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A.TOM TAT LY THUYET
I. NGUYEN HAM
1. Dinh nghia
Cho K 1a mot khoang, doan hoic ntra khoang ctia tap s6 thue [ .
 Cho ham sb 7/ (x)xéc dinh trén K . Ham s6 F(x) duoc goi 12 nguyén ham cua ham sb / (x)trén K néu
F |:__'|,- _:|= f |: ":IV(’YI m01 xthuéc K
Néw © (x) 12 mot nguyén ham cua ham sb J (x)trén K thi moi nguyén ham ctia ham sb / (x)trén K déu
c6 dang F(.r) e voi € 1a mot héng sb. Vi vay,
« Moi ham s lién tuc trén K déu c6 nguyén ham trén K . Ta c6:
‘[ F'(x) dv=F(x)+C
2. Tinh chét
cho 7 )€ 3 hai ham 6 tién tuc trén K.
L (x dl. =k x dl. S ‘
. [ ) [ i) v6i K 1a hang sb khac 0;
. ‘H: f ['.} t & [ l.}:l dv= ‘[ f [ .,} dx ‘[ g [ .,} dr
. ‘H: f ['.}— g [ l.}:l dr= J f [ '.} dv— ‘[ g [ .,} dr

3. Nguyén ham mét s6 ham so so cip co ban

i+
. |
(v dr="ic (2 de=ln|q+C
« Vi @ #ltacod * ot |
] .
[Sj[] xdr=—cosx+C. [ S < dr=—cotx+ C.
] )
[CL‘IS.'-.'d.'-.'= siny + C. [ =z _dff: lan o+ C.
o . e T LS X

) i’ .
o ew=c
. Véi ':'I}O“'r;ltacé' Ina
II. TICH PHAN
1. Dinh nghia

Chof (x) 12 ham sb lién tuc trén[a; b]. Gia s F(r) la mot nguyén ham cﬁaf(x)trén doan [a; b]. Khi @6

[ £ (x)de=F(b)-F(a)

2. Tinh chéat

v=f(x) =gl

, \ J4 v A A . b ,
Cho cac ham so - ‘) lién tuc trén doan [a ] Ta co:

[ B (x)de=k[ () de

(K 12 hing sb).
[[ .-' |:'.} r & |: l.}] dv = J .ur |: .,} do ’I' 144 |: .,} dx

b
e

b
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([ ()= ()] dr=[ £ (x) dr— [ () dr

ey S £ . N a, b ,
« Gia str "> - “1a ba s6 thyc tuy y thudc doan [ ], ta co:
3. Tich phan mgt s6 ham so0 so’ cap co ban

[ £(x)de= [ £ (x)des [ £(x) e

|I|].. +_ " +

|‘-"-“d.'l.'= _ ] = ]
- , er et
cV6i®#1 taco: - '
| “1 . .
f(x)=— [az B] [—d.'-::ln|.'-:|| =Infp|-In|a|
fr1on £V C1ia " a, , "X -
* V61 ham so Xlién tuc trén doan ' 7 4 taco: ¢
[sin v dx=—cos | =cosa—cosh
® !
[cosxw dv=sinx| =sinh—sina
«
] ] iy '
)= [ b] [ —— dv=—cotx S=cola—colh
Y A S T B A |a: .Y sIn x
* V61 ham so SINT U liéntuctrén L7 74, ta co: ¢
. 1
S L]
* V61 ham so LUs Y ]ién tuc trén ,ta co:
1 " ,
[ ——dv=tan x|, = tanh —tan a:
S Costx :
ra i : a’ —a"
R
. Ina| Ina

'V()ia>0,a¢1,tac() b

4. Ung dung
coav=[(x) .. . K O g . v AX i
* Cho ham so lién tuc trén doan . Khi do, dién tich © cua hinh phang gidi han boi d6 thi ham

6 /() , truc hoanh va hai dudng thang ¥ = @ * = ba

ﬂzhfuum

v=S000= 20 yian e trén doan [“?]. Kni 6, dien tich hinh phing giéi han boi dd

* Cho cac ham so -

=1 [: x)oy= FJ[: x) =g, x=h 1a

: . \ £V \ . \ Z
thi cua cac ham so - va hai duong thang *

j:jppﬂ—gpﬂpr

« Cit mot vat thé boi hai mét phing vudng goc voi truc Ox taj Y=a vy x=b (a<b) . Mot mit phang tuy y

(a=x=h)

vuong goéc voi Ox i x cit vat thé do theo hinh phing c6 dién tich 1a $(X) | Gia st ham s6 S

‘A A~ ;b . 4 e , A A R g o .o 2 ~ ) st A
lién tuc trén [a, ] Khi @6, thé tich V' cta phan vat thé gidi han boi hai mét phang trén dugce tinh bdi cong
thure

uigeli.xyz Trang 2



uigeli.xyz

V =Jt5[: ).

« Cho ham sb =/ (\) lién tuc, khong am trén doan [a;b]. Hinh phing (H) gidi han boi d6 thi ham sb
y=/ (x) , truc hoanh va hai dudng thang * = ¢* = b quay quanh truc OX tao thanh mot khéi tron xoay cO

thé tich bang
=m0

B.MOT SO Vi DU
Dang 1. Céu tric nghiém nhiéu phwong 4n lya chon
MGi cdu héi thi sinh chi chon mét phuong dn.

2 Flx)=2x"—

L PV ,
Vidu 1. [MD1] Ham s6 2x+1 la nguyén ham ctia ham s6 nao sau day?

. I . .

A (x)=0x"-2 NEACIEE

( I . - . ‘
C Hx)= g ./ (x)=0r'=24C

Loi giai

Chgn A

f i =Fr) = (20 =20y 1}r =fx -2
Ta co: ! '

Vi du 2. [MD1] Dién tich hinh phing giéi han béi hai duong thang ~ =¥ =7 45 thi ham s§ ¥ = €5¥ va
truc Ox |3

5= jm:@ vdy S= rL:L‘I:é"‘ rdx
A. B. !

D. !
Loi gidi

5= [Jeos a]ds s =7 feos odx

Chon C

Dién tich hinh phéng gi¢i han boi hai duong thang * = @+ =7

va céc dd thj ham sb
i ﬂ;‘ — e .II. ..I..
= Sy =)y S=[ 0 -ede ST “w' )
: : la J . Khi do, theo dé bai ta co .
Vi du 3. [MDP1] Goi V' 1a thé tich khéi tron xoay dugc tao thanh khi cho hinh phang giéi han boi cac duong

v=e', y=0,x=0, x=2 Ox Dhs id s A
: : quay quanh . Phat biéu nao sau day la dung?

I = ;ch':" dy = J{ dv
"= "| " dy "= |c’:" dx
Loi giai
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Chgn A

=¢',y=0,x=0,x

” . — 7 ’
Hinh phing gi¢i han béi cac duong © 7~ quay quanh Ox g3 tao thanh mot khdi

"= —[[ fix }] Cdv = —[ ¢ dy

tron xoay c6 thé tich bang - :

, AL A A aa ciooa A vif)=1=28in2r (m's) ~ . A 1 2
Vi du 4. [MDP1] Mdt vat chuyén dong vdi van toc . Quang duong vat di chuyén trong
P 3z
khodng thoi gian tir ! = 0 (gidy) dén thoi diém 4 (gidy) dugc tinh theo cong thuc:

s(t)= [ (1—2sin2¢ e s(t)= [ (1= 2sin 2 ) dr
A a . B. i

.ff_.f]:‘[lff_]—lsjnlr]dr s(t)= lI T
C. . D. 4

Loi giai

"| (0]

Chon A
RYis
t j—

Goi s 13 quing dudng ma vat di chuyén trong khoang thoi gian tir /= 0 (giay) dén 4 (gidy). Ma

s"(6) = v(1) 1 ta ¢ st = .[.- {(1—2sin 2¢)d¢ '
Dang 2: Trﬁc nghiém ding :sai
Trong moi y a) b) ¢) d) & moi cau thi sinh chon ding hoac sai.
Vidu 5: [MD1] Gia su SO 13 phuong trinh quing dudng chuyén dong ctia mot vat theo thoi gian ! (gidy) va
()13 phuong trinh van tc ctia chuyén dong do theo thoi gian  (gidy).
[s(e)dt=v(e)+C
a) - .

b ‘[ Hidt=s(0)+ €

) [yt =vie)+C

C .
s(rydt=s(t)+ C
o Js0dt=s ¢
Loi gii
Y a) |b) |¢) |d)

Kétqua |[S |P |S |P

vi () , (1) 1an luot 1a phuong trinh quing dudng va phuong trinh vén tc ciia chuyén dong do theo thoi gian

t (gidy)néntaco 5 =V 3 [ v )dt = s(1) 4 o

[s(e)dt=vi)+C -
a) - . Suy ra Sai.

{dt=s(6)+ C
b) J-l' ' o . Suy ra Dung.

[s(dt=vi) e

c) - . Suy ra Sai.

siydt=s(t)+ C

d) [ ' ' . Suy ra bung.

Vi du 6: [MP2] Cho ham s Flay=x - 2x+l , Y€1 lamodt nguyén ham ctia ham s6 AN
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G(x) cling 1a mot nguyén ham cua ham s )y GED=3 4y © L) =Flo)-t JXET

H (x)= F(x)=3

a) Néu ham so

b) Néu ham s6H (%) cling 13 mot nguyén ham cua ham sé @) gy H)==3 L NE

¢) Néu ham s6 K () cling 1a mot nguyén ham cia ham s6 J(x) 3 K(O)=0 gy Kix)=Flx)d L XE

d) Néu ham s6M () cling 1a m§t nguyén ham cua ham s6/ (¥ ya M(2) =4 gy Mlx J=Fla)-l ,YE0

Loi giai

7

Y a) |b) |[¢) |[d)

Kétqua |[S |P |S |P

Glr)=Flx)+ C

a) Vi G mot nguyén ham cua ham s F () trén i nén ,voi € 1a mot hang sd.

D A
Ma GD=3 an 10 op GI-11=F(-)+C=3=24Ce C=1

vay G=Fl) ey
Suy ra Sai.

b) Vi H(X) 13 met nguyén ham cta ham & /) trén i nen 7= C G6i C 1a mot hing sb.

Ma HD==3 an ta g H=Fll)+ C==3=04Ce C==3

(= Fivl— 3 :
vay =7 00=3 v
Suy ra ding.

Kixl=Flx)+C

c) Vi K3 mdt nguyén ham ciia ham s J () trén i nén ,voi € 1a mot hang sb. Ma

K(0)=0 pan ta o K(0)=F(0)+ Cm0=14Cm C==1 o K (x)=F [.-"-'}'_],xe :

.
Suy ra Sai.

Mixvi=Flxi+C

d) Vi M(x) 1y mot nguyén ham ciia ham s S ren i nén ,voi € 1a mot hang s6. Ma

M(2)=4 a0 taco M= F2)1 Cod=51CoC=-1 vy Mix)=Flo)=l vey
Suy ra Bung.
Vi o L o . alt)=2cosi(misT)
idu 7: [IMD2] Mot vat chuyén dong voi gia toc .
a) Tai thoi diém bt dau chuyén dong, vt c6 van tc bang ¥ . Khi do, van tdc cua vat duoc biéu dién bsi ham

£ ritr= s q
b (F1=2sinfim _].

T
t=—
b) Van tdc clia vt tai thoi diém 2 la Im/s,

¢) Quing dudng vat di dugc tir thoi diém © =9 (8) dén thoi didm [ =7() 13 4m

T r
[ =— [ =—
d) Quang duong vat di dugc tur thoi diém 2 (s) dén thoi diém 4 (s)la 2m

Loi giai

7

Y a) [b) [0 |d)

Kétqua [P |S |P |S

,vit)= [u[.f]d.f: [strdr: 2sint+ C
a) Ta co . . .

c 1 3R . aA A 3a TR ~ , w0) = — A~ VY= 25
Ma tai thoi diém bat dau chuyén dong, vat c6 van toc bang 0 nén ta cé v(0) 0hay C—O.Vay vir)=Zsint,

Suy ra ding.

T :Zsjn%: 2ims)
b) Van toc cua vat tai thoi diem 2 1a =
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Suy ra sai.
¢) Quing dudng vt di duoc tir thoi diém * = 0 (8) dén thoi diém ' =7®) 1a
[ viide = [ 2sinedi =— Euusr[ ==2cosT—(-2cos0)=4(m).
Suy ra ding.
(=T =21
d) Quing duong vit di duogc tir thoi diém 2 (s) dén thoi diém 4 (s)1a

F _' 5 -E-r
[t'ir]dr: [Esmrdr:—lmsr| =-2 LmT— =2 L,m— |—J_r.m

Suy ra Sai.
Dang 3: CAu tric nghiém tra 161 ngin
, (=3 — Ay 2)="2
Vi du 8: [MP2] Cho ham sé © (") 1 mot nguyén ham cua ham s6 | (¥) =3¢ —H0 1 0 F(2)=2 o0
F(3)
Loi giai
F(x)= [ (x)de=[ (3¢ —4x 1 1)dr= & 26 + ¥+ C 2)-
Ta co o) [ o) “ & . F( ~ nén suy ra ¢=0 Vay

e = v — Y —_19

ham <6 F(¥)=+ —2x " Suyra F(3) 12

Vi du 9: [MD2] Cho dd thi ham s6 ¥ =2~ va hinh phing duoc t6 mau nhu Hink 1. Hinh phing dé duoc gidi
han boi cac duong nao? Tinh dién tich hinh phing d6 (viét két qua dudi dang s6 thap phan va lam tron dén
hang phan tram).

to ] H

Hinh phéng da cho ¢ Hinh 1 dugc gidi han boi dd thi ham sb y=2

x=0_x=2 Khidé, dién tich hinh phang la

, truc hoanh va hai dudng thang

sl
Il
—
]
[ I
Il
—_—
[
|
|
|
|

Y

- In2

g aft)=35cose (m )

Vi du 9: [MP2] Mot vat chuyén dong v6i gia tbe duge cho boi ham sb . Luc bat dau

chuyén dong vat co vén tdc 2.5m/S Tiph gia tdc cta vt tai thoi diém van toc dat gia tri 1on nhat trong
7(5) ghu dien.
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Loi giai

vit)= [u(’r dt = [EuLﬁs twlt = Ssint+ C
Van tdc cua vat duoc biéu dién bdi ham sb 1= ! .

Khi bit dau chuyén dong, vit c6 van tdc 2.5 M1S nan ta ¢o:

v(0)=2,5< Ssin0+ =25 C=2,

Ln

S 78

Ma SIS E TS yao an the dat gid tri 16n nhét tai

) =0 (m;"sz)

(V= Ssine+ 2.5
Suyral[-'r}_h”” 2,5 . Khi do, gia

i

|
tdc cua vat tai thoi diém l 2
C. BAI TAP LUYEN TAP
Dang 1: Céu tric nghi¢ém nhiéu phwong 4n lya chon
MB&i cau thi sinh chi chon mdt phwong 4n.
Cau 1. [MP1] Phat biéu ndo sau day 1a dung?

A Jf-"[j.-c}u'_r=f-'[j.-c}-c' B Jf (x)dx=F'(x)+C
c [ F(x)dv=F(x)+C . { (x)dx =F'(x)+C
Loi giai
Cau 2. [MP1] Phat biéu nao sau day la ding?
) . ix g ] T .
A {L’ Ydy=e¢""+ C B .{ ©odrEmye ‘
{r.’ V= lt“ Yy {r.’ ;"u'.'n':—lv
C.- 3 . D." 3

Loi giai
A N 4 _'l-’:lfl(.\') “ A N [a, b] . NP 2 ., be aX .
Cau3. |[MD1] Cho ham so lién tuc trén doan . Goi D 1a hinh phing gi¢i han véi do thi

hamsé / (1) , truc hoanh va hai dudng thing ¥ =4¢, X =0 (a = b) . Tinh thé tich khéi tron xoay
dugc tao thanh khi quay D quanh truc hoanh la

v w4 ()] v =27 [ £ ()] dx

A. ; . B.

C. ; . D.

Loi giai
Chon A

Caud. [MD2] Cho ham sé * =/ () 6 a3 thi nhu Hink 2. Goi S 1 phan dién tich hinh phing duoc to
mau. Phat biéu ndo sau ddy 1a dung?

uigeli.xyz Trang 7



Cau 5.

Cau 6.
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Y

——T—
-------- 0O o5 x
-0,5¢
5= [ f [ _'._'}[."_'.,‘ 5= J- ! I: Ry :I i
AT : B
) :—‘ [ e S=- [ f(x)ede
C. | D. - '

Loi giai
Chon D
jz—Tﬁ%;Lﬂ}H:—TIUhh
Ta co N g .

1
V=—

[MD1] Goi H 13 hinh phing gi¢i han boi dd thi ham s~ X, truc hoanh va hai duong thing ¥ =1
, ¥=4_ Thétich V' cua khéi tron xoay tao thanh khi cho hinh phing // quay quanh truc OX 1a

o F o
Vo= }'l’l —dv V= | —dx
oy <

A. B.
4 | 4 ]
I'Z.-‘I'J—:fj.i' i':H:JTLh'
C. e D. .
Loi gidi
Chon C
1
. ) YT
Thé tich V' cua khéi tron xoay tao thanh khi cho hinh phiang 7 gi¢i han boi d6 thi ham so X,
4
|
V=n|—dx
15

truc hoanh va hai duong thiang * = I x=4 quay quanh truc Ox 13 !
[MP1] Goi D 1a hinh phang gi6i han boi db thi ham s6 = 73" tryc hoanh va hai dudng thang

x=0_x=7 Thétich " cua khéi tron xoay tao thanh khi cho hinh phing D quay xung quanh truc
Ox 13

-

A. ' . B. :

=1 [ lsin | dur I = r[ sin”xdy

"=

C.

[ (—sinx) d'ﬁ" = -[sj n xde
1 D. ‘.I
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Cau 7.

Cau 8.

Cau 9.
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Loi giai
Chen B

Thé tich ¥ cua khéi tron xoay tao thanh khi cho hinh phing D giéi han bsi dd thi ham sb

I = [ sin“xdy

J=-sinx , truc hoanh va hai duong thing X =0, ¥ =7 quay quanh truc OX 1a i

[MP1] Goi /1 13 hinh phang gii han béi d6 thi ham s6 » = Jx , truc hoanh va hai duong thang
x=1 x=2 Thdtich V' cua khéi tron xoay tao thanh khi cho hinh phang /7 quay xung quanh truc
Ox 13

I = :rj wf;d.r = "r| xdy
. | . { .

A B. !

I = “TJ ﬁdr V= ?r| xdx
I . - .

D.

C.

Thé tich ¥ ciia khéi tron xoay tao thanh khi cho hinh phang # gi6i han boi d6 thi ham sé ' = Va ,

Loi giai

Vo= frr xdy
tryc hoanh va hai dudng thang ¥ = I x=2 quay quanh truc OX 13 1

[MP1] Goi S 1a dién tich hinh phéng dugc t6 ddm trong Hinkh 3. Cong thirc tinh S 1a
YA

5= ‘[ ;’. [ '.}dl. } J‘ ;’. [ -,}d-, 5= J ;". [ .".'}d.'l.'— J J’. [ '.}dl.
A. ! ! . B. ' ' .
5= :[ f f '.],Id'. S5=- I f |: X }d-.
C. ! D. g

Loi giai

‘ 7 5= ‘[ ! [ v)dr— [ f [ vjdr
Dua vao do6 thi, suy ra dién tich hinh phang la ! [ .

[ (7 V2 1y
[MDTH] J (20 dx bing:
e . 2 )" . .
+ S
A V2eL B. V2+1 ¢ () p. (29)+C

Loi giai

uigeli.xyz Trang 9



Cau 10.

Cau 11.

Cau 12.
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- Y
Jfﬁ.x‘}fdmzl[rfd.’:l i P C
Tacod i 23241
o)t R
Jflf} T St AP
Thay ! =2X taco = 2 V241 V241

. e
sin -+ cos | dv

f

[MPTH] ~* -/ bang:
i T
—CO0S—+8In—| +LC
A, ¥x—cosx+ B. " 2 2
Cx X i
= S —=+Cos—| + L
c. 3 2 2 D. x+cosx+
Loi giai
sin—+cos = | =sin’ T 2sintcos i cos® &
Taco: © - 2) 2 2 2 2
=l+sinx_
C X oy :
J sin—+cos — | dx-:in rsin x)de
2 2 -
. 2
Khi d6
= Jdr | J:iil] vdv=xv—cosx+ C
[lerve™)de
[MDTH] ' bang:
I .
¥ 1x P Ix v or tC
A ¢ —2e T+ O B. ¢ +t¢ +C C. 2 D.
Loi giai
(e e )dn= [edrs [e
Ta co:
= J-r."d.'l.'——j‘r.’ "df—lﬁ.‘} =¢ ——=¢ "+ L
2 ' 2
/ . 52
ﬂ L:o:s'? | d
[MDTH] -~ -~/ bang:
1/ xy (XY
. —| L:L‘|5—| +C |:-;m—| +
A, YAsiny+C B. 3. 2 L2 D.
Loi giai
uigeli.xyz Trang 10
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[l cos — | dv= [] PEOS Y e
2 2
Ta co
=%.{d" ' %‘{”""F-Wm =%-u Ehjn.r (
|5 ~0c 7 |da
Cau13. [MPTH] ° /' bang:
350 % | |
= _%r‘ L —-'_-]lr_ { . = e C
A - EZJ[]“- C.e =2+ e R

Taco
15 ¥ 15 ¥
= —+[2¢ 2 +C= —+ 128 2 +C
In2s 2Ins

Cau 14. [MPVD] Cho hamsé * =/ () 6 ad thi = (%) e truc OX tai ba diém c6 hoanh do @ <b <c
nhu Hinh 4. Ménh d& nao sau ddy 1a ding?
Y

y=f'(x)

a\//b 0\ %

A, fle)=fla)=1 [:."1}. . fle)=fih)=/ [:n'}'

Fla)=1(b)=1(c)

B

C RACIERACIERA )

Dua vao d6 thi ham s y=J (1) ta co bang bién thién sau

D
Loi giai

X |0 a b c +00
f'(x) + 0 - 0 + 0 -
f(a) (
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¥

Goi S 1a dién tich gi6i han boi db thi ham s6 * (x) , truc hoanh va cac duong thing

x=a:x=h

Goi > 1a dién tich gi6i han béi dd thi ham s§ * ~ /(%) , truc hoanh va cac dudng thang
x=hx=c¢

8= [(= 1 (x))dv = [ £ (x)dv= 1 (a)- £ (b)
Ta co: ’ " ;

S, = J‘ Fla)de= 0 ()= 1f(h)

Quan sat hinh v& ta thdy S, >S =)= fbh)=1la)=1(h)

= fle)=fla) (2)

Tir (1) va (2) ta co flo)=fla)= ! [_.'1}.
Cau 15. [MPTH] Vi khuan E.coli séng chi yéu ¢ duong rudt va co sd lugng 16n nhat trong hé vi sinh vat cua
co thé . Mot quan thé vi khuan E. coli duoc quan sat trong diéu kién thich hop, ¢6 toc d6 sinh trudng dugc cho

o — g ) )
bai ham s / () =480.2'In2. Trong d6 ! tinh bing giy (r> 0), (1) tinh bing ca thé/gidr (Neuon: R

Larson and B.Edwards, Calculus 10e, Cengage). Biét tai thoi diém bat ddu quan sat, s6 lwong ca thé duoc ude
tinh mot cach chinh xac khoang 480 ca thé. Ham sd biéu thi s6 lwong ca thé theo thoi gian  la:
F(r)=480.2"+1In2 Fr)=480.2

A. B
F(1)=480.— F(£)=480.—— 1 (
[)=480, — 1)=480—+ C
l n2 D. l n2
C.
Loi giai
Chon B
. . »
|._f'{s“}rh = |4HD.E' In2 dr=480.In2.—+ C=4802"+ C=F(1)
Do * . In2

Biét tai thoi diém bat dau quan sat, s6 luong ca thé dugc ude tinh mot cach chinh xac khoang 480 ca thé nén
F(0)=4802"+C=480=C=0
Dang 2: Tric nghi¢m diing -sai
Trong moi y a) b) ¢) d) & moi cau thi sinh chon ding hoac sai.
Cau 16. [MDNB]| Cho / (x) 1a ham s6 lién tuc trén R
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N |f (x)dv=f"(x)+C,
b |/ ()= (x)+ C.

| /' (x )y = f(x).

|/"(x)dx=f"(x)+C
d)
Loi gidi

Y a) | b) ¢ |d)

Két qua | sai | ding | sai | diing

Do dinh nghia ciia nguyén ham ta c6 két qua trén.

Cau 17. [MDTH] Giasu V(t) 1a phuong trinh van tdc cua mot vt chuyén dong theo thoi gian ! (gidy),
a(t) 1a phwong trinh gia tdc cta vat d6 chuyén dong theo thoi gian 7 (gidy).

[a(t)di=v(1)+ C.
o Jalt)di=v(1)

| vie)di=alr)+C.

*

9 J Vide=alt)+ C.

[1"{5}{.‘5‘ =v(r)+C.
d)
Loi giai

Y a) b) |[¢) |d)

Két qua | ding | sai | sai | diing

a) Do nguyén ham ctia ham gia tdc 1a ham vén t6c. Suy ra dung.
b) Do nguyén ham cua ham vén téc 12 ham quing dudng. Suy ra sai.

(v'(£)de =v (1) +C.
c) Do J l ) l ) Suy ra sai
d) Do dinh nghia nguyén ham. Suy ra ding.
Cau 18. [MDTH] Giasu V(t) 1a phuong trinh van tdc ctia mot vat chuyén dong theo thoi gian ! (gidy),
a(r) 1a phuong trinh gia téc ciia vat d6 chuyén dong theo thoi gian ? (gidy). Xét chuyén dong trong khoang

thi gian tir € (gidy) dén 0 (giay).

J'ff{f}rfs =v(b)—v(c).

a):

.|I.'|'{E\He‘ =a(b)—a(c).
b)

J'r’{i]rh‘ =v(c)—v(h).
c) ¢
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| V(e =v(b)—v(c).

*

dy -

Loi giai

Y a) b) |¢) |d)

Két qua | Pung | Sai | Sa | Ping
i

Do “(I) - (f) Suy ra a), d) ding.
Cau 19. Cho vat thé tron xoay nhu Hinh 5.

2) Vat thé duoc tao thanh khi cho hinh phing giéi han béi dé thi ham sé * =/ () V2 hai duong thing

X=a.x="h quay quanh truc Ox

b) Vay thé droc tao thanh khi cho hinh phing giéi han boi dé thi ham s& -~~~ ()

=a.x=1

, truc hoanh va hai duong

thang * ’ quay quanh truc Ox .
-
¢) Thé tich cua vat thé duoc tinh theo cong thirc

T‘[ f |: v )dx

-
d) Thé tich cta vat thé duoc tinh theo cong thirc

—[[ fix }] :d.'c;

Loi giai

Y a) | b) ¢ |d)
Keét qua | Sa | Dung | Sa | Dung
i i

Theo 1y thuyét vé thé tich vat tron xoay thi b, d diing.
Cau 20. Tai mot khu di tich vao ngay 1& hoi héng nam, toc do thay doi lugng khach tham quan dugc biéu dién

c O(t) =4 =720 + 288

bang ham sb , trong d6 ¢ tinh bang gio

(0=1=13y, 0 (t)tinh bang khach/gio . Ngudn: R.Larson and B. Eawads, Calculus 10e, Cengage). Sau 2 gid
da c6 500 nguoi c6 mat.

5 ~ , TS Ve P
a) Luong khach tham quan dugc biéu dién bsi ham so O(1)=1"—241 + 1441 )

b) Sau 5 gi¢ luong khach tham quan 1a 1325 nguoi.
¢) Luong khach tham quan 16n nhét 1a 1296 ngudi.
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d) Téc do thay ddi lugng khach tham quan 16n nhét tai thoi diém =0,
Loi giai

Y a) | b) ¢ |d)
Két qua | Sa | bing | Sa | Ping
i i

L O)= [(_J'['.f}ﬂ'.f = =24t 4 144+ C = Q(2)=500 = C=100.
Taco ~° ST '

Ot)=1 =240+ 1441+ 100 =

Suy ra - a) sai.

. , . O0(5)=1325 , ,
Sau 5 gio luong khach tham quan Ia . Do d6 b) ding.
max O+ )=0(0)=1390.

Taco I Do do6 d) ding, c) Sai

Dang 3. Cau tric nghiém tra 161 ngin
[
'[3 2x dx

Cau2l. ° c6 gia tri bang bao nhiéu? (viét két qua dudi dang s thap phan va lam tron dén hang phan
muoi).

Loi giai

Tritoi:

Ta c6:

== ] = 0,1

3
Inln=
1

Flr)=(x-2)(2c 1) F(D)=2

Cau 22. Cho ham s F(x) 12 mot nguyén ham ciia ham s6 va 6 . Tinh

1
s
) (viét két qua dudi dang sb thap phan va 1am tron dén hang phan tram).

Loi giai
Tra o 4

f [l.}: |{.'l.': - 1'[ 2x+1 }

Ta co: =2y i ——'1.1—1_
Suy ra P [ _'.,'}: J f [ _'-,'}d_'-,‘: ‘Hj.'l.'; g jldl.
:J-jl. dl. |‘., dn—‘[—'l.'ndn—[jdl.
:l_'-,' -]—.'-.'.—jl. —2.1.' [ =
2 3
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F(-1)= !
Ma 6 nén suy ra C=0,
Flr)== ﬁl : é —2x*-2x=F | —ﬁl'] - 04w
Vay ham s6 = - w2/ 90
Cau 23. Cho d6 thi ham s ' = “°5 va hinh phang dugc t6 mau nhu Hinh 6. Tinh dién tich hinh phing d6

(viét két qua dudi dang s thap phan va lam tron dén hang phan muoi).

Hinh 6
Loi giai
Tra 1oi: +7
Hinh phéng da cho duoc giéi han boi cac dd thi ham s§ = “% %"= ¥ v hai duong thing

¥=1Y=3 Khid6 dién tich hinh phing duogc tinh theo cong thirc

S= [ |cos v — |dx

: vy ¥ Eeosx, Vi e [1:3]

nén ta co:

S= [[: r—cosy)dr = —sinxy | =4—-sin3+sinl=4,7
|

|

L2 A .

Céu 24. Cho khbi tron xoay nhu Hinh 7. Tinh thé tich ctia khéi tron xoay duoc tao thanh béi hinh phang cho
& Hinh 7 khi quay quanh truc OX (viét két qua dudi dang s6 thap phan va lam tron dén hang phin
muoi).

\

.

=]
e
"

- -

Traloi: %7
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Hinh phang d cho gi6i han boi d6 thi ham s6 ¥ ~ Vx , truc hoanh va céc duong thing ¥ =¥ =1
khi quay hinh phing d6 quanh truc O¥ ta dwoc khdi tron xoay nhu Hinh 7. Thé tich cta khéi tron
xoay do la:
I . | - -
. S O ot TR N I _ T s
I =;J‘|:\IIT' d.l.—;.‘{.l.d.l.—;;.— —?m]._'?.

_':.;"[:_".-}:J‘ ! [F}df[ﬂfufh} f(t) ’ ‘ 0(3)
Cau 25. Cho : trong do - la ham so0 ¢6 d6 thi nhu Hinh 8. Tinh <7/,

11

-

I

Hinh 8

Loi giai

e(3)= [/ ()de= [ £ ()des [ o (e)des [ #(0)de
Ta c6: ' ) [ 2
= [2dr+ [2ude+ [(12-40)ds

1 | L
=2+ A 4 (120-20) = 7

CAu 26. Mot vat duge ném Ién tir dd cao 300 m véi van tde duge cho bai cong thirc
(H)==9.80r+ 29,43 (m's 2 .
v . H{ms) (Nguon: R.Larson anh B. Edwards, Calculus 10e, Cengage). Goi
M) 13 46 cao cia vit tai thoi diém * () Sau bao lau ké tir khi bét diu duoe ném Ién thi vt o
cham dat (1am tron két qua dén hang don vi ciia mét)?

Loi giai
: : : 951 .
filt)= {r[_.f}d.f: [[_—'-I’.H]f P29 43)dr=———1 1+ 29,43+ C
Ta co: ) ) 2

)= 300 = ¢ =300
Vi vat duoc ném 1én tir 36 cao 300 m nén i{0) =3 = .

) g1 .
J;(_;}:—Tr' £ 20,43 + 300 . . h(t)=
Vay - . Khi vat bat dau cham dat ung véi
g.sl .
_ ]lf'-jl*}‘—]-}f':%ﬂﬂ:ﬂf:‘lr::]]
Néntacd: 2 hodc I =5,
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Dol>0nénrzn(s).

Chu mét trung tdm thwong mai muén cho thué mot sé gian hang nhu nhau. Nguoi ¢6 mudn ting gia

x 5 > . .
cho thué ctia moi gian hang thém ¥ (triéu dong) (I - O) . Toc do thay doi doanh thu tir cac gian

. , i g% vaera . x Tx)=-20x+300 CT(x) s A 2k
hang d6 dugc biéu dién boi ham so = * , trong d6 tinh bang tri¢u dong

(Nguon: R.Larson anh B. Edwards, Calculus 10e, Cengage). Biét rang néu ngudi d6 ting gia thué
cho mdi gian hang thém 10 triéu dong thi doanh thu 1a 12 000 triéu dong. Tim gi4 tri cia * dé ngudi
d6 c¢6 doanh thu 1a cao nhat?
Loi giai

Tra loi: 15

T(x)=[7(x)dv = [(~20x + 300)dr
Ta co: ‘ ‘
=103 + 3005+ C.C =

Khi nguoi d6 ting gia cho thué mdi gian hang thém 10 triéu dong thi doanh thu 1a 12 000 triéu dong.

A s oy = , T{10)=12000

Nén tmg v6i ¥ =10 taco (10) suy ra

12000 =—10.10° 4+ 300,10+ € = = ][][][][]_

 T{x)=—=10x" 4 300x + 10000 . T A A a2 Cr e X

Vay (x) .Taco (x) la mot ham bac hai vé1 hé so a<0 yadd thi ham so
T{15:12250)

co dinh la
Viy doanh thu cao nhat ma ngudi d6 c6 thé thu vé 1a 12 250 triéu dong va khi d6 mdi gian hang da
tang gia cho thué thém 15 triéu dong.
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