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CAC DANG BAI TAP BAI HE THUC LUQONG TRONG TAM GIAC

Phwong phap: St dung dinh 1y cosin

a-=h"+c"—2hecos A, h"=c¢ +a —2ca.cos B, cC=a +h=2abcosC.

HE qua cia dinh li c6sin

I.I:I _2_ 2 :. _2_l|12 ,I':. 2__2
LIL‘IS/E=# L:u:affzL cosc = ] 4 ‘
2he 2ac 2ah
A. BAI TAP TU LUAN

Bai tip 1: Cho tam giac ABC co 5= FAC=0.4=120% pinh d6 dai canh BC
Loi giai
Taco: BC = AB + ACT —24B.AC.cos A =067 + 4 —2.0.4.c08120°

L -1 —
=0 4 =204 —=T0= BC =70 =219,

Bai tap 2: Cho tam giac 4BC ¢ “ = Rb=8c=3 i 4
Loi giai
a5 A b+ —a” & +5-7T 1
LS A = = = _ .
Ta co: 2he 2.8.5 2 = A=060°

Bai tip 3: Cho tam gisc 4BC bidt do dai ba canh B¢+ ¢4 A8 13 1yot 12 @ P> ©va thoa man hé thire

f Ju:_ 2 - 2 a7
(b —a)=c[c—a }Véibic.TinhgéC %AC.

Loi giai
Ta co blb™—a )=clc—a )b —ba=c —ca = b —c —a (b—c)=0

= f_-"l— L'}I[-"J: Fhed o —ar }: O b + e —a =—hc

cospac=t e T The

1 .
— = B4C =120"
Mt khac 2be 2he 2

Bai tip 4: Cho xOy =307 Goi A.B 13 hai diém di dong 1an luot trén Ox,0) sa0 cho 4B =2 Pp dai
16n nhét cia OB bing bao nhiéu?

Loi giai
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8 =30
o B

AB =04 + OB = 204.0B.cos30" <= 4 =04 + OF - Z(M_(JB_E

Ap dung dinh i cosin: 2
& 04~ 3OBOA+ OB —4=10
Coi phuong trinh 13 mot phuong trinh bac hai an 04 Pé ton tai gié tri 16n nhit cua OB
4y D0 (V30B) — 4(0B*~4)20 = 08 <10 < 0B < 4 |

Vay max OB=4
Bai tip 5: Cho tam giac 4BC vudng can tai 4 va M 1a diém nim trong tam gisc 4BC sao cho ti 16
MATMB:MC=1:2:3 Tinh g6c AMB

Loi giai
MB=x & MA=2x, MC=3x ygi 0<x < BC=+2

44x -2 3241
cos BAM = o

Ta cd 212y 4y
] ; _]_2 _ L}...Z ] o _q ] _ |-z 3._'-." ] .f] - _q-.".': v _
coshiac=—2 1 -T2 =) —— | T | =1
4x 4x X X
5+ 242 .
1= —— = — (loai )
—,
5242
=
= 0x 4 ':".".': Fl+ 01— ]n.'n': F25x7 =10 = 34 - jﬂ.".': F2=10 17

AM
= CosAME =

2
2 vay AMB =135
Bai tap 6: Khoang cach tir 4 dén B khong thé do truc tiép dugc vi phai qua mot dam 1ay. Nguoi ta
o CA=2000m)

xéac dinh duoc mot diém € ma tir d6 co thé nhin duoc 4 va B dudi mot goc 00° . Biét :

BM™— AB®  4x v x — 1
2AM.BM 2.2xx 4x°

_ 3 ' N .
CB=180(m) . Khoang cach 4B bang bao nhiéu?

Loi giai

AB = CA® + CB — 2CACB.cos00° = 30400 = 4B =2091(m)
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Bai tap 7: Mot tau déanh ca xuét phat tir cang A 4 theo huéng S 70°E v¢i van tde 70 km/h. Bi duge 90
phut thi dong co cua tau bi hong nén tau trdi tu do theo hudng nam véi van tde 8 km/h. Sau 2 gior ké tir
khi dong co bi hong, tau neo dau dugc vao mdt hon dao.
a) Tinh khoang cach tir cing 4 t&i ddo noi tau neo dau.

b) Xac dinh hudng tir cing 4 t6i dao noi tau neo dau.

Nao®wW Na'E
v IN ‘

N
|
W >
A K
5} EEEEEEEEETEEEEm > >
S
4 A= 3l T = I <\ 4 =70 4 =20"=4 T = =
a) Theo gia thiét ta co: 15 = 103km. BC=10knm (3 BAD=T0°4BD = 20° = ABC = 100

Khoang cach tir 4 toi ddo tau neo dau bang doan 4C.

, A — .-: 2 . 1.':_"1;_: . 1.., g
Ap dung dinh 1y cosin ta c6: 1€ JAB* + BC* ~24B.BC.cos B

= 105" 4 16" = 2.105.16.cos 160 =120, 164m

AR+ AC" — BC-

cos A= = 0,999 = 4 = 2737 = WAC =107°2%

b) Ta co 2AB.AC

Vay huong tir cang 4 t6i dao noi tau neo dau 1a huéng Dong.

uigeli.xyz Trang 3



uigeli.xyz

B. BAI TAP TRAC NGHIEM
PHAN I. Ciu tric nghi¢m nhiéu phwong an lya chon. Méi ciu héi thi sinh chi chon mdt phwong 4n.
Cau 1: Cho tam gidc 4BC | ménh dé nao sau diy dang?
A o =b 4"+ 2hccos A B. a’=h*+ ¢ = 2hccos A
C.a =h"+c = 2bccosC p. @ =h"+c —2hccosB
Loi giai
Theo dinh 1y cosin trong tam giac 4BC ta co: @ =h"+ ¢ = 2beeosd

Cau2: Cho ABC oo P=0.0=8.4=00" 55 3i canh @ Ja:

A. 2\/5. B. 3\/5_ C. Zﬁ. D. \/%

Loi giai
Taco: 4 =h +¢ =2bccos A =30+ 04-2.08.c0500" =52 = =213

CAu3: Cho A4BC ¢p B=00"a=8.c=5 b6 dai canh b béng:
AT B. 129. C. 49. p. V129

Loi giai

Tacod: N =a +c —2accosB=58+5 - 285 c0s00" =49 = h=7

Caud: Tam giagc 4BCco €= 150", BC= B3, 4C=2. Tinh canh 4B ?
A VI3 B. V3. c. 10, D. L.

Loi giai
Theo dinh 1i cosin trong A4BC ta co: AB™ = CA™ + CB" = 2CACB.cosC =13 = AB =13

Cau5: Tam giac ABC ¢ goc 4 nhon, AB =5 , AC =8 dién tich br:ing 12. Tinh do dai canh BC.

A3 B. 4. C.S. D. W2,
Loi giai
1 : : 25 202 3 ettt
S=—ABACsINA =s8n4d= =" "= = A=306°532"12
Ta co: 2 AB.AC 38 5

BC = AB" + ACT =2 AB.AC.cOs A=5 1+ § - 2.58.c0830°5212" = 28 = BC = 5

Ciu 6:  Tam gidc c6 ba canh lan luot 1a 2.3.4 . Goc bé nhit cta tam gic co sin bang bao nhiéu?

5 7 1 N}
A. 8 . B. 8. C. 2. D. 8
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Loi giai
Goc bé nhat tng véi canh c6 s6 do bé nhat.

b —a sinA =

cos A=

=2 h=3c=4 . =z
= . =30= Je ¥ . r
.Tacéod 24 = Do do

.
Gia su

Tinh d6 dai doan thang AM

NEE B. 32, c. V20, p. V19,
Loi gii
4B+ BC"— ACT 07 +12°-9" 11

cos B =1 = -
Ta co: 2ABBC 2.0.12 16

- - . . 11
AM = \JJ./EB" ¢ BMT - 2AB.BM .cosB = Jli‘l" 4 —ﬁ_i‘l_—l_ﬁ =419
Al

4
s ) cosd=—
Cau8: Cho %7€ 1ado dai 3 canh cua tam giagc 4BC Biét h=7;c=35; 2. Tinh d0
dai cua 4.
732 23
A W2, B. 2 . c. 8. D. 6.
Loi gidi
Ap dung dinh li cosin cho tam gidc 4B8C ta co:
. . . .4
a - =b"+c —2bccosd=T"+5 —1..—'.}.;: 18 RN 1\5
BC
, - : : BM =—
Cau9: Tam giac 4BC vuongtai 4co A8 =AC=a Piém M nim trén canh BC sao cho 3.

D6 dai AM bing bao nhiéu?

a\/ﬁ a\E Zaﬁ 2a

A 3 . B. 3 . c. 3 . D. 3.
Loi gidi
A C
M
B
xfa’\f—“ﬁ
Ta co: BC=NAB + AC =~ + &’ =uﬁ; BC= A =adT 3
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[ a 1':_,.' n'ﬁ \;E_[.' 5
3 3 2

AM =JAB + BM® — 2AB.BM .cos45' = | | 2a.

, 3
Khi d6:
. 1
cos{A+ B)=—— ) )
Cau 10: Tam giac 48C ¢ 8, AC=4 BC=5 Tinhcanh 48
AL V46 B. 11, c. V2. D. 6.

Loi giai

- 1 1
cos{A+ B)=——=cosC=—
Vi trong tam giac ABC taco A+ B bu voi goc € nén o 8

AB=~JAC* + BC' =2 AB.BC.cosC = \fr PS5 o245

Cau 11: Tam giac 4BC ¢4 BC=5 AC=3 y3 cotC=2 Tinh canh 4B

9
A. 6, B. V2. C.s. p. V10,
Loi giai
Tir gia thiét €0tC =2 tasuyra C 1a géc nhon
- | o 1 1 4 2
col = 2=lanl =—=—=c0s L = — = - = —= L8l = —
2 l+tan-C ! ( ]'|' 3 J:
Y

-~

NS

Cau 12: Tam giac ABC ¢ AB=3 AC=4 y3 tand = ~242  Tinh canh BC
ANV2, B. 43, c V33, D. 7.

Loi giai

AB=+J4c b’(':—ldfib’(‘_uus(‘:\IE: SNSRI WY S o)

Tir gia thiét tand = —3\5, tasuyra 4 1a goc tu

: : — = 0sd=—=

tan 4= -242 = cos” 4= —— =
Litan® 4 142427 9

[ e

B = J.Mf P ACT =2 AR AC COSA = J}F P4 —234) -

Cau 13: Cho tam gigc 4BC ¢o AC=7 AC=8 3 A4=060° Két qua nao trong cac két qua sau 1a do
dai cua canh BC2
AT, B. 47, c. Va7, D. 2V57,

Loi gidi
Ap dung dinh 1y ham sé Cosin trong tam giac 4B8C ta co:

BC = AR + AC =2AB ACcos A=7 + & = 2.7 8.cos00° =57
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= BC =57

Cau 14: Cho tam giac 4BC ¢co 8= Acm, BC=Tom, AC=9cm 44 trj Cos B [a:
2 2 2

1
A.7. B. 7. Cc. 3. D.E.
Loi giai

Ap dung hé qua cta dinh 1y ham sé Cosin vao tam gidc 4BC ta co:

BC '+ BA - ACT T +4°-9°
cos B = = — =—
2BABC 2.7.4

P

Céu 15: Tam gidc c6 ba canh lan luot 14 28,9 Géc 16n nhit ciia tam giac ¢ cosin bang bao nhiéu?
1 | 2 1

A. 10 B. 10, C.g. D. 2.
Loi giai

Vi doi dién véi canh 16n nhat 14 goc 16n nhat. Nén goc 16n nhat cia tam gidc c6 cosin bang:

q_" . H.‘Z _L;I: B ]

258 10

Cau 16: Tam giac ABC ¢4 BC:12’ CA:—(),AB =0 Trén canh BC léy diém M sao cho BM =8
Tinh d6 dai doan thang AM .
A. 34, B. 17. c. V34, p. V43

Loi giai

B Y C

! BC + BA"—ACT 122+6°-9° 11
cos i = = =
Xét tam giac 4BC ta c6 2.BC.BA 2120 o

Xét tam giagc ABM | theo dinh 1y ham s6 Cosin ta c6:

i 11
. . i =0+ 8 -2.08—=3
AM = BA + BM - 2.BABM.cos B 16 = AM =34 ,

Cau 17: Cho tam giac ABC ¢g canh AC=14 , B= ]200, téng hai canh con lai 1a 16 Tinh do dai canh
BC piét BC > AB

A. S, B. 8. C. 0. D. 10,

Loi gidi
Ap dung dinh 1y ham sé Cosin trong tam giac 4BC ta co:
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AC = BC 4 AB = 2BCAB.COS B> BC+ AB” + BCAB=196 (%)

Tir gia thiét ta co: BC + AB =10 <> AB=10- BC

Thay 4B =16~ BC yao () g duge; B+ (107 BC) + BC.(10-5C)= 190

BC =10
=
e BOC = 10BC 00 =10 BC=6

Vi BC=10 45=0 (@hoa min
Vi BC=0= 48 =10 (103.1)
Vay BC =10.

PHAN II. Cau tric nghiém ding sai. Trong mdi y a), b), ¢), d) & mdi cau, thi sinh chon diing hoic sai.

|

MN =13, MP=10,cos M = =
Caul: Cho tam giac MNP ¢o ]

sau:
a) NPT =MNT G+ MPT = 2MN MP.cosM.

', Xét tinh ding sai ciia cac khang dinh

b) Tam giac MNP cantai M

657
d) Téng binh phwong d6 dai ba trung tuyén trong AMNP bang 2
Loi giai

— = SR . b e
a) Piing: Ta co: NP = MM MF 2MN MP.cos M

. . . . . 5

NP =MN + MP -2 MNMPcosM=13+10" - 1_]3_][]_—}: 169 = NP =13

b)Sai: Ta co: 13

Khi do, MN = NP = AMNP can tai N
O MNTANP -MPT 1Y 1Y 100 119
cosN = "‘| — = TS = 5
¢) Sai: Ta c6: LMNNF 2.13.13 o
BTV N . ) . M, N,
d)bung: Goi ~ lan luot la 6 dai cdc duong trung tuyén tir dinh trong
AMNP
. MNT+MPT NPT . MNTH NPT MPT
iy, = . = (1) wm; = . = (2)
Ta co: = 4 ; = 4
NP+ MPT O MNT
i, = - (3)
2 4
. . .3 . . . 057
.(2) 3) my g == MNT+ MPT NPT )= —
Cong vé véivécua = va ta co: 4 -
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Cau2: Cho tam gisc 4BC ¢o ti 16 d6 dai cac canh A5 AC: BC=3:4:3 Bap kinh dudng tron ngoai
tiép AABC bang 25 . Xét tinh ding sai cta cac khang dinh sau:
. AB+ ACT - BCT
COs A=
a) 2.AB.AC

b) Tam giac 4BC vuong tai 4.
¢) b6 dai canh BC bang 25

20413
d) Goi G la trong tam cua AABC P dai doan théng BG béng 3
Loi giai
AB + AC” — BC”
2ABAC

cos 4 =
a) bung : Ta co:

AB: AC: BC=3:4:

5 AB=3a, AC=4a, BC=5a(a=>0)
"~ nén ta dat: ' .

b) Bling : Vi

2 2 _ pet gt I - )
Ta co: AR+ AC feld 2507 = AABC vuéng tai A .
BT

sin A

=2R = BC =2R.sin4 =2.255in90" =50

¢) Sai: Ta co:

. , BC=3a=50=a=10, 458 =30, AC=40
d) Bling: Ta co6: .

Do dai dudng trung tuyén tir dinh B trong AABC 4y,

AR+ BC®  ACT 300 4500 407 2
= — = — = 1013 s _ o —
", _J 5 g ‘j 3 1 1013 = BG EJ”#

I

204413
T
A0413 = .

2) AB™ = BC* + ACT = 2BC.ACC0S A

b) Sb do goc 4 bang 30°,

. Xét tinh dung sai ctia cac khang dinh sau:

¢) D¢ dai duong trung tuyén tir dinh 4 trong A4BC 13 V129

2J61
d) Diém M thudc doan BC sao cho MC = 2MB P dai canh AM bang 3 .
Loi gidi

a) Sai: Ta co AB™ = BC™ + ACT = 2BCACc0sC

. AR+ ACT-BCT S48 -7
I 'LU:‘A: 2 : "7 a5y 2 5, 4 =060°
b) Sai: Ta c6 2AB.AC 2158 2 Dodo, A=
P ) g 5)-7 129 V129
m = . _ <l . =18 =
c¢) Sai: Ta co 4 4 4 5
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] AB + BCT - ACT 5 +7 -%
cosf = - = — ==
d) Pung: Theo dinh li ham cdsin, ta co: L. AB.BC 2.5.7 '
1 7
MC=2MB=M=—-BC==-
Do 3 3.
A
B M c
Theo dinh li cosin, ta c6
‘ % \ LTV LT 244 2ol
AM® = AB* + BM* =2.AB.BM .cos B =5" 1 : 2| 2550 = AM = “‘i_
L T _'I b .

S413

7  AR=3,BC=8,cosAMB = Vi3

Cau4: Cho tam giac 4BC ¢co M 1a trung diém cua canh BC . Biét 20
Xét tinh ding sai cta cac khing dinh sau:

a) Ban kinh duong tron ngoai tiép tam giac 4BM 13 V2 .

NE
cos AMC =

b) Gia tri 20

V13

X=——0-
¢) b6 dai doan 4M bang \/Ehoéc 13
d) Khi s do goc 4 nhon va 16n nhét trong ba dinh cua tam giac 48C thi do dai canh AC =7

Loi giai

A

M

AR 3 3 39
f f= BN o E A
54413 ) 27 Tsin ANME 27 27 3
cos AMB = " = sin AMB = ﬂ?_ : 2,/= /_1
a) Sai : =0 52 Taco 52 13
5013

2413 13
cos AME= =08 AME =— .J_
b) Sai: Ta co 20 20

L

¢) Ding : Taco BC=58=BM =4 pgt AM =x
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AM™+ BM~ — AB°
cosAME = M BM 15
Theo dinh 1i c6-sin ta co 2AM.AB

. M2 'l.': , L . 2
3 _ 079 136 - 20J13x 4 91=0 i3

X=——-
Suyra 20 81 = v=+13 poze 13

2(AB°+ ACT )= BC

AM” =
d) Dung: Theo cong thirc tinh duong trung tuyén ta cd 24B.AC

2(3 + ACT)-8°
.'-.'=Jﬁ-_x]3= |: i = AC =7

Néu 4

Taco BC = AC = AB ngn goc 4 16n nhat.

AB + ACT —BC ]

cos A= R Q"1
Theo dinh 1i c6-sin ta co 2AB.AC " suyra 4=9812
W49 ¥ AC)¥ 7
= % —= - = A0 =, [—
Néu 13 13 4 :

Taco BC = AC = AB pgn goc 4 16n nhat.

AB 4+ ACT - BCT 53

cos A=
Theo dinh i c6-sin ta c6 2AB.AC 5101 gy g 413732,

Khi s6 do goc 4 nhon va 16n nhét trong ba dinh cia tam giac 48C thi do dai canh A€ =713
ménh dé dung.

PHAN III. Céu tric nghiém tra 10i ngan.

Caul: D¢ tinh khoang cach giira hai dia diém 4 va B ma ta khong thé di truc tiép tr 4 dén B (hai
dia diém ndm & hai bén bd mot hd nudce, mot dam léy) nguoi ta tién hanh nhu sau: Chon mot

dia diém C sao cho ta do duge céc khoang cach AC CB va goc dcs . Sau khi do ta nhan

AC =1k, CE =500 m va ACB=105°

dugc: . Tinh khoang cach 4B (lam tron két qua dén

hang don vi theo don vi mét).

Loi giai
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Cau 2:

Cau 3:
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Ap dung dinh Ii cosin cho tam gidc 4BC ta cé: 4B = AC + CB ~2AC.CB.cos €
= 1000° + 8007 = 2.1000.5800.cos105° = 2054110.472

Quan sat cdy cau day vang minh hoa nhu hinh dudi déy:

A
;H
T

B I_K

Tai tru cao nhat, khoédng cach tir dinh tru (vi tri 4) t6i chan tru trén mit cau (vitri H)1a 150

m, d6 dai day ving dai nhat ndi tir dinh tru xung mat cau (vi tri 8) 13 300 m, khoang cach tir
chan day vang dai nhét t6i chan try trén mat cau 1a 250m Tinh do déc cua cau qua tru noi trén
(1am tron két qua dén hang phan mudi theo don vi d9).
Loi giai
Do dbc cta ciu la gbc nghiéng giita dudng ciu qua try va phuong nam ngang, tirc 1a goc KBH
Xét tam gidc ABH | 4p dung dinh li cosin ta co:
4 AHT - ABT 2507 + 1507 - 300°
8H i I _25 15 :_L_\k AHE <9157
2BH.AH 22500150 12

cos AHE =

A1

BHK HBK = 93,8° - 90" = 3,87 .
Xét tam gidc ta co: (tinh chat géc ngoai tam giac).

. . . 3,8°
Vay d6 doc cua cau qua tru theo dé bai la khoang

Mot cong vién cé dang hinh tam giac v6i cac kich thuéc nhu hinh minh hoa dudi day. Tinh sé

%

A

do cua goc B cua tam giac do.

500m 700m

800m

Loi giai
pyt @ = BC.h=AC.c = 4B 1, o 0 =800, =700.c = 500

a4 [-'.:—,l']'l:
cos A=

Ap dung dinh i cosin, ta co: dac
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Cau 4:

Cau 5:

Cau 6:
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007 4 =nns — T0n- .
cos i = 200 _N:]D 700 =l: B =00 . )
Suy ra: 2500500 2 Vay B=60

Hai chiéc tau thuy cing xuét phat tir vi tri 4, di thing theo hai huéng tao v6i nhau mot goc
60° Tau tht nhét chay voi téc 6 30 (kmv/h), tau the hai chay véi tbe do 40 (km/h). Tinh
khoéang cach gitra hai tau sau 2 gio. (két qua lam tron dén mot chit sé sau dau phay).

Loi giai
.. 9 ~ . . o1k 5 =302=00
Ta c6: Sau 4 h quang duong tau thr nhat chay duoc la: ™ (km)
— A1 =%
Sau 2 h quing dudng tau tha hai chay duoc la: 5, =40.2=380 (km)

— 2 , 2 A s il —7 1 " 71
Vay sau 2 h hai tau cach nhau la: S JS' 5.7 =25,.5,.c0500" = 20313 = 72.1

(km).

Vinh Van Phong, tinh Khanh Hoa ndi tiéng
vi ¢6 con duong di bo xuyén bién ndi tir
Hon Qua dén dao Diép Son. Mot du khach
mubn chéo thuyén kayak tir vi tri C trén
Hon Qua dén vi tri B trén Be thay vi di bo
xuyén qua con dudng qua vi tri 4 rdi méi
dén vi tri B . Néu nguoi d6 chéo thuyén
v6i van toc khong doi 1a 4 km/h thi s& mat
AB=0.4 km,

bao nhiéu thoi gian biét
AC=0.6 iy va goc gitta 4B va AC 13 60°9
Loi giai

Ap dung dinh 1i C6 sin cho tam giac 4BC ta co:

BC=\AB + AC* —24B.AC.cos A = 0,53(km)

- 53
(= BC 031305

Viy thoi gian du khach chéo thuyén tir € dén B 1a; o 4 ) gio =8 phit.

Mot 6 t6 mudn di tir dia diém 4 dén dja diém B, nhung gitta 4 va B 1a mot ngon nui cao
nén 6 t6 phai di thanh 2 doan tir 4 1én C (6 t6 leo dbc 1én nui) va tir € d&én B (6 t6 xudng

ntii). Céc doan duong tao thanh tam gidgc ABC i AB=15KMiBC=20km o3 UCB =120"

Néu ngudi ta dao mot duong him xuyén nui chay thing tr 4 dén B thi 6 t6 chay trén con

dudng méi nay tiét kidm duoc s6 tidn gin nhét 12 bao nhiéu? Biét trung binh ctr chay XM 6 to

tiéu thu hét 0.3 1t xang. Gia thanh xang hién nay la 25000 ddng mot lit xang.

Loi giai
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A C C B

Trwonghop 1: Otoditr 1én vatr dén

s=AC+ CB=35(km)

Téng quing duong ma 6 t phai di 1a:

S4 lit xang tiéu thu 1a lit.
10,5.25000 = 2623500
S6 tién xang la: dong.
A B

Truong hop 2: O t6 di thang tr  qua

ABC

Ap dung dinh 1y C6-sin vao tam giac ta co:

AB = AC* + BC* = 2AC.BC.cos120" &= 4B = 537 (km)

= 337
:~J3_.-_[1._?*.=T

S6 lit xang tiéu thu 13 lit.

337

— . 2E000 = 225100
S tién xang la: dong.

202500 =225100 = 34400

S6 tién tiét kiém duoc 1a dong.
Hai chiéc tau thuyén cung xuét phat tir mot vi tri 4, di thing theo hai hudng tao v6i nhau goc

60° Tau B chay véi toc do 20 hai 1i mot gio. Tau C chay véi te do 15 hai 1i mot gio. Sau
hai gio, hai tau cach nhau bao nhiéu hai 1i? Két qua gan nhat véi sé nao sau day?
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Loi giai

Sau < gio, quang dudong tau B chay dugc l1a

Sau < gio, quang duong tau ¢ chay duoc la

ABC

Ap dung dinh 1y Cosin trong tam giac , ta co:

BOC = AR + AC = 2ABAC.cosBAC =407 + 307 — 2.40.30.cosn0 =1300.

Do d6 BC:;36'

Viy sau hai gio, hai tau cach nhau 30 hai 1i.

7m so voi mat dat, co

Trén noc mot toa nha coé cot antenna cao 5 M T vi tri quan sat 4 cao
thé nhin thdy dinh B va chan C cia cot antenna dudi goc 50° va 40° so voi phuong nam
ngang (nhu hinh v& bén dudi). Chiéu cao cia toa nha (dugc lam tron dén chir sé thap phan thi

nhét) 1a
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Ta c6 chiéu cao ctia toa nha chinh 1a doan BH .

Ma BH =CD+ DH =CD+7_
J ch
Xét tam giac ACD vuong tai D ¢ sin 40"

5 5+CD
Xét tam giac ABD vuong tai D co sin50°

Xét tam gise ABC ¢o; BC = AB + ACT = 2ABAC.cos BAC

Jeosloe oy o 10 Ocosl0® 25
el ~]_ - ~] L _LL‘lb-]. i |{'f3'" . ]E_ B .] mb.] " epi i:‘_ 5o
Lsin®50°  sin” 400 sindo®sin s0° ) Lsin™50°  sin40°sin 507 ) g1 a0-
=D =119 = BH=7+11L9 =189 (m)
18,9 m

Vay tda nha cao

Tir mot dija diém O ¢ dinh cua mot ving dat cu lao (cac miat cia ving dat déu giap véi cac

A iy A A i aiA A N OT =00(km) .z .
con song), ngudi ta can chon mot dia diém 7 trén ving cu lao sao cho U ) de xay

dung céc con duong cao toc (cau vuot cao toc) noi tir hai dia diém X va Y cia hai tinh thanh

X X I =12004k LY = 150( 4 CNaY =120
lan can dén T Cho bidt OXN = 1200kne ), OF = 150{km ), XOV =1

1(km)

~ Chi phi hoan thanh

doan duong di tix T dén X 13 100000 USD; chi phi hoan thanh (4"

tir 7 dén Y 1a 200000 USD. Hoi chi phi thap nhat dé hoan thanh hai con duong trén (don vi
triéu USD)?

doan duong di

Loi gidi
X
M A Y
(0]
| .
9 7 A=—(TX +277)
Tong chi phi dé hoan thanh con duong 10 (triéu USD).
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Goi M 1a diém thudc doan OX sao cho hai tam giac OMT vy OTX déng dang.

¥ J
1|1'T=( T= Al =]—:‘s]'__"f=j.1|-”_
| P . |y R
A= —(TX 12TV )= —(2MT + 2TV} 2 =M}
Ta c6 0 10 2
Dau bang xay rakhi M+ 7> ¥ thing hang

< T 1a giao diém cua doan MY véi duong tron tam O, ban kinh bing 60.

oM OT
Mit khac or o

1

!
2

- MY =NOM® + OY = 20M OY.cos120° = 30431 (&
TrongtamglécMOYtacé: i \"( oo OM .OY .cos120 Uul'r_] E_J';”J}‘

Viy chi phi thp nhét dé hoan thanh con dudng la 4= 0V31 3341 (ian Usp).

Phwong phap: St dung cac hé thuc lugng gide co ban

i ) C s

Str dung dinh i sin trong tam giac: sind - sm B sinc

A.BAI TAP TU LUAN

AB
Bai tap 1: Cho tam giac ABC ¢4 cac gbc A=13"8= 43“. Tinh tisé6 4C .
Loi giai
h ¢ AB ¢ sinC_sin(180°-75°-457) fo

sind snd AC  h o sInfA sinds- 2

Ta co:

Bai tap 2: Cho tam giac ABC ¢4 g0c BAC=060" v3 canh BC = ‘E Tinh ban kinh cua dudng tron
ngoai tiép tam giac ABC

Loi giai

Ta co: .
Bai tap 3: Cho tam giac 4BC co be = a, Chimg minh ring $in° A =sin BsinC
Loi gidi
Theo gia thiét ta co a’ =be

— Y ey I B e Y e -
Thay g=2RsmAh=2RnB.c=2Rs5n( vao hé thirc trén ta duoc
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4R7sin” A=2Rsin B.2RsinC = sin” A =sin B.sin C
Bai tap 4: Cho diém D nim trong tam giac 45 C sao cho PAB=DBEC=DCA=gp Chimg minh rang:
sin’ g = sin{ A4 — p).sin( B8 — p).sin(C - @)

Loi giai
Theo dinh 1y sin, trong cac tam giac ABD, BCD, ACD .
BD AD €D BD  AD o

. sing sin(B-) sing  sin(C—w) sing  sin(A4—o
Ta c: SN (B—g) sing (C— ) sing (A—e)

AD.BD.CD AD-BD-CD

o sin’ @ sin{A—g).sin(B—p).sin(C—p)
Tur do6 ta duoc ' ' ' .

Bai tap 5: Cho tam gisc 4BC thoa man $in4 = 25N B.cosC Chyng minh ring tam gidc 4BC 13 tam
giac can.

Loi gidi
i Ill] ”.‘: ; Ill].': _L_l

5in 4 =2sin B.cos & 2.

Taco: 2R
Vay 4BC 3 tam giac can tai 4.

Bai tip 6: T mot tAim bia hinh tron, ban Thao cit ra mot hinh tam gidc c¢6 cac canh AB =8cm

: 2 2 12 2 12 2 )
2R Zah am gt =g b — e h = e h=

AC=13cm vy B=60° (Hinh). Tinh d0 dai canh BC va ban kinh R cua miéng bia (lam tron két qua
dén hang phan muoii theo don vi centimet).

pat 5C="(r>0)

Ap dung dinh 1i cosin ta c6: AC = AB~ + BC — 2AB.BC.cos B
Suy ra ]3- - H: I '.I'-: = 2h wcosol e .'l.': —hr—053=1 .
Giai phuong trinh trén ta dwge ¥ =13 hogc ¥=~7 mado ¥ >0 ngn ¥ =15,

BC=15cm)

Suy ra R Ap dung dinh li sin ta co:
AC AC 13 o

: =2IR= R=— = — - = 7.5(cm)

51 A JsinB o 2sino0® '

Bai tap 7: Gia st €D =/ 1a chidu cao cua thép trong @6 C 1a chan thép. Chon hai diém 4, B trén mit

I I3 5 1 — 3% ¢ — = \
d4t sao cho ba diém 4-B va C thang hang. Ta do dugc A8 = 24m CAD=03°,CBD = 48 . Tinh chiéu

cao ' ctia thap?
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o

R T Ty —— |

==

e s s e, - =]

Taco =P b =D =a—f=03 —45 :]5'

Ap dung dinh i sin vao tam giac 48D ta co:

A A ABsing  24.sindse
¥ _ ] . AD— h’wn,h: 4514 . 68.0]

sinf - sin'D, sin'D| sinl15® (mét)

Trong tam giac vudng 4CD ta co: h=CD=AD.sinex = 68,31 (mét)

Viy chiéu cao cia cai thap khoang 68,91 (mét).

B. BAI TAP TRAC NGHIEM

PHAN 1. Ciu tric nghi¢m nhiéu phwong an lya chon. Méi ciu héi thi sinh chi chon mdt phwong 4n.

Caul: Cho tam gidc 4BC . Tim cong thirc sai:

a : i . ocsin A
=2R. sinAd=—, . sinC = .
2 c. bsinB=2R. D p

A, sinA B. 2
Loi giadi

|
il I c

=2R

Taco: sinAd sinB  sinC

Ciu2: Cho A4BC y4i cac canh AB=c,AC=0,BC=a . Goi R.r,S lan luot 14 ban kinh

dudng tron ngoai tiép, noi tiép va dién tich cua tam giac 4BC . Trong cac phat biéu
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Cau 4:

Cau 5:
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sau, phat biéu nao sai?
bc 1
_anc R=-"
A. 4R B. sinA

l o
S=—ahsinC -
C. 2 . D. i -"l'—L"="'_u."]|,;|_‘|5(_'.
Loi giai
a_ 2R
Theo dinh li sin trong tam giac, ta c6 Sii A

Cho tam giac ABC' thoa man hé thuc b+c=2a, Trong cac ménh dé sau, ménh dé
nao dung?
A, COS B+ cosC = 2cos 4. B. sin B+ sin C=2sin 4.

. . 1,
sINE +smC=—s1n4 _ _
C. 2 . D. SInd+cosC=2sm A

Loi giai

_“ = _Ill] = _L. =1.|r%_"> 2 = _Ill] = _L.
Ta co: =111 A smé s sin A sinfs sincC
h+o h+e

2sind  sinB+sinC

= <> sin B+ sin C=2sin 4

Cho A4BC oo AB=5,4=407,5=00" pg dai BC gin nhat véi két qua nao?

AT B. >3 c. 3. . 31,
Loi gidi

C =180°-A - B = 1807~ 40° - 00" =§0°

HC AB A 3 . :
= = BC = SN A = — -sin40° = 3,3

Ap dung dinh Iy sin: 510 4 CsinC sinC sin 807

Tam gidc ABC ¢ 8= 305 C=43" (3 AB=5 Yo canh AC bang bao nhiéu ?

5 5 343
0 RN s

AC = AC =

A AC=5V2 B. 2, C. 2, D. 2

Loi giai

a« _ b _ e _,, o ABsinB _ 5sin30°_ 5y

Theo Pinh Iy sin tacé $In4  sin B sinC " nén sinC sin4a” 2
A. 26, B. 13. C. V26, p. 10v6.

Loi giai

1“_:'“__1“ .

Vi 2sin A =35 8=4s51n1C pan ta co: T2RO2R 2R Ja=3h=4c=4.48=24

=12.h=8c=0

Do do: . Chu vi tam giac 4BC bang 26
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Cau 8:

Cau 10:
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Cho tam gidc 4BC nai tiép duong tron ban kinh R, AB =R, AC = R3. Tinh goc 4 biét B

la goc tu.
AL 457, B. 30°, C. 60°, D. 90°,
Loi giai
Goc B lagoctunén 4, € 1a goc nhon.
AB R . 1 :
: =R &= — =R e=am = — = =30"
Ta co: SInC sinc 2 (vi C nhon).
AC R4 . 3 :
— =2 _\Ir=jff<:_‘¥5][‘]b’=£_‘=h’=]jﬂ"
Tuong ty: SN 5 sin B 2 (do B t0)
A=180"—(30%+ 120%) = 307
Suy ra: =1 [- 1207)
Cho tam gidc 4BC ¢g 4=30° ya b+¢ =24 Chon ménh dé ding?
A, SinBisinC=1 B. Sin 5+ Fj[](‘:\ﬁ.
. . I . . 3
5N A4 5INC = — 5111 A ::m(‘:£
C. 2, D. 2,
Loi gidi
. . - h+e 2 .
Sin B+ sin C = — + B

Ap dung dinh i sin ta c6 2R2RIRIR
Cho tam giac 4BC ¢o sin” A+ 8in” B=5in"C Tam gidc ABC 13 tam giac
C. can. D. déu.

Loi giai

A. vudng tai €. B. vuong tai 4.

, {

Sin A= —

2R

. L

sinC = —

2R

: _ h

_” = _Ill] = _L =1f{' 51[13:‘1—

Ap dung dinh li sin $iIn 4 sinB  sinC ta co: 2K

. _ . " a h e

sin A+sin® B=sinCe | — | +| — :|‘_| o
V2R L2R) \2R) spribi=E

Theo gi thiét ta co:

Vay tam giac 4BC 1a tam giac vuong tai C do: @ +h = S CB 404 =AB

D. déu.

Cho tam giac 4BC
A. vudng tai C. C.cantai 4.

Loi giai

B. vuong tai 4.
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i

sin A= [—

2R

- r'

SN = —

2R

: , h

_” = _Ill] = _L =1f{' 51[13:‘1—

Ap dung dinh li sin SinA s 5 s ta co: - IR
. . . . ) . I |' W F |'I] V- I . V=
sINT A4 s A =580 0 e i £ | { : — | = I L |

Theo gia thiét ta co:

. I
) ) tan{ A+ B)=—
Cau 11: Tinh ban kinh dudng tron ngoai tiép tam giac 48C biét AB=10 4 3.
5410 10 J1o
A9 . B. 3. c. 5. p. V10,
Loi giai
. I l
tan( A+ B)=— tanC =—— _ . -
Ta co: ' 3 nén 3 Do d6 3sinC =—cosC py sIN°C +cos” C =1
. 1 10
_~»5m(‘:—:£ ﬁ:]ff:»ffz 'w =310
JIO 100 s sine 2sinC .
cot(A+ B )= :
|- - Fl

Cau 12: Tinh ban kinh duong tron ngoai tiép tam giac ABC bit AB=12 va '

910
A.zm. B. 5 . c. V1o D. 32

Loi giai

- l !
cot(A4+ B)=-= cotC =—= 1 o
Ta co: 3 nén 3 guyraicosC=—sinC,
: 3 3410
o ~ = SINC=—== ol Sy S S BN T
Ma Sin“C o+ cos C =1 JIo 100 s sinG 28inC _

Cau 13: Cho tam gidc 4BC ¢6 cac goc B =120%C =40 , canh BC =5¢m Tinh d dai canh 4B (lam
tron két qua dén hang don vi).
A, Tem B. 8cm C. 9cm D. 10cm
Loi giai

AR BC BCsInC  5.sin40 .
: k) P ~9(cm)
Theo dinh Iy sin ta co sINC  sinA sin A 1 20 '

BC=a,AC=h AB=¢

Cau 14: Cho tam giac 4BC véi . Khing dinh nao sau day dung?
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Cau 16:
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A, @ =2Rcos 4 B. d=2RsinA4 C.a=2Rtan 4 D. ¢ =RsinA

Loi giai

a h c )
= =28 =a=2Rsina

Tu mot miéng bia hinh tron, ban Nam cét ra mot hinh tam giac ABC ¢4 @6 dai cac canh

AB =4 om AC=3em BC=001 gy hinh minh hoa dudi day. Tinh ban kinh R ciia miéng bia

ban dau (1am tron két qua dén hang don vi theo don vi centimét)

A
O.
B 6em g
A 3(cm). B. 5(cm) c 4(cm) . 2(cm)
Loi giai
o AB + AC -BC 445 -0 |
cos A4 = = — —-
Ap dung dinh 1i cosin cho tam giac 4BC | ta co: 2AB-AC 245 5
: —— || 1 37
sinAd =Al—cos 4 = ]—_:i
Ma 4 <180% pap 04 5
BC BC 0 )
—=IR=>R=——= = 3{cm)
sin A 2sind N
Ap dung dinh li sin, ta cé: T8

Pé do khoang cach tir vi tri 4 trén bd song dén vi tri B clia con tau bi mic can gan mdt cu lao
giita song, ban Minh di doc bo song tir vi tri 4 dén vi tri € cach 4 mot khoang bang 07 va
do cac goc BAC = U BCA=30" hhy hinh minh hoa dudi dy. Tinh khoang cach 4B theo
don vi mét (1am tron két qua dén hang don vi)

50"

A 50m

43(;11). 42(;71). 44(m). 45 (m).

B.
Loi giai
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AR AC ACsinC  30sin 50
) : : = AR = — =—
Ap dung dinh li sin, ta co: $INC s & sn B sin o0

= 4d{m)

bé xac dinh ban kinh cta chiéc dia c¢6 hinh tron bi v& mot phan, cac nha khao c6 lay ba diem
A.B,C AB =9 5¢em

3

trén vanh dia va tién hanh do dac thu duoc két qud nhu sau: canh
ACE = 60% Ban kinh cua chiéc dia Xap xi 1a:

B

A S,SCm_ B.lxcm. c. 1lem. D. 9,50m_

Loi giai

Ap dung dinh Iy SI0 trong tam gidc 4BC | ta co:

AB _yp o AB 95
sinC ysine 2simooe

cm)

Tur hai vitri 4 va B ctia mot toa nha, ngudi ta quan sat
dinh € cia ngon nui. Biét rang do cao 4B =70m,
phuong nhin 4C tao véi phuong ndm ngang goc 300,
phuong nhin BC tao véi phuong nim ngang goc 15°30'
Ngon nti d6 c6 d6 cao so véi mit dat gan nhét véi gia
tri nao sau day?

A, 135m B. 234m C. 165m D. 195m

Loi giai

ey 1k .y , O =n0" ! = 30—
Tur gid thi€t, ta suy ra tam giac ABC oy CAB =00 ABC= 103300 (5 ¢ =70.

A B C=180"= C=180"—( 4+ B)=1580" —165'30'= 14"30"
Khi do i '
b C h 70

Theo dinh 1i sin, ta co $in B “sinC hay sinl05730°  sinl4"30°

. TOsmn 105" 300
.4(. = .'l]= _
Do do sin 14730

= 2094 m.
Goi CH 13 khoang cach tr € dén mat dat. Tam giac vuong ACH ¢4 canh CH @6 dién véi
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=134.7 m.

goc 30° nén 2 2
Vay ngon nui cao khoang 135 m.

PHAN II. Cau tric nghiém ding sai. Trong mdi y a), b), ¢), d) & mdi cau, thi sinh chon diing hoic sai.

Caul: Cho tam giac 4BC ¢o AC=10. BC =1L B =45 v4t tinh dung sai cua cac khang dinh sau:
BC

a) Cong thire tinh ban kinh ctia duong tron ngoai tiép A4BC 13 2sin B

S 17
sin 4 = NC

b) 12

¢) Ban kinh duong tron ngoai tiép A4BC 13 5\/5.

1 - 7 s -
__.H( _..!( .ﬂﬁ _ ][]-J'f
d) 3sinAd-2sinB —sinC .

Loi giai

oo BC
a) Sai: Ta co6: Zsind
BC  AC BCsinB  12sin45" 32
T = — — 51N f! - = = —
b) Sai Ta c6: sind s B AC 10 3

AC 0 _
B - 1 1 _s2

IsinB 2smindsy”

AABC

¢) Ping: Ban kinh dudng tron ngoai tiép tam giac la:
BC AC AB 3BC 2AC Af
d) Bﬁl’lg: Ta cé: 2sin A Jsind Z8Inc osind  4smm A 2sind
IBC—-24C— 4R IBC-2AC—- 4B
_ g =2R=1042

2{3sin A-2sin B-sin C)  3sin A-2sin B-sinC

P o R 5 R
Cau2: Cho tam gisac 4BC ¢6 AC= 20, 8 =00% cosC=0,8

Sau:

. Xét tinh dung sai cta cic khang dinh

a) Goc C 1a gbe nhon.
b) Do dai canh 4B 1a 83 |

2043
¢) Ban kinh dudng tron ngoai tiép ABC 13 3
d) Do dai duong trung tuyén tir dinh 4 trong ABC [6n hon 13,
Loi giai
cosC=0,8>0= <090

a) Bung: Ta co:
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sind = ,j'] —cos = J] — 0.5 =00

b) bung : Ta co:

y AC ACsinC 200,
.rhf:’ _ .rf( . 4p— rhi.wm( _ = ':?:HJ_?
gnc s A sn A s1n 6l
AT 20 B 2043
, / - ¥ o - BT T 1
c¢) bung: Béan kinh dudng tron ngoai ti€p tam giac A4BC la: 2sing - 2sinod -

sind =sin(B +C)=sinB.cosC +cosBsinC =
d) Sai: Ta co:

3+ 443
10

b 33

AC s5C ACsind  ~7
- = — — B = _l‘ = - ][]I =]|:"I -—]-vll'_?
sins sIn A sln & 1 G0

Puong trung tuyén tir dinh 4 trong AdBC co do dai la:

J.Mﬁ" FACT BC J(Hﬁ}" 2200 ({104 43) ]

2513

2 4 2 3

m, =

cosd =

Vil VS

Cho tam gléc ABC co AB=4. A =75 v

Sau:

a) SO do goc A cia ABC pang 45°.

> . Xét tinh dung sai cua cac khang dinh

b) Do dai canh BC cua AABC béng V29

¢) Ban kinh duong tron ngoai tiép ciia ABC xap xi bang 3,37,

d) Puong cao ké tir dinh 4 trong ABC ¢4 do dai x4p xi bang 2,97
Loi giai

2
cos d===A=54"
a) Sai: Ta c6 2

b) Pung: Ap dung dinh li cosin ta co:

BC*=AB" + AC"=2AB.AC.cos 4 =4" 4 9
suy ra B¢ = 29

, " Q 4
- . sind=+l-cos A= /l-—=—
¢) Dung: Vi $IN° A+ cos” A= I nén V' 25

A

po @ NP S o
2sind 4 4 5
Suy ra 5
ind =1 —cos A 04
d) Dang: Vi $in“ 4+ cos® A= 1 pgy snd=vlzcos A=ylm53 =3
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1 .
S =—ABACSINA=
Theo cong thirc tinh dién tich ta c6 2

4.5

!
2

. | 1 D i
5 o=—ah = ;.ﬁ_ﬁ{, (2)

Mit khac: 2 2
1 [64/29
1), () FVPh=8=h = o
Tu ‘' va suy ra - 29
129
f, = = 2,97
Vay do dai duong cao ké tir 4 1a 29

Cho tam giac ABC vudng tai B va D 1a mot diém thudc canh BC ga0 cho €D :30,

BCA=43"  BDA=067" X¢t tinh dung sai cua cac khing dinh sau:
a) AD = AC" + AD" = 2AC.AD.cosC

b) S6 do goc caD bang 42"
¢) Sb do goc BAD bing 23"

d) D6 dai canh 4B ciia ABC xip xi bing 40:3.

Loi giai

B D C

a) Sai: Ta co 4D = ACT + CD" = 2ACCD.cosC |
b) Sai: Trong tam giac 4ACD : ¢6 goc CAL = 07" — 43 =24"

¢) Ding: Ta co BAC=90"—ACB=47" = BAD=BAC-CAD =13

AD i -
h = AD= 503

d) Pung: Ap dung dinh 1y sin trong tam giac 4CD ta co: sin43" sin 247

&
g

sina7’ = = AB = 40,3

Trong tam giac vudng BAD ta co AD

Do dai canh 4B cia AMBC xép xi bing 40-3
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PHAN III. Céu tric nghiém tra 10i ngin.

Cau 1:

Cau 2:

Mot céi ciy dang thang dung bi gié manh lam giy khong hoan toan (hai doan than bi giy van
dinh lién nhau nhu hinh v&). Mot nguoi mubn do chiéu cao cua cdy trude khi gy, ngudi dy do
dugc doan thing ndi tir gbc cdy dén ngon cdy (dd ngd) la AB=0m_ hai gbc

AE =70 B4 = 35" 9 s A . e 1. .. ‘K , ~
CAB=700.CBA= 32" Tinh chidu dai caa cay trude khi bi gay (gia su su bién dang luc gay

khong anh huong dén tong d6 dai cua ciy)?

C
A 760 350 B
6m
Loi giai
_ C=180°—( A4+ B)=180°-(706°+ 35%)= 69°
Ta co: - ! ' .
- ] . . 1—‘_'.
../”J] _ .-4( _ 1.5‘( = .415:'..5][] Hz h':_‘m":? . _;L.:-.L}['m}
Theo dinh li sin: $INC s 8 sin A sind s n9” )
O AB.sin A _ f.sn 7o

: : — = 0,24m = AC+ BC =9,93(m)
sind sl aY- s

Viy chiéu cao ban dau ctia cdy xap xi bang 9,93 (m) .

Muédn do chiéu cao ctia thap cham Por Klong Garai & Ninh Thuan nguoi ta 1y hai diém 4 va

B trén mit dat c6 khoang cach A8 =12m cing thang hang v6i chan C cua thap dé dat hai

giac ké. Chan cua giac ké co chiéu cao h=13m Goi D 1a dinh thap va hai diém 4.8, cing

, X N4 — age
thang hang voi G thudc chidu cao €D cua thap. Ngudi ta do dwge goc DAC, =49 va
N —15° . . . . . .
DB,C=35° Tinh chidu cao CD ciia thép (két qua 1am tron dén mét chit s sau diu phiy).

D
49" 39°/\\B;
i 1,3m 12m
C A 12m B
Loi giai
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Cau 4:

Cau 5:

Cau 6:
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ClDA, =90 - 49° = 41 C\pB, =90 - 35°=55° . WIDB =14

Ta co: , nén
AB AD 12.5in35° .
. 1 = — ! = A4D= HT x 1?‘-}.—15[_”.!}
Xét tam gidc ADB, .. sin /DB sin 45D s1n

Xét tam giac CA4D vuong tai G co:

. c D . - : iy
sSInC AD= ﬁ = CD=ADsnCAD=215453n49" = 2147 (m)

= CD=CD+CC =22,8(m)

Cho tam giac nhon 4BC ¢ 9= Ab=4 4y dién tich S= 3\5. Goi R 1a ban kinh cua duong
tron ngoai tiép tam giac 4BC . Tinh V39R

Loi giai
. . 25 233 3
S=—aghsinC =5’ =—-= Izi—*('ﬂ"ﬂ”

Ta co: j [|'|'I] 3—1 i

. . 2 ¢
c=Jat b = 2ahcosC =13 — =R = R= —— = Ji3 =ﬁ_ — 30k =13

singc 25 2sino0 3

) 4 3
Cho tam gidgc 4BC ¢ sind  sin8  sinC y3 @ =10 Tinh chu vi tam giac d6
Loi gidi

3 4 3 1 8 ] i 5 0

j— =, j— A j—

Taco: sind sing sinC sinAd sind sind sind sinB sinC

hb=8,c=0

Theo dinh 1y sin trong tam giéc ta tinh dugc nén chu vi tam giac 1a @+ h+c =24,

Cho tam giac 4BC nhon c6 BC =3¢ va ban kinh duong tron ngoai tiép tam giac 4BC 3

R=av3 Tinh sé do goc Q.
Loi gidi
BC . BC a3
: =2R _XSJt‘J.f!=HI—= =—.
Ap dung dinh 1y sin trong tam gidc 4BC ta c6: 5104 2R a3 2

L} _ o .
Suy ra A =60 (do tam giac 4BC nhon).

Dé do khoang cach tir mot diém 4 trén bo song dén goc cay € trén cu lao giita séng, ngudi ta
chon mot diém B cung & trén bd v6i 4 sao cho tir 4 va B ¢6 thé nhin thdy diém €. Ta do

duoc khoang cach A8 =40m  CAB= 45%,€84 =107 Vay sau khi do dac va tinh toan khoang

cach 4C bing bao nhiéu mét?(két qua 1am tron dén mot chir sé sau dau phay).
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Cau 7:

Cau 8:
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Loi giai

C=1580"— 4 — & =05"

Ta co: . Ap dung dinh 1i sin vao tam giac 4BC ta co:
AC AR ABsinA 40,50 70° .
S bbb e RO § 1LY P11
A smO sindc s s )
41,5(;?:)

Vay khoang cach gitta 4 va C khoang
O gilta mot cai hd c6 mot cai dao nho. Pé tinh khoang cach tir diém 4 trén dao dén diém B
trén bo hd, nguoi ta chon diém €. Sau d6 thuc hién do cac goc B, C va khoang cach BC

Biét B=88" C =85 y3 BC=50m_ Tinh khoang cach tr 4 dén B (lam tron két qua dén
hang phan mudi).

Ta ¢co A=180°— B— C=180—88°—§5°=

AB _ BC | w_fﬁ(‘:cjn(‘_:?ﬂsinhi
Ap dung dinh li sin ta c6: SInC  sin A4 e sin A sin 7

= 405, 7 m.

Tur vi tri 4 ngudi ta quan sat mot cy cao (hinh vé). Biét AH =4m , HB=20m BAC= 457
Chiéu cao ciia cdy bang bao nhiéu?
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Cau 9:

Cau 10:
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H 20 B

Loi giai
AH 4

1
tanABH =——=—=—= A4BH 1119
Trong tam giac A8 ta co: BH 200 5

Suy ra ABC=90°—ABH =78°4] = ACB=180°~(BAC + ABC) = 50°19"

AB ] B ABsINBAC

= == {H=

= I7m

Dé tranh nui, duong di hién tai phai vong qua nai nhu mé hinh trong hinh v&. Hoi quing duong
di thang tir B dén £ dai bao nhiéu km (lam tron dén hang phan mudi)?

A B E F
1 1};111 1 400 81{1]1
101°
/\
10km
&

Loi gidi
Goi M 1a giao diém cua BC va DE

Taco MCD=180 —101 =79 MDC=180 140 =40 CMD =150 =79 -40 =0l

i ¥ DsinMDC WEREW
. (3 - CM ;x(‘.‘.f=“.km1'ﬁ ( =] .am—l o MEB < 15,3403
Ap dung dinh 1i sin: SINCMD  sin MDC sinCMD sinol
1 b DsinMCh 0sin 79
. Cr - MT M = (f.-bJ[] VT :] .km o ME = 183935
sSInCMD s MCh s A sl

Ap dung dinh 1i cosin: BE = NMB® + ME® — 2MB - MEcos BME

+ /18,34937 4 18,2238 — 2-18,3493- 18,2238 cos 61 = 18.6 (km).

Dé tinh chiéu cao 4B cua burc twong, ngudi ta do ¢ hai vi tri € va D cach nhau 200m. Tai €

ngudi ta do duge BCE =527 ACE=067" tai D nguoi ta do duge BPC=23" Tinh chidu
cao 4B,
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Cau 11:
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Chuia Ong Niii, ngdi chuia c6 va ndi tiéng ¢ Binh Dinh, trong d6 diém ndi bat nhat cua chia
chinh 14 birc twong Phat ngdi 16n nhat Pong Nam A.

Loi giai
Taco BCD =150"=52"=1258" (CBD=52"-23"=20"
BC CD _ ChsinD

= = B

. = — - 1ol 2m
Ap dung dinh 1y sin trong tam giac BCD ta duge SIND SN B sin A

Trong tam giac vudng BCE 5 c6 BE = BCSINBCE  127m , CE=RBC.cos BCE  99m
FC
AE=——— 233m
Trong tam gidc vudng 4CE ta co tan ACE
Pé tinh chiéu rong cira bién CD cia cang Quy Nhon, ngudi ta chon 2 vi tri 4 va B cach nhau
800m trén bo bién. Tur vi tri 4, ngudi ta do duoc CAD = 17% BAD =121°  tai B nguoi ta do

duoe ABC = 24°, DBC =15° Tinh CD.

Loi giai

Taco BAC =138° UCB=18° 4BD=39° ADB=20°

i
3

AC AB . ABsinB
= AC= ——

Ap dung dinh 1y sin trong tam gidc 4BC ta co sinf o sind sinC

1053( )
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Cau 12:
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A Al 3dm=AESJ']E

Ap dung dinh 1y sin trong tam gidc ABD taco $InB  sinD sin D

1472 m)

" S38(m
Suy ra oh (1)

Pé tinh chiéu cao cua thap, c6 2 ngudi ding o vitri € va D cach nhau 40m. Nguoi ¢ vi tri €

do dugc goc ACB =457 ACD = 84° , ngudi ¢ vi tri D do duoc goc ADC = 50”  Tinh chiéu
cao 4B cua thap.

Thép duoc xay dung vao cudi thé ky XI, dau thé ky XII tai xa Phudc Hiép, Tuy Phudc, Binh
Dinh trén dinh mot qua doi ndm gitra hai nhanh séng Kon bén canh quéc 16 1A, cach Tp. Quy
Nhon khoang 20 km. Py 1a mot quan thé gdm 4 thap, ding nhin tir xa trong gidng nhu chiéc
banh it nén ngudi dan noi day goi la Thap Bénh ft.

Loi giai
Xét tam gléc ACD C(’) (.1/ED = IH[:III - 54” - SDII = 4':"“

ch AC o CDsinD
= = A= ——

D , 42.0
Ap dung dinh 1y sin trong tam giac 4CD taco sind  sin D sin A

S ) I
sinds = — = AR = AC sindst D 30m
Xét tam giac 4BC | ta co Ac

Phwong phap: St dung cac tinh chét va cac hé thire lugng, dinh 1y cosin, dinh 1y sin trong tam gidc.

Str dung cac cong thure tinh dién tich:

1 . 1 . l )
S=—ah =—=bhh =—ch S=—ghsinC=—gcsin 8= —hcsin 4
202 2 2 2 2
B abhe
_4R j‘:,J].'Jf_].ll—u}f_p—h}{p—r}
L S=pr
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A. BAI TAP TU LUAN

— R — 12 — 1z =15 r
Bai tap 1: Cho A1BC¢o S=84a=13,b=14,c=15. Tinh ban kinh duong tron ngoai tiep R cua tam

giac AABC
Loi giai
< B i . [.'.-"J_L'_ 13.14.15 B 05
Taco: =~ 4R 45 484 8

Bai tap 2: Cho A4BC ¢4 S =103 va nira chu vi 2 =1V Tinh ban kinh duong tron ndi tiép 7 cua tam
gidc AABC.
Loi giai
S=pr=r=—=
Ta co: P
Bai tap 3: Cho hinh chit nhat 4BCD ¢4 canh 48=HBC=0 M 13 trung didm cia BCV 1a diém trén
canh CD sao cho VD = 3NC  Khi d6 ban kinh cia dudng tron ngoai tiép tam gidc 4MN bang

51043
10 =3

Loi giai

B M C
Y
A D

MC=3NC=1= MN=J10 BM=3A8=4—= AM =7

2

Ta co:
AD=0.ND=3= AN =4J45

| AM AN+ MN 1054445
Khi do: 2 2
S, = PP AM ) p—AN)(p—MN) ==
Suy ra: 2

_AMANMN 52
45 . 2

f
Ban kinh ctia dudng tron ngoai tiép cua tam giac AMN 1a:

./ POy N \ f1s N <A =30° B=45" L, Y
Bai tip 4: Cho tam giac 4BC ngi tiép duong tron ban kinh bang 3, biét A=30% B=45" iy do dai
trung tuyén ké tir 4 va ban kinh dudng tron ndi tiép tam gic.
Loi gidi
Taco € =180°—A— 8 =1580°-30"-45°=105°

\F
_ _ h=2RsinB=23sn45"=6.2==3
Theo dinh Ii sin ta co @ = 2&sin.d =2.3.5n30° =3 , 2

c=2RsinC=23s5m105 =579
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E[f':"‘ b :ﬁ—:r"‘ 218+ 5.796° )-9

m; = = —— = 23,547

Theo cong thirc dudng trung tuyén: 4 4

Theo cong thue tinh dién tich tam giac ta co

: hesin A 342.5.790.51n30%
-‘.\':.-q-=,f”'=]—f'u-5m.r! = = 20 ! V2.5,790.sin = 1,943

2 2p 3+ 32+ 5,790

Bai tip 5: Cho tam giac déu 48C . Goi D 1a diém théa man DC=2BD Goi R va  lan luot 12 ban
R
kinh dudng tron ngoai tiép va noi tiép ciia tam giac 4PC. Tinh ti sd 7 .
Loi giai
Ta cb DC =2BD < DC=-2DB 4o d6 DC=2DB
A

B C
D FE

Goi 9§ 1a dién tich cua tam giac 4CPva E 1a trung diém cua BC .

4 i

(a 2 a7
|

.
S=2§5, ==,
e =3

bit A8 =a Suyra !
[ ADDC+AC 5447

S b = i tr X I:..‘: t ﬁ.}m'.lu'ﬁ \.I'r:l:_‘: t \n'r:h[.'.l

- = =
o ADDCBC 20T 0.30R 108 R
Hon nita | - 4R 308
a f[; ' \’Fif” R v'r:l:‘: - \Fi]i P \,Fﬁ i \.'r”_h
- = —_r — = == 7
Hay 2 105 R r 105 y 9

—Af Tl T 5
Bai tip 6: Cho tam giac 4BC ¢6 cac canh AB=3{m), BC=0(cm), AC = _‘Jr'_[- m}. biém M thuoc
doan B C sao cho MC =2MB  Tiph dién tich tam giac ABC
Loi giai

=

b4+ e ; o
@ n [:_1 hﬁ‘\'l{'_::?-ﬁ[:m}

-

Ntra chu vi tam giéc 1a

Dién tich tam giac 4BC 13
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s=Jplp-aNlp-b)(p-c)= J[:i NTN S T=2T) (5T 4) (54T 0) =10.4(m7)

5413

. coslAME =2
AB=3.BC=8 - 6

Bai tap 7: Cho tam giac 4BC ¢6 M 14 trung diém cua BC . Biét
Tinh dién tich cta tam giac 4B C,

Loi giai

B C
4 M 4

pat AM =x >0 Ap dung dinh 1y cosin cho tam gidc AMB ¢6:

;‘\J'l]_} .'l.':'t.llrﬁ

Y =4+ —24xcos'AMB = ¥ —8x 4+ 7=0 7
1':1 .'|.' = _
Ji3
- 5413 C 3./39
cos'AME = =5 'AME =
Ta co: 20 26
] a e
Ta c6 S =28, a0

Truwong hop 1: AM =13

] g 1 3./39
S, e =—AM.BM sin! v g =—.Jﬁ.4.£=3ﬁ_x_i,__.<, =03
Taco 2 2 20 '
7
AM =
Truwong hop 2: NE
1 - 173430 213 123
S = = AM.BM.sinl4vB =7'ﬁ'4' - ]“j— = S, .= ]:F
Khi do: . S A . ’

Bai tip 8: Mot ngudi ngdi trén tau hoa di tir ga 4 dén ga B Khi tau 46 ¢ ga 4, qua ng nhom ngudi do
nhin thdy mot thap € .Hudng nhin tir ngudi d6 dén thap tao véi hudng di cia tau mot goc khoang 60".
Khi tau db ¢ ga B tiép theo, ngudi d6 nhin lai van thdy thap C hudng nhin tir ngudi dé dén thap tao véi
hudng nguoc véi huéng di cua tau khoang 45°. Biét ring doan dudng tau ndi thing ga 4 voi B dai

8km. i khoang cach tir ga A dén thap C 1 bao nhidu?
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[

C
” 60° 3 450 .
Loi gidi
Xét tam gidc ABC ta ¢ C=180"- “\'[]I 43 I}= 75"
ABC: '_M‘ = '_f”ﬁ = AC =5 80km.
Ap dung dinh li Sin vao tam giac sinB sinC

Vay khoang cach tir ga 4 dén thap € xip xi 5,86 km.

Bai tap 9: Mot toa thap do nat dwoc rao lai vi Iy do an toan. Pé tim chiéu cao cua thap CT (hinh v&),

ngudi do dimg tai diém A4 va do goc CAT = 18" Sau do ngudi do di thang 20 mét vé phia chan thap dén

diém B va do duoc goc CBT =31 Tinh chidu cao cta thap, két qua lam tron dén hai chir s6 thap phan.
T

A < 20m »B C

Loi giai
Taco ABT =180 31" = 149" = UTB = 13°.
A8 BT

= BT = 27.47(m)
Tam giéC BCT vudng tai C. CT=BTsin3l" = ]—1]_‘7\[ )

Vay chiéu cao cua thap xép Xi 14.15(n ?)

Bai tip 10: Mot hoc sinh tap st bong sét vao khung thanh tréng c6 bé rong do giita hai mép trong cia
cot 1a BC =73 (hinh v&). Biét khoang cich tir qua béng dén chan cic mép cot B>Clan luot 1a

AB=10m g AC=14m iy goc sut toi da dé hoc sinh d6 c6 thé sut duge bong vao ludi.
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10m

14m

A

S

~_#

Loi gidi
AB" + AC* - BC? .

. cos HAC = - = HAC = 307
Ap dung dinh 1i Césin vao tam giac ABC 5 ¢6: 2AB.AC

Vay goc sut bong tbi da can tim xap xi 30°-

B. BAI TAP TRAC NGHIEM

PHAN I. Ciu tric nghiém nhiéu phwong an lwa chon. M&i cAu héi thi sinh chi chon mdt phwong 4n.

Cau 1:

Cau 2:

Cau 3:

Chon cong thirc dang trong cac dap an sau:

1 . 1 . 1 . 1 .
S=—hcsin A. S=—pcsin 4. S=—hcsins. S=—hcsin 8.
A. 2 B. 2 C. 2 D. 2

Loi giai
l . l . 1 .
S=—hesind=—acsin B =—ahsinC
Ta co: 2 2 2
Cho tam giac ABC ¢ canh BC =a  canh CA=b Tam giac ABC ¢p dién tich 16n nhat khi
goc C bang:
A. 607 B. 90", c. 150°, p. 120°
Loi giai
1 .
S=—ahsncC
Dién tich cta tam giac 4BC 1a: 2

S 16n nhat khi SinC 16n nhét, hay 10 C=1= € =90%

Tam giac 4BC ¢ goc 4 nhon, A5 =5 AC =8 dién tich bang 12- Tinh d6 dai canh BC.
A 2V3 B. 4. c. s, D. 32,

Loi giai
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28 2.12

— === A=30"52"2"

S5=—ABACsSInNA =sind=

Ta co:

| tad

ABAC 5.8

1
2
BC = AB" + ACT =2 ABAC.cos A=5 + 8 - 2.58.c08306°52'12" 225 = BC = 5

CAu4: Cho hinh thoi 4BCD ¢4 canh bé‘mg a, Goc BAD =307 Dién tich hinh thoi ABCD 13
a*3
2

c. 2 . D. a .

a3 (l2
A 4 B. 2.
Loi giai

) 1 .
=ga.sn30“ = —g-

. S . =AB.ADSINBAD ™~ +
Ta CO ALY Faly

e v e e
Cau5:  Tinh dién tich tam gisc ABC pigt 48 = BC =2 CA=0

A.‘/%. B.m. C. 6. D. 8.

Loi gidi
o ABLACIBC 30510,

Ta co: - 2 | . Vay dién tich tam giac 48C 1a:
S=yplp=—AB)(p—AC) p- BC)=J7(7-3)(T-0)(7-5) =50

Cau 6: Cho AABC gy @ =4e=38=1307 Dién tich ctia tam gidc la:
A 5V3. B. 5. c. 10. p. 103.

Loi giai

] . o -
Supe = 7acsinB=—4.5sn150°=5.

1
Ta co: = 2

Cau7: Cho tam giac 4ABC Biét AB=2; BC=3 yy ABC=60" Tinh chu vi va dién tich tam

gigc ABC

3 33 33 3
AT 2 B 5+V7va oSNy 2 p. 5+V19 2

Loi giai

A
I
K
B C

J
Tacé: AC = AB" + BC =2 ABBCcosABC=4+9-223.cos00°=13-6=7_

Suy ra ‘4CZ\E.
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Cau 8:

Cau 9:

Cau 10:

Cau 11:
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C+BC=2+3+

7

AB BCSINABC =

Chu vi tam giac 4BC 13 45+ 4

g = 2 asinnlr = =

I
B E

|_:-|—-
-]

Dién tich tam giac 48C 1a

m, =15 m, =12 m_ =
i R » 5 &

Tam giac ABC ¢4 cac trung tuyén ? .Dién tich S cua tam giac

ABC bing
A 72, B. 144 C. 54 D. 108
Loi giai
- |'I]: L _[,': —]{
" - T : : |
T i 2hT 4 2t — =900 =10
mf:“ ;L. —%:]1: 207+ 20— =570 Jh= 413
R 2 2 dat 42— =324 L:Eﬁ
. oa +h o .
o= ——=9
' 2 4

Theo bai toan ta co: -

j]=$=_‘_} - jn,l'rﬁ Ff73
Ta co 2 , ap dung cong thirc Herong ta c6

S e = Jﬂ[ﬂ— allp—hbjlp-c)=72

3
h=T.c=5cos A== )
Cho tam giac AABC 4 2. D9 dai duong cao h, cua tam giac AABC 1
V2
A 2. B. 8. 83 D. 80V3
Loi giai
- - - - 1
[,':\Illlu'l]- { L"-]-"J['CL‘ISJ‘! =J?- 1 _:"-_2..'.-"' — = '2"1 _—]"UII'_
Ta co: .
_ 4
sind =—
5
- : 3 :
5][]'.4:]—CL‘IS'.4:]—I - | = ﬁ—‘_l sin A =—i o sinA:i
3025 Suyra 541 0=5A4=180° o 5
. 742
S =]_m sin 4_]___._5_}1= 4 s=Llan ¢14—l_4ﬁ_sr_, o h =- V2
2 25 ma 2 2 2

Cho tam giac ABC ¢o AB=2a AC=3a 33 BAC =120° Tinp di¢n tich tam giac 4BC
A. S=8a", B. §=2a'\3 c.5=a\3,
Loi gidi

p. S=4a"

I

s = AB.ACSINBAC =

{ B

L_:-|-—~

Zadasinl20 = _.“:ﬁ
Dién tich cia tam giac 4BC la .
Cho tam gidc 4BC ¢o chu vi bang 12 va ban kinh dudng tron ndi tiép bang 1. Dién
tich cua tam giac 48C bing
A 12, B. 3. C.6. D. 24,
Loi gidi
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12
s : s L P
Theo d& bai tam gidc 4BC ¢o chu vi bang 12 nén nira chu vi 1a 2 ; ban kinh duodng tron
noi tiép bang 1, tirc lata co: 7 =1,
Dién tich tam gidgc 4BC 1a: = = /"= 0.1=0
Cau 12: Cho tam giac 4BC ¢ AB=3 AC=4 BC=5 Ban kinh dudng tron ndi tiép tam
giac bang

8 4 3
AL B. Y. C. 5. D. 4.
Loi giai
Vi AB + ACT = BC nén tam gidc ABC vuong tai 4.
1 .
s yABAC 4y »
P=—= Pl

) P l[.fm - AC + BC)

Do d6 ban kinh duong tron noi ticp 2
Cau 13: Cho tam giac 4BC vuéng tai A co 5= 0v2.4C= 1“5 Puong cao 4H bang
2J66 3466 Jo6 6-/66

A, 33, B. Il | c. 11, p. 1l
Loi gidi

0233 =00

_{_\". L=
Dién tich tam giac 4BC 1a:

BC=N4B 1 AC :\][:n:w’f'}: (3] =3

l AB.AC = ]—
2 2

Ta co
S.... 24
S, = l.f’!ff'.b’(’_% BC=—— = — 0 = hﬁ
T BC 31 11
-1 R T r
Cau 14: Cho tam giac 48C ¢o AB=3. AC=23. BC=0 "1ihh ban kinh duong tron ngoai ti€p tam giac
ABC
4514 4514 414 4514
A. 56 B. 14 | c. 4 . D. 28
Loi giai
poABTACHBC 31540 _,
Ta co: 2 2 . Dién tich tam giac 4BC 1a:

See =+P(P—AB) p— AC)(p—BC)= (T(7-3)(7-5)(7T-0) =214

_ABACBC 350 4514

ABACBC
R e = — = =
4214 3o

4% 45

Ap dung cong thric:

Cau 15: Cho tam giac 4BC ¢o ©
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214 414 J14 1514
A, 15 B. 15 | c 15 D. 56
Loi giai

Ta co: - . Dién tich tam giac 4BC 1a:

Sewe =P )P D)p- )= 17— 0)(7-5)(7-3) = /13

1, . . 28, s _ 32 flT 4T
S, =—hesind < sin 4 =—% —sind= \i_ = E
5.3

Ap dung cong thae: 2 h.c

15

Cau 16: Cho tam gigc 4BC ¢ A€ = 30. BC =30 33 €=75" Tinn dudng cao CH

A, 281 B. 282 C. 28,3 p. 28.4
Loi giai
I : I o em imzn
S, = 7 ACBCSINC = 5, . = —.30.50.51n75 = 724.4

Dién tich tam giac 4BC 1a: -

Ap dung dinh li cosin ta co:

AB=+JACT + BCT = 2. AC.BCcosC =307+ 50° — 2.30.50.cos 75" = 51.2

25, 2724,
Soasc = %('h'..fib’;x CH = ——=— f = 28,3
Ap dung cong thuc: = AB 51,2
CAu 17: Cho tam gidge 4BC ¢5 5= 3. C=75 3 =50 Ban kinh duong tron ndi tiép tam giac
ABC ping
AL 13,1 B. 13,2 C. 13,3 D 13,4

Loi giai

A=180"— B+ C)=180" (45" + 75" ) = 00"
Ta co: ' ' ' ' .

i h ¢

Ap dung dinh i sin: $In A4 CsinB sinC

asin B 5045 506 asind 30sin 75 250+ 752
= u=— = = = — = =
s A sin o0’ 3 sin A sin 60" 3
!]zu bic a4
Ntra chu vi la: 2
: 0.0,
'?‘..:.'s:' = l[.'."]:;][](_': ]_5[']_ \JII'I:__:;”]?_‘?' = U855
Dién tich tam giac 4BC la: 2 2 3
8. ... URAS
S, = pr—r == — =~ 13,4
Ap dung cong thic F 133
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Cau 19:

Cau 20:

Cau 21:
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Tam giac déu ndi tiép duong tron ban kinh R ¢é dién tich 1a:

B. 2R%sin’ 4 C. Rsin’ 4 p. 2R’sin’ 4

A, 2R cos” 4
Loi giai

ahe a

WEC T ﬁ

ARC T

Ta c6 dién tich tam giac 48C 1a 4R Do tam gidc 4BC déu nén

il

Mat khac tir dinh 1i sin, ta co: sin 4

=2R =a=2RsinA.

a EER:AJ':L-J}:
4R

WEC T =

4R =2R"sin" 4

Vay

Tam gidc vi ba canh 13 %2:¢ Ban kinh dwong tron noi tiép tam gide do bing?
1,]’}'][:,”_ allp=b)p—c) \j}'][:,”_ allp—b)ip-c)

A. P B. atbtc '
Jp=a)(p=b)p-c) 2p(p—a)p=b)p-c)

C. P D. P
Loi giai

S Jelp—alp=b)p-c)

S=pr=r=—
f n

ad+b+0
pP=——

, 3

Ta co: =

ma

Cho tam gidc ABC ¢6 ¢ = AB b=AC A4=60° Chidu cao h, cta tam giac 4B8C 1a:

N b3

h = —— h =—F———
A. j he A o -'IJL' . B. 1 he 4 L"—.":IL' .
B - he B he
C. . h 4ot —he _ D. . h 4 [':—."JL'.

Loi giai
Ta co: a=h" ¢ =2becosd e g =h e —he = a=Nb 40— e
."1_[-_\1'?.

h™ + ¢ —he E-J."J' o —he

h.c.sin A

1 . 1
S=—bhcsind=—h.a ==
Dién tich tam giac: 2 2 J

Cho hinh vudng 4BCD ¢4 canh bang ¢. Goi £ 1a trung diém canh BC va F 14 trung diém
canh 4E . Tinh d¢ dai doan thang DF .

p  aVI3 DFZH-JE o op 34
A. 4 B. 4. C. 2 D. 4.
Loi giai
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A a B
F 4
a E
D C
_and
T4

Vi ABCD 13 hinh vudng va £ 1a trung diém cua BC nén
Ap dung cong thirc d6 dai trung tuyén trong tam gidc DAE | ta co

. Sa”
) 3. 2 ) ;-: . :-: P _ 5 2 3 2 3
DF = DA+ D B 4F _ 4 Sd _ 13 . DF = il
2 4 2 1o 1o 4

Cau 22: Tam giac ABC ¢4 hai duodng trung tuyén BM,CN vuong goéc voi nhau va co BC=4,

BAC =307 Ban kinh duong tron noi tiép tam gidgc 4BC 1a;
2

A VB IS 83 B V-Is-83

R RS ERENCE p. V3 i 15-85

Loi giai

A
N M
H
B c
Goi AB=c BC=a_ CA=b_H=BMCN
g2 A B e _Afaab |
Ta o I Es =53 7/
a Co: / ;

Do tam giac BHC vuong tai H nén
4(a*+c8 B Ak’

BH  + CH =16 —| R _L_|=1.:1
gl 2 4 gl 2 1
4 5 bt T b
o |l gt — =35 = 2 — M byt =80
Ql 4 4
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Ap dung dinh 1i c6sin trong tam giac 4BC | ta co:

od (L‘lﬁ

@ =h = 2hecos A= bt 4 —hefi=lo= be 3 =04 = be=

J303
('14-,5

1 1
EEEEE

I :
=8 .= ;Iu-_sm A=

1283

3

B e = 80 e G L-}:—E."JL:HUf‘:%[:l"J - L'}: =al
Mat khac ta co:

1283 L1283 4T 1583
= h+ o= 504 - =g+ h+oc=34+ J80+ n = ﬁ

25 5
S=pr=r=—

A . . 2p CJ15 0503
Theo cong thirc tinh dién tich tam giac, ta co: P VJ] 54843

Ciu23: Manh vuon hinh tam gidc cia gia dinh ban Minh c6 chiéu dai cic canh la

VA = 2 P8, MP =12 o . e o
MN =20, NP = 28m. MP=32m yei disn tich manh vuon cia gia dinh ban Minh 13 bao

nhiéu mét vudng (Iam tron dén hang phan mudi)?

A 3I6.'?(m:) B 320 (”?3] c 2??,1(”;3) b 280 (n?g)
Loi gidi
| 1”=3|:| i 3:"} i 33:—'10{!?1}
Ta co: = .

5= J40(40-20)(40 - 28)(40 —32) = 277.1(m" )

Dién tich manh vuon la:

Cau 24: Dé tinh dudng kinh va dién tich cia mot giéng nude co c6 dang hinh tron, nguoi ta tién hanh

do dac tai ba vi tri 4.8.C trén thanh giéng. Két qué do dugc la: BC=5m , BAC =145 pinh
7 =314

dudi. Dién tich cua giéng 1a bao nhiéu mét vudng (lay va 1am tron két qua dén hang

phan trim)?

29,25( mr*)

A. ) B. 238.61(m" ) p, 3%68(m’)

C. .
Loi giai

BC
Ap dung dinh li sin cho tam giac 4BC | ta co: sin 4

=21R

uigeli.xyz Trang 45



uigeli.xyz

8C 3 _
==/l
Do do 2sind 2sinl4s

. i 3 . - ey
S=xR" =314 | = 59,08 m")

Vay dién tich cta giéng la: L 2sin 1457

PHAN II. Chu tric nghiém ding sai. Trong mdi y a), b), ¢), d) & mdi cau, thi sinh chon ding hoic sai.

1
cosd =— _ ,
Caul: Cho tam giac 4BC ¢6 3, BC=9 y3 AC=6_ M 13 trung diém canh BC . Xét tinh
dung sai cta cac khang dinh sau:

a) Do dai canh 48 =8

b) Dién tich hinh tron ngoai tiép tam giac 4BC 13 S = 9'7.
3
ey L4, sz
¢) Gié tri COSAMB ping 5 |
. 9r
) S, =ar=—
d) Tinh dién tich cta hinh tron néi tiép tam giac 4BC 1a 2
Loi giai
) L sl= 304 ["2—1.(".['.1 . -
a) Sai: T ¢ =h" +¢ —2hecosd pep Joc —de-45=020=9 (y
c>0y,
5 : 242
CosA=—<8In" A= —<>58inAd= V2
b) Sai: Ta c6 3 9 3
- BC 9 27
Jsin A ,1 Zﬁ —hﬁ § - ol o 27
y =N= S =aRi=nx
3 . Vay A
':. 2 2 & L2 = "‘|I"_.”"|_I- ‘T\:-f q‘;!
gyt e 1+ 30 _"“1_]= 162+ 7281 _ 15: L AM < 15:
¢) Sai: Taco 2 4 2 4 4 4 2
A
B C
MM
153 81 q —45
MA® + MB® — AR’ I —45
cos AMB = =4 =—Z =
2. MAMB O J153 01533 94133
=y b
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d) Bang: Goi  1a ban kinh dudng tron noi tiép cua tam giagc 4BC va

Do d6 dién tich cia tam giac 48C la

S=plp-a)p=b)p-c)=J12(12-9)(12-0)(12-9) =182

5 ].\'ﬁ_Eﬁ

L

i 12 2

Ma S =P nén

11 ‘ B

Viy dién tich hinh tron ndi tiép tam giac 4BC 13 -

Cau2: Cho tam giac 4BC co @6 dai ba trung tuyén bing I5.18,27 "x¢t tinh dung sai ciia cac khing
dinh sau:

a) Co BC = AB + AC" —24AB.AC.Cos B
b) B¢ dai canh BC ¢na tam giac ABC bang 23209

¢) Dién tich tam gidc 48C bang 1202 .

d) Goi / 1a trung diém cua canh BC va H 14 trong tAm cua tam giac 4BC va D déi xing véi
diém H qua /. Dién tich tam giac AHD 1a 602 .
Loi giai

A

D

..‘._r‘ "'..-‘ ‘:—ﬂlr‘ oo
a) Sai: Ta c0: BC = AR + AC =248 ACcos B

—1% —_ie — 7
b) Pung: Tinh d6 dai canh BC cua tam giac. Gia st m, =13, =18m, =23 .
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- . . oa 1 . . . -
"4 =2m + — ——a th =215
' 2
3 'lIJ: I, o B I
( g =2+ — = —:h' co =208 g =530 g =244209
:': ] a=oo it = T4 = o h =541
= Yt — i h™——c =227
o & _”.I_ 1 2 L = ]("—]' o= 1"“’—]-]
Taco *

Vay d6 dai canh BC cia tam giac 4BC bang 2N209

¢) Tinh dién tich tam giac 4B C,

; So=Wplp—allp=h)lp—c)=12042
Ap dung cong thirc Hé rong tinh dién tichta c6 J‘”["” aNp=b)p=c) .J'_

d) Goi ! 1a trung diém cua canh BC va H 14 trong tam cta tam giac 4BC

S Al

Ta co: s T

=8 .. =358,

Liy D 1a diém ddi xtmg v6i H qua ! ta duge hinh binh hanh BHCD

S = S = =S = S .. =35,
Do 36 :

N -?:.ju'_'.'l = ]__‘5;:#:_ =4ﬂﬁ
Tam giac BHD ¢6 @6 dai ba canh bang 10,12,18 a0 ] |

- o T =7 — 5 >
Cho tam giac 4BC ¢6 BAC=00%AC=20. 45 =25 xat tinh ding sai ctua céc khang dinh
sau:

a) BC = AB + AC = 24B.ACcosC

b) D6 dai canh BC =5v21

=

o =12543
5.”!( ]_ va

¢) Dién tich tam giac 4BC va do dai dwong cao xuét phat tir dinh B 1an luot

2543

4

h, =

d) Ban kinh duong tron ngoai tiép tam giac 48C 1a R =56 .
Loi gidi

22 2 2 o SR
a) Sai : Ta c6: B =48 + AC 2AB.AC.COs 4

ABC BOC = AC + AB" —2AB.ACcos A
b) Pung : Xét tam giac ta co:
e BCT =207 4257222025 cos00" = BCY =525 = Bo =521 BC =321
. Vay
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I :
5 .. =—ABACsInA
ABC 2
c) DBliing: Xét tam giac ta co:

I - : .
& 8§, ==2025s5mo0" =5, = 12543

Siwe 2135\",-?" > h = 4

Vay va

d) Sai: Xét tam giac 4BC ta co

! - J
f 7 =2R=FR= ! _xf{:i_xﬁ*:_{ﬁ

sind sinA sind Jsin A Zsinon”
vay R=5V7 |

Cho tam giac 4BC ¢4 AB =843 , B=50° y4 4=70° X¢t tinh dung sai cua cac khang dinh
sau:

a) € =50°

¢) Ban kinh duong tron ngoai tiép A4BC 13 6
d) Goi NV 1a diém thudc canh 4B sao cho 34N = NB thj dién tich tam giac ACN béng 29,95.
Loi giai

, A+ B+ C=180" = C= ]mn“—f A+ B)=180" =507+ 70" )= o0
a) Sai: Xét AABC ' ' '

AB AC

b) Bing : Ap dung dinh 1y sin trong tam giac 48C | ta c6 sinC - sin B

oo ABsin B
sinC

| =[2.20

¢) Sai: Ap dung dinh ly sin trong tam giac ABC

AB AB B3
=R =R= = .J_:H

sinc 2sinod 3

Ta co:

I . -
AN =—AB = ZJF_. S,ow =—AN.ACSEINA = 19,95

d) Sai: Ta c6: 4 Khido

P | =

PHAN II1. CAu tric nghiém tra 101 ngin.

Cau 1:

Cho hinh thoi 4BCD ¢4 canh bﬁng 3.Géc BAD=30 Tinh dién tich hinh thoi ABCD
Loi giai
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Cau 3:
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. . 9 _
AR ADSINBAD =33 51n30% = T =45

S ... =25 _.=2

1 ) AdT

b | =

Ta co:

Cho tam gidgc 4BC vuong tai 4, biét A8 = 0 AC=5801 08 M 13 rung diém cia BC .
Tinh ban kinh cta dudng tron ngoai tiép tam giac 4BM (két qua 1am tron dén hai chir s6 sau
dau phay).

Loi giai
b+5+5

I - 5472
AB=b0cm, AC =5cm = BC = 10cm, AM = BM = ?HU: Scm p=—rF7r—=0
Ta co: - va o
- - - he he 350 23
S =,J‘|']|:J|']—[|'}|:J.']—Jl]}l:‘.']—r_'} =l*5= ave R= ane =— =313
o ' ' ' 4R 45 412 8

Tam gidc 4BC vudng can tai 4 va néi tiép trong duong tron tim O ban kinh R . Goi 7 1a
R

ban kinh duong tron noi tiép tam giac 4BC  Tinh ti s 7 (két qua lam tron dén hai chit sé sau
dau phay).

Loi giai

=
AB= AC=a= BC=a2 = R= “ﬁ‘
Gia su 2
N o b 2
s=pr=fZite quﬁ":%@ T L PN R
Mat khac = = - 2442 suyra !

Cac goc nhin dén dinh nii so véi myuc nude bién duge do tir hai dén tin hiéu 4 va B trén bién
duge thé hién trén hinh v&. Néu cac deén tin hiéu cach nhau 1336 m thi ngon nui cao bao nhiéu
(két qua lam tron dén hang don vi)?

Loi giai

— - T—=17 2C
Ta c6 ATB=TBEN-TAN =12.2 .

T AB AB.sinTAB
BN Pt

Ap dung dinh 1i sin cho tam gidc TAB ; sInTAB  sin ATE sin ATE

Xét tam gidc vudng TBN ta ¢o:

. ABsinTAB. sinTEN  15330.sm 27.4%.51n 39,67
TN = TB.sin TRV = 222 a - ik i ~2132,14
sin ATH sinl2,2°

Vay chiéu cao ngon nui xap xi 2132 m.
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Cau 6:

Cau 7:
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t=10m.b=8m,c=0m . Tinh d6 dai duong phan giac trong

Cho tam gidc 4BC ¢ cac canh
goc A4 cua tam giac 48 C (két qua 1am tron dén hai chir s6 sau déu phay).
Loi gidi

A

C
B M

Goi M 1a chan duong phan giac trong cua goc 4. Vi doan thing 4M chia tam giac 4BC
thanh hai phan nén ta cé:
ACAM .sinMAC

I : :
S =SptS, e :.f!fﬁ..f!('.b’][] BAC = — AR AM 51N BAM +

Pod | o=
La | =

."! .IrJ]..": [ 1.51. n "}f]"' 1—]-

T (4B AC)sinas AV =—

=

2 242

3
h=T7,c=5c084d==
g

Cho tam giac 4BC | biét > . Biét rang ban kinh dudng tron ndi tiép tam

giagc ABC codang " =4 b , trong do6 a.be " Tinp gia tri bidu thue @ —2b

Loi giai

. o - a+h+ e
g =h "+ —=2hecosd=T7"+5 - =32 = =4'~"r1_—* P=—" =0 j‘-“rj_
Ta co: - -

h} 14
S=pr=r="=———2==3-\2
= E (1.1\}5 \1"_

9

LA
S| Lad

=3b=2=a0-2h=-
suyra ‘7" - 3
Mait tién nha 6ng An c6 chiéu ngang AB=4m ong An
muon thiét ké lan can nho ra c6 dang la mot phan cia

duodng tron (C) (hinh v€). Vi phia trudc vudng cay tai vi E
tri £ nén dé an toan, 6ng An cho xay duong cong cach 1m

tinh tir trung diém D cua 4B . BiétAF =2m DAF =60 \

2,2

va lan can cao 7 lam bing inox véi gia triéu/m’.

Tinh s6 tién 6ng An phai tra (Iam tron dén hang nghin).
Loi giai

Theo gid thiét, ta c6 AFD qdunén FD=2m guyra ED=1m EAD=30" 3 EDB =120

Trong tam gisc AEDB ¢o £8° = DE + DB” = IDE.DB.cos1 207 = 7
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Goi R 1a ban kinh cta dudng tron (C) tam O, 4p dung dinh 1y sin trong tam gidc AAEB ta ¢
EB

=2 _-2R
sinFAD suy ra R= \ﬁ .
A
OA” + OB — AR’ I
WJ'F cos 08 = P =—=
Xét tam giagc O4B ¢o R=0A=08=~N! AB=4 suy ra 20408 '
Khi do 105 98.2 suy ra do dai day cung (€) Xap xi 4,54m

Vi chiéu cao cua lan can 1a 177 va gi4 kinh 14 2,2 triéu/m> nén so tién 6ng An phai tra xap xi

9,971 triéu dong

Mot thap nudc dugc xay dung trén mot con dbe c6 do nghién la 6° pé thap dung théng, nguoi

ta dung hai soi cap ¢ dinh thap nhu hinh v&. Biét rang thap cao 10077 35 khoang cach tir chan

thap ra dén chd cb dinh day cap la 751t Tinh chidu dai soi dy cap bén trai (két qua lam tron
dén chit s6 thap phan thir nhat)

100 ft

Vo e e |
e RS
H__.-——--‘

Loi giai
Ta goi 4,8.C lan luot 1a dinh thap, chan thap va chan sgi day cap bén trai.
Khi dé, ta co: AB =100 ﬂ’ BC=T751t yy ABC=96"

Theo dinh 1i Cosin ta co: AC = AB + BC™ —2AB.BC.cos ABC

- N k-, 75 gAY = 13
Suy ra A€ —J100° + 75 = 2.100.75.c0s 96 <1311

uigeli.xyz Trang 52



uigeli.xyz

Vay chidu dai soi ddy cap bén trai bing 13 11 met

Phwong phap: Su dung cac hé thure lugng trong tam gidc
Str dung céc cong thirc tinh dién tich, dinh Iy cosin, dinh ly sin trong tam giéc.

A.BAI TAP TU LUAN

Bai tip 1: Mot nhan vién kiém 14m dang di trén duong nghiéng mot goc 2° so voi dudng thing dimg dé
huéng vé thap quan sat cao 100 feet. Goc do cao tir chan 1én dinh thap 13 40°. Tinh khoang cach tir nhan
vién kiém 1am dén chén thap vao thoi diém do.

100 ft

------L--

horizontal \
50
Loi giai
C
W 100
ul 40°
B A
A B
Gid sir nhan vién kiém lam tai thoi diém do dang ding tai diém |, ta ki hi¢u chan thap la  va
C
dinh thap la
| ap=BC 2 0o 17t
AABC B A4 =40° BC =100 tand  tand0®

Xét vuong tai  co va nén

Vay khoang cach tir nhan vién dén chan thap vao
119.1751t
thoi diém d6 xap xi
Bai tap 2: DPé do duoc chiéu cao cua mot ngon nui, mot
nhan vién tric dia nhin dinh nii tai hai vi tri cach nhau 900
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mét nam trén mot dudng thang dén ngon nui (quan sat hinh minh hoa). Lan quan sat dau tién nguoi nay

nhin dinh nai véi mot goc nang 1a 47" va lan tht hai nhin dinh nai v6i mot goc nang la 35" Gia st may

toan dac cao 2 mét, tim chiéu cao h cta ngon nui.

Loi giai

h
Ta mo6 hinh hoéa bai todn trén bang hinh v& nhu sau vé1 14 chiéu cao cua ngon nui.

h
a = 900m y
Ta co: € =1807—47%=133"
Miit khac: C + A +35°=180° < 4 =180°-35°—133°=]2°
. gl 33
@ _ € o2 200SnI3Y 65,8553
Ap dung dinh i sin ta co: SInA  sinc sinl2 (mét).

SIN35" = — = h= 8In35" = 815, 5000
Ma v (mét).

2 . R LY . ) 3
Vay chiéu cao cuia ngon nui la: h=1815,8000+2 =~ 1817,860 (mét).

Bai tap 3: Xac dinh d6 dai ctia cap treo truot tuyét va do cao cta nui (tham khao hinh vé)

D |«—1000 ft —>

Pé xac dinh chiéu dai cua cap treo trugt tuyét can lép dat tir diém P dén diém 0 , mOt nhan
vién tric dia do duoc op Q béng 25° sau d6 anh ta di xa ra mot doan 1000 feet tGi diém R va
do duoc ﬁRQ bang 15°.

a) Tinh khoang cach tir diém P dén diém €2
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b) Tinh chi€u cao OD (ganui?
Loi giai

. — ' ] - | * _ B B e __ [n)
2) Ta cé: DFQ=FPOR + ORP = POR = DPQ - QRP =25°-15°=10°
Ap dung dinh 1y sin trong tam giac POR 3 co:
* D REINORP 000 sinl 53
. PR _ P . PO= F f{j.nng_ RF _ ] ! .5]1[[]]]._“ . 1490.479
sin {_}f{ 5][]{_);{; 5][]{{_-;']?{ S0 (feet)

Vay khoéang cach giira hai diém P va QO 13 1490.479 (feet).

POD

b) Ap dung hé thtc luong trong tam giac vudng ta co:

OD = POSINOPD =1490,4795in25° = 029,904 (fcet)

Bai tap 4: Mot chiéc may bay cta hing hang khong VietJet dugc quan sat bai hai ngudi diéu khién khong
lwu cach nhau 1000 ft trén mat dat. May bay bay trén duong ndi lién gitra hai ngudi va mdi ngudi quan
sat n6 theo mot goc nang duoc chi ra trong hinh v&. Hoi d6 cao cua chiéc may bay so v6i mit dat 1 bao

nhiéu?

{

Y
A 3
4

b,
I

o

o
~N1T
Wy

) |
7
g

1000ft
Loi giai
Mo hinh bai toan nhu hinh vé:

S
R

A

1

1

1

1

1

1

1

b4 1 ~

1

1

1

1

1

”, 1
1

1

| P/\400 [ 35"\ 0 |
I
1000 ¢

>

I
COLRAT = = [l = Ricot40"

Trong APRI co:
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i -
COLROI = =— = OF = RIcot3s”
4 Cot3sT)

Trong ARQI .
PO=PI+QF= Ricotd0% + Ricot3s” = PO = Ri(cotd0"

Tur do ta duogc:
e 1000 o
= —— = _ — = 35[,084(11)
cot40% 4 cot3s”  cotd0” 4 cotds” L

>

381.694(ft)

Vay do cao ctia may bay so v6i mat dat 1a
Bai tap 5: Tim d6 nghiéng ciia thap nghiéng Pisa. Thap nghiéng Pisa ndi tiéng c6 chiéu cao 1a 184,5 feet.
Goc nang nhin tir diém Q cach chan thap P mot khoang 123 feet 1én dinh R ciia thap co sé do la 60°.

Tim s6 do goc RP O (nhu hinh v&) va tim khoang cach tir dinh R cua thap dén dudng thang PQ.

R
. R,
s LY
iN II \\
Al § [l N
s o
II \\ | \\\
] ) |I \\
1845 ft I \\\ 1845 fi \\_\
‘\\ \\\
A
‘\ | b
\\ | \.\
\ . 609\
Pl —_—

I

]

I

[}

I

]

I

1

.
g 60
i ol — [y

P 12t a H 1234

R = OF + OR° - 20P.0Rcos60”

Cach 1: Theo dinh li cosin ta co:
— (184,5) =(123) + OR" - 2,123 QR cos60° = OR = 212.1430(ft)
Ap dung hé¢ qua ciia dinh li cosin ta co:

R4 PO - RO (184.5) +(123) —(212,1430)
PR+ PO —RO" _(184.5) 1 [- ) 10,0918 = kPO = 84°44
2.184.5.123 -

COSRPO =
2. PRPO

Goi /1 1a chan duong cao ké tir R dén PQ.

. . RH . _ .

$INO0" = — = R = ROSINOO" = 153,722 1)

Ta co RO .
. . < 183 72

Vay khoang cach tir dinh R cita thap dén duong thing € 1a £ = 18372210
Bai tap 6: Mot mai hién che cura kinh ¢6 d6 cao 88 inch va tao vo1 vach tuong mot goc 50°, Muc dich
clia mai hién 1a che dwoc anh ning mit troi chiéu vao nha khi goc giita tia sang mit troi véi mat dat 16n

hon 05°. Xem hinh v& duéi ddy. Tinh d6 dai L ctua mai hién.
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r,nl]

B8

88»

BAC =25 4CHE =105"
Ta co

Al BC ABsIn23®
- — B = Aballl-o

; = - - - = |2.00]
ABC sinAdACE  sinBAC sinlios®

Ap dung dinh 1y sin vao tam giac

L

Vay chiéu dai  cua mai hién xép xi 12,001 inch.
Bai tap 7: Mdt tau du lich chay véi tbe do trung binh 15 hai 1y/gio khi di tr San Juan, Puerto Rico, dén
Barbados, Tay An Do, véi khoang céach 600 haj ly. Pé tranh mot con bio nhiét ddi, thuyén trudng cho
thuyén ro1 San Juan theo hudng 1éch mdt goc 20° 5o v6i hudéng di thfmg dén Barbados. Thuyén truong
duy tri tbc @6 15 hai 1y/gio trong 10 gioy, sau d6 thuyén truéng cho tau di thing dén Barbados ma khong
gap bao.

a) Tinh goc ma thuyén truong quay dau dé di thang dén Barbados?

b) Tinh tir sau khi r€, néu tdc d6 duoge duy tri & muc 15 hai 1y/gio thi sau bao lau con tau dén

Barbados?
e Barbados
San Juan =
P
<,
’Q -~
Qf 3 - -~ - -
Loi giai
A B C

Goi  lawvitri San Juan;  1a vi tri Barbados;  1a vi tri tau sau 10 gio.
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a) Ta c6 AB =600 (hai 1y); BAC =207
Quing dudng tau di dugc trong 10 gid dau la AC = 13.10=150 (h3j Iy)
Ap dung dinh Iy cosin cho A4BC .

I apl o A Y, A e 2 A e " o
B = A8+ Ac JABACCosA4C = BC =401,9040 (hai 1)

cosdcg = AT BC AR 15959 — 4B < 153.6243°

Khi do LACEBC

= BCD = 180" - ACH

114

20,3757 Kd
Vay thuyén truong phai quay dau mot goc xap xi 26,3757
i [ = £ = 30
b) Thoi gian di ké trsau khirgla 12 gio 48 phut.
Bai tap 8: Trong mot chuyén bay thir nghiém tir Chicago t6i Louisville, khoang cach 1a 330 dim, vién

phi cong d vo tinh chon hudng bay sai 1éch di mot goc 10° nhur hinh vé dudi day.

a) Néu may bay duy tri tc d6 trung binh 220 dam mét gid va néu 13i sai vé hudng bay dugc
phat hién ra sau 15 phut, thi vién phi cong nén diéu chinh hudng bay chéch 1én theo goc nao dé
bay t61 duge Lousville?

b) Vién phi cong nén duy tri tc d6 trung binh tiép theo cia may bay 1a bao nhiéu dé cho tong
thoi gian cta chuyén bay 1a 90 phut?

Loi giai
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Péi 15 phut bang 00 gid.
A e g 1A X ~ Ap o1 AC=025220=55
Dén khi phat hién ra 161 sai, may bay da bay dugc mot quang duong la

(dam).

Khi d6, may bay con cach Lousville mot khoang 1a ¢ = VAR + AC* = 24BACc0sBAC

= 3307 + 557 - 2.330.55.cos10° = 276,0009 (dim)

BC  AC . ACsind  55sinl0®
= 4 5ink = =

- = — = (1.0346
sid sIns BC 2700009

a) Theo dinh Ii sin ta c6:
— B = 19837 (vi AC<BC= B A=10°=90° ).

A+ B=11198

Do d6, vién phi cong can diéu chinh hudng bay mot goc bang dé bay thang t6i

Louisville.
b) Dé tong thoi gian ciia chuyén bay 1a 90 phut, vién phi cong nén duy tri toc d6 trung binh tiép
2760004

- = 22058
1,5-0.25

theo cua may bay la (dam/gio).

Bai tip 9: Nguoi ta xdy mot san khau véi san c6 dang cta hai hinh tron giao nhau. Ban kinh cua hai hinh
tron 1a 20 m va 15 m. Khoang cach gitta hai tAm ctia hai hinh tron 1a 30 m. Chi phi lam mdi mét vuéng
phan giao nhau cia hai hinh tron 14 300 nghin déng va chi phi lam mdi mét vudéng phan con lai 1a 100
nghin dong. Hoi s6 tién lam mat san khau 1a bao nhiéu?

Loi gidi

A

0,.0, I5m A,B

Goi lan luot 12 tAm cua hai duong tron ban kinh 20m va . Voi la hai giao
di€ém cua hai duong tron.

OA=08=20m0.4=0.8=15m0O0, =30m

Ta co:

OB +00,”-0.8 43

cosBO 0, = = —
’ 20, 5.0, 48

= B0, = 20°2%
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0,0, Ho B

Theo tinh chét hai dudng tron cit nhau ta c6 1a tia phéan giac

= A0 B=200B=5277"

57 77

. LR R m’|
0,48 S, s =720° 360 154.2( m" |

Suy ra dién tich hinh quat tron la

l . . 4y
5.0 =70A0BsnA0 B = 159.2( m" )

S, AB AmB (01 )
Goi  la dién tich hinh gidi han boi day va cung trong duong tron

=S8 =5 ,-5, ,=25m)

LA thAf

AB AmB
Chtrng minh tuong tu ta dugc dién tich hinh gidi han béi day va cung trong dudng
(0,) S, =35(m’) S=5+5 =00 m)
tron la suy ra dién tich phan giao nhau la
= GO 300000 = 15000000
Chi phi lam san khau phan giao nhau (nghin ddng).
§'=7200 + 715 = 1903 m )
Téng dién tich cta hai hinh tron 1a
S'-5=1903 m)
Dién tich phan khong giao nhau la

= 1903, 100000 = 190300000

Chi phi 1am s4n khau phan khong giao nhau (nghin dong).
1 SO000000 + 190000000 = 205300000 = 208, 3
S tién 1am mat san 1a triéu dong.
B. BAI TAP TRAC NGHIEM

Céu tric nghiém nhiéu phwong 4n lwa chon. Mdi ciu héi thi sinh chi chon mdt phwong 4n.

Mot miéng d4t c6 hinh dang 1a mét hinh lyc giac. Cac ménh dé sau diang hay sai?
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4 I
4
™~
6
Dién tich manh vuon la
A 24443 . 24+ 43 c 12483 D, 24+83

Loi giai

I S
3 . —44sin60’ =443
Dién tich mdi tam giac déu la: 2 .

Dién tich hinh chit nhat 1a: 4.6 =24
Suy ra dién tich hinh luc giac 1a; 24 243=244843

Gia dinh ban An so hiru mot manh dét hinh tam gidc. Chiéu dai cua hang rao MN 13 150m
chidu dai cua hang rao MN 13 230m  Goc giita hai hang rao MN va MN 13 110° Chijéu dai
hang rao VP 1a.

A, 314,6;71. B. 310_.6m. C. 324,6!1:. D. 321,6;1?.

Loi giai

230m

150m .
M

Chidu dai hang rao NP NP* = MN™ + MP* = 2MN.MP.cos NMP

=150 + 2307 - 2.150.230.cos 1 10° = 98999, 4( cmr ) = NP = 314,6(m)

2

Trén ban dd dia li, ngudi ta thudng goi ttr gidc v6i bdn dinh lan luot 14 cac thanh phd Ha Tién
(H), Chau Béc (C), Long Xuyén (L), Rach Gia (R) 1a tir gidc Long Xuyén.
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Chau Péc (C) va Rach Gia (R) cach nhau khoang bao nhiéu km?

77.5(km) 74.5(fkm) 70.5(km) D 80,5(km)

A B C
Loi giai

Trong tam gidgc HCL co: HC ™+ CL = HL vy HL 13 canh 16p nhét ctia tam gidc nén tam gidc
HCL khong 14 tam giac vuong tai C .

Ap dung h¢ qua dinh 1i c6sin, ta cé:

".‘ 1 f.‘ . - .-..\' "__'r.\' 1 [] .‘ . L;I‘
cos CHI = Hc Hi O _ e 4 —4 . 0.88

2HC HE 2.79.104 = CHL = 28°
HIY + HRE - R 77 41047 — 567 i}
cos RHL = = = (1,55 .
2HCHR 2.77.104 = RHL =32

Ap dung dinh 1i cosin, ta c6: CR = HC™ + HR® = 2 HC.HR.cos CHR = 6007 o CR=T7.3 (Feo )

Vay Chau Déc va Rach Gi4 cach nhau khoang /7> km.

Ngudi ta dinh 14t gach td ong trén manh dit hinh tr gidc 4BCD nhue mé hinh bén canh. Biét

: S 4BC = =120" Y . s A
réng AB:G;”’ BC=( f]:—]-.l”, ABC=100""BCH =120 vi gia 14t gach 1a 400 nghln dong

trén mot mét vudng bao gom ca cong thg. Cac m¢nh dé sau dung hay sai?

S tién dé 1at gach ca manh dat do la:
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B. ][bﬁH?{E'.‘u’D]. C. ][bﬁk}_‘:[ﬂ'.w_}]. D. 1056T(VND)

Loi giai

’ 120°

B C

Néi BD | ap dung dinh 1y cosin trong tam giac 4BC ta co:

BD=+CD® + BC? - 2CD.BC.cos BCh < BD =10+ 10— 244 cos120° = 38 m

Ap dung cong thuc tinh dién tich tam gidc ta co:

1 . | . -
S ==-BCLCDSINBCD = — 4451207 = -lqﬁ( w )

2
. 1 - ol 2
BABDSINABD = —0.45.5in70° = 19,53 ("

=S =S S 219331403 = 20,460(m° )

2o.do. 400 = 10554

S6 tién dé l1at gach ca manh dét do la: nghin dong.

. 4. .2 L, =100{k . = 1500k CABC=100",
Cho hai dia diém 4 va C nhu hinh v&. Biét 4B=100(km).5C=150(km), 45C=1
Anmubn di tir 4 ¢én € biang mot trong hai cach sau day:

Cich 1: Di tau thuy tr 4 dén € véi van toe 30km/h

Cich 2: Pi xe hoi tir 4 dén B rditir B dén C véi van téc S0(knvh).

Dién tich A4BC |3
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AL S .= 7380,00( b } B. 5 .= ?3?&?“‘!}.‘2}.

. S .= T385,00( b ] S .= ?3-\'4.0("“‘”;:}.

D.
Loi giai
Ap dung dinh 1y c6sin cho ABC ta co:
AC = AB” + BC" = 2AB.BC.cos ABC = AC= af.w: F BC" =2 AB.BC.cos ABC

Theo dinh 1y cosin ta co:

AC=NAB + BC* ~ 2ABBC.cos ABC = 1007 1+ 150° —2.100.150.c0s 100° = 194,19 (km)

§ .. =— BA BC sinABC=—-100-150-sin100% = 7380,00 ko

1
AR E

Pk | =

Dién tich tam giac ABC:

Mot duong ham duoc dy kién xdy dung xuyén qua mot ngon nui. Pé wéc tinh chiéu dai cua
duong ham, mét ki su thue hién cac phép do dac va cho ra két qua nhu hinh v& dudi.

—_——
[,

Bén kinh dudng tron ngoai tiép tam gidc 4BC bing:

A 210 B, 21135 c. 21L5 p. 212,35
Loi giai

Ap dung dinh Iy cosin cho ABC ta co: AB™ = €A™+ CB = 2CACB.cosC

Ap dung dinh 1y cosin cho ABC ta ¢6:

AB = CA™ + CB = 2CACEBcos C=385" + 2127 = 2385212 00852,4°=173730.2307
= AR =417 m
AB AB 417

= 2R = R=—" = — = 210,35m
s 2and 2sms2 4"

Theo dinh 1i sin trong tam giac 4BC | ta co:

Nha ban Binh c6 gic ling cao so v6i nén nha la 3m . Ba cua ban Binh can dat mét chiéc thang

di 1én géc, biét khi dat thang phai dé thang tao v&i mat dat mot gbc 70° thi dam bao sur an toan
khi stir dung (nhu hinh vg).
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A

Chiéu dai cua chiéc thang can lam 1a

A3 B. 319, C. 3, D. 34,
Loi gidi

F

sina =
Theo ti s6 lwong gidc clia goc nhon trong tam giac vudng 4BC ta co BC
Do 16n goc ACB =707
. AB AR 3
siNer = — = BC = — =———=3,19m
Xét tam giac 4BC vuong tai 4, ta co: B singr - SIn70°

Vay chiéu dai cua chiéc thang can lam la I~3.19m

- 120m

30m & tran dinh cia mot ngon d6i. Tir thap dén chan ngon doi dai

Mot thap nude cao

va nguoi ta quan sat thiy goc tao thanh giita dinh va chan thap 1a 8° (nhu hinh v¢).

D
30m
30m
C
R0 120m
A D
Tinh dién tich A4BC
A. 1200 B, 1204.4 c. 12054 D, 1206
Loi giai
AC AC . ACsin A
— = — :Eh’_wn]fﬁ:;‘
Theo dinh 1y sin trong tam giac ABC 56 sind  sin B B

ACsin 4 120.s1n8°

sin B = x 055 = YWREC = 34°

Ta co: BC an
Vi ABC~34° pan ACB=180"— UBC - ACB = 180° — §°— 34° = 138°

Vay dién tich tam giac 4BC
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I0-120-5n 135 = 12044
(dvdt)

5, == CBCAsinACE=

b | —
b | =

Gitra hai dia diém AS va C 1a mot ngon nui cao. Pé di tix 4 dén € , cAc xe O t6 ¢6 thé chay
dudng tranh gdm hai doan duong 13 di thing tr 4 dén B rdi di thing tr B dén €, hodc chay
thing qua him chui néi tr 4 dén C . Biét ring cac doan dudng nay tao thanh tam giac 48C

o AB=16 y AC=33 g BAC=45°

C

Néu 6 to di théng qua ham chui thi phai qua tram thu phi qua ham vé&i mirc gia 60.000 déng
duoc thu qua hinh thtrc thu phi khong dung. Néu 6 t6 di qua duong tranh thi khong mat phi.
Nhiéu phuong tién van chon di duong tranh dé khong mat khodn phi qua ham nay. Mot chiéc 6
t6 dién Vinfast VF €34 co thé di duge 300km sau mot 1an sac dﬁy. Khi dén 4 xe da di duge
262 km ké tir 1an sac df?ly gén nhét. Tai C co mot tram sac dién, ngoai ra trén duong di khong
c6 mot tram sac nao. Tai x€ kiém tra tai khoan thu phi khong dirng van con du tién phi qua tram
va xe khong c6 sac du phong. Tinh dién tich cia tam gidc 4BC (két qua lam tron dén hang
don vi)
A. 189 B. 187, C. 185, p. 181,

Loi giai
Ta co: BC = AB + AC" —2AB.AC.cos 4

. 2,272 9 1Y mme S0 L Y
Ta c6: B¢ = J167 + 337 - 2.16.33.c0s45 = 24,46 Km

633 s5in45% = 187
(dvdt)

S .. =—ABACSsInNA=

Dién tich tam giac 4BC:

b | —

1
2

Cac goc nhin dén dinh nai so véi muc nude bién duoc do tir hai dén tin hiéu 4 va B trén bién
duoc thé hién trén hinh vé. Néu cac dén tin hiéu cach nhau 1536 m . Khoang cach tur diém

B dn canh AT 1a (két qua 1am tron dén hang don vi).

A. 705, B. 701, c. 707, D. 703,

Loi giai
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drr_ ben_Bar_ 17 70 drr — 180°— 3G 60 — .
Ta co: ATE=TBN-T4ABE=12.2 : ABT =150 390" =1404
AT A8
sinl40,4%  sinl2,2°

= AT = 4033

Theo dinh i sin ta co:

1 o .
S=—AT ABsmn27.4% = 1037457 m-
Dién tich tam giac 48T 1a: 2
g
S ==ATh = h =—— =T707m
Ta co: 2 AT

Gia sit €D =1 13 chiu cao cua thap trong d6 C 1a chan thap. Chon hai diém 4. B en mat

dAt sao cho ba diém = B va C thang hang. Ta do dugc 48 =24 m, €AD = 03°, €BD = 48,
(Tham khao hinh v& bén dudi). Cac ménh dé sau dung hay sai? (két qua lam tron dén chir sé
thap phan thtr nhat).

-

ORI,

Chiéu cao cua thap 1a

A. 60, B. 62.4, c. 3.4, p. 614,
Loi gidi

Xét tam giae ADB voi B =487 vy A=150"-03"=117"

D4 B A=180"= D=180"— B+ 4]=15°

Ap dung cong thic

AB AD : AB : 24

_ = — = AN =351nK. — =5 45", ——— = 08,9
Ap dung dinh 1i sin, ta duoc: $InD  sIinE s D sinl3® m.

Xét tam gidc ADC vudng tai Cygi A=063° y3 AD = 68,9 m.

Ap dung ti s6 luong giac trong tam giac 4PC vuodng tai €, ta duogce:

. Do .
sinAd=—=DC=ADsinAd =014
AD m.
Trén ndéc mot toa nha cd mot cdt ang-ten cao Sm. Tu mot vi tri quan sat 4 cao 7 'm so v6i mat
d4t co thé nhin thiy dinh B va chan C cua cot dng-ten, véi cac goc tuong tung 1a 50° va 40°
so voi phuong ndm ngang (tham khao hinh v& dudi day) (két qua lam tron dén chir sb thap

phan thr nhat).
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Chiéu cao cta toa nha la

A, 19,5. B. 18,9. C. 18,2 D. 18,5.
Loi giai

Chiéu cao ctia tda nha 1= CD+ DF

Xét tam gidc ABC i BAC=10ABC =400 ACB =130 s pC =5,

Ap dung dinh i sin, ta co:

5C AC . BC , i 5 .
= = AC =sndBC . ——— =5 40~ = |55

sinBAC  sin ABC sin BAC sinlo® m.

Xét tam giac APC vuong tai D véi CAD = 407 yy AC=185,

. O De , . L
) ) SINCAD = — = DC=ACsm A=155s5n40" = 11,9
Ap dung ti s0 lugng gic ta co: Ac m.

Lai Cé: DF: 7m. Véy I'I?=(.1D 1 ulr.--:lulr-= ] ].L::I + = ]H.L}m'

PHAN II. Cau tric nghiém diing sai. Trong mdi y a), b), ¢), d) & mdi cu, thi sinh chon diing hoic sai.

Cau 1:

=4.h=

Cho tam giac 4BC ¢o cac canh ¢ 3 (gia thiét ap dung cho cau a.b »¢). Xét tinh dung

sai cta cac khang dinh sau:
_abc

a) Cong thuc tinh dién tich cua ABC 13 2R
b) Dicn tich A4BC bing 10§3

1077
¢) Chiéu cao ha tir dinh C cia A4BC bang 7

4.8 trén mat

d) Gia sit €L =5 13 chidu cao cua thap trong d6 C 14 chan thap. Chon hai diém
dét sao cho ba diém 1-5:C thang hang nhu hinh v& duéi ddy. Gia sit AB = 24m, CAD = 63°,

CBD = 48" Chiéu cao / ctia khéi thap nho hon 62 (m) .
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Loi giai
a) Sai: Ta c6: 4R

l .
S=—ahsinC =

> A4.55in00° = 543
b) Sai: Ta co6: = .

1
2

c¢) bung: Ta co: = 4 b= 2ahcosC=4 15 =245 c0800°=2] = ¢ =421
25 253 1047
.?::L'Fli'_ =0 = = —
Dién tich khi do: = " 21 /

AD = 03° = BAD=117° = ADB=180" —(117° + 48°)=15°
§) Diing: Ta o (AP =037 = BAD =117 = ADB=180° ~(117° 4 487)= 15

. 7 ABsinBAD
4B BI . BD- 4B.sin BAI

Ap dung dinh 1y sin trong tam giac ABD ta c6: sINADBE - sin BAD sin ADB

. D _
SINCHED = — = CD = 805 C80
Tam giac BCD vuodng tai C nén co6: AD

D= ABSINBADSINCED  24.sin 1177510487

: —— =004 ()
Vay sinAdADE sinls” '

A A . 4 , ae ogna . 10 N s A s o .
Cau 2: MOt nguodi quan sat dung cach mot céi thap (m) , nhin thang cai thap dudi mot goc 2°° va
duogc phén tich nhu trong hinh. Xét tinh dng sai cta cac khang dinh sau:
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D
0
A 45 c
ﬁ -
B
- 10m -
a) S6 do cua goc ADPC =457
. A .3 D.15(m
b) Po dai doan 48 xép xi bang 10.1 (’”).
. , . 100(n’
c¢) Dién tich AACD bang ( )
d) Chiéu cao cta thap xép X1 béng 1, ?6(\”?) ]
Loi gidi
a) Ding: ADC=90°-45"=45°
AC 1 .

cosCdl = — = AR = < 10,15(m)

b) Pung: AB coslie '
AC 10 )

cosCdD ="— —= AD = — =102 ()

c) bung: AD cosds° -
~
S . =~ ADACsIn45° = l.]n,ﬁ,m,£= 50(m’ )
Khi do 2 2 5 /
S = L b ABsinsse- ]—_][]Jj_.][].]_isjnﬁ:?“
d) Pang: Ta c6 2 2
! 28 .. 25879 o

S . =—AC.BD = BD= """ = < 11,70(m)

Mit khac 2 AC 10 o

Nha bac An c6 mot khoang dat trong phia trude nha 13 nira duong tron ban kinh R=1m , bac
mudn trong hoa trén dién tich 1a hinh chit nhat noi tiép trong nira duong tron sao cho mot canh
ctia hinh chit nhat nam doc theo dudng kinh cta dudng tron. Gia st khoang dat duge mo phong

nhu hinh v&. Xét tinh ding sai cta cac khing dinh sau:
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M, N
A O B
W -
a) b6 dai doan oM I(m)'
< AM =0.5( . , . 0.24(nr’
b) Néu AM =0.8(m) thi dién tich AAMO bing - (_m )

4 AN =05 . ~ny  AALT N 243 NPT £ A
c) Néu AM =0.5m 33 chu vi hinh chit nhat AMNB bang H J_(m} thi dién tich dat trong

'\/g(f??z).

hoa bang

- Ldons— o o , ,
d) Néu AOM =& manh dat trdng hoa c6 dién tich 16n nhit khi @ =90°

Loi giai

A O B

a) bung: Ta co OM =R =1(m }.

p
AO=\J1-0,8 = Z(m)
2

b) Pung: AAMO OM =1 AM =0.5{m) su

y ra
I 1 oo, .,
, S=—AM.A0==0.8.2=—(m")
Vay dién tich A4MO . 2 2 5 25

, cm 3
200,54 AB) =14 23 < AB =3 (m) S = ABAM = ”"‘"ﬁzT[”’ )

¢) Sai: Taco

on = ¢ WA =OM.siner=sin e
d) Ta co AOM = a, nén M SN e =51 e (o)

OA= OM.Ccoser=cos am) suyra AB=204=2c0su

Vay dién tich AMNB . S =AM .AB =250 ¢roos ¢ =sin Qe

T . L o . a qo
Do U=sin2e =1 nen dién tich manh dét trdng hoa 16n nhét 1a ( ) khi 2¢r =90% <= e = 45
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Caud: Tu vi tri 4 nguoi ta quan sat mot cdy cao (tham khao hinh bén duéi). Biét rang do dai

AH =4(m): HE = 20m.BAC = 45°

H
. 40(m’
a) Dién tich A4HB bang (m )

b) Néu ACB=45" thi d6 dai doan € ~101"),

¢) S6 do cua goc HBC xap xi 78°41"

2 £ : .33(n
d) Chi€u cao cua cay xap xi bang 17 (”?).

Loi giai

I I .
S, == AHHB= —420=40{m")
a) bung: Ta co 2 2 .

. - AM = =201
b) Sai: K¢ AM L BC ta ¢4 M= B )

C
A 20m M
4m, 4m
]
H 20m B

. AM o 2 .
SINACM = —— = AC = AM.sin45 = 1ﬂ_£: 102 ()
Xét AAMC 4 ¢4 Al 2

c) Dung: Ta c6 AH ma ABC=BAH =7841"

8) Diing: Ta o A8 = VAH + HE =& 20" =20(m) s Lape = an = 7841
Suy ra: ACE = 1807457 78°41'= 5619
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Ap dung dinh 1y sin cho tam giac 4B8C tacé :

BC AB ABsin A 4420.sm45° .
- o pe=T TN 17,33 (m)
sSind sind s SN 56°19 '

PHAN III. Céu tric nghiém tra 10i ngin.

Cau 1:

Cau 2:

Cau 3:

Hai chiéc xe ctng xut phat & vi tri 4, di theo hai hudng tao v6i nhau mot goc 60° . Xe thir

o 30(km / h) 40 (km / h)

nhat chay véi téc do , xe thir hai chay véi téc do (tham khao hinh v&).

B

C

Sau thoi gian L5 gio thi khodng cach ciia hai xe bang (két qua lam tron dén mot chit s6 sau dau
phay).
Loi gidi

.~ . LA L5 oqx S =3000L5=45(km) . . ,
Ta c6 quang duong xe thur nhat di sau >~ gio la ™! - va quang duong xe thur

. 4 gy So=40015 =00k N .
hai di sau 1> giola: ™ 40.1,5 = 60km nén ta co:

BC =45 1 607 — 2.45.00.c0860° = 1543 = 21,2(km )

Bac An can do khoang cach tir mot diém trén bo song dén mot diem B & gilta ho ma khong thé
dén truc tiép duoc. Bac sir dung gidc ké dé chon diém C cung ndm trén bd voi 4 sao cho

A =3Il Ady R = o AC =350 - , N , 4 . 1 \ A
BAC =30%4CE =100 1C=500m) “1ip khoang cach 4B (két qua lam tron dén

va canh
mot chir s sau ddu phay).
Loi giai

B =180~ 4+ C)=180"~30°~ 100° = 50°
Ta co: ' /

AB AC ACsinC  50.sin100° _
_ = — = AH= - =— = 04, 3w )
SN sIn A s A s1n 50~ '

Ap dung dinh li sin ta c6

Mot 6 t6 mudn di tir 4 dén € nhung giita 4 va €' 1a mot ngon niii cao nén 6 t6 phai di thanh
hai doan tr 4 dén B rdi tr B dén C, cac doan duong tao thanh tam giac ABC ¢o

PP o
AB=13(km) BC=20(km) (s 4BC=120° (tham khio hinh v& bén dudi). Gid sit 6 6 chay 3

km tén mét lit xang, gia mot lit xang 1a 20-000 gong. Néu nguoi ta lam mot doan dudng ham
xuyén nii chay thing tr 4 dén €, khi d6 6 t6 chay trén con dudng nay s& tiét kiém duoc bao
nhiéu nghin dong so voi chay trén duong cil.
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Cau 4:

Cau 5:
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B

120°
15 20

A C
Loi giai
4 C g S =A4B+BC=15+20=35km)

Quang dudong 6to ditr  dén qua  la:

ABC AC = 4B + BC = 2 AB.BCcosARC
Ap dung dinh 1y cosin vao tam giac ta co:

154 207 — 2.15.20.008120° = 925 — 4C =537 (km)

S§=5-AC=35-537 = 4.0 (km)
Néu di theo duong ham thi quang dudng 6 t6 di it hon 1a
4.6

— 20000 = 15400
5 18,4

O 16 tiét kiém dugc sb tién 1a (d6ng) hay (nghin dong).

A M an oAl A 5 . T(m A
Trén néc mdt toa nha cd6 mot cot angten cao (m). Tt vi tri quan sat 4 cao () so vOi mat
dat, co thé nhin thiy dinh B va chan C cua cot ang-ten dudi goc 30° va 40° so véi phuong
nam ngang nhu hinh v&. Tinh khoang cach tir diém 4 dén chan C cua cot (két qua 1am tron dén
mot chir s sau ddu phay)

Loi giai

Tam gléc ABD Vuf)ng tai D co BAD =50 = 45D =90"- 50" =40~ )

ACD =907 =40 =30 = ACE = |80° - ACDH = 507 - 507 = 130"

e e ABD=180°—BAD+ ADB) = 180° = (50° 1 90°) = 40°
Tur hinh v& suy ra BAC =107 y3 l: | .

Ap dung dinh 1 sin trong tam giac 4BC ta co:

- r: - 1.-. . L - -—.-_' [], -
A Al (C = s A8 _3 sind C18,5(m)

SiNBAC  sinABC sin BAC sinl0®

== A

Mot may bay truc thing 4 quan sat hai tau B va €| B cach tryc thing 23.8km o5 C caen

trye thang 3% km. Gée nhin BAC tir tryc thang dén hai tau 1a 836°

(Céc két qua lam tron dén hang don vi)

nhu hinh vé duéi day.
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Cau 6:

319 km

23.8 km

Tinh khoang cach tir diém 4 dén canh BC (két qua 1am tron dén hang don vi).

Loi giai

AB.ACSINBAC =

23.5.31,9.5i083,0° 377 (k)

[

I
Ea

Dién tich tam giac 48C la: }
BC = AB® + AC = 2AB.AC.cos BAC = (23.8) + (31.9) —2.23.8.31,9.00883,0° = 1415
= BC = 3*0‘(km).

28, .. 2.377

) L= = 20(km)
Khoang cach tir 4 dén BC la: B¢ 38

Hai chiéc tau thiy cung xuat phat tir vi tri 4, di thing theo hai huéng hop véi nhau mot goc
60°. Tau thir nhat chay vai tdc d6 SOKM™Wh ay the hai chay véi te do 40K gay 28 3y

thir nhat & vi tri €, tau thir hai ¢ vi tri B (tham khao hinh v& duéi).

A

2k

S

Goi S 1a dién tich cua tam giac ABC  Tinh 100\6 .

Loi giai
Vi tri tau thity thir nhit va tau thay th hai sau 2 gio lan lugt & vitri € va B.
Do tau thtr nhat chay véi tbe do 30km/h o 40 =302 =00 (km).

Do tau thtr hai chay véi toc do 40kmvh (o 4B =402 = 80 (km),

. 1 . . , )
§=—ARACSIn A=—00.805n00%= 12003 fm” = =12
: 3 : J3 o 1003

Dién tich tam giac 4BC 1a: -

!
2
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