmail.com

Cau3. Cho tam gidc 4BC  Tap hop nhimg diém M thoa man

4MA + MB 4 .\'fc_‘| = |1.\'f.7! ~MB - MC ;
a:

A. Puong thing di qua 4 B. Buong thang qua B vaC

C. Duong tron D. Mot diém duy nhét.

Loi giai
447 + §15 + §1T]|~ 2372 - Vi - i

—

..--I ..--I .._1.'2..--:""'.---_""'._
MA+ MB+ MC _..1.m| |__w.rz _'1'”|,(]:lé1trungdiém 50

=

(3G + 34 ) -2

MA— M
| , (G : trong tam _ABC )

I
= MJ=—=74
3

i1

o I:"I

.n.}|: 2

(/ 1a trung diém cua AG)
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AG
AG
(khong d6i). Vay tap hop diém M 1a duong tron tim+/ , ban kinh 2

= M =

b | —

Chon dép an C.
(Ho va tén tdc gid : Cin Viét Hung, Tén FB: Viet Hung)
ngoletao@gmail.com
Cho tam giac ABC c6 hai dinh B, C ¢ dinh véi BC=2a, Goi H 1a tryc tdm cia tam gidc
ABC va M la trung diém cia doan BC. Néu dinh A thay do6i nhung luon thoa
MAMH + MA* =4d’ thi diém A Iudn thudc mot dudng tron ¢b dinh c6 ban kinh bang
A. 2a, B. V3 c. a2, D. 4.
Loi gidi

(Ho va tén tac gia : Ngo Lé Tao, Tén FB: Ngo Lé Tao)

Chon B

Ta co
e | p—— g —
MAMH = I[ BA+ CA _H: BH (‘H}

| e e e ey
= —|BABH + CACH | rr e
4N " (do A LCH CA L BH

- L Basi  cici) ,
4 " (dinh 1y chiéu vecto)

= lBC2
4

Suy ra

e i . I . . .

MAMH + M4 =40 = 1.4:;' +MA =4a = AM =:.r~4'q

Cho hai diém 4 va B c¢b dinh. Tim gia tri ¥ >0 dé tap hop diém M théa man didu kién
MA™+ MB™ =k 13 mot dudng tron.

uigeli.xyz Trang 50



Cau 6.

Cau 7.

uigeli.xyz

2, 2, 2 ) 2,
k<—AB~ k=—AB" k=—AB- k=>—AB"
A 3 B 3 C. 3 D. 3
Loi giai
Chgon D

Goi E 1a diém thoa man: EA+2EB =0 3 ¢4

ET14+26F =0 1y e,

MA® + MB® =k & (ME+ EA) +|ME+ EB) =k = 3ME = k— EA* - 2EB° (*)

2 | . . 2 .
FA+2EB=0= FA=—4A8 EB= S AB (%)= IME = k- = A
Ma 3 ; 3 nén 3
0, 2
= ME = k—— AR |
3l 3 )
2,
B ;\' < _—;iB_ 5 N
Néu 3 : Quy tich diém M 1a rong.
2 )
;\' = _—;iB_

Néu 3 : Quy tich diém M 1a diém £ .

2 ;
C k>Z4R q =
Néu 3 : Quy tich diem M 1a duong tron tim £ béan kinh
PHAM THANH LIEM FB: Liém Pham

Email: Phamthanhliem1@gmail.com

Cho tam gidc vuong 4BC tai 4. Tim tap hop M sao cho MB™ + MC™ = MA™
A.Duong thing. B.Duong tron. C.Poan thang. D.Mot diém.
Loi giai

Chon D
MB™ + MC* = MA® <= MB* + MC*— MA" = 0 Goi E 1a diém duoc xac dinh boi
EB+ EC— EA=0_(Ela diém thir tw ciia hinh binh hanh ABEC ),

. MB*+ MC*— MA* = (ME + EB) +ME + EC| —(ME+ EA)
Ta co: - S S :

-

=ME +EB + EC—EA

=ME 4 EE + EC —(EBVEC) _ yp 3 pR £C = ME* - 2ABAC = ME® Vay ME* =0,

Nén tap hop diém M 1a diém £ .

( Cach ching minh trén phuc vu cho ca tam gidc ABC 13 tam giac thuong va khi d6 cac tap
hop diém la khac nhau )

Email: thachtv.tc3@nghean.edu.vn

Cho tam giac ABC vudng can tai 4 co AB=5cm  Goi (5) 13 tap hop cac diém M trong mat
phéng théa man hé thirc: MAME + MAMC= 25 Goj I 1a trung diém cua BC . Két luan nao
sau day ding?
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A. )13 duong thang trung truc cta doan thang A7 .
B. () 1a doan thing 4/ .

C. (5) 13 duong tron cb dinh ban kinh 4
. 52
D. () 1a duong tron tam  ban kinh i

Loi gidi
(Ho va tén tac gia: Trinh Van Thach, FB: www.facebook.com/thachtv.tc3)

Chon C
C
]
D
A °B
S — O ) 1 . . ol . . Y _
 MAMB+ MAMC= J_q_x —[ MAT+ MB™ = AB* |+ —[MA + MC™ — AC | =25
Tur gia thiét: 22 2

e IMAT+ MB™+ MC =50+ 50 &= 2MA™ + MB™ + MC* =100
Goi D 13 didmn thoa man 204 + DB + DC =0 =204 + 201 =0 = DA+ DI =0
= D 1a trung diém ctia doan thang A/

Ta o 2MA™ + MB™ + MC™ =4MD" +2DA4" + DB™ + DC”

) — |52y (s2) s
L, b 52 pe=po=yiB i = RN E
DA=—Al =—BC=2= | 75 | 73 <
Va 2 4 4 A )
Suy ra
: \ \ \ \ : \ s L sy 75
DMAT + MB® + MC =4MD” +2DA + DB+ DO =4MD" + 2. y 2y | =AM —
8 )

75 125

) AMD™ + = =100 = MD" =
Ta c6 két qua: 2

oo

510

Nhu vay (3) 1a duong tron tim D ban kinh 4
Cho tam giac déu ABC  canh @, Tap hop cac diém M théoa min ding thuc

. . - Sa-
AMA + MB + MC™ = —

S A A as AC) e
2 nam trén mot dudng tron ( ) c6 ban kinh la:
a3

4 a a4
A.‘E. B. 4. c. 2 . L\E.
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Loi gidi
Chon D
Goi M 14n luot 13 trung diém cua BC .
Goi ! 1a diém thoa man didu kign: 444 1 18+ 1C =0
Khi do, ta c6: 414 + 1B+ IC =0

U
- - - e e Al=—AM
S 4A+2IM =0 = 34+ AM =0 3

3 \ \
A= “*_/_ 15 = 1=+t By =

Suyra: 6

21

1

2T

AMA™ + MB + MC* =
Ta lai co: -

—2 M

e AMA + MB + MC =

— =2 g —2 —— —2  §g°
o 4(Mi+ I4) +(MI+ B) +(MI+ IC) =22

Vay tap hop diém M 1a duong tron tdm / ban kinh ! J6 .
Cau9. Cho ABC Tim tap hop cac diém M sao cho: |I1IM AME 2 K1| B |11|M SMEmMe .
A. Tap hop cac diém M 1a mot dudng tron.
B. Tap hop cua cac diém M 1a mot duong thang.
C. Téap hop cac diém M 1a tap rdng.
D. Téap hop cac diém M chi 1a mot diém trang voi 4.
Loi giai
Chon A
A

A N C
Goi 1 1a diém théoa man /4 + 38— 21C =0

VA + 3875~ 21| = N~ VB - M| e 7T+ £+ 305 - 21¢ = |BA+ G (1

—
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. o (1) e 2|Mi|= 2 AN
Goi N 1a trung diém BC Ta duoc: ) | | |

= JM = AN

I' A4 N ¢§dinh nén tap hop cac diém M 1a duong tron tam !, ban kinh AN
Caul0. Cho tam giac déu 4BC canh @. Tép hop cac diém M théoa min déng thirc

. . T
AMAT + MB® + MC* =22 (€)
2 pam trén mot dudng tron c6 ban kinh la:

a Cl\/g

a 1)
A.‘E. B.Z. c. 2 . gxfg.

Chon D
Goi M 14n luot 13 trung diém cua BC .
Goi 7 1a diém thoa man diéu kien; +A + I8+ I1C =0
Khi do, ta co: HA 1B+ IC =0
U
- e - e e Al=—AM
= A+ 2IM =0 = 34+ AM =0 3

21

3 \ \
=" g o= Bt =
Suyra: 6 0
. . L Sar
AT B et =2

It

Ta lai co:

——=  Aa”

e AMA + MB + MO =2

< 4(MT+ FA) (M +B) + (84 1C) = 2

& OMI + 2MI (414+ [B+ IC )+ 44° + 1B +1C* =

— M=

Jo

a
Vay tap hop diém M 1a duong tron tim / ban kinh J6 .
Ho va tén tac gia : Vii Thi Nga Tén FB: Linh Nga

Email: linhnga.tvb@gmail.com
Caull. Cho ~4BC gy, c6 canh bang a. Khi d6 tip hop nhing diém M sao cho
MAMB + MBMC+ MC.MA= "
0 la:

A. DBuong tron c6 ban kinh

B. Buodng tron c¢6 ban kinh
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W3

R
C. Puong tron c6 ban kinh 3.

a3
D. Buodng tron c6 ban kinh 9

Loi giai
Chon C
.G [14BC G . o .., U4BC G , .

Goi  latrong tam .Suyra latam duong tron ngoai ti€p va  ¢0 dinh.

CMA+ MB+ MC=3MG
Taco
= (MA+MB+MC) =9(MG|

= MA™ + MB + MC®

CMAT+ MBT MCP = MA + MB + MC
Ma

(3G GA) + (NG + GB) + (3G + 6¢)

=3MG’ +GA + GB +GC* + 2.MG.(GA+ GB + GC
=3MG  + GA* + GB” + GC + 2. MG O
= 3IMGT 4+ 3GA
) !." 1 3 b=
=3MG 43 ?_”:r |

=3IMG +a”

3IMG® + @ + 2| MAMB+ MB.MC + MC.MA) = IMG’

Taco
= (MAMB + MB.MC + MC.MA ) = 3MG* —%
=2 % 3mG
o 2
2
= MG ==
9

e

3

R

Vay tap hop diém M 1a duong tron tim “ ban kinh
Ho va tén tic gia : Té Quéc An Tén FB: Té Quoc An
Email: antq4949@gmail.com

Cho A4BC tim tap hop didm M : MB.MC =AM -

Loi giai
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MB.MC = AM* < (MI + IB).( MI + IC ) = MA*

Goi 1 1a trung diém cia BC , ta co:

< MI* + ICIB+ MI(IC+ IB)= MA* & MI* = MA* = -IC.IB = E
= (V- 8A)(VT + Vi) = 2 1 (31 < 312) - 22
) ) 4 ) 4

Goi O 1a trung diém cta Al suy ra: MI + MA=2MO

(*) =24i00=2 < 401502 = oioir - -BC
Suyra: 4 4 16

oron -2 oror--5<

Trén tia dbi cua tia Of liy diém H sao cho L6 hay 6 suy ra

diém H xéc dinh duy nhét.

Duyng dudng thang A g qua 1 va vuong goc véi oI , khi d6 v&i moi diém M nim trén A ta
co:

BC*
6

O ONT = OF.(OFf + FIST = OT. O + 01T = O 07 ~ -

Vay tap hop diém M 1a duong thang A
Email: Bichhail975@gmail.com

Cho tam giac déu 4BC canh bing 3. Biét rang tap hop cac diém M théa mén dang thirc
= |nr5- .nm‘

2MA +3MB +AMC Lo .
1a dudng tron c6 dinh c6 ban kinh bang:

1 3 1
AL B. 3. c.2. D.2.
Loi giai
Ho tén: Lé Thi Bich Hai. Tén face: Bich Hai Le
Chon B
Goi G 1a trong tAm cua tam giac 4BC.

 2MA+3MB+ AMC =2 (Ml + 14 )+ 3 MI+ IB)+4{MI + IC).
Ta co ' : ' : . :

- - — e M A B4 IC )+ JC— 4 =10
Chon diém / sao cho 244+ 3B+ 41C=0 """~ SO } s

YR T
Ma G 14 trong tam ciia tam giac ABC = A+ 1B HIC=31G.
Khi dg 210 HIC—14= 091G+ A+ IC =0 91G = CA (=).

= = 9MTI = AB.

2MA + 3MB + AMC| = |MB — M

ONT + 204 + 3B 4;E:|:|.éz;§

Do do6
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N , k I3 \
Vi 1 1a diém co dinh théa man ( ) nén tap hop cac diém M can tim Ia duong tron tim !. ban

. AB 1
kinh 9 3
thonggna@gmail.com

Cauld. Cho tam giac4BC ¢6 1a trong tim G. Tim tip hop diém M thoa min

(MA+MB-MC+BC) +(MA+MC-3MG) =(CB+AC)
A. Puong tron duong kinh 48 B. Puong trung truc doan thang 45 |
C. Buong tron duong kinh AC D. Puong trung truc doan thing AC
Loi gidi
(Ho va tén tac gia : Tran Vin Thong, Tén FB: Tran Thong)
Chon A
MA+ MB—MC+ BC=MA+CB+BC =MA4

Ta co
Goi diém 1 1a trung diém canh AC

o o o o ”__.}" e '.'"'_1" i —
T og M+ WC— 300G = 234 - 351G = 2\ MB + BI )= 3(MB + BG)
=-MB+ 25/ -3.=8I _—

a =-MB .

(MA+MB -MC +BC) +(MA+MC-3MG) =(CB+AC)
Do do * O O :
\'u‘:*.ll'f.‘.l +:I‘_.||-'IB] :‘-JB-ﬁ:’.llr.‘]:‘l‘.ler::.‘JH:.
Tir d6 suy ra tam giac MAB vuong tai M hay tap hop cac diém M 1a duong tron duong kinh
AB .

Ciu 15. Cho doan thang AB = \/§ Biét rang tap hop diém M thoa mén MA* + MB® =3MAMB la
mot duong tron c6 ban kinh R . Tim gié tri ctia X .
R-3 r-P R-2 R-?
A, 2. B. 2. c. 2. D. 2.
Loi giai
(Ho va tén tac gia : Tran Vin Thong, Tén FB: Trin Théong)
Chgn A

CMAT+ MBT=3MAMB = MAT + MB® - 2MAMB = MAMB
Ta co

Goi diém ! 1a trung diém canh 48 .
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= (MI+I4).(MI +1B )= AB* =(MI+ [4).(MI - I1)

AR = MimB < A8

Ta cod
5
2 .\ e
= AR =MIT—IB = MI" = AB" + IB~ _L
f:..m=£,;3=§(_;

Vay tap hop diém M théa man WA~ + MB~ =3MAMB 13 quong tron tam / ¢6 ban kinh
5

R=—
2 .

Ho va tén: Vé Khdnh Huyén Vin Fb: Vin V6

Email: huyenvanqt050185@gmail.com

Cho tam gidc 4BC | co bao nhiéu diém M thoa WA B ] =2

Al B. 2.

C. vo s. D. Khong c6 diém nao.
Loi gidi.

Chon C

Goi G la trong tAm clia tam giac ABC ,taco MA+ MB+ MC=3IMG

e —— 5
MA + ME .‘u"('|:5a_x IMG|=5«< .H(E—?

Thay vao ta duogc : , hay tap hop cac diém M1a

ay
E
3

dudng tron c6 tdm la trong tam cla tam gidc ABC 4 ban kinh bang

Van dé 4. TI LE
Ho va Tén: Tran Quéc Pai
Email: quocdail987@gmail.com
Facebook: https://www.facebook.com/tqd1671987
Cho 44BC ¢y AB=3.4C=4 phan giac trong AD cua goc BAC 4 trung tuyén BM tai /

D
Tinh A/
AD 3 AD 10 AD 29 4D 7
A, Al 2 B. 41 7 c. Al 20 D. Al 5
Loi giai
Chon B
A
ff; Ill'l \\R
A
/ i
ff I|_J.-'//->\\\
S A .
S ‘\\‘
gl \ >
D
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* Phan tich AD, AT theo cac vecto 4B ‘AC.

B AB 3 R
Ta cé: M AM D 2B i3 =0 =248 -3.4.%1":5.4![]}.
DB_AB_3
DO AC 4 =4DBE+3DC =10

—44B+34C=T4D(2)

Ly (2)-2.(1)= suy ra; 3AC—0AM =7AD—1041 = TAD-1041 =0 =TAD=1041
AD 10

= =
Al 7

[Dé thi olympic 30/4 TPHCM khéi khong chuyén 1an 2 ] Cho 44BC goi diém D nim trén
canh BC sao cho 8P =2BC | E 1a trung diém cua 4D . Mot dudng thing bat ki qua £ va
4B AC
1R 4 , T e
cit cac canh ABAC 13y luot tai M.N Tiphtis AM AN

AB L AC AB  AC
A AM AN B. AM AN
AB ,AC 28 AB  JAC 29

C. AM AN 5 D. AM AN 5

Loi gidi
Chon A

B D C

Do M nim trén canh 4B néntaco 5= ko AM (k= 1)

Do N nim trén canh 4C nén ta co 1€ = AN /=1

, DB=-2DC= AB- AD=-2(AC— AD|= AB+2AC=34D
Ta co . y

k AM + 2L AN = 6.AE =k (AE + ME )+ 2 {AE + EN )= 6AE
Suy ra \ ! 1 !

OV AF = b EN -2 EN
Suy ra (F# 20 ~0) AE =~k EM ~ 21 EN

Do hai vecto AE va MN khéng cting phuong nén suy ra
AB L AC
AM AN

Hy va tén tic gida : D6 Vin Dirc Tén FB: Dé Viin Dic

E+X—-0=0=ft+HN=0b= i

uigeli.xyz Trang 59



Cau 3.

Cau 4.

uigeli.xyz

Email: hoctoancunganhduc@gmail.com

Cho tam giac 4BC . Trén canh 4B lay diém D sao cho AD=2DB  Trén canh 4C 14y diém
BN

E sao cho CE=3E4 Goi M 1a trung diém cua DE . Tia AM cit BC tai N . Tisé €N ¢6

gia tri la:

1 3 1 2
A 4. B. 8. C. 2. D. 7.
Loi gidi
Chon B
A
E
M
D
B N c
B v A — -
IN= o v Ac = : ABH Ac
.. . N . BC . , l-x - x x—1
Giasut  chia theo ti s6 . Ta co: (1).
- R - P ——
!.‘u":]—[ 40+ AF ':l' — AB+ ]_,r!(‘ |:]—.f!b" - ]—.r!('
2° 203 4 ) 3 5
Lai co: (2)
3 Ry 3
AM AN I ET R
AM — —
Vi va la 2 vecto cung phuong nén H
- L R— A !
VBl i} _4
S NC 8
Do do .

(Bai todn téng qudt cia bai todn 1). Cho tam gidgc 4BC . Goi 7 1a diém chia BC theo ti sé ¥ .
AB _, AC
- = —_ =
Trén cac tia 4B va AC 1dy cac didm M-N . Al it MN i P . pagt AM | AN Ty
Al
s AP ¢6 gia tri bang
b+ ke b—kc c+kb c—kb
A, L+k -k c. l+k D. 1-k

=

Loi giai
Chon B
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— AM —x AN | AB  x AC
AP = - e

I—x l—x b -1 ¢

Gia st P chia MN theo ti s6 x. Ta ¢6
i AB-kAC _ AB Kk

-k wfk=1) L .

AP Al bl-x) ke(x=1) T3 0 T

AP Al C b
Vi va dong phuong nén .

o o I
AP= : AB— —— AC
, h—ke h—ke
Do dé (2).
.-” _ h—ﬁ't'

RO T .
Tu va ,taco .

(Hé qud hay ding ciia bai toan 2). Cho tam giac 4BC  Goi I 1a trung diém ctia BC. Trén cac
AB _, AC_ Al
) — (" _
tia AB vy AC léy cac didm M-N Al 5t MN tai P . Pat AM , AN . Ty sb6 AP ¢o
gié tri bang
h+e b+ ¢ 2bc
AL Vb B. 2 . c.\ 2 D. b+c.

Loi giai
Chon B

I 1a trung diém cua BC nen I chia BC theo ty sb k=-1, Ap dung két qua & bai 2, ta co:
Al ."1—[:—]}['_."] e

AP 1-(-1) 2

Tén: Nam PhuwongTén FB: Nam Phwong

Email:nguyentrietphuong@gmail.com

e Y e ] e
DE 7 BD=ZBC,AE=— AC
Cho tam giac ABC Goi “*™ lan luot l1a cac cac diém thoa man 3 4

AD

B.K.L thing hang. Tim ti s6 4K .

Piém K trén doan thang 4D sao cho ba diém
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1D 1 AD 1D 2 AD 3
= — = | = — = —
A, AK 3 B. 4K c. 4K 3 D. 4K 2
Loi giai
Chon B

e ] - 3
AE =—AC fﬁf-.':lfﬁ(' t— B4
Vi 4 nén 4

" AK = xAD = BK = xBD + (1- x)BA

— L ——
R S = BK = == BC + (1 - x) B4
‘ BD=ZBC 3
Giasu - -
e .
——— — r )
mBK = BE = | 3 . = ]3'
| AT
Do B.-K.E thang hang ta c6: 4 -
AD |
AP _ 4
vay AK

Email: haivanxinh99@gmail.com Face Hai Van
, "= 3 _
Cau7. Cho tir gisac ABCD ¢ hai dudong chéo cét nhau tai O thoa man V¢ =04 OD= 108 .

CN
Qua trung diém M ciua 4B dyng duong thing MO cit CD tai N Tinhtisé ND |
3 1 2 1
A 4. B. 4. C. 3. D. 3.
Loi gidi
Chon A
D
A
M \
B
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Ta co OC = =304, 0D =-408
——=k k=0 CN=kND =CO+ON =k(NO+OD)
bat VD ,ta co - :

—_ e . ——— R 3 — A1 —
: Co- f (N = u_r=—;{}.4—iuﬁ
ok E+1 1+ & E+1

— {}'": =
1

G G , OF = k0N = O = £ (01 + OB
V' cting phuong nén c6 s6 thue X sao cho 2% '
; 3
0 R r=—
. =—— — 4 = k=
K1 k) K(ki1)

Suy ra
(Email): hatoanlgm@gmail.com
Cho tam gidc 4BC va diém I théa man 2304 + 818+ 20I8IC =0 pyong thing A7 cht duong

JB
théng BC tai J . Gia tri cua ti s JC la:
23 2018 2018 8
A. 8 B. 23 C. 8 D. 23

Loi giai

Chon C
(Ho va tén tac gia : Ngo Ngoc Ha, Tén FB: Ngo Ngoc Ha)
B = 1 =k
Gia o B =HIC(k=1) = AT = AB - —AC

Tt gia thiét suy ra:
, — 2018
AfA AC
2049 2049

237+ §{AB- A1)+ 2018 (AC— AT)= 0 = Al =

Do 417 thang hang nén AlLAJ cung phuong
I ok

1k M-k, 2018

s 2008 g

049 0 2049 .
Gmail: Binh.thpthauloc2(@gmail.com

., ABC .. K . i AD coe 3t
Cho tam gidc .Dbiém  chia trung tuyén theo ty so ké tir dinh.
!( — S.!B!-'

\ . BK TV ., 4B & S*’f’('*"' o, ks
Duong thang chia di¢n tich tam giac theo ty sO ,glatricia  bang?
0 )3 b3 02

A 8 B. 8 c. D. Z
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——

B D c
R (S — _
.NJ=:[.*H:’- AC) (1)
1 trung diém ct thiét: B
Do a trung diém cua i€
Goi F 1a giao diém cua BK va AC.
A F:C AF = m AC (2) K, F .
thang hang : thang hang :
Ma ang hang ang hang
AK =nAF+ [:]— n)AB [:3 )
KD 1 — 3 — .
LKD oo K=l (4)
thang hang va
(2);(3) AK = nam ACH (1- ar]dé (3)
T suy ra :
e 3 3
. AK=—AC+ - AR 0
(1:(4) gAorge )
Tut suy ra:
3 5
A= = n=-_—
5 s
p—
] 3 3
_ : —-n=- m=—
AB:AC yhong cling phuong nén tir (5):(0) ta co: o :
Do hai vécto
- - " 1
iF-iic 4.2
5 FC o2
Do do:
T o
T Fe 2
vay Ser FC 2
(Ho tén : Pham Vian Binh, tén FB: Pham van Binh)
Ho va tén: Tang Lam Twong Vinh
Email: tanglamtuongvinh@gmail.com
Facebook: tanglamtuong.vinh
uu 5 U
9 , 9 M N ,4:'11';{ = —48
Cau10. Cho tam gidc 4BC v6i K 1a trung diém BC . Liy cac diém M-V thoa min 4
A . ¥
AN == 4C by Ppout -

3 . Goi ! lagiao diém cia MN va 4K  Pat MI =xMN, Al = yAK pe; ¥
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wlh
wlu

c. L D.

>
.|\.J|uu

Loi giai
Chgn A

B
MN = fi.".'—.fi.‘lj":g.fi('——.fiff

Ta cod 4
ur ouwroowrowr o un gun, ur um o Ul Ul oo
MI=xMN= Al—AM =x| S AC-ZAB | A= AC-=AB+ AM == AC+=—=_ 48
.3 4 | 3 4 3 4
wr o owwm M WS gn un
: : AR Y L
Al=vAK = == AR+ = A
! 1! = 7277732
3-3x_1V H:g
4 s 13 . 3
[GETIUE ¥ ‘i_l_ |1 = E ! 2
Ma A€, 4B 132 vector khong cung phuong nén ta cé 3 2 1B
Gmail: Binh.thpthauloc2@gmail.com
AD 3
Cau 11. Cho tam giac ABC  Trén canh AB léy diém D, trén canh BC léy E, F sao cho DB 2 ;
BE 1 BF 4 KD
EC 3 ) FC 1 Puong thing AE chia doan DF theo ty s6 KT . Gia trj ciia K bang?
3
3 U ] il
A. 11 B 3 C. 14 D 14
Loi giai
Pap an A
AD 3 3 7 R R
A S, Ab=248 (1) BE_ 1 dF-iapslac (2)
nDE 2 i FC 3
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AKE AK =mAE  (4) D:K:F q
Ma thang hang : thang hang :
AR =nAF+ (1=n)AD (5)

1K =2 mAB e Lnac (o)

(2);(4) y =_—1m. -_—1”.!.( 0

T suy ra :
K=n| LaB e 2AC | (1-n)2 4B

(1):(3):(5) ' 555 s

T suy ra
F3 I
= AK=| -2 | B2 aE (7)
dm 3 In
455
mo 4n

Do hai vécto AB; AC khong cung phuong nén tl‘I( )( )ta co: S

I 2n 4n 3
= —— = = —

5 15 5 14

— 3} — ‘N 3

AK = — AB+ u.fﬁ(' = A =hk==

Vay 14 14 KF 11

(Ho tén : Pham Vin Binh, tén FB: Pham vin Binh)

Ho va tén: Hoang Ngoc Lam

Email: hoangngoclammath1112@gmail.com
Facebook: Hoang Ngoc Lam
Cau 12. Cho tam gidc 4BC  Kéo dai 4B mot doan BE=AB  goi I 1a trung diém cua 4C . V& hinh

KB
binh hanh E4FG  Puong thing 4G cit BC tai K. Tinh ti s6 KC 2
1 3 1 2
A 4. B. 8. C. 5. D. 7.
Loi gidi
Chon A
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A

E

(-l'

Pé xéc dinh giao didm K cia 4G va BC tatinh 4G theo 4B va AC,

AG=AE+ AF =248+ — AC

P | o=

Ta co:
WKB + LKE =0
AG 4t BC tai diém K ma 2
KB 1
Suy ra KC 4 .
Cho tam giac 4BC ¢6 AB=3 AC=4 phan gidc trong AD cua goc BAC cit trung tuyén

D

BM tai I . Tinhtisd 47 .
13 11 10 10
A. 8. B. 0. Cc. 7. D. 5.

Loi gidi
(Ho va tén tic gia : Nguyén Thi Phwong Thio, Tén FB: Nguyén Thi Phwong Thio)
Chon C
B AB 3

, = _=2=2B+3M=0
Theo tinh chat duong phén giac ta co /M AM 2
DE o A8 3 — — =
—=—=—=4D8+3DC =10
va DC AC 4
|20B+3M =0 [24B+34AM =541  [44B+64M = 1047

— —

Viy ta co [4D8 3DC =0 |44B134C=74D  |44B+34C=74D
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10

AD
Suy ra 3 3AC—0AM = TAD— 1041 < TAD— 1041 =0 [
Hoic ta c6 thé giai nhu sau:

h‘f_?l fHJ’ 3 3 _ 7

! —— L
= RBh=2DC= —[H(‘—fff]}«._%'—ffl—.}:;b’(_' = ffl—.}:;—.b’(_'

U [P 3 PUUUEEU. DS G
AD= AB+ BD = AB+ ZBC= AB + =( AC— AB)= = AB+ = AC
Ta lai co T
Bi AR 3 3
, N Hf_%fu R
Theo tinh chat phan giac, ta lai c6 /M AM 2 2 < 1BI=3IM
1o
’“—\’EEH-—’! ;!”_1[;4 41”r'a_“>“”—"'4b’ 3AM = 2AB 4 :4'
W 2 3 em T (4= 3m) T m
= Al=—A5+ —AC=—| A5+ - AC |=—.f!f.3"
5 10 7 7 Jo 1o
AD 10
vay 41T

Ho va tén tic gid : Nguyén Vin Todn Tén FB: Diu Vét Hat

Email: nguyenvantoannbk@gmail.com Nho thay c6 gép y!
Cho hinh binh hanh 4BCD | O 13 ¢iém bt ki trén doan 4C | duong thing BO cit canh CD

AF
tai £ va duong thing 4D tai F sao cho EF' =2BO Ty s§ AD bing
1+\/§ 2
A. 2. B. 2. C.1+V2, D. 2.
Loi gidi
AF = xaD (x>1)  40=y4C (0<y<l)
bat: va .
DE:DF )DE:DF:)C—I )ﬁ':x lA—B>
CE BC DC AF X X
Theo dinh 1y talet:
x—1—
BO=BA+yAC =(y—1)AB+yAD EF = DF ~DE =(x~ I)AD——X 4B
Ta co:

J
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x-1=2y x=1++2
EF =2BO—>11—x SN
TZZ(y—l) yzﬂ

. 2
Theo dé bai:

Ho va Tén : Nguyén Vin Manh FB : Nguyén Vin Manh
Email : manhluonghl4@gmail.com

CaAu 15. Cho hai tam giac ABC va ABL, ; goi AyBaC

2 lan luot la trong tdm cac tam giac

BCA—' CAB'—' ABC'—. Goi G’Gl'G2 lan luot 1a trong tdm cac tam gidc ABC, A'—B'—C'—,
GG,
AZBZC2. Tinh ti s6 GG, ta duoc két qua :
1 1
A. 3 B. 2 c 3 D. 2
Loi gidi

Chgn C

ABCI A_B_C_ AL . LR (e W | LB
Vi G.G, la trong tam tam gidc © ° “suyra 3G, =GA, +GB, +6C,

ALl LR LERE LE LR LR

0 3GG. =GA +GB +GC +AA +BB. +CC. U G. = AA +BB. +CC.

GEG ABC.A?Bjcj LALLS LR L LALL

Tuong tu 2 ]a trong tadm tam giac © " suyra 6, =GA, +GB, +GC,

0 3G, =AA, +BB, +CC,

LALE LRRLD LR p LRl Lier el LA N LELAE  LLBAN

 AA, +BB.+CC.=|AA. +BB. +CC. | +|AA. +BB. +CC,
Mat khac
Ma AzB2C, lan luot 1a trong tAm cac tam giac BCA, CAB, ABC,
3(AA, +BB, +CC,) =AB +AC +BC +BA+CA +Ch

'_B
LA LB L] LA LAL] LLAI LAA] Ll LA LA
=AA+AB +AA+AC +B.8B +BC +B.B +BA+C.C +CA+C.C +C
+

WL L, Wr LK WLLK

ULM U un - 9, Ur
AA?+BB?+CC?=?[AA._+BB._+CC._ +AA +BB. +CC.
Do do6
WLF  LLF Lr U GG
— Y AA. +BB. +CC. GG, =GG. b ~ =3
3R TR TR 3 GG,
VAN DE 5. MIN,MAX

Email: phunghang10ph5s@gmail.com

Cho DABC gy canh béng 3, M1a diém thudc duong tron ngoai tiép DABC bat
P=MA- MB - MC" Goi ® 0 1an luot 12 gi4 tri 16n nhit, gia tri nho nhit cua P . Khi do,
gia tri biéu thic 7 =4a +b 13
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A3 B.0. c.9. D. 12,
Loi gii
Ho va tén tic gid : Phung Hang Tén FB: Phiung Hing
Chon B.

s . DA4BC
Goi lan Iugt 1a tAm va ban kinh ctia dudng tron ngoai ti€p . Ta co:
P=MA - MB - MC’
L WLF - LU, - Lr o, -
=[.‘u"(.-" +04d) - [.H{J-i-(i'b’ - {.‘u"(.'-'-i-(i'(’
=- Mo +1_.‘|H1[(J.rz— OF- OC|+04 - OF - OC
RV VT gV T Y Cuarour
= 2R +2.M004- 04') =- 2R +2M0.204
~ouarur ‘ ‘ LA ur
=-2F-40MO4=-2F - 4H'_uus[(;l_1.f:u.4
AL LU N
P o= 6R: uus[(}_‘.f: o4]=1U M 4
khi va chi khi trung
(T ENTT] N
P =2R’ uus[u.‘.f.‘{M =-1U v o 4 0
khi va chi khi trang ~ 1a diém dbi xtmg ciia = qua

b 7 =4a+h =42 +(- 08" )=2&°

DABC , b r=yib r=2r" =0
deu canh bang 3 .

Ho va tén tic gia : Tran Vin Ngo Tén FB: Tran Van Ngo Tth
Email: vanngodhqn@gmail.com

Cho MBC 3 3 s§ duong x, v, z thay dbi c6 téng binh phwong: * ' "= = K ,FeR Gia
trj 16n nhét cia F=xreosC +zeos 4+ zveosB 1a:

k S k K
A2 B. 2. c.3. D. 3

Loi giai
Chon B.
BX CY AZ XV oz
bat 3 vecto , , tuong imgla , “ nhu hinh v&.
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e k4 Zpeos( 180" = C )4 2vzeos (180" — 4 )+ 2ezcos (180" - B)= 0

- ) A 2
b =2opcos C—=2pzeosA— 22xc0sB 2 0 o= xveosCy vzcosA+ zxcosB < -
A,.l
p=_"
2

Vay Max

Cho hai diém -8 = :0) g3 M e(123) o0 man . AIB=060" gpi 4-B-M thay ¢8i tim gia

, , v _ .
tri nhé nhat ciia bidu thee © =MA+2MEB 4

A9, B. 3+2v6 | c. W13, p. 6-+3,

Loi giai

1 T - :!1 | i'! ! )
— — — iH—l'|:i+_H—T1'|
Bﬁdé:ChohaiVéctouVévkhécvéctoo,taluéncé: u v ]
Chirng minh : Binh phuong v6 huéng vé phai ta duoc :

- _: (o | — e g a2
||1| |”| || |1| | m1| |1| _|“| [ } [”}_1_”1.:[”_1.}
T ST e R A P e A A el ' '

R T

|—.u—ﬁ_1'!=| W=

T do suy ra : u | IV (dpcm).

Ap dung vao bai toan cin bang hé s6 : Ching ta c6 thé ghi nh¢ cong thie dé 4p dung nhanh
vao cac bai toan can bang hé s6 d6i véi duong tron va mit cau nhu sau :

Taco: F=MA+2MB=|IA—IM [+ 2| IB—IM| y I4=1IB =0, IM =3
e ﬂf|_|—m—£m|—|"m—]ﬁ71|=1|r:\?—lﬁ|
Trong d6 : 14 4
P2 IV — L7 2\ B VT 22| 1T - 203 0B 137 |=| 205 - L 14|
Suy ra : 4 4 2
Co:

1 1 1
( |"'IB— H|| =4IB" 4 IH T 2IAdB.cos 00 =407 1(‘1 =200 —= |"'FH—

x 2 v 111
Suy ra gia tri nho nhat cua bicu thuc P 1a Foin =3 iz o
Cho tir gisc ABCD | M 1a diém tay ¥ va cac diém 1, J, K ¢b dinh sao cho déing thuc thoa man

b | =

chon dap an C.

v6i moi diém M: MA+MBE+MC+3MD =EMK. Gis tri cia k 13

A. k=3 B.k=4 C.k=5 D.k=6
Loi gidi

Chgon D
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Vi MA+MB+ MC +3MD= kMK théa man véi moi M.
Do d6, dang thuc ciing ding véi M=K
roors Ko KB+ KC +3KD= k&R =
Goi G 1a trong tim AARC = }'L_-i - ﬁ.Ei' - ﬁ.f: = 15.(::
— 3KG+3KD=0=K 1a trung diém GD.
Mat khac:
MA+MB+MC+3MD
— (MK + KA)+ (MK + KBy + (MK + KC)+ 3(MK + KD)
—(KA+ KB+ KC +3KD)y+ 6 MK
= 6 MK
=k=6

Cho tam gidc ABC vudng tai A. Goi @ 1a gbc giita hai dudng trung tuyén BD va CK. Gi4 tri
nho nhat ciia COS¥ bing

u > 4 3
A. 3 B. 4 c. 3 p. 4
Loi gidi
Chon A
BD.CR| [3(BA+ BOL5(CT+ CB)
COSexr = _ 1= 2
Ta c6: BD.CK BD.CK

BA.CA+ BACE + BCCA+ BC.CB) [BACA+ BO(CA-BA) - BC)

4BDCK 4BDCK
) —EBC" e B
4BD.CK  2.BDCK (Vi tam giac ABC vuong tai 4 nén BACA=0)
Mat khac,
2BD.CK" < BD* oo ABLBC AC | pACBe AB
2 4 /L 2 4
pee ABACC . BCC SBC
4 4 4
COS &t = BC _4
T SBCT TS
Suy ra, 4
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Déu “=" xay ra khi va chi khi BD = CK hay A4BC vudng can tai 4

Cho hai diém ¢6 dinh G va G'na trong tam cua tam gidc ABC va tam giac A'B'C'. Gia tri
nho nhét ctia bidu thae I =AA4"+ BB+ CC" bang
1
-GG’
A GG’ B.3GG' C. 2GG' D. 3
Loi giai
Chon B

Do G va G' 1a trong témﬂ'qgf‘ AM'B'C nén UA+GB+GC=0
G'A'+ G B+ GO =1
Ta co:

Lis BE+ CO = (1G+ GG+ G+ (BG + GG+ G'B) + (CG + GG+ GO

—3GG +(GA+GB+ GO+ (G A'+G'B'+G'CY

=3GG"
P = Ad' BB CC =41+ |BE+ [CC= [ 44"+ BB+ CC
Mat khac,
=3|GG]=366
Dau “=" xay ra khi va chi khi Ad', 88, CC cung hudng

Hy va tén: Nguyén Pirc Hoach — email: nguyenhoach95@gmail.com
Mail: nguyennga82nvc(@gmail.com
FB: Nguyén Nga Nvc
A BC,D, o AB [ /C.D. AB =33 C0D =2530AB =CEBA = E:Dj.

Cho hinh thang Vi
mdi diém G, di dong trén canh AB, ta xac dinh diém F sao cho GF, =GC +GD, . Tim do
UL

dai nho nhat cua GiFy )

3a/3 3a
A. 23, B. &3, c. 2 . D. 2.

Loi giai

Chon B
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Goi Z=ABCCD: H,I

, tir gia thiét suy ra tam giac ZAB, déu canh 3@, Goi 11an luot 1a

Hi =tzn =23

1 ¢ dinh va 3 2

G.F, =2G.[.? 2H.l. =a3

AB,C,D H,l

trung diém cua 1 suyra

Tir gid thiét ta c6 t gidc P C1 13 hinh binh hanh, nén

UL
Vay d6 dai nho nhét cia C11 bing &3 |
Nguyén Vin Cong- Truong THPT Kinh Mén II

Gmail: nguyencongkm?2(@gmail.com o
Cho tam gidc ABC vuéng 6 A; BC=2; CA =b; AB =c va diém M di dong

Bidu thire F= —SMA™+ D" MB+ ¢"MC” dat gia tri 16n nhét bing

A

C.16 D. 24
Loi giai

Xét diém I thoa man: —S1A+ b7 [B+ ¢ IC=0 (1)

( Dung duong cao AH, dung I sao cho A 1a trung diém IH ; I thoa (1))

Binh phuong hai vé ctia (1) chu ¥ rang

JIAIB = 1A% 1B - AR’

2ABIC=1B"+ 1C° — BC”

2ICIA = 1C7 + 1A — ACT

rdi bién ddi ta dugc két qua —S 1A+ bUIBT 1 ¢TICT =3ber
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F=-8MA" b MB® +¢™MC* = —8MA ™ +b°MB +¢"MC
= —S(MI+ TAY + b (MI+ IB) + o (MI+ IC)°

= —4MI" = 8.IA + bIB + ¢ 1C = —4MI + 3b'c”

<3b’c” 23| —

h

Ho va tén tac gia : Vii Vién Tén FB: Vii Vién
Email: tieplen@gmail.com
Cho 4BC déu co canh bang 2a Goi d 1a duong thiang qua 4 va song song BC, diém M di
[V + 276 - i1
a3 a3

A, 2033 B, a3 c. 4 . D. 2

dong trén d . Tim gi4 tri nho nht cua

Loi giai
M A

B C

Chon B.

: - = o - s[4+ 2[4+ AB)-1C=0
Xet didm | sao chos 14+ 21B—1C=0 | J
s YA G 2AB— AC =0 <214+ AB+ CB=10
BA+BC =
- BK 7
: (v6i K 1a trung diém 4C).

=1 13 diém thit 4 cta hinh binh hanh A/BK

— f:E =

|jf.5!' - l.iﬁé—.\'ﬂ _ ‘( M+ T4+ 2( i 1B )~ M ff‘}‘
Ta co: ' ' '

2MI + 14+ 218~ ff}‘:

1.iﬁ|: RAY/,

M e d = Min dat dugc khi LM L d Khi do:
MAT = MAB— TAB = 60° — ABK = 60°— 30° = 30°
DM =204-5in30° = 2 BK -sin 30° = 2sin30% J(2a) —a® = a3

Ho va tén tic gia: Pham Khic Thanh
Email: phamkhacthanhkt@gmail.com
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Cau 10. Trong mit phing cho tam gidc ABC va mot didm M bat ky. Pat @ = 8¢ 0= CA c= AR 3

W4 MB MC

T =-
gia tri nho nhat cua biéu thirc i i C

V3 V3

A 3V3 B. 3. c. 3. D. 2
Loi giai

Chon B.

Theo cong thirc d6 dai duong trung tuyén ta co:

b4 +a

23

4 = 1(-"1"' e }— i 1(-"1: e u:.}=—hn_f F3a” é:—lﬁum_, =, =

Goi G la trong tdm cua tam gidc ABC khi do6:

MA  MAGA MA.GA 33— —— 33— .
= ’4 i ‘ J_ (MG + GA).GA= L[.\f{;.(;ﬁ P GA
i [I'.'E.l". B s = ! f- = =\ |

b 4 +a  h <+ il o4 e+

23

Lad | L

Tur d6 suy ra:

M4 MB MO 343 e ) ) )
- - > — J_ :[.H’(F.[(M PGB+ GO |+ GA™ + GB™ + (F("]
ta \ -

(i i o I

I

— = = = GA A GB GO =@ b
., GA+GB+GC=0 3 '
Laico va

" 1.3 \
MA MB MC «f [ﬂ i) |= B
ol | - I:ll. R 4

i y C b4 ,
Do do . DBang thtrc xdy ra khi tam
giac ABC déu dong thoi M trung véi trong tdm ctia tam gidc ABC.

Mail: thuytrangmn(@gmail.com
Chu dé: Vecto.

Cau 11. Cho tam gidc ABC c6 trung tuyén 4" L co (AeBC.Ced H}. Tim gia tri nho nhat cua

cos B.

4 2 1
A. 5. B. 5. C. L. D. 2

Loi giai:
Chon. A.
C G c

%A)

B
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¥ Vé. ¥
; ln"— O '-|="]_[___ i ..|: [
Do AA4'LCC pep ' 2 A2 ;
e L - (TSP e Wy
= ae=2(@ ) =2l )= 2

+Néy @€ =0 p; cosB =1

i

M| A=

058 =

+Néu ¢ #0 thj - |[E|'|[:| B . Dau dang thirc xay ra khi
4

Viy gia tri nho nhit cua cosB 1a 5, dat duoc khi tam giac ABC can tai B.

Ho va tén tic gia : Vii Thi Hong Lé Tén FB: Hong Lé

=]

Email: hongle.ad@gmail.com ) )
Cau 12. Cho tam giac ABC c¢6 ciac canh AB = ¢, AC = b, BC = a. Tim diém M d€ vecto
aMA +bMB + cMC ¢ g dai nhé nhit
A. M trung voi trong tdm G cua tam giac ABC.
B. M trung vo1 tdm dudng tron ndi tiép I cua tam giac ABC.
C. M trung voi truc tdm H cua tam giac ABC.
D. M trung véi tdm duong tron ngoai tiép I cua tam giac ABC.
Loi giai
Chon B.

D
C

Goi I 1a tam duong tron ndi tiép ctia tam gidc ABC
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DB _AB ¢

ol e pB=DC . —
, J ., nce AC b h o DC DB
Theo tinh chat phan giac trong: , ma hai vecto , nguoc
DB=-SDC & hbDB+ ¢DC =0 h(1B—ID)+ [ IC—ID)=0
1 : i b i
hudng nén ta co
hiB i ['F;f_-:—[: h [}H_?' -0
hay (*)
DB _ £ e b _ ¢ e DR =
ne b BC hie R
Mait khac
A  BA clbic) bic _
—=—=L[' [}2 L = ald=(h+c)ID
n BD o ] )
H,[_ﬁ [.'fE:—[:."J i [}H)
Ma nguoc hudng nén

‘ CBIB 4 cIC ald=0
Thay vao (*) ta c6
7Ry Sy Rt T R
Vay do dai ctua nho nhat bang 0 khi M trung I
Ho va tén: Ngo Gia Khanh

Dia chi mail: ngkhanh4283@gmail.com

Cho tam giac ABC 14 tam giac déu canh bang @ ,M 1a diém di dong trén dudng thing AC .
Ul u W ud

T =‘MA +MB +MC‘+3‘MA- MB +MC

Khi d6, gia tri nho nhét cia biéu thirc 1a:
2ay3 53

MinT = —=
. 2

MinT = ——.
A. 3 B. MinT = PENE) c. MinT a3 D
Loi giai
LELE LLA] LLA LLA]

+, Goi G la trong tdm tam giac ABC taco: MA +MB +MC = MG.
+, Dung hinh binh hanh ABCD , ta duoc:

AL LA LRAR LA WL L WRA . WA LA Lud

BA=CDP MA- MB +MC =BA+MC =CD+MC =M

LLLE LLLI LILLI LR LAY LLLI
T =|MA +MB +MC‘+3‘MA +MB - MC‘ = 3(MG +MD)= 3D
+, Khi do
( Vi G,D nam khéc phia v6i duong thang AC)
Déu bang xay ra khi M 14 giao diém ctia GD va duong thang AC hay M 1a trung diém ctia AC

4_. 4af3 2af3

GD =-BM =-——"""=
+ Nhéan xét 3 3 2 3

vay MinT = 2a43.

Email: vntip3@gmail.com
Cho A4BCyy AA'B'C'¢4 cc trong thm G va G'cd dinh va GG ' =@ Khi d6 gia tri nhd nhét
cua ' =AA'T BE+CC! 1a:
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A.T=a B. 7 =2a C.I'=3a, D. T =4a
Loi giai

Chon C.

Ta co:

T=AA"+BB' +CC'
= AG+GG'+ GA' BG+ GG'+ GB'+ CG+ +GG '+ GIC!

=3GG'

Vay
T=AA“T BB+ CC'
= |_-i.'_-~'."| - |f3;rf"'| - |("i:‘_'

= |AA' BB c"t‘_'|= 3G

=3GG "= 3a

Gia tri nho nhét cua T 13 3a khi AAL BB CC cung phuong.
(Ho va tén tac gia : Pham van Tai, Tén FB: TaiPhamVan)

Mail: thongbuil987@gmail.com

AB=x.AC=y, (x>1=0)

Cau 15. Cho tam gidgc 4BC véi cac canh . Goi 4D 1a duong phén giac

trong ctia goc 4 . Biét biéu thi vecto A= mAB+nAC Tiph S=m+n,

A S=-2, B. S=0, C.S=1, D. S=2,
Loi giai
Chon C.
A
x y
B- . 4 ]
D C

Theo tinh chat duong phan gic trong ctia tam giac ta co

DE A5«
= = — —>
DC AC

.Ilr-.}.lé;' X K X
- — = — ( ==
DC ¥V > 4iém D chia doan thing BC theo ti s6 Y

AB+ L AC
- . Lol
AD= Y AR —AC

{4 b X+ )

— it = =1
.'I' X+ 1

Nén ta co:

Cau 16. Cho A4BC ¢y AB=3,4C=4 phan giac trong 4D cia goc BAC 4 trung tuyén BM tai /

AD_G E
Biét A1 b vei “PEN ya b (§i gian, Tinh S=a+2b.
A S=10 B S=14. C.S=24. D S=27.
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Loi giai:

Chon C.
A
M
1
B D C
5 A5 3 B - ~ ~
Tacd: IM  AM 2 =2[B+3IM =0 — 2 Af

34 3AM =547 (1)

DB AB 3 -
DC AC 4 =4DB+3DC =0 =3448134C=T4D(2)
|24B+3AM =541 [4AB+0AM =104]
— — = —
o (D va @) 2 c6 he |44B134C=74D  |44B+34C=71D

AD 10

—— — — — = =__
= 0AM - 3AC=1041-T4D =T7AD=104] = TAD=104] Al 7

—a=10h=7T >585=[0+27=24
Ho va tén tic gia : Lé Hong Phi Tén FB: Lé Hong Phi
Email: lehongphivts@gmail.com

Cau17. Cho tu gidgc ABCD ¢4 AD va BC cing vuong goc véi AB, AB=8 AD=a BC=b Goj
E 1a mot didm thudc canh CD . Bidt AEB=90" gi4 trj 16n nhit cua 7 =40 13
A. 4. B. 106, C.8. D. 64,
Loi giai
sial B b C
Chon B. 1
E q . ke(o)
Vi la mot diém thudc canh nén ton tai sao cho
- — 8 E
KEC+(1=k)ED=0
kBC+(1-k)BD=BE  kAC+(1-k)AD = AE
Khi do, va . A a "D
Suy ra
uigeli.xyz
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BEAE =k BCAC+ k(1= k)BCAD+k(1-k)BD.AC+ (1- k) BD.AD
=k BC(AB+ BC)+ k(1=k)ab+ k(1=k)(BA+ AD)(AB+ BC |+ (1-k ¥ (BA+ AD)AD
= kb k(L= )ab+ k(1=K )-8+ ab)+ (1= k) o

(kb (1=k)a) —o0dk{1- k).

e _ _ || k ||] —k
AFB =90 = BE AE = D= th o (l=hja=8J4{1-k) = h 4 =5
1| }” ) - 1 P i
(6] .

H=1f%31 - ,f];_i-:a;: 2Jah = ab <16

. , ca=b=4 _ k=05
Dang thirc xdy ra chang han khi va .

D

Theo bat dang thirc Co-si ta co

- maxT =16
Vay

Cau 18. Cho tur giac ABCD ¢o AD va BC cing vudng goc voi 4B, AB=h AD=a BC=b Cho
FEC+ (1=k)ED =
n .

. : » 0 .
k 1a sd thuc duong thudc (0’ 1) va diém £ thoa ma . Tim hé thirc lién hé

gifra @, b h k dé goc :,4:58290'37

N (1=K )b+ ka=h M-[:]—A-}. B. kb4 (1= & a = hk [:]-;-}.
C. kb (1-k)a —h Jt [:I—A-}. D. (1= k)b+ ka= hi [:1—;-].'

Loi giai

B. p C
Chon C.
KEC+(1-k)ED =0
Tu suy ra h E
EBC +(1-k)BD =BE  kAC+(1-k)AD = AE
va .
Khi do, 4 a P

BEAE=k>BCAC+ k(1-k)BC.AD+k(1-k)BD.AC+ (1-k) BD.AD
= k*BC(AB+ BC )+ k(1=k)ab+ k(1-k)(BA+ AD)( AB+ BC)+ (1-k) (BA+ AD)AD
= kb k(1=k)ab+ k(1=k )=+ ab)+ (1-k Vool

(kb (1=k)a) — k(1= k)i

Do nén

. o kb (1= k)a=h (1= k
Vay hé thirc lién hé gitia @, b, 1, k aé goc AEB=90°13 0+ 1= H)a =Ayki=k)

uigeli.xyz Trang 81



uigeli.xyz

Cau 19. Cho tam giac c6 trong tam G , qua G dung dudng théng d ¢4t cach canh 4B AC 13n luot
AM AN
0 N ==Y \ . .
tai M | N bat AB , AC ,goi " M 1an lugt 1 gid tri nho nhat, gid tri 16n nhat cua
T'=x+y Tipp m+M
10 17 il 5
A 3. B. 0. C. 6. D. 2.
Loi gidi
(Ho va tén tac gia: Hoang Thi Thanh Nhan, Tén FB: Hoang Nhan)

Chon B

B
1G=-Lap Lac
Y — T = AG=—AB+—.
Ta Cé .41’!’ = .T.AB’ ‘4;\; =,1h-'4f- s 3 3
— MN = AN — AM =-xAB+ yAC
— 1 I I
MG=|—-—x |AH+ = A
| 3 3
' . 1
];—.rz—h %z[_]—}'{}:-: ?:]—A'
s o 3 P _.].l.
Tl T TR
DO M , N, G théng hé_ng nén hff_l' =1'r\_ hf\ 3 3 =R
[
== —+ —=123
X
X
—_—= V=
o 3x—1
\ . l‘”\\,.1"“1
Do M | N 14n lugt nim trén cac canh 4B, AC ngn 2
| I 2 4
3=— Tiﬁ =>xvz— =T =x+)1y=23x :;
2
, I=V=—
Dang thirc xdy ra khi va chi khi 3.
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m=—
= gia tri nho nhat 3.

xe|l=:1 , , p i i = <1
Ta ¢6 L } S (2r=Ix-1)20 220 354120 < 2% <3x—1  3x-1

X =

il SR

Ping thirc xay ra khi va chi khi L'~

T=xt+yr=3n=
Ta c6

-

L | Laa

3.'\'—]

Mr:é

= gi4 tri 16n nhét 1a 2,
13 17
m+ M :_—1 i l:]—'
Vay I 2 0
Ho va tén: Nguyén Thi Thu

Email: thutoan83@gmail.com
Facebook: Nguyén Thi Thu
BTi = L1ic
Cau 20. Cho tam gidc ABC c6 G la trong tdm. Goi H 14 chan dudng cao ha tir A sao cho 3
y , BN - xBC |[\'-1'.K+GE" o .
biém M di dong trén BC sao cho PV =XBY Tim x sao cho dat gia tri nho nhat.
4 5 6

A S B. D. 5

B
@l
=)

Chon B.

B H M Q F c
|:~;-1'_E - ::'jE'|= |:~;-i5. - _-i.E|= |:~L-f[f'i|= ME = FE
Dung hinh binh hanh AGCE. Ta c6 .
MA + GC ,
‘ ‘nh(’)nhétkhiMEF.
Goi P 1a trung diém cta AC; Q, F lan luot 1a hinh chiéu vudng goc cta P, E trén BC.

Do do6
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Cau 21.
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BQ _BP 3 e

ABP ; 1 BF=7BQ
Ta co Q va ABEF dong dang nén BF BE 4 hay > .
Co6 PQ 1a duong trung binh cua AAHC penQla trung diém ciia HC hay

e e 53 .-
BQ=BH HQ= —II[ ]—IIC ——II[—'—_—BL':—BL
0O 04 5

BF - ia@': B0 x=2

Do d6 3 .Vay 0,

gmail: hoangthuyvinhuni@gmail.com

Cho tam giac ABC déu canh 2\/_, d 13 duong thing qua B va tao véi AB mot goc 60’

- . A=|MA+ MB +3MC
(C£4) Tim gis tri nho nhét ciia | ?
3 12 4
A.S B. 5 C. >
Loi giai
K A
E
|
B |
Goi E 1a trung diém AB.

Goi I 1a diém thoa man: [A+ 1B+ 3IC =05 2IE + 31C =0

2
El=ZEC

= I nam giita doan EC va
Ta ch: MA+ MB +3MC = 2MI + 14+ IB + 3MI + 3IC =5M]

A= ‘*\L—H‘

Vay min < M 1a hinh chiéu cua I trén dudng thing d.

Puong thiang d qua B va tao vi AB 1 goc 60° nénd song song AC va cat EC tai K.

= U& .Ir. .Iri = 1'&(. .Ir..4 |: oeg } nén E 1é trung dlém KC

3 3 3 Q
FC= n'£= 1-\!@.£=3 = FEf==3=—-
2 2 ) 5
W] 7
Ki=—+3= _—_4
__EB KB M = EBKI 12
AFKNE ~ AMKT MK KB 3
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(Tac gia: Hoang Thi Thuy- Facebook: Co ba ld )
Cau 22. Cho tam gitc 4BC ddu canh | noi tiép duomg tron (@) va didm M thay ddi trén O Goi S, ¢
14n luot 14 gia tri 1on nhat va gia tri nho nhét ctia biéu thirc [v24 + 325 - | . Tinh S+,
43 5
A 5=\, B 3. RN D, s +1=2V3,

Dung hinh binh hanh PBCA  Ta ¢6

MA+ MB — .\'ff|= |.\'f"5 + DA+ MD+ DB — MD~ fﬁ:ut'"|: |.\'}'5|= MD.

Goi E 1a giao diém khac C cua DC véi ) . Ap dung bat dang thuc tam giac ta c6
MD2DO—-0M=D0-0F=DE 3 MD= DO+ OM = DO+ 0C= DO

Déu bang xay ra lan luot khi M trang E va M trung €.

3 3
SHi=DE+ DC=DC-CE+ DC=2DC-20C =12 £— ) 4£

> T3 3

Vay
buiduynam1993@gmail.com

Ciu 23. Cho luc giac déu ABCDEF canh @ . Trén duong chéo 4C | CE 14y hai diém M, N sao cho

AM  CN
.=T=‘#(0<,{'<1) . 2 ;2 o , ] . )
AC  CE - . Do dai BM™+ BN gat gia tri nho nhat khi k bang bao nhiéu ?
1 1 2 3
A2, B. 4. c.3. D.4.
Loi gidi
(Buii Duy Nam suu tim. FB: Biii Duy Nam )
Chon B.
B C
N [ ]
M
A D
F E
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AM o
o A s AN = kAT (B
Taco BM = BA+ AM ma AC k(B H"i}_

 BM =BA+k(BC-BA| = BA\f = kBC+(1— k) BA
Vay \ ‘ - .

Y o N kCE=k(CF+ FE)= k(2B + BC)

Lai c6 BN = BC+CN ma CE

P
vay 2% =k +1)BC+2kBA
i g BV BN =[kBC+(1-k)BA| +[(k+1)BC+ 2kBA |

= BBCT 1 (1= k) BA 4 2k (1= k)BCBA+ (k1) BC* + 46°BA" + 4k (k+ 1) BC.BA

e — BCT 4 BA - ACT :
i . BC.BA= _ v
Ma BC =B84 =a 3 5 2

Viy BM™ 4 BN =a [0k” =3k+ 2) (0<k <1).

—min(BM + BN )=a min{6k -3k +2)
J=a min |

o 1y 13

o ( > : mm![k}:,r'_|:_

P e S e ek <1 | ] y

xet f (k) =0k =3k +2 (0<k 1) et 3! 5
. : 1387 1
min(Bar° By =2 g2l
Vay 5 khi 4

CAu 24. Cho hinh chit nhat ABCD ¢ AD=a AB=b_O y3 I 1in luot la trung diém DB va DO
INA+ 2NC — AB 4 .r'iﬁ|: 2.4f5|

N 1a diém thoa man va NB 16n nhét. Tinh NB .

A B
0
D C
a4 3Ja + B a+a +h a4 3Ja b 2a -+ h
A. 2 B 2 C. 4 D 4

N
D N C
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BD =4NO + 407 = ANT

DNA+2NC — AB + AD = 4NO 4
npoAD_a
Suy ra 2 2
a

Dé VB 1¢on nhat thi V 1a giao diém ciia duong tron tim / ban kinh 2 véi BD (N va B khac

phia so véi 7).

- - _[.'-w.,l['-]'
at+ b =

: . a3
.‘ab’:.‘\»F-Hﬁ:; —

Do do 24
Ho tén tac gid : Poan Phu Nhu

Email : doanphunhu@gmail.com
=3 =4 =3¢ -2 A \ \ . A
Cau 25. Cho tam giac ABC A5 =3cm). BC=Alcm). CA= o). pian, v thudc duong tron ngoai tiep

Tén fb : Nhu Poan

tam gidc ABC. Gi tri nho nhét cia biéu thire 7= MWE + MO —MA 13
ENCH 5, Vo7 RNCH
A0, B. 2 c. 2. p. 4

Loi gidi :

Goi O 1a tim duodng tron ngoai tiép tam giac ABC thi O 1a trung diém AC
Goi D dinh thtr tu cta hinh binh hanh ABDC thi D5 + DC—DA=0
P=MB +MC ~MA =MB +MC —MA =(MD+DB| +(MD+DC) —(MD+ DA)

Taco
DA =MD 18

P=MD* + DB + DC* = DA +2MD( DB + DC— DA =MD" + DB + DC

Do d6 P nhé nhat khi va chi khi DM nhé nhét.
Vi M thudc dudng tron ngoai tiép tam giac ABC nén DM nho nhét khi va chi khi O,M,D theo

th tur thang hang.
C* + AB* + AC.AB

S [ | e
OD=0C + CD=—AC AB = OIF = : —AC+ 4B | =—
Ta co = = g
. 25 3 97 Q7 5
D" =—+94+53  =—=MD=0D-0M = ———
4 5 2 2
RV 597
.H."nf‘:| — | —-18=5-
3 ¥ 3
Vay - -
Chon dép 4n B
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Phuongthao.nguyenmaths@gmail.com
Ciu 26. Cho tam giac 4BC ¢4 G 1a trong tdm. Goi # 1a chan dudong cao ha tr 4 sao cho
BH=-HC . —
2 .Piém M di dong nam trén BC ga0 cho BM = XBC Tim X gsao cho d6 dai cua
vecto MA+GC dat gia tri nho nhit.
4 5

A S B. 6 . C

6 5
.5 D. 4
Loi giai
(Ho va tén tac gia : Nguyén Thi Phuwong Thio, Tén FB: Nguyén Thi Phwong Thio)
Chon B.

B H M O F C

KéEFLBC(FEBC}KMJOPQ-GEFPﬁ%:HﬁEEF.

MA+GC ,
Do dc’)| | nho nhdt khi M =F .
Goi P 1a trung diém AC . © 14 hinh chiéu vuong goc cia P 1en BC (€= 5C),
7 BP=2BE
Khi d6 P 1a trung diém GE nén .
_;' ] } . 2] S
Ta c6 Q va ABEF géng dangnén BF BE 4 hay 3
BH =~ HC
Mit khac, 3
S l e
P q HO =~ HC
© 1a duong trung binh AHC ngn € 1a trung didm HC hay 2.
S [ R T SV S
BO=BH + HO=~HC+—{C=~HC=>.2BC=28C,
Suy ra 3 2 0 o 4 8

—_ _'l_ R 5
BF =—B0=—-5C
Do do 3 0

Cau 27. Cho hinh thang ABCD c6 ddy CD gip d6i day AB. Lay mot diém E sao cho 3BC=2DE vy
ddng thoi thoa man €4 = CE _ Gia tri nho nhét ctia goc ABC nam trong khoang nao duéi day ?
A (95:100 ) B (100 ;106 ) C (106 ;115 D (115120

Loi giai:
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A B

E
Goi @=ABC Tyco: AC=AB+ BC - AC* = AB + BC* ~24BBC.eosar ()

— e — — :2 — R . R i )
CE=CD+ DE=-24A8+-BC 5 CE = AC =448+ —BC +0ABBC.cos¢exr
Lai co: 2 4

(2)
Lay (2) — (1) vé theo vé ta dugc :

. .
=345 + IH(" FoABBC COser —» COS o =

(348 SBC)

< 34B SBC |15
\sBC 3248 T

SBC 3248 8

A

cr = LIS 90 — GTNN (115:120 ) —

Suy ra: cia & nam trong khoang chon dap an D.

Cho hinh thang ABCD c6 24B = Dﬁ, AC=35,8D= ':", gdc tao boi hai véc to AC va BD
bang 120" Kni do gia tri cua (4D+BC) bang:
13+245 14+47 15+ 2410

A, 2 B. 3 . c. 4 . p. 6+4/3

Loi giai:

A B

D C

Tach: AC=AB+ BC yy BD=BC+CD Suy ra: 2AC+ BD=(24B +CD)+3BC=3BC
Binh phwong v6 huéng hai vé ta dugc:

, . . . 14
WEC =44C + B +4ACED cos|20 =45 + 0+ 45.0.c08120 — BC= -

Tuong tu ta co:

Taco: AC=AD+DC yy BD=BA+ AD Suy ra: A€ 2BD =(2BA+ BC)+3AD =34D

Binh phuong v6 hudng hai vé ta dugc:
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04D = AC™ + 48D + 44C BD.cos120 =8+ 4.0+ 480008120 — AD= i
(ap - poy= T
Suy ra: 3 chon dap an B.
Cho hinh thang ABCD c6 248 =DC  AC=9BD=0"Gis 4i cia bidu thae (BC —4D7)
bang:
80

A 1S, B. 3. c. 12, D. 14,

Loi giai:

D C

Taco: AC= 4B+ BC vy BD=BC+CD Sy ra; 2AC+ BD =(2AB + CD) +3BC =3BC
Binh phwong v6 huéng hai vé ta dugc:

OBCT =4ACT 4 BD' 1 4ACED (1)

Tuong tu ta co:

Tace: AC=AD+ DC y3 BD= A+ AD . Suy ra AC+2BD=(2BA+ BC) +3AD =3 4D
Binh phwong v6 huéng hai vé ta dugc:

9AD” = ACT + 4BD” + 4ACED  (2)

CACT-BDT 9 -0

) ) ) BCT — AD" =15
Lay (1) trir di (2) vé theo ve, ta dugc : 3 3 Chon dap an
A.
14+ 447
(AD+ BC)= —J_ —
Suy ra: 3 chon dap an B.
Cho tam giac 4BC ¢p BAC =060 3 4B, AC d3 biét. Bidu thuc 7= F-MA + ME + MC gat gja

(AB+ AC)

. ) A, Ly . C e, > cr e 3 ) \
tri nho nhat bang voi moi gia tri thue k2 k, . Gia tri cua ko nam trong khoang nao

dudi day ?

3 3
Z. 1=
B (2,2)' (=)

A, (D) c. 2. p. (23

Loi giai:

R R T
' vl oa ttv z—lu|.|v|

Ta co: Hva: . Ap dung vao bai nay, ta co :

uigeli.xyz Trang 90



uigeli.xyz

AB AC AB — AC
P=kMA+MB+MC=2EMA+ MB. =4 MC.Z—= k.MA + [ M+ Mﬂ — 4 [ A AC ).—
Al AC AR AC
AB  AC AB AC
Pz hMA+ AB + AC ‘u"ril'— )2k MA+ AB+ AC— MA.| —+ —
= AR AC AR AC
Pz MA| ﬁ'—:%- r:—( AR+ AC
: . AC -, - A :4
< ' : ) Gia thiét cho biét:
Pz MA| k—iﬂ - i FAB+ ACZ2 AB+ AC
| 4B AC
[ AB AC AB  AC
k= P —| -'_ﬂ—},i.i——
| Al AC AR AC
Suy ra:
St dung binh phuong vo hudng dé tinh:
ﬂ A 5'\:! ﬂ N (1_{ . jﬂ_'/“ =1+1+2.cosal =3
A8 AC | AB ] | AC AR AC

e A8 A Ao,

Suy ra: AB - AC . Vay ta chon dap 4n B.

Email: hongle.ad@wgmail.com i i
Cau 31. Cho tam giac ABC c6 cac canh AB = ¢, AC = b, BC = a. Tim diém M dé vecto
aMA +bMB + cMC ¢6 d6 dai nho nhét
A. M trung véi trong tdm G cua tam giac ABC.
B. M tring v6i tim dudng tron noi tiép I cua tam gidc ABC.
C. M trung vdi truc tdm H cua tam giac ABC.
D. M triing véi tdm dudng tron ngoai tiép I cia tam gidc ABC.
Loi giai
Ho va tén tic gia : Vii Thi Hong Lé Tén FB: Hong Lé
Chon B.

D
C

Goi I 1a tim duong tron ndi tiép cua tam giac ABC
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J : : :
::}—H = ?: :—f;_w DB = ;—_IJ(‘ 5 BB
. W AC b !
Theo tinh chat phan giac trong: , ma hai vecto , nguoc

DB =— :—'fﬁ:{i " hDB+¢DC=0 h(IB—ID)+c(IC-ID)=0
1 K i \ 4
hudng nén ta co

BB+ cIC—(h+ c)iD=0
hay *
DE ¢ hE o ae

—_— = =3 P ”H:,‘
DCoooh BC b+ e
Mait khac

4 BA clhic) hic _
_:_:L[' [}: i LJ:.;X[.'F./!:[-"J-['}H.-J
i BD e i '

I14.1D ald=—(b+c)ID
Ma nguoc hudng nén

‘ ChIB A eIC ald =10
Thay vao (*) ta c6
. aMAYhMB ieMC o
Vay do dai ctua nho nhat bang 0 khi M trung I
Email: nguyentuyetle77@gmail.com
Cho tam giac 4BC qdu canh a va diém M thay ddi. Gia tri nho nhit cua biéu thuc
P=2MA +3MB —4MC" 13-

264’ 26a’

A. 144° B. —l44° C. 3 D. 3

Loi gidi
Ho va tén: Nguyén Thi Tuyét Lé FB: Nguyen Tuyet Le
Goi G la trong tdm tam giac ABC  Ta co: P=2(MG 4 {ﬂ}: F3(MG {.FE}: — MG (';'{:}
_ MGT 1 2MG(2GA 1 3GB-4GC)
= MG+ 2MG(2GA+ 2GB+ 2GC + GE— 0GC)
= MG+ 2MG(CB - 5GC )+ GC*
= MG+ 2MG(CB - 3GC) + (CB - 5GC) - 42GC°
(CB-5GC) =CB* —10CB.GC + 256 C* =43. L — 43G¢?
(Vi 3 )
p=(MG+ CB=3GCY —42GC° = —426 ¢ = - 14a°
Dé’u “:”Xéy ra";—\" .1|.Ir{; = _:"(.I;(-:_ (‘E .
Vay min P =—14¢" khi M 1 diém thoa man MG =5GC—CB

Ho va tén tac gia : Dang Van Tam Tén FB: Dang Vin Tam
Email: dvtam0189@gmail.com

uigeli.xyz Trang 92


mailto:nguyentuyetle77@gmail.com

Cau 33.

Cau 34.
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Cho tam giac ABC ¢4 hai duong trung tuyén ké tr B va C vudng gbdc véi nhau. Tinh gia tri
nho nhat ctia COSA.

2
.3

b9 | —

3 4
A. B C. 4. D. 5.

Loi giai

Chon D

B

M,N , AC, AB.
Goi lan luot 1a trung diém cua Ta co:

BM = AM - AB; CN = AN - AC.
., BML1CN BM -CN =0
Theo gia thiet nén ta co hay
|AM ~AB|- (AN -AC)=0= AB-AC=-AM AN - AM - AC - AN - AB.
AN =ZAC AN =248
Ma va nén suy ra

,&E-,&C:—%ﬁé-ﬂi éma? . AC?}»:,&EAC:%[AB? AC?),

r |

Ap dung dinh nghia tich vo hudéng, két hop Bat dang thic Cosi ta ¢6

w5 AB-AC 2AB*+ AC* 2 2JAB AC* 4

cosd =cos| AB:AC|= Shi =, = _.

[- } ABAC 5 ABAC 5 ABAC 5

n’in[casﬂ}:ﬂ.

=" .AB=AC .. ABC LA 5
Dau xdy ra khi hay tam giac cantar  Vay

Ho va tén : Cin Viét Hung
Email: thuyhung8587@gmail.com
FB: Viet Hung

. . y , |_u.a - .\'f£§|= |.\'f.ﬁ— .\'ff§|
Cho doan thang AB ¢ d6 dai bang 4- Mot diém M dj dong sao cho .
Goi H 1a hinh chiéu cia M 1én 4B . Tinh d6 dai 16n nhat cia MH ?
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a
A. 2 B. 2 C. a. D. 2a.
Loi gidi:
M
A ‘ B
H O
N

Chon A.
Goi NV 1a dinh tht 4 cua hinh binh hanh MANB Khi do MA + MB=MN
aes [V + MB|= v - M| |1V | = [B4] bay MV = 4B,

Suy ra MANB 13 hinh chir nhat nén AMB =907
Do d6 M nam trén dudng tron tim 0 duong kinh 4B .

max MH = Mo = 'fiiz

MH 16n nhat khi H trung voi tim O hay 2

!

b |

Ho va tén tac gia : Phwong Xudn Trinh Tén FB: : Phwong Xudn Trinh
Email: phuongtrinhltl@gmail.com

Cau 35. Cho tam giac 4BC vuodng tai 4. Goi @ 1a gbc giira hai trung tuyén BD va CK | Gia trj nho
nhét clia OS¢ [3:,

I 4 2 3
A.2 &5 C.3 D.4
Loi giai
Chon B.
A
D
K
C
B

Ta co:
BD.CK = [ AD — AR j[_ AK —AC _}=—.r!f.?' AC — AK AB B L AC

(do
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I . ) 3 | -
=——(AB + AC" )=—=BC"
7 J 7

i F

Mat khac:

‘ C[2BAT 4 2BCT - ACT )4 (2CA47 + 2CB° - AB7)
2BD.CK 8D+ CK~ = - .

4
CAB T+ ACT 1 4BCT SBCT
4 4
Do do:
_ |"J"rJI -”‘5| BC*  _4BC' 4
COSer = — = -2 — —= —
BDCK JBD.CK  3BCT 5
4 - .
COSer= —a= AD=CK < A4BC
2 . A
vuong can tai
. 4
minfcoser )= —
H
Vay .

vanphu.mc@gmail.com
LT
CH=-HB |
Céau 36. Cho A1BC ¢4 trong tim G. Goi H 1a chan dudng cao ké tir A sao cho 3 . bieém M di

dong trén BC sao cho CM =x.CB  Tim x sao cho d0 dai vecto MA +GB dat gi4 tri nho nhat.

8 5 6 5
A. 5. B. 6 C. 5 D. 8.
Loi giai
Chon B.
' -\.F; L

1 I ‘_' I 2
Dung hinh binh hanh AGBE. Ta ¢ MA + G5 = MA + AL = ME
= |VA + GB|= |ME|= ME = EF = |MA GB| =EF eM=F

7 q CP=2CE

Goi P 1a trung diém cua 45 . Khi do P ciing 1 trung diém cua GE va 4

Goi € 14 hinh chiéu vuéng goc cia P trén BC.
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co_Ccp

g
—= — = CF =—C0
Tacé ACFQ vy ACEF géng dangnén CF  CE 4
| —— e I .
PC HQO=—HB . CH=-HB
Mat khéc 9 1a duong trung binh ctia A4/7B nén 2 . Theo gia thiét 3
CO=CH + HO = Yim Lupe lim
Suy ra 3 2 0
A — 55— 53— 5— — — 45 .- 5 =
 HB="_CB CO="HB="-CB=-CB=(CF=-C0=>--CB=2CB
Tur gid thiet 4 . Do d6 0 v 4 o 3s 0O

( Ho va tén tac gia: Nguyén Vin Phu, Tén FB Nguyén Vin Phu)

Ho va tén tic gia: Tran Tuyét Mai Tén FB: Mai Mai

Email: maimail . hn@gmail.com

h B s PR |.\'f'.r_z - _\'ff§|=|_\'i7!—_\'ﬁ§|
o doan thang c6 do dai bang 4- Mot diem di dong sao cho .

Goi /1 1a hinh chiéu ctia M 1én 4B . Tinh d¢ dai 16n nhat cia MH ?

([\E

a
AE B. 2 ' C. a D. 2a.
Loi giai
Chgn A
M
4 | B
H 0

Goi O 1a trung diém ctia 4B . Khi @6 MA+ MB=2MO

——— o l

= |,H’{J| :|;i4| MO =—A4R8
hay

MA + MB|=|MA-MB
| | | 2 Suy ra AMAB vuong tai M

Ta co

nén AME=90" Do @6 M nim trén duong tron tim O duong kinh 4B .

AR
max M = Mo =22
¥ ¥

MH 16n nhat khi H trung voi tam O hay 2 2
Ho va tén tic gia: Nguyén Thi Thanh Thio  Tén FB: Nguyén Thanh Thio

Email: nghianguyennhan78@gmail.com
Cho AD va BE 1 hai phén gi4c trong ctia tam giac 4BC . Biét AB=4 BC=5 y3 CA=0,

Khi d6 DE bing:
Sei-3cE
(} =

2 -
5 B. > 9 C.

e
S D.

h| D

| e

A.

Chon A.
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A
E
B*® ¢ »
D C
€D _AC o D @
AD la phﬁn gléc trong cua tam gléc ABC nén s AB 4 Ch+ DE 044
ChDon = 3=
=22 . CD=2CE
R0 3
N 5 — S
L E-2Ga
Tuqng tu: A g Q
— - — T —
DNE=CE-CD==CA-=C8H
Vay 70

: L y , |_u',r'.71 - .\'ifﬁ'|=|_ni71— _u'f5§|
: Cho doan thang AB ¢ @6 dai bang ¢4 Mot diém M gi dong sao cho
. Goi H 1a hinh chiéu ctia M 1én AB . Tinh d¢ dai 16n nhéat ctia MH 2

B. 2 C. a. D. 2a.

o] =

A.

Loi giai

Chon A.

Goi N 1a dinh thu 4 ctia hinh binh hanh MANB  Khi g MA + MB = MN
|.\' 14 4 .\'ﬁf§| = |_\'f}i— MB| < [MNV | = |f5=.Tz|
hay

o

Ta co MN = AB

Suy ra MANB 13 hinh chir nhat nén AWE =90
Do d6 M nam trén dudng tron tim O duong kinh 4B .

max MH = MO =22 ¢

MH 16n nhat khi H trung voi tim O hay =

L |

Ho va tén tic gid : Hoang Tién Pong  Tén FB: tiendongpt

Email: dongpt@c3phuctho.edu.vn

Mot miéng gd ¢6 hinh tam gidc c6 dién tich 1a S diém 7, O lan luot thoa man /B+1C=0;
OA+ 0l =0 4t miéng gd theo mot dudng thing qua 0, duong thang nay di qua M.N 13n

luot trén cac canh 4B, AC . Khi @6 dién tich miéng gS chira diém 4 thuoc doan:
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[5.5} 35S S35
B.L3 2] c.Ls 2] p. L4 8

s.s
A L43]

Chgn A
A
M
M fa) N’
N
B ] C
T O k¢ MN'V/BC suy ra: Ola trung diém MN'.
A f NNT MM [ 1
NN M oM NN —x, {0<xel]
Taco: NA MM' ON' NA - MA \ 2/,

. : : p : : 1 .
NN = xNA = AN — AN =aNd = Nd= —— AN

-

MM'= xMA < MA— MA= xMA= MA= WA

A

S _ AM AN AM.AN 1

S, AB AC AAMAN' 4(1-17)

Ta co:
! (Ve Sce oS
fx)=a{1-x) trén [0,5} . suy ra: A i n =S = 3
b6 Cong Diing
Email: congdung812(@gmail.com
Cau4dl. Cho tam giac 4BC ¢o ban kinh duong tron ngoai tiép R=2. Tim gia trj 16n nhit cua
BC—AB — AC™
A. 1. B. 2. C.3. D.4

Xét ham so:

Loi giai

Chon D

Goi O 1 tam ctia dudng tron ngoai tiép tam giac 4BC | Dyng hinh binh hanh ABMC
Taco OA=OM + MA = 04" =0M" + MA” + 208 MA (1)

Tuong ty ta c6 : OB = OM™ + MB* +20MMB  (2)
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Oc oM mc 2omme (3)
(2)+1(3)-1(1)

Lay "=/ "V timg vé ta co:

R = OM* + MB* + MC* — MA® + 20M (MB + MC — MA) (do tir gide ABMC 13 hinh binh
i ' o tu giac - ‘ a nin m

Khido R =OM* + MB* + MC* —MA* = OM* + MB* + MC* —4MI*

i i . [ AR+ ACT BCT
— OM + ME + MC -4 —~ |
| 2 4

= OM™ + MB* + MC" =2( AB* + AC" - BC”) -~ e
( ) maMB=AC MC=AB
nén & =OM™ —AB — AC" + BC® <> BC - AB - AC =R -OM~ <R =4

Vay gi4 tri 16n nhat caa BC —AB —AC 134,

Ding thirc xay ra = M =0 = A5 = AC =R = BC =3R" Ap dung dinh 1y cosin trong tam
giac ABC c6 BAC=120" Hay la tam giac ABC can tai 4 vaco BAC=120",

Ho va tén tic gia : Nguyén Tan Quang Tén FB: Nguyén Tin Quang

Email: quangmath@gmail.com

Cho tam giac déu 4BC canh % Goi M 1a diém nam trén canh AB. Tinh gia tri nho nhét cia

|87 + 27 + Nic]

biéu thirc theo ¢-
aﬁ aﬁ aﬁ 2a\/§
A 4. B. 2. c. 8 . D. 3
Loi giai
Chon B.
VA + 2545 + SIC| = (1 + SIC)  281B| ~ NI + 2078 - 4577|441,
Ta co
N, I | ) AC,BN. ,
trong do lan luot 1a trung diém cua Dodé  cddinh.
A
N
H
1
B c
_IH . 4B  MIzHI.
Ke vuodng goc voi Ta co
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V3 - a3

BN =7 . 7= Brsin30" =Y
2 o
Tinh duoc

Email: themhaitotoanypl@gmail.com
Cau 43. Cho hinh binh hanh ABCD, M thudc duong chéo AC, (M khong trung véi cac dinh A, C)

Trén cac duong théng AB, BC, léy cic diém P va Q sao cho MP // BC, MQ // AB. Goi N la
giao hai duong thang AQ va CP. Gia sir DN=mDA+nDC iy gi4 tri 16n nhit cia m + n

4 3 1

A. 3 B. 4 C. 2 D.2
Loi giai
A P B
M
g 0

D Z

AM _, _BQ_, BP_, , o
pat AC BC ~ 3 AB kelot]

cs DN =DA+AN =DA+xAQ=DA+x|AB+BQ)|
:EZ"FXBE_I{XEA :(]._kX)EK'*'X‘EE ’(1)

Mit khéc D_]>V:5>C+EI>V:5>C+_Y 613256+y(a»3+§f’)
:56+y5;4+y[k—1lﬁé :ym'l'(]_"'yk_Y)‘EE’(z)

N o (0

= _ 1-k == k

DN = DA+ > DC
Do do k*—k+1 k“—k+1
=>m+n=— L _ 12 sﬂ,‘v’ke(o;l)
K—k+1 [, _1),3 3
PR +_
2/ 4

= max|m+n|= 4 L 7

3, dat duge khi k = 2 hay M 1a trung diém AC.
(Fb: Luu Thém)
Ho va tén: Lé Thi Lan FB: Lé Lan

Email: lelangx2@gmail.com
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Cau 44. : Cho tam giac ABC 5 G 13 trong tam. Goi 7 1a chan duong cao ha tt 4 sao cho
BH=—-HC . o
3 . piém M di dong nam trén BC sao cho BM = ¥BC Tim x sao cho d6 dai cia

vecto MA+GC gat gig tri nho nhét.

4 Bl 6 >
A5 B. 6 C.5 D. 4
Loi gidi
¢
/
/
/
lll e
fff
Chon B.
s EF LBC (FEBC) L0 oo |.H.=1 - r.;(‘|=|m-_'|: ME 2 EF
MA+GC .
Do a6 " | g it hi M = F
Goi P 1atrung diém €, € 14 hinh chiéu vuong goc ciia P lén BC (@< BC )
7 BP==BE
Khi d6 P 1a trung diém GE nén .
_.;I ] 'J —— Ao
Ta c6 O va ABEF ddng dangnén 8F BE 4 hay 3
et l R
BH =~ HC
Mat khac, 3
e l S
7 HO = LHC
PO 1y duong trung binh A4HC pep Q13 trung diém HC hay 2 .
S P e 5 5 3 5
BO=8H+ HO= l”(_' - l”(_'= —HC==.2BC==8C.
Suy ra 3 2 0 0 4 8
BF =250 =2 BC
Do d6 3 0

Tac gia: Nguyén Vin Hung Facebook: Nguyén Hung
Cau45. Cho tam gitc ABC c6 B¢ =-AC=0AB=C s (& duong tron tam O, ban kinh R. M la

didm thuoe duong tron (0). Goi " 1an luot 13 gi4 tri 16n nhét va gid tri nho nhét cia bidu

thie = MA™+ MB™ + MC™ gpi do gia tri cia V =7 bang

A. 12R”, B. —1RJL}R:—H:—."]:—[': .

C. ER‘JI"}R:_”:_’I’:_": . D. -\;RJ"}R:—H:—-}]:—[': .

Loi giai
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Chon B.

Ta co:
P=|MO+04) +(MO+0B) +(MO+OC|

= 6R™ + 2MO.(0A4+ OB+ OC )= 0R" + 2

H(_JHI:(JE - OB + OC||.coser
= 6oR™ if{_|[:(ﬁ COBOC }‘.uusw
Vay :

OR " — 1f€_|[: OA+ OB {'J'(_‘}‘ < P<OR 4 2R ‘[ OA+ OB+ OC }‘

=, _&'—n=4R_|(}E COB ('J'(_:|

M |('J._4 L OB {'JE"|' =3R" + 2(OAOB + OBOC + OAOC)
a. | i

S3R Y OA" + OB* —(0A- OB)’

2 =9R " —a —bh -

N =4RAOR —a’ — b ¢
Ho va tén tic gid : Nguyén Xudn Giao Tén FB: giaonguyen
Email: giaohh2@gmail.com
Cau 46. Cho tam giac déu 4BC noi tiép dudng tron tam 0 Jban kinh R, M 13 mot diém bat ki trén
dudng tron. Gia tri 16n nhat cia biéu thie S = WA + 2MB” —3MC 13
A REN2L B. —RV21, C. 2R'V21 D. —2R*V2I,
Loi giai
Chon C.
SN 2ME 30T = (10 + OA) +2(M6 4 OB) ~3(3D 1 6T
Ta co

S =2MO(04+20B-30C)=2 |.‘.'ﬁ:_ﬂ||f}.7! 208 —3<}i:_‘|.uus ox
S=2R|CA+ 2CB| cos

(= |: MO.CA +2CB F
Trong do

LABC R RS
Do tam giac deu noi tiep duong tron ban kinh =~ nén c6 canh 1a

(CA+2CB) =CA4" +4CACB +4CB = 15R* + 4CA.CB.cos00" =21R" =

CA lc"§|: rR21
S=2R*2l.coser = S <2R*21

; . cosa =1~ 1,{(__] (E t j(.& .
Dau bang xay ra khi cung chiéu.
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 MaxS =2R\21
Vay
Email: anhtu82t@gmail.com
Cho tam gidc 4BC . Tim gia tri nho nhét cua biéu thic I = V30524 1 2c0s 28 + 23 cos2C

v3-1
_ P, =t=—= L _
A, Firin=—4, BT =233 =S,
Loi giai
Ho va tén: Pong Anh Ta Facebook: Anh T
Chgn A

Goi @' R 1an Iuot 1a thm va ban kinh dudng tron ngoai tiép tam giac 48C

"l._. -z"_l'"'._‘..
Ta cg: (204 JIOB+0C)y 20

= 4047 1308+ OC + 3040C+ W304.0B+ 230BOC= 0
e SR+ 4040C.c08 2B+ P30A0B.cos 20 + 230B.0C.cos2 A= 0
e 8R4 4R c08 2B+ 43R cos2C + 23R cos2 42 0

e J3cos24+ 2cos 28+ 2f3cos 20z A=45"B=00".C=75

~<4_ Déu bing xAy ra khi

Vay Prin =

4

VAN DE 6 TICH VO HUONG
Email: ngvnho93@gmail.com
Cho tam gidc déu 4BC canh @ . Tinh 4B.BC + BC.CA+ CAAB

2 B. 2 C. 2 D. 2
A.
Loi gidi
Ho va tén: Nguyén Vin Nho  Facebook: Nguyén Vin Nho
Chgn A
Cach 1

o : AB =AM + MB) = AM* + MB* +2AM.MB
Nhan xét: Vi moi diém M bat ky, ta ludn co - !

U ) . .
= AMMB = —(AB* ~ AM" — MB’ )

(e 1, \ o a
ABBC=—(AC = 4B - BCT )= - =
2 o2
= | 2 2 R i
BCCA=—[BA —BC —CA |=——
2 b2
4 10 . z L g2 bR a S — Ia°
CAAB=—(CB = CA" = AB |==— _ JBBC+ BC.CA+ CAAB = -
Do d6 ' - - 2
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Cach 2
Goi M, N, P lan luot 1a trung diém cua céac canh AB, AC, BC. Do tam giac ABC déu nén

BM. CP AN lan luot 1a cac hinh chiéu cua BC. Cd. 4B 1én cac canh BA, CB, AB.

Ap dung cong thie chiéu, ta co

—— ———— — — i a’ A
AB.BC = ABBM = -ABMB=-ABMB=—a.-=——
e e ; ;
BC.CA =f:’('_('f‘=—H('_f‘('=—b’('_f‘('=—:r_[—=—[T M N
S — S _ a a
CAAB=CAAN =—CANA=-CANA=—n.—=——
2 2 B C
P

e 12
AB.BC + BC.CA+ CA.AB :—%

Cong vé theo vé ta dugc -

(4B.BC)=BC.CA)=(CA. AB) =120

Cach 3. Vi tam gidc ABC déu nén

[ — . o
ABBC = .4ff_f:’('_uus[_ AB. H('}= u.cr_: -

2

— — L (T T :f ] o
BC.CA=BCCA.cos| BC,CA |=aa.| - |=——
\ - L2 2

— — . (T |'- ] I:I"
CAAB = CAAB.cos|CA 4B )= aa| — 5 |=— =
\ - L2 2

Do do
e Ia°
= ABBC+ BC.CA+CA.AR = —
Cho tam giac ABC ¢4 AD1a trung tuyén, C 14 trong tim. Mot duong thang qua O cit cac
canh 4B.AC 1an luot tai M.N. Khéng dinh nao sau day dung?
AM AN = %.4."{_.”3 - % AM NC
B. AM.AN = AN.MB+ AM NC

e 2 e e e

AM.AN = Z({AN.MB+ AM.NC)
C. 3

e 3 e e e

AM AN = —[ AN ME+ AMNC)
D. 2

Loi giai

Chon B
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A
N
M
P
D
B
M N
) — i —=1il)
Trudc hét ta chtng minh AM  AM
| BM PG
- JJAM 4G
| BPIMN — l CN QG
Thit vy, ke (CO/MN  Lan ™ 46
PG oG
(e = Z ol PG+ OG = AG <> (GD— PD)+(GD
Do d6 AG  AG
BN CON 1
Vaytaco AM AN
BM AN+ ON. AM = AM AN
X ANMB  AMNC _ AM.AN
- cos A cos A cos A
e AM.AN = AN MB + AM .NC (Do cosA#0 )
) . ag E . N r.-'=[.'.|-";|=-"1.[-'|=t'
Cho cac véc to 2V thoa man
A=ab+bhetca
_T'L':—[!':—II'-': _-:l[!':—t':+h:
A. 2 . B. 2
3 7:—[!:—L': 3(':—:!:+h:
C. 2 . D. 2
Loi giai
Tac gia : Quang Phi
Chon A
r.-' F b4 3[-': If:]q_X [.-' b= —3[-'*;_‘- |:[.' o h F = "}[-':
Ta co - ;
.- L}L':—[f:—;]:
=2 2 - = e I
e +h + 2ah=Y9 2

F DO = AG

va a+bh+3c= [.I'_ Tinh
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- - - [ — -2 -2 -2 - — -2 T
ht 3 =—g q-_x[f'] i _1[' = <=h +9 +0hoe=g — D=

Tuong tu ta cd 0

. " [ T T g R B e
‘ . atlc=—he(atdc) =h Sa o +hue=h = ac=
Va ta lai co \ / 0

O —ag~—h o —bh -9 b —u -9 3" —a b

% (‘1 (‘1 %

Suy ra -
Ho va tén: Poan Thi Hudong

Email: ngochuongdoan.6@gmail.com Fb: Doan Thi Hudong

”2 _ |ll]l _ L;'I'.':

b — g —Y9¢

Cho tam giac ABC vudng tai A ¢c6 BC =2a, M la diém trén doan BC sao cho MB = 2MC. Biét

ring AM.BC = a Do dai canh AC la:

N33 u\i"_"‘:

AC =

A 3 B. AC=a\3 C. 3 p. AC=av5

Loi giai

, 9 BM = ~BC
Tur gia thiét M 1a diém trén doan BC sao cho MB = 2MC nén ta c6 2

Pat AB=x:AC=ytaco~ TV =¥ (1)(Tam gitc ABC vudng tai A)

e — - ] — = ] = —_ ] -
AM = AB+ BM = AB+ —BC= AB+ —(AC— AB)= 2 AB+ — AC
Mit khac tir 3 3 3 3
e X — e .
AM.BC=a" & (2 AB+ —ACNAC—- AB)=a’
Nén cb 3 3
l—2 2— ‘
= —AC ——AB =a° e
3 3 (Do AB.AC=0)
1 2L,
<= 7) —%.'.'=[|'"
a3
Tu (1) va(2)tacd 3 Chon dap 4an A

Ho tén: Pao Hiru Nguyén FB: Pao Hiru Nguyén
Mail: huunguyen1979@gmail.com

BAC=90" , AB=1,4AC=2 AM L Bt

Cho tam giac ABC ¢4 .Dung diém M sao cho
pat AM =0 AB yAC gy T= 004072
5 5
ro 1 r- b1 r- 17 o9
A, 20 B. 20, c. 20, D. 20,

Loi gidi
Chon A

CAM =x.AB+ 1.AC = AMP = ¥ AR 1V ACT = 9= 1 + 47
Tu

Va

TLAM =3

. AM.BC=x.AB.BC+y.AC.BC = 0= x.AB(AC - AB)+ p.AC(AC— AB)=9=—x+4y
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| P _]_ = I.]I ; -
: = 20 ) 153
l —r+dr=10 ‘ v =y T=x+1 =
s . | = .'I - ﬂl[]
. Suy ra -

Email: truongthanhha9083@gmail.com

Cho tam gidc ABC vudng tai A. Quy tich diém M théa man ME-MC = MAEC + MA A
A. Puong thang AC. B. Buong thang AB.

C. Puong thiang BC. D. Buong trung truc canh BC.

. 144

Ta co hé:

Loi giai

Hy va tén tdc gid : Nguyén Bd Truwong Tén FB: thanhphobuon
Chon B
Yéu cau bai toan tré thanh
(MA+ AB).AMA+ AC)= MABC + MA®
& MA + MA(AB+ AC)+ AB.AC = MA.BC + MA®
e MA(AB+ AC) = MA(AB + AC) (%)
Goi E 1a dinh thtr tu cda hinh chit nhat ABEC. H¢ thac (*) trd thanh
MA.AE = MA.BC
s MA{AE—BC)=0
= MA(AE— AC)=10
o MACE =0 MA L AC
Viay diém M thudc duong thang AB.

Cho tam giéc déu 4BC canh 3¢ | (a - 0). Léy cac diém M | N , P 1an luot trén cac canh

BC_ CA_ AB saocho BM =a_CN =2a_ Ap=x (0<3<30) 1 qa anr L Py,

3a 4a
X=— X=—
Ao 3. B. .
2a
X=— X="—
c. 5. D. O
Loi giai
Hy va tén tdc gia : Nguyén Bd Trwong Tén FB: thanhphobuon
Chon B

SN [
AM = AB+ BM = AB+ - BEC
Ta co 3
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AVI = 4B+ 1(AC~ 4B)=

Lad | b

B L
3

S [
PN=AN-AP=-AC—--— AB
Ta cod 3 3a
I (2= 1—="1-= x ==
AMPN =0 i —AB+ = Al |I —AC— — Al |: ]
P& AM L PN 3 3T )
p R, PR O T —
= —ABAC— —AB + —AC —— 4B AC=10
'*;' '*;'n' '*;' '*;'[.'
2 . . 2, e l. 2 X . .
e —AB.AC.cos00°— —(3a) + —(3a) — —AB.AC.cos00°= 0
0 Qg Vi Oy
¥ i -
< —3a-3a ]—— =94 ]—'*;'n': — = 3g-3a ]—= 0
9 2 9q 9 9 2
2 -—axr=0ex= 4—_” x= da
2 5 . Vay 5 thi AM L PN

Nguyenducloi qv2@gmail.com
Cho tam giac 4BC vudng can tai B. Goi M 1a trung diém 4B va I la diém di dong trén

S AC
, RRIYE AC‘ o . T
duong thang MC | Khi dat gia tri nho nhat, hay tinh ti s6 4/ .
AC AC AC AC 3
A AL B. Al . c. Al ) p. 4 2

(Ho va tén tac gid : Nguyén Dirc Loi, Tén FB: Nguyén Pirc Loi)
Loi giai
Chon B

Goi NV 1 trung diém BC

J4

s |1mif - .Ja'-:_‘|=|§a C 1B fc':—.r'.7a|=|f;§ - r'-:':|=jf.a'.

NYE ,41'5‘
Do d6
MC

dat gia tri nho nhét khi va chi khi 7 13 hinh chiéu vuéng goc cia N trén
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Dung hinh vuéng 4B8CD  Goi P 1a trung diém CD va H 1a giao diém cua AP voi DN
Dé dang chimg minh dugc &V - CM = 1= DA
Lai ¢6 t&r gidc AMCP 13 hinh binh hanh, suy ra A7/ /CM
Do d6 AP L DI va H 1a trung diém D!- Suy ra tam giac 4D can tai 4-
AC  AC

—= =42
vay Al AD
Email: buivuongphung@gmail.com
BH=-HC
Cho ABC ¢4 trong tam G, H 1a chan duong cao ké tir 4 sao cho 2 .Piém M di
v MA+GC )

dong trén BC sao cho BM = xBC Tim X sao cho ‘ "1 1ho nhét.

6 5 4 5
A. S B. 4 C. 5 D. 6

Loi giai
Ho tén: Vii Thi Chuyén  FB: Vii Thi Chuyén
Chon D

M C
Goi 7 1a trung diém canh BC
N

MA+GC=MC 1 CG+GA+GC=MC+—IA

U S
= 50— A8MA %[Hf’ A b

- I P, D
= BC-xBC+Z.—~CB+=HA
343
5 e 2
=| == x|BC+ ZHA
o )3
S . T S S G
pid GC| = | == x| BCT 4 —HA* 2 11k
| i ) 0 0

Suy ra :
5
r 'r ==
Dau “=" xay ra khi o

Email: nguyenthitrangtnh@gmail.com
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Cau 10.

Cau 11.
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Cho tam giac ABC, nhon, khong can va ndi tiép dudng tron (O;R). Goi G va M lan luot 1a
trong tdm tam gidc ABC va trung diém canh BC. Cho dudng thing OG vudng goc voi dudng
thing OM tinh gia tri biéu thie AC + 4B+ 2BC theo R.
A.8R. B.10R". C.12R% D.14R%.
Loi gidi

Ho va tén: Nguyén Thi Tring Fb: Tring Nguyén

Ap dung quy tic trong tdm va quy tic trung diém ta co:
. O110B+0OC - OB+0C
oG =GATOBIOC 5 OB TOC
- . Khi @6

OG LOM = OGOM =004+ 0B+ OC |08 +OC)=0
= OAOB + OAOC+ 20B0OC+ 2R =0

e —[2RT—AB" )+ —[2R - ACT |4 2R° - BC" + 2R° =0

L | —
L | —

L2 e a2

. -n—[u—n}

b= : '
=

(chay )
e AB + AC + 2BC = 12R°

Email: phamhongquangltv@gmail.com
Cho tam gidc MNP c6 MN=4,MP=§, H —60 Lay diém E trén tia MP va dat ME = kMP Tim
k dé NE vuodng goc voi trung tuyén MF cia tam giac MNP.

2 2 1

1
A k=3, B.k=5 . C.k=3. D. k=2,

Loi giai
Ho va tén tic gia : Pham Hong Quang Tén FB: Quang Pham
Chon B
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Cau 12.

Cau 13.
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Ta cs: NE=NM + ME =kMP-MN
S l ——— —
MF =Z=(MP + MN)
2
NE L MF< (MP Mﬂ}(kMP—MN_):()

SRS SR
o MN{MP MN) MNMP:MN__16:16 2
MP(MP+MN) wpmp. . mp- 416 5

@ .
(Email): Khueninhbinh2004@gmail.com
Ding thae MA-AD = MBE.EC d4ng v6i moi diém M. Khi d6 ti giac ABCD 14 hinh gi.
A. Hinh thang vu6ng. B. Hinh chit nhat.
C. Hinh thoi. D. Tt giac co6 hai duong chéo vuong goc.
Loi giai
(Ho va tén tac gia : Pham Trung Khué, Tén FB: Khoi Pham)

Chon B
. . MAAD=MBBC . .
Dang thtrc ding véi moi diém M
|ABBC=0 [ABLBC
AB |BaaD =0 |ABLaD
Cho M trung véi ta dugc

Cho M trung véi C ta dugc
CAAD= CB.BC = |CB + BA|.AD =(CA+ AB).BC
= CB.AD=CABC  BAAD= AB.BC=0

(vi

= CB.AD+ CACB=0= CB.{AD+ CA)=0=CBCD=0= CB_LCD

Vay tir gidc ABCD 14 hinh chit nhat.

Email: dacgiap@gmail.com
Cho hinh vuong ABCD canh @, Goi M.N 13, luot thude cac doan thang BC y3 AC g0 cho

2 , CN=kAN 3 AM L DN Khid6 © thudc khoang nao dudi day?
(3;5). B. (—5:—3). C. (—4:—2). D. (2;4).
A.
Loi giai
Ho va tén: Nguyén Dic Giap Facebook: dacgiap
Chon B
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B

Eq
9

AM = AB+ BM = AB+ 413'{‘

Ta co: ;
Te CN=KkAN 3 N pim gita hai diém A€ pen suy ra K<0 3
U T R u—
AN= —AC=——(AB+ AD)

. ] o— —
DN = DA+ AN = DA+ ﬁ[.f!h’ tAD |

U AR [ | == —="
AM L DN < AM.DN=0<| AB+—BC || DA+ —(A4B + AD) |=0
4 |-k

e m [ I S [ — . .
& AB.DA ﬁ[ AB + ABAD |+ 2BC.DA |BC.AB + BC.AD)=0

4{1-k)
PR S N Py S
Fil-k) 4
Email: nnqman235@gmail.com
p : ‘ 1= 20|=T e b]=2 S
Cau 14. Cho hai vector a,b thoa man dong thoi cac diéu kién |i | J_ |i | , vector (Ba+b)

vuong goc voi (a-b) . Tinh cosin cua goc tao boi hai vector 4 va b

2 N N
4

1
A V3 B. 4. c. V3. D.
Loi giai
Hy va tén tdc gid : Ngé Nguyén Quéc Mén Tén FB: Ngonguyen Quocman

Chon B
‘|”_3’]|=ﬁ a b —dah=T |a =1
|[;-f5|:1 eld +b 12ab=4 =15 =2
Gathla-b1=0 |3a —b -2ab=0 |ah=t
~ 2
Tacod .

ab A2
4

LIL‘IS[U-'.'-";}= — =

Suy ra
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Cau 15.

Cau 16.
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Gia st O 1a tm dudng tron néi tiép tam gidgc ABC véi cac canh 5¢ = @:CA=dB=c

04 OB O
K= - -

. Tim

gia tri biéu thuc: hoe  caahb
K = l K = l K =—
A. 2 B. 3 C. K =1 D. 4

Loi giai

04.08.0C ta ludn co:

Ap dung tinh chat duong phan giac vao cic phan giac
@ OA +hOB +cOC =0 T do

E.rf.{.JE P hOB ['.(-)E:I'- =1

S @04 BOB + COCT 1 2abOAOB + 2bcOBOC+ 20a.0C0A=10

Vi OA- OB= BA=04-0B) = = 20408= 04"+ OB - ¢

i : !

Tuong tu ta co:

@04+ hTOBT 4 cOCT vab (047 + OB = |4 be (OB + OC —a” |+ ca(OCT + 047 —h" =0}
= (at bt ) a0d + hOB™ +cOC™ |=abela+ b o)

o4 0B oC _

f—

I

he o Tl

Chon dap an C. K =1

Ho va tén: Lé Thai Binh
Email: lebinhle80@gmail.com
Facebook: Lé Thai Binh

CM CN 1

Cho hinh vudéng ABCD. M, N lan luot nam trén hai canh BC va CD sao cho CB CD 3

Goi E 1a diém thoa man AE = KAN . Kni BE L AM . Tinh gi4 tri biéu thac 1 =k~ —k + 1,
13 7 8 5

A. 16 B. 9 c. 9 p. 16
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A fird &
&
g
E
0 ] [

pat AB=a:AD=b

Ta co
BE =BA + AE =BA + kAN =BA +k|AD + DN
(22 k-3: o |
:—a+k‘b+—a = a-+kb
3 | 3
N — I . 2
AM =AB +BM =a+Zh
va 3
BE LAM < BEAM -0 X3, 2k 0=k -3,
Khi d6 3 3 4
7 ‘ 7 A = A€
Cho hinh vuéng ABCD, di€ém M nam trén doan thang AC sao cho 4 Goi N 1a trung
diém CD. Tam giac BMN la
A.Tam gidc déu. B. Tam gidc can.
C.Tam giac Vuong. D.Tam gidc vudng can

Loi giai
Huynh Kim Linh GV Trwong THPT Chuyén Lé Quy Pon Khanh Hoa

Chon D
Dé,t .41;-.;: [I-'.. .4.& = |'I:-| )

VB = (a1 35)
Khi do: 4 '

avi=tac-Yahy Av=aD DV =q
4 4

b | ==

3 3

R ] - - - -
MBMN = —(—a+ 30 3a+ )
Ta co: lo
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Cau 18.
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l -2 -2 - = .
= ﬁr_—}f” £ 30 4 Bab)=0= MBLMN (1)
i

— 1 - - . | -2 - A
MB =—(—a+3h)y =—la +9h —bah)=—u
l& lo 5

g

WY = e e 08 B reah)=a
I 16 2

— r [ )
Suy ra M8 = MM (2)

Vay MB vudng goc véi MN va MB =MN, tam giac BMN vudng cén tai dinh M

(Email): luongthanh80tm@gmail.com

Cho tam giac 4BC . Goi H 1a tryc tim va O 13 tAm dudng tron ngoai tiép cua tam giac A8C .
patBC=a CA=b AB=c Tim hé thic lién hé giita @, b, ¢ sao cho OH vudng goc véi

trung tuyén vé& tir dinh 4 cia tam giac ABC |

A. 2ot = b -I-r:. B. 2 =a” -I-r:. C. 207 =a? -I--":l:. D. =247 -I-Z:-:.
Loi giai
Chgn A
A
H
B M C

D

Goi 4D 13 dudng kinh ctia dudng tron ngoai tiép tam giac 48 C
Chimg minh dugc tr giae BHCD 13 hinh binh hanh.
Ney B+ HC = HD
Ta co O 14 trung diém ciia doan 4D nén 14+ HD = 2HO
Suy ra FA+ HB + HC = 2HO
Ta c6: OB+ OC=20M = AH . twong tu OA+ OC= BH.04+ OB=CH
s OA+ OB+ OC= OH
Goi M, N | P 14n luot 1a trung diém cua cac canh BC, CA v 4B
OH L AM < OH.AM =0

(041 OB +OCLAB + AC) =0
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&304+ AB+ AC).(4B + AC)=0

e 3OA(AB+ AC)+ {AB+ ACY =0

< 304.AB+30AAC+ AB +2A4B.AC+ AC =0

& —3AB.AP-3AC.AN + AB* + 2AB.AC+ AC* =0

O3, m e
- T P4 2ABACHH =0
¥

@' = BC =({AC—ABY =b* + ¢ — 2AB.AC
Lai co:
S 2ABAC=H 4 & —a”

Suy ra: dat=h +c
(Swu tam, Ho va tén: Nguyén Lwong Thanh, Tén FB: luongthanh.nguyen.7)
Cau 19. Cho tam giagc 4BC ¢o AD1a trung tuyén, G 1a trong tim. Mot dudng thing qua O ct cac
canh 4B.AC 1an luot tai M.N. Khéng dinh nao sau day dung?
ANTAN = L AN M 2 AN
A. 2
B. AM.AN = AN.MB+ AM NC

Lad | Lo

-

AM AN = Z(AN.MB+ AM.NC)
C. 3

AM.AN = Z({AN.MB+ AM.NC)
D. 2

Loi giai

Chon B
A
N

M
P
D

B C

0

BM . CN

Trudc hét ta chimg minh AM AN

| BM PG

o am T aG
J| BPIMN 7| ¢ ele)
COIMN AG

That vay, ké 1 AN AG
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Cau 20.

Cau 21.
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PGOG
(1) — 4+ 22 =1 PG+ OG = AG <> (GD— PD)+ (GD + DO) = AG
Do dé AG AG

M CN

_ _:]

BM AN+ UNAM = AM AN
X ANMB AMNC _ AM.AN

S—

cos A cos A4 cos A
= AM.AN=ANMEB + AM.NC (Do cos A= 0
Ho va tén:Phan Thong

Email:quocthong1182@gmail.com

Facebook:Quocthongphan 7
Cho hinh chit nhat ABCD c¢6 canh AB=2 va AD=4 .Goi M 1a trung di€m cia canh AB va N 1a

diém trén canh AD sao cho AN =kAD cMm vuong goc voi BN .Khi do k thudc vao khoang

nao sau day
[’LL) [1.1] (L.LJ
B \16 20) c.\209 p.\9 6

I
)
AL 16

Giai: Pat AB=a AD=b
— .-

AB=-h——un
1

e
CM =CB+ BM = -AD~ —
Taco =
BN =BA+ AN =—AB + kAD = —a + kb
o[ -b-Lal(-arkb)= 0o — 10k
9 /

Theo gia thiét ta co CM.BN =0 % 2

| =
S|

Ho va tén tac gia : Pham Hé‘ng Quang Tén FB: Quang Pham
Email: phamhongquangltv@gmail.com

Cho tam gidc MNP c6 MN=4,MP=§, H —60 Lay diém E trén tia MP va dat ME = kMP Tim
k dé NE vudng goc véi trung tuyén MF ctia tam giac MNP.
2 2 1

1
A k=3 . B.k=5 . C.k=3. D. k=2,

Loi giai
Chon B
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Ta co: NE=NM + ME =kMP-MN
— l — S
MF = 5(MP + MN)

NELMF< {MP 1 Mﬂ)(kMP—Mf\_I)ZO

S SO |
MMN(MP+ MN) MNMP+MN  16+16 2

kK= ————— = ==
MP.MP+MN)  mNMP MF’2 6416 5
BC=a,CA=h AB=c

f=

Cho tam giac 4BC ¢6 . M 1a trung diém cia BC | D 1a chan dudng

phan gi4c trong goc 4 . Tinh AD

e 1 ) S 1he

i =— p(p-a) A =2 (o)
A. the) : B. (he)

2 4be 2 dbe

AD = - nl -p(p—a) AD = - aiik -plp—a)
C. th=cl D. (hec)

Loi giai
(Ho va tén tic gia : Nguyén Thi Phwong Thio, Tén FB: Nguyén Thi Phwong Thio)
Chon D
I
7 AM = = AB+ AC)
Vi M 1a trung diém coa BC nén 2° '

AN = (4B AT) = 1{ 45+ 24BAT 1 AT
4! =31 __

Suy ra

R

ABAC=—c +b —a |
Ta lai co 2 nén
e 1, . . . R oy
AM = —| A 1_—|{[" -."J'—[.'"'-.l']' |= ( !

41 2 L) 4
BD AB ¢

Theo tinh chit duong phan giac thi DC AC 5
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BD = ﬁm' " he

Suy ra .Ir-.“:. i (*)

AD - AB="2(AC - AD) e (b+ ) AD=hAB+ c AT
o '

e (bt c) AD = (bAB) + 2bc ABAC + (< AT)

= E r'}: AD = b 1"'”'-1_(": b —a i to i
— AD = _ o —(hre—a)lbrota)
(htc)
.y
AD =—"_p(p-a)
Hay (b '}

Ho va tén tic gid : Nguyén Vin Todn Tén FB: Diu Vét Hadt
Email: nguyenvantoannbk@gmail.com Bai ¢ mirc dg VD, nho thdy cé gop y!
Cau 23. Cho tam glac ABC c6 AB = c AC = b va BAC=060" c4c didm M, N duoc xac dinh bédi

”C =" }”H va ‘»B—— H‘H . Tim hé thirc lién hé giita b va ¢ dé AM va CN vudng gbc véi
nhau.
A, O0c7 - 4h7 - She=0 B. 47 - b7 - 0he =0
C.0c' - 5h'- dhe=0 p. 4c7- 0h7 - She =0
Loi giai
Chon D
AN AR LA LA LA LA - LA LA
MC=-2MBU AC- AM =- 2{4B- AM U 3 4 =2AR+ AC
Ta co:
AL L L= ]
N CAON =204 +C08
Tuong tu ta cling co: .
Vay:
- LALL AL
AM ™ CN U AM XN =10
. 1 1 Vi) U_I LLr
U (2AB+ACNH2CA+CE)=10
LA LA LA AN - . . (=N Ep e
BHACHAB- 3AC)=0U 248 - 3AC - SAB.AC =0
&
) . She - ) ..
2o - 3h - . =0U 4 - 0h - She =0
- 2

Ho tén: Tran Ngoc Tén FB: Ngoc Trin

Email: soantailieutoanhoc2018@gmail.com i
Cau 24. Cho tam giac ABC ndi tiep duong tron tam O. Goi [ 1a trung diém cua AC va M 1a diém thda

man OM =204+ 08 +20C  Bibt ring OM vudng gbc voi BI va AC =3BC.BA Tinh gbc
YBC

uigeli.xyz Trang 119



uigeli.xyz

D. 120°

A. 30°, B. 45° C. 60°,
Loi giai

Chgn C

A

| OM L BI < 20M BI=0&(204+ OB + 20C|( B4+ BC )= 0
(SOB + 2BA4+ 2BC |= 04 SOB.BA+SOB.BC + 2(BA+ BC| =0
AB.BC

P

Goi i,K tuong tng 1a trung diém cua doan
. SOBBA+S0BBC +2(BA+BC| =0 =
ido - /
S(OH + HB).BA+5(OK + KB).BC + 2(BA+ BC) =0

S S i i o
& - =BC —ZBC 284+ 2BC + 22BABC=0
] 2 ] -2 2 -2 -2 } 2 -2
& ——BA— —BC+ (AB + BC'— AC )=0& AC" = =(4B” + BC*).
2 2 : 4 :
4 E(..‘._ E(..‘.
_ . BA+BC-ACT ¥ ‘
cos ABC = =
2BABC 2 e
Do do6 3 . Suy ra ABC =60° )

Ho va tén tac gida : Dao Trung Kién (st) Tén FB: kienyenthe

Email: kienyenthe@gmail.com
Cau 25. Cho hinh thang vudéng ABCD, duong cao AD = h, ddy AB = a, ddy CD = b. Goi M la trung

diém cua BC. Hé thuc gittaa, b, h dé 4M L BD 13
A. @ —h—ah= 0 B. h—a —ah=10 C. ,.';--“-_.-';.-‘-_[,u.-']:[]‘ D. -"J:—l"i""—[f-"l=[t|.
Loi giai

Chon B
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D b C

Ta co

AM L BD < 2AM BD =0

“ |AB+ AC)BD =0

& (AB+ AD+ DC)(AD- AB)=0

s —AB 4 AD' -~ DC.AB=10
=g —abh=10

Ho va tén: Vii Huynh Durc
Email: vutoanpvd@gmail.com
Facebook: vuhuynhduc2017

LI 1 LLLA
. . i BM ==BRC
Cho tam gidc déu ABC canh bang a. Goi M, N la cic diém thoa man 3 ,
WL LLMI
AN =1ag

. Goi I 1a giao diém cua AM va CN. Tinh dién tich ciia tam giac IBC theo a?

_:.'2\46 _:.'E\ﬁ" . _ ?uzﬁ g _ 2:.'2\@

A 'SI.".!'J(' - 7 B. 'SIHII' - 7 . C. 'SHIE' - 7 . D.- e = 7

Loi gidi

Chon A
W oud U w5 U L
g =CN =3x,y i :BI =xBN +yBC, xty=l= BI = Z-BN + 3y BC, x#y=1
L o L _
BI = 2L BA (3, BC 23,1,
vido ! €AM néntx tacling c6 3
A
Ns
B u ¢
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[ x+y=1
oxe8 y=lo - dpa . lpe
2 13 =1 7 7 7 7

L3

, CN=2c4 + Lcp
Tir gid thiét ta co 3
cNBl = 2ca Lep |34 e
9 .3 3 ,-| |7 7 ,-|
8 ca ABACE 2BCA LBCCB -0
8 pach  Apacn i LBocA s Lpocn -
21 21 21 21

= ABIC yyong tai L.

LAr LLLT LLAF - o LLMI oy .2
4 1, - 2_(4 1,~) _21 2
3 =3B ipe —pr?=|%pa ipc | -4
g (FB B ] = g5
gC2=BC2-BI? =2 —%“2 - %IF L IC = gu
2
Sipe = lprc-d E
vay 2 7

Ho va tén tac gia : Huynh Thanh Tinh Tén FB: huynhthanhtinh
Email: huynhthanhtinhspt@gmail.com

e i
MW o s CN=2CA
Ciu 27. Cho tam gidc déu ABC 3 cac diém M. N, P thoa man BM =k BC, -,
P-2 1B 7
15 Tim k ¢é AM vuong goc véi PN .

1 1 3

k = — k = — k = —

A 3 B. 2 C. p. 4

Loi giai

C

BM =k BC < AM — AB=k(AC - AB) <> AM = (1= k)AB + kAC
U &) RO [
+) F.'""-'. :.“ .'""-'. _.‘IP: I.:' _::'
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pé AM vuong goc vai PN i AM.PN =0

o[- B + kAT~ 4B+ LT |0

@ngi K r;l_’r" -ﬁ).JE AC=0
15 3 3 |5
Q—4tljff] 1 JE{ {l_k —ﬂ]cosm}” =0
[ 5 3 3 5
|
= hk=-
3

Email: duyhung2501@gmail.com

h BC=wCA=mhAB=¢

Ciu 28. : Gia sir O 1a tam duong tron noi tiép tam gidc ABC véi cac can . Tim

04" OB OC
K= - -

gia tri biéu thuc: he  caab

A-Kzé B.KZ% C. K=1 ]).Kzi
Loi gidi

Chgn C

0A4.0B.0C

Ap dung tinh chat dudng phén giac vao cac phén giac ta luon co:

c.'.(.lq i ."1_(.3'4}5 i L'_f:;';f_-: =1 T do
[.[f.{..l'} i ."1_{..1'.1*_3’ f ['.(-J'E-'}- =
o @C047 +HOBY + COCH 4 2a.hOAOB+ 2hcOBROC+ 2 ca.0C.OA =0

Vi OA—OB= BA= (04— OB| = ¢’ = 2.04.08= 04"+ OB —¢
i _ !
Tuong tu ta co:
A OA" +BTOBT 1 COCT vah (047 + OB = )1 be (0B + OC —a )+ ca|OC™ + 047 = b = 0)
= (atbt o) a0A” + OB +cOC™ )= abe(a+ b+ o)
04 0B oc
= - i =1
he ae af
Chon dap 4n C. K =1
Ngudi suu tam: Tang Duy Hiung. FB: Hung Ting
Ho va tén: Nguyén Thi Hué FB: Nguyén Thi Hué
Gmail: nguyenthihuel611@gmail.com

|::'|:l?!; _J1s

=L |i|-'— 2h

CAu29. Cho hai véc to 9 va 0 théa man cac diéu kién - Ppat U= a+b vy

e b . )= 60"
v=2ka=bok s i the ca cac gid tri ciia K sao cho (1)
345 3.5 7 =
) TG s 7 s 17
A. 2 B. = C. 2 D. 2
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Cau 30.
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Loi giai. Chon A

) n-'—].";=~,|'rE<:_%|:.[|-'—l";r=]5;‘-[;'.3';:1
Tir gia thiét | | 2.
oy = .'JH_ZL'H—I"J_}=31"~'—; |u|= \/H__: «,."'(T.|1'|: \/F=\"—M:—1L‘ 4

11.;-_"}

-

3 | 15

- =—= k=44 .
JoJar =2k 4 2 2
Ho va tén tac gia : Lé Thi Nguyét Tén FB: Nguyétlé
Email: Lenguyetl50682@gmail.com

[:t;.l-'}= a0 e

AD
7 e e o AD
Cho tt gide ABCD | hai didm MV thoa man ~MF + MA=0INCHND=0 03 BC " Typp
cos'dBC
COSADB heo X dé MN L BD.

X X X
A 2. B. 2. c. V3 D. ¥V3,

MN L BD < MN.BD =0

DBC = BD:BC ) ADC = AD:BD] : — —
[- 'F [ / nén can phan tich MN theo 4D va

Phin tich: Ta thay
BC
Giai. Ta co biéu dién

MN = MA + A,

. JP SRR [P, N [
=—|B8CHCN |+ = AD+ DN )= =BC+=-4D
3 h ! 3 ! 3 3

p R [
MN==8C+=A4AD
Vay 3 3 .Dodd

MN L BD < (2BC+ AD).BD=0 & 2BC.cosDBC + AD.cosADE =0
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Cau 31.

Cau 32.

Ta c6:
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cosDsEC B AD B

Suy ra COsADE 28C 2 bap an B.

Hy va tén tic gia : Tran Thanh Ha Tén FB: Hatran

Email: tranthanhha484@gmail.com

Cho tam giac 4BC ¢4 AB=0BC=17CA4=2 G5 M3 didm thuoe canh 4B sao cho

—_— —— k=——
AM =2MB v N 1a diém thuoc 4C sao cho AN =kAC (k €l). Biét b

a
(? 14 phan s6 tbi gian, a,b 1a cac s6 nguyén) sao cho dudng thing CM vuéng goc v6i duong
Tinh gia trj biéu thie 7 = 2015 — 20190+ 5
A, T=2017. B. 7'=-2020. c. T =2030. Dp. 7' =-2030.
Loi giai
Chon B

c—M:m_Ezgﬁ_A—c

BN = AN - 4B = kAC - 4B

CM BN =2 (4B - AC)(kAC — AB) = X ABAC -2 4B’ —kAC" + ABAC
Suy ra: 3 3 3
(AB-AC) =CB" = ABAC =22 2250 _6
BN L CM @k:—E
7
g=0 h="T=T=2015.6=2019.7+ 5=-2020.

Theo gié thiét, ta co :
Ho va tén tac gia: P6 Thé Nhdt Tén FB: D6 Thé Nhit
Email: nhatks@gmail.com
Cho tam gidc ABC ¢6 AB = ¢, AC = b va BAC=060". Cac diém M, N duoc xac dinh bai
MC ==2MB 3 NB =-2NA  Tim hé thirc lién hé gifra b va ¢ dé AM va CN vuéng goc voi
nhau.
A. G- —S5h —dhe =0 B. e — (b —She =10
C. 407 —0h™ —5he =0 D. 47 4+ 0hT —She =0
Loi giai
Chon C

MC=-2MB <= AC— AM ==2{AB— AM) < 3AM =2AB+ AC

Tuong ty ta ciing co: ¢V =204+ CB
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I LCN o AT CN=0 o (24B+ ACH2CA+ CF) =
Vay:.!_‘lf_(_‘x = AM-CN =0 = (248 + ACHICA+ CE)=10

o (2AB+ ACHAB=3AC)=0 _ 245 -34C° —54B.AC=0

1:';—3."11—:\”(.:[] T oy
P 2 <:>—]-["—(1f]_—:\f][':[]
Ciu 33. Cho hinh chit nhat ABCD c6 AB= a, AD=2a. Goi M 1a trung diém AB, N 13 diém trén canh

LAMd LAAM

AD sao cho AD = KAN . Tim k dé CM [ BN.
A. k=79 B. k=8 C.k=8,1 D. k=7.8

Loi giai
Chon B

LLLI Lo LLLr LT lUJ.[J
CM =CB +BM =-AD- -AB
giai: Ta co :
LLLI Ll UL LLT lLJJ.H
BN =BA +AN =- AB +EAD

Pé CMIBN thi CM.BN =0

LLLI LILLY LT lLJJ.[I LL lLJJ.lIb_'
CM BN =§AD— Eﬂﬁgﬁuﬁ +EADE§
=ADAB - EAD +=-AB - —ABAD

2 2k
1 Uy LU Tjov 1,

=- ZAD +ZAB =- Z(2a) +:za
Ma K 2 k 2

LLLF LILLr X 1 3 1
b CMBN =00 - E(2@) +5a =0
u-f+1:00k:8

k 2

vay K= 8 thiCM ™~ BN
Ho va tén tic gia : Nguyén Ngoc Duy Tén FB: Ngoc Duy
Email: nguyenngocduyakgl@wgmail.com
Ciu 34. Cho hinh binh hanh 4BCD ¢4 duong chéo 16m 1a 4C . Goi £>F 1an luot 1 hinh chiéu vuong

goc cua C trén AB.AD Biay thire nio sau day la dung.

A, ABAH + ADAF =AC" B. ABAE+ AD.AF = AC”
C. ABAE+ AD.AH = AC* D. ABAE+ AD.AF = AC.AH
Loi giai F
Chon B ™
EaF M 14 C C
Vi lan luot 1a hinh chiéu vuéng goc cia  trén D
AB,AD
nén ta co: H
o — o — - - ‘
ABAE= AC.AR A
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ADAF = AC.AD
ABAE + ADAF = AC(AB+ AD )= AC
Suy ra: \ ' (*)
Do 4C 1a duong chéo 16n nén ABC = 90" va B nim giita hai diém AE Suy ra
ABAE = AB.AE
Tuong tu ta c6: D nam giira hai diém A.F Suyra ADAF = ADAF
Vay déng thirc (¥) tro thanh: ABAE + ADAF = 4C"
Email: thuy.tranthithanhdb@gmail.com
Cau 35. Cho hinh thang vuong 4BCD | duong cao 4D =h_ canh day %= D=0 Tim he thae
a,b.h aé

gitta BD yudng goc trung tuyén 4M cia tam gige 4BC
iﬁr.':=nf|::nf+h:]. B. |'r.':=[|f|::h—nf}.
C. |"i'|:|"i' th)= [|'|::IZ|' th |"i'} D. = [,l[:[,l + 1)
Loi gidi
Chon A
A a B
" M
s C
D b
]
AM = —.[.f!ff P AC)
Thay 2% ,taco:

VT L B AVLBD= 0 (45 + 4C)BD =0 ABAD+ ACHD=0 |
ARBD= AB(AD— AB)= 4B ——a

ma : !
ACED=(AD+ DE)(AD— AB)= AP~ DC AR = I — ab
va ' o !

nén: ()= =ala n}-

Ho va tén tic gia : Nguyén Quang Nam Tén FB: Quang Nam
Email: quangnam68@gmail.com ) i
Cau 36. Cho tam giac ABC vudng tai A ndi tiep duong tron (O, R) , M 1a diém chinh gitta cung BC
( cung BC khong chira diém A) . Chon ding thirc dung trong cac dang thic sau :
A, MA= MB.sin C+ MC.sin B B. WA= MB.cos C+ MCcos B
C. MA= MB.sin B+ MC.sinC D. MAd=MEB.cos B+ MO cosd

Loi giai
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Cau 37.
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Chon C

S 7 i
2MOMA=MA = 2M0. —=MA= 2510 AMO.—=s1n AMA (1)
Ta 6 MA MA

= MB L= MO
2am AEMO —=sm EME (2) 2an O MO — =2 CMC(3)

Tu (1), (2)va(3):
—sinA MA+ 5in BME + siInC.MC =

= 2MO(-sin 4£ Fsin H.E i ::jn(‘_ﬁ}:
MA ME MC
=2MO0=0
A
B
kl C
M
CoMA . MB . MC -

—sin A —+sinB.—+sinC.——=10

Ta s€ chirng minh MA MB M (*)

I : — ] : — ] . = -

(*) <= —=MB.MC.sin AMA+ —MAMCsINB.MB+ — MB.MASINC.MC =10
A A 7 7 7
That vay , & 2 2

=S, MAT S, MBS MC=0 ( qa0 )

505 1an Tuot 1a dién tich céc tam gisc MBC, MAC, MAB)
Vay ~MAsin A+ MB.sin B+ MCsinC=0 < MA.sin A= MB.sin B+ MCsinC (x)

(véi >

Theo bai ra; 511 A4 =5I090" =1 thay vao (*) : MA=MBsin B+ MCsinC
Hp Tén: Lwong Thi Hwong Liéu Tén FB: Huwong Liéu Luwong
Email: lieuluong.290983@gmail.com

Cho tam giac ABC ¢4 BC=a,CA=0, AB=c M 1 trung diém cia BC | D 1a chan duong
—
phén giac trong gbéc A . Tinh AD
‘_'Hl'_'} _ _].—Lz.p rl.'!] -8 ' ,I1__|r_} _ . —]'[:'L i |IlI|!] —q '
R (bic) . (bic)
ADS = 2% _p(p-a) AD = : e _p(p-a)
C ([?—Ll_ D “i' o)

Loi giai
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Cau 38.

5 DM
uigeli.xyz Hinh 2.3
— W, — ey

. AM = —I:,-'u’n P AC)
* Vi M la trung diém cia BC nén 2° '
—2 1

AM ™ =
Suy ra +

]-" —2 — —2

AB+AC|) =—| AB” + 2ABAC + AC |

— —— ] — 2 —2 '."-f":
ABAC= 3 AB + AC - |:,-'1f5’— ACH

Ta cod
] A8~ -1 -pl| _ ] [ 2 .2 2
=§|:f'“r-" e :|—§|:L b= —n }nén
-2 | . z.l;,: 2 _”:
.»'|_=I_:l'|_— zj_[l_ E:l__l_} 2 |= [_[ L }
_}It 2t 3

BD AB ¢

* Theo tinh chat dudong phan giac thi PC  AC
— BD— c¢==
BD=—_=DC==DC

Suy ra D b (*)

Mit khac BD = AD— AB vy DU = AC-AD thay vao (*) ta duogc
AD - AB=—[AC-AD) e (b+c)AD=bAB 1 cAC
[:| 5, r

e (bic) AD =(bAB| + 2bc ABAC + (cAC)

e (bic) AD =bc ze:L-_l('L-f e Il e
o AD = - e (& L—-'?Hr" C+ )
(bc)
— _]_l - . )
AD =- o =Py -a)
Hay [0+ )

Ho va tén tac gia : Pham Thanh Trung Tén FB: Pham Thanh Trung

Email: trungthuong2009@gmail.com

Trong cudc thi giai tri toan hoc t6 chirc nhan dip hoat dong chao mung Ngay nha gido Viét
Nam c6 mot trd choi nhu sau: Nguoi ta thiét ké hai duong ray tao véi nhau mot goc 30" nhu
hinh v& dudi day. Trén cac duong thing OX va Oy ngudi ta dé hai vat ning cung trong luong.
Budc hai vat thé voi nhau bang mot thanh ctng AB =1m a0 cho mdi vat déu c6 thé chuyén
dong duge trén hai dudng ray. Noi hai vat bing mét soi gidy vong qua mot cot co goc tai O.
Nguoi tham dy cudc thi s& dung tai vi tri diém B dé kéo vat thé chuyén dong trén Oy Nguoi
thang cudc s& 1a nguoi kéo duoc vat thé ra xa nhat so véi diém gdc 0. Hay dung kién thic toan
hoc dé tinh toan vi tri xa nhat ma nguoi tham du cudce thi co6 thé dat duoc.
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A, lm, B. 2m C. \@m D. \/Em‘
Loi giai
Chon B
OB = x.04= y(x. 1> 0)
+ Dat . Khi d6 theo dinh Iy cosin ta co:

AR =+ 17 = 2orcos30" = 7 4+ 0 — 3

Do d6 ta co6 hé thuec: .
VB —1=0
Xét phuong trinh bac hai:
Yy i"-=3.".':——”.".':—]];3 D= D =2
Phuong trinh ¢6 nghiém  khi

) , ) , O 2m
Vay hoc vi tri xa nhat ma hoc sinh c6 thé dat dugc cach  mdt khoang 1a

Ciu 39. Cho tam giac ABC c6 AB= ¢ ,BC=a ,CA=b . Trung tuyén CM vudng goc v4i phan giac trong

cM 3

ALva AL 2 Tinh cos 4

2 51 3 1
cosd =— cos A= cosd=—"— cos 4 =—
A. 2 B 4 C 2 D. 2
Loi giai
Chon D
— |Il:l -
41 = Al AL
Ta co: o Tt
. A mooAp 7
(‘_H:( 4 {ffz.!f:’ 2AC

Theo gia thiét: AL L CM = ALCM = 0
e [.fIJ‘f.'!E e AC H AB— 1.9!.("'}: (= e 4 he cos A— 2eh cos A= 2eh =10
= (c=2h)(1+cosd)=0=c=1h(docos 4> -1}

b a0 a =k
CM- = - —=
4 2

| ]

Khi do:
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P

X l ;7— ——2 1+ . . ——— 3 X -
AL = —(AB+ AC) = —(AB* + AC* + 2ABAC)= =90 - a* )
9! ' gl o |

oM 3 em? 9 & -bT 3L
_— Fom] —= —, - —= — <4 =M
AL 2 AL 4 89— 4

) ™+ —a Sh—a |
cos A= - = —— = —
2he 4k 2

doantv.toan@gmail.com
Cau 40. Cho hinh chit nhit ABCD co 5= LED=3 pigmM thuoc canh AD va N 14 trung diém BC
n_ BN
sao cho MN L BD Phan s6 tbi gian 7 S NC g m+n bang bao nhiéu
A. 29. B. 18. C.l6. D. 27.
Loi gidi
(Ho va tén tic gia : Tran Vin Poan, Tén FB: Tran Vin Poan)

BD=(BA+ BC)

Ta co
E: AN - BN _ i - H"-._ _ i Et—‘:k f_;’:[_'
nooNC BC mwm+n m+n

Fa

S [
MN=MA+ AB+ B."-.':i L‘—; |B('- Afb

L,

) 11 11

=0 bk=—=——om=1Ln=7

19| po
' 18 1147

BN =0 gy |
Ho va tén tic gia : Nguyén Thi Théa Tén FB: Nguyén Thi Théa

ba| —
.

Email: phamquynhanhbaby56@gmail.com
Cau 41. Cho tam giagc 4BC ¢ AB=c . BC=a CA=b_ Goi M 1a trung diém cua 4B va D 1a

chan duong phan giac trong goc 4 cua tam giac 4BC . Biét rang trung tuyén CM vuéng goc
v6i phan giac trong 4D . Khi d6 dang thirc nao sau day dung?
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A, b=2c &C=2b. C.a=b+c D.c=a+b

Loi giai
Chon B

D .
Tacod  la chan duong phan giac trong goc  nén

DE=- “pcU hDB+cDC=0

. DB DC . h
va , nguoc hudng suy ra
——— |Il:l -— L ———
A= AR A AC
, h+ e h+ o
Ta co:

—— CA+CB _AB-2AC

CM =
. CM A 2 2
Vi la trung tuy€n nén

AL 1. CM < ALCM =0

Theo gia thiét:

& (BAB+ cAC)(AB-24C)=0

e ohe” 4 he” cos A—2eb cos A-2eh =0

= [:r.'— 1-"1}[: lvcosd)=0=c=2h{docosd=-1)
Vay ¢ = 2b
Ciu 42. Cho tam giac ABC déu ndi tiép (O;R). M 1a diém bét ki trén cung nho BC . Khi @6
A, MA=MB+ MC B. MA = MB + MC
C. MA = MB+ MC D. MA=2ME+ MC
Loi gidi
Chon A

RP= 04" = (OM + MAY = B* + MA® + 20M .0A

. e e MA
= MA + 20M MA=0= M4+ 2.0M . —=10

Ta co MA

Tuong tu
— MB
ME+ 2.0M.— =10
MBE

e MO
MC+2.0M. —=10
MC

—MA+ MB+ MC+ 20M(— MA  MB MO,

Suy ra MA MB MC

- MA MB MC
Vi MA MB MC 13 cac véc to don vi va d6i mot tao v6i nhau mot goc 120° nén
MA | MB | .‘{H_‘zd
MA MB MC  dodo~MA+MB+MC=0
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