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SO GIAO DUC VA PAO TAO PE KIEM TRA CUOI HQC Ki II
BAC NINH NAM HOQC 2025 - 2026
MON: TOAN — Lép 12
Thoi gian lam bai: 90 phiit (khdng ké thoi gian phdt dé)
(Dé c6 04 trang)

Ho va tén: ......... SO e _ Sbbéo danh: ....... Ma dé 0101
PHAN 1. CAu trac nghiém nhiéu phuwong 4n lwa chon. Moi cau héi hoc sinh chi chon mt phwong
an.

Cau 1. Cho ham s ¥ =/ () Ji¢n tuc, khong am trén doan [@:5] g quay hinh phéang gi6i han boi do

thi ham s6 ¥ =7 Y) truc hoanh va hai duong thing ¥ =¢, X =0 quanh truc hoanh, ta dugc mot khdi
tron xoay co theé tich la

N =x[ [1 [.'-.':I]::.".'-.'. B = [ r_.-_-]]’u'_-.-‘ eV =[]/ (i p V= [ [ r_.-.-]]’u'.-_-.

Céu 2. Khao sat thu nhap theo thang (don vi: triu dong) ctia 22 ngudi chay xe cong nghé ngudi ta thu
duoc bang so li€u sau:

Thu
anap | B9[S [ 17919510
S6 nguoi 4 10 5 3
Khoang bién thién ciia mau sé lidu trén bang
A. 7. B. 4. C.o6. D. 8.
o [rd=3 [ 3
Cau 3. Biét /1 .Gidtricua -1 bang
A. 6. B. 9. C.3. D.5.
Cau 4. Trong khong gian Oxyz , duong thang di qua diém M(L0:3) vy nhan = (0L =2) mot vecto

chi phuong c¢6 phuong trinh tham s 1a

x=1 x=1+t¢ x=1 [.1:5
} =t } y=ti 1 y=t v=1I
-=3 2 -=3-2 -=3=-2 “‘—_f} a)
A LFTATE B. = c. =7 p. FT =
A - 2 AOxy A Ly ) . 2 s \ 1-=:,\":+l y=—1
Cau 5. Trong mat phang toa do , di¢n tich cta hinh phang gidi han bdi cac duong - ,
X =2 3 truc hoanh bing
13
A. 16. B. 0. C.6. D. 13.
Oxyz (F):2x—v+ 3=

Cau 6. Trong khong gian , cho mit phang V. Puong thang A vudng goc véi mat

phing () 6 mot vecto chi phuong la

Al .!.;=[3:—]:_’a}. B. :slzilzlzﬂ}. C. er_l':(.l'.—l:(?l]. D. Ez:={2'.|'.3}.
Céu 7. Trong khong gian OX—}"Z , mit phing di qua diém ™ (-2 73) va nhan = (E-23) 1am mot vecto
phép tuyén c6 phuong trinh tong quat la

A YT m3240=0 B ow=2043z412=0 o w=2pi32-12=0 5 ox-2y-32-0=0

3 . 9
Céu 8. Cho cac bien co 4, B thoa man 10 20 Gia tri cua (B) bang
2 27 3 3

A 3. B. 200 C. 4. D. 20,

Cau 9. Nhiét do trong 55 ngay cia mot dia phuong dugc cho trong bang ghép nhom sau:
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Nhiét do
CO) [19; 22) | [22; 25) | [25;28) | [28; 31) | [31; 34) | [34; 37)
S6 ngay 5 7 8 16 12 7
Phuong sai ctia mau s liéu trén thuoc khoang nao dudi day?
A (20:21) g, (17:19) c. (23.25) p. (19:20)
Cau 10. Cho ham s6 () ¢6 dao ham lién tuc trén doan [a:0] va fla)= -2 , J(b)= _4. Gia tri cua
Cfody
J‘ F(x)ax bang
A 2. B. 6. C. 6. D.2.
Cau 11. Trong khong gian Oxyz , mit phang (Oxy) c6 phuong trinh 1a
A 2=0 B. =0, c. *—r=0, p. V=0,
CAu 12. Mot mau s6 lidu ¢o phuong sai la 6,25. Do 1éch chuin ctia mau sd lidu d6 béng
A.12,5. B. 42,25. C. 3,125. D. 2,5.

PHAN II. Cau tric nghiém ding sai. Trong mdi y a), b), c), d) & mdi cAu, hoc sinh chon diing hoic
sai.

Cau 1. Mot cai cong hinh parabol duoc gin vao hé truc toa do
OXY nhu hinh v& bén véi don vi trén mdi truc 1a mét. Chidu cao C
GO=4 1, chiéurong 4B=4 m, AC=5D=0.9 m. Nguoi ta 1|G
1am hai canh cong khi déng lai thanh hinh chit nhat CDEF
(phén t6 dam) véi gid 1 500 000 dong/m?, phan con lai lam
khung hoa sat véi gia 1 000 000 dong/m>. F E

a) Toa do diém G 1a (%0

b) Phuong trinh dudng parabol mé ta hinh dang cta cong 1a

V= —x"+ 4 .

¢) Dién tich cua hinh chir nhat CDEF nho hon 6 m2. _9 2

d) Chi phi dé 1am ca hai phan ctia cong vuot qué 13 triéu :_;1 C O D :9 r
dong.

Cau 2. Mot ctra hang c6 hai loai bong dén Led, trong d6 c6 65% bong deén Led la méu,tréng va 35% bong
dén Led 1a mau xanh, cac bong den c6 kich thuée nhu nhau. Cac bong den Led mau trang ¢ ti 1€ hong 1a
2% va cac bong dén Led mau xanh c6 ti 1€ hong 1a 3%. Mot khach hang chon mua ngau nhién 1 bong den
Led tir ctra hang. Xét cac bién co:
4 : “Khach hang chon dugc bong dén Led mau tring”;
B : “Khach hang chon dugc bong dén Led khong hong”.

a) Pi4y=0. {15. b) Pla|A)=0,02 . ) PlB|A)=0,03 . d) PlLEY=0,9705 .

Oxyz

Cau 3. Trong khong gian , cho ba diém ‘4(]"0:_2}, B(_1:2:4), CQ:O:U.G()i (P) 13 mit phang di

qua 4 va vudng goc véi BC
i S
2) BC=(3-2; 3

-

z+1

.1I
S T

b) Buong thing BC ¢6 phuong trinh chinh tic 1a
¢) Phuong trinh clia mat phang (P) y 3v=2r-3z-9=0

d) Hoanh d¢ giao diém ciia duong thing BC voi mat phing (P) ¢ gia tri am.
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(P):2x+y—3z+1=0

Oxyz , cho mit phang '
P)

va hai didm (1:2:-D) B(2:1.0)

Cau 4. Trong khong gian
Goi (@) 13 mat phang chira 4, B va vudng goc voi (

, , P
a) Mat phang (P) ¢6 mot vecto phap tuyén 1a " == L=3)

b) Mit phing (D) ¢4 mot vecto phéap tuyén 1a !
¢) Phuong trinh mét phing (@) c6 dang 7 "= 9= Khige @+ bre=-10,

d) Khoang cach tir diém O dén mat phing (@) bang 38

PHAN III. Cu tric nghiém tra 1o ngin.

) 1y —p——3= \ Jix—z=2=
Oxyz (P 2x—p—-z-3=0 Va[{_i,l... -=2=0

Cau 1. Trong khong gian , cho hai mit phang ' . Goc gitra
hai mit phang (P) y3 (D) bang bao nhiéu d6?

Cau 2. Tryc thing ctru ho Alpha cét canh ltic 10 gio 00 tir diém xuat phat 4 . N6 bay thang voi van toc
300 km/h t6i dinh ntii D, noi xay ra tai nan. Cung lac d6, truc thing Beta cit canh tir dinh nti 7 voi van
tbc 350 km/h dé dua du khach v& vi tri B . Chon hé truc toa & @Y7 nhu hinh v& véi don vi trén cdc truc

A(10:6:0) D(4;,-3:3) T(?:—S:J] B(4:16;

1a kilomet sao cho 0). Cho biét hai truc thang c6 duong bay

giao nhau tai S . Khi Alpha to1 S thi Beta d4 di qua S trude d6 mot khoang thoi gian bang bao nhiéu
gidy (lam tron két qua dén hang phan muoi)?

Cau 3. Khao sat thoi gian st dung dién thoai trong mot ngay ctia 42 em hoc sinh trong mot 16p hoc nguoi
ta thu duoc méu sb liéu ghép nhom sau:

Thoi gian (phat) | [0; 20) | [20; 40) | [40; 60) | [60; 80) | [80; 100)
S6 hoc sinh 8 10 15 6 3
Khoang tir phan vi cia mau s liéu trén bang bao nhiéu?

Céu 4. Khi khao sat thi trudng nguoi ta thay c6 22,5% khach hang sir dung san pham X , 50% dung san
pham Y. Trong s nguoi ding san pham ¥ ¢6 36,5% dung san pham X . Xac sudt mot nguoi ding san
pham Y, biét rang nguoi d6 khong dung san pham X bang bao nhiéu (Iam tron két qua dén hang phan
muoi)?

Cau ; Mot nguoi thiét ké mo hinh mot cai dén nga c6 hinh dang nhu hinh v& 3D ¢ hinh 1. Hinh 2 12 mat
cit dugc cit boi mit phing di qua truc cia dén, hinh 3 13 ban v& toan hoc. Tam giac 48 c trong hinh 3 la

tam giac déu canh bang 43 dm c6 trong tam 1a G va M | N P 1an luot 14 trung diém cac canh BC
AC | AB . Phan t6 dam trong hinh 3 duoc tao boi phan giao nhau ciia cac cip dudng tron ngoai tiép
~AGB y3 L AGC  [IPGN 3 LIPGM . [L.PGN 3 [INGM (xem hinh v&). Biét rang chiéc dén ngﬁ dugc
tao thanh khi xoay phan to dam trong hlnh 3 quanh truc 1a duong thang AM | Chi phi trung binh dé san

xuét chiéc dén ngu la 80 000 dong trén moi dm?. Chi phi dé san xuat dén ngu trén bang bao nhiéu nghin
dong (1am tron két qua dén hang don vi)?
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Hinh 1: Vat thé 3D Hinh 2: M#t cit qua true Hinh 3: Ban v& todn hoe
|-L } X o a
H] X P R T . _
» e =2eosy Jdv=e" —¢ ) . o o )
Cau 6. Bict - rl ' , trong do a,b,c ell : b 1a phan s t6i gian. Gid tri ciia @+ D+ ¢
bang bao nhiéu?

PHAN I (3,0 diém)

M&i cau hoi chi c6 mot phuong an tra 16i dung. Mdi cau tra 161 dung hoc sinh duogc 0,25 diém.

1 2 3 4 5 6 7 8 9 10 11 12
A D B C C C B A D A A D
PHAN II (4,0 diém) ] ]
Piém ctia mdi cau hoi 1 1,0 diém. Hoc sinh tra 16i ding mdi y dugc 0,25 diém.
1 SPSb
2 PSS
3 DSBS
‘ 4 DSBS
PHAN III (3,0 diém) 9
MOi cau tra 1oi dang hoc sinh dugc 0,5 diém.
1 2 3 4 5 6
30 6,2 33 0,4 473 6
LOI GIAI THAM KHAO
PHAN I (3,0 diém)
Cau 1.
y=/(x) x=a x=b
Khi quay hinh phfmg gi61 han boi , truc hoanh, , quanh tryc hoanh, thé tich khéi

= —[ [}" i .".'}]:[f'.'-.'

&t

tron xoay la
Chon A.

Cau 2.
[3;5) [9:11)

Mau s0 liéu ghép nhém c6 khoang dau la va khodng cudi la
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fA=11-3=%
Khoang bién thién 1a
Chon D.
Cau 3.
L‘__.".f.‘.']ln'r.‘.' =3
Ta co

((£(x)e3)de=[ Flnde s [ 3dr=343(3-1)=9
Khi d6
Chon B.
Cau 4.
M(1;0;3) i=(0;1,-2)
Puong thing di qua va cd vecto chi phuong nén c¢6 phuong trinh tham sé:
x=1

Vi nén dién tich hinh phang la
3 (5 | 14

- 2 1o | \ _]' |
s=[ [« A)ds=| x| =] T ]=0

Chon C.

Cau 6.
(P):2x—1+3=0 i=(2:—1:0)
Mit phéng ¢6 vecto phap tuyén .
A (P) (P)
Puong thang  vudng goc véi mat phang nén nhan vecto phap tuyén cta lam vecto chi
phuong.
W=(2:—1:0)

Vay mot vecto chi phuong la

Chon C.
Cau7.
M(1;2;-3) n=(1-2:3)

Mit phéng di qua va ¢ vecto phap tuyén c6 phuong trinh:
lx—1}=2{y-2)+3{z+3)=0

v=1=2p4443249=0  x=2y+3z412=0
Suy ra , hay
Chon B.
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Cau 8
HAR
P(A| B) = PlAB)
' FlH)
Taco
3
PIABY p 3 20 2
p(B)=—22! 10 _° =~ _=
PlAlBY 9 10 9 3
20
Suy ra
Chon A.
Cau 9.

20,5:23.5:20,5: 29,5 32,5:35,5

Léy gia tri dai dién cac 16p:
Trung binh mau Ia
5-20,5+7-23,5+8-20,5+16-29,5+12-32,5+ 7-35,5
X - e T 289
55

Phuong sai:

L S(2005-28,9) + 7(23,5-28.9)°7 + 8(20.5-28,9) +106(29.5-28,9)" + [2(32,5-28.9)" + 7(35,5-289) _
o 55

(19;20)

Vay phuong sai thudc khoang
Chon D.
Cau 10.
Theo cong thirc Newton-Leibniz:

[/ (xde= f(h)- flay=—4-(-2)=-2
Chon A.
Cau 11.

(Oxy) z=0
Mat phfmg gém cac diém c6 toa do
(Oxy)  z=0
Vay phuong trinh mat phang la
Chon A.
Caul2.
D¢ 1éch chuan bang can bac hai cua phuong sai.
6,25 s=46,25=25
Do phuong sai la nén d6 léch chuén la
Chon D.
PHAN II (4,0 di¢m)
uigeli.xyz
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Caul

AB =4 A(-2:0) B(2:;0)
Cong parabol c6 chiéu rong m nén co thé lay , . Chiéu cao

G(0;4)
parabol 1a
G (40
a) Toa do diém  1a .
G(0;4) (4,0)
Thyc té , khong phai
Két luan: Sai.
G(0;4) A(=2:0) B(2;0)
b) Parabol c6 dinh va di qua ,
v=ax" +4
Goi phuong trinh la .
x=2 y=0 0=4a+4 a=-1

Thay , duoc , suy ra

V= —x" 14

Viay phuong trinh parabol la
Két luan: Ding.
AC=BD=09 C(-L1:0) D(1,10)

¢) Vi m nén ,
CDEF CD=272
Chiéu rong hinh chit nhat la m.

Chiéu cao 1a tung d6 ctia diém trén parabol tai
p=—(L1y +4=279

Dién tich hinh chir nhat la m?.
6.138 >6

Vi nén dién tich hinh chir nhat khong nho hon 6 m?.
Két luan: Sai.

d) Dién tich toan bo phan cong la

2 . 317
[ (4= )dv ==
Aoz ! _1
m2.
6,138
Dién tich phan hinh chir nhat 1a m2.
1%
i 038 =4.529
3
Dién tich phﬁn con lai la m?.
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01351, 500,000 =9,207, 000

Chi phi lam phan hinh chit nhat 1a
4,529,000, 000 = 4,529 0010

Chi phi 1am phan con lai 13 dong.

13,736,000

Térng chi phi khoang dong, vuot qua 13 triéu dong.
Keét luan: Pung.

Cau 2

C6 65% bong dén Led mau trang, 35% bong den Led mau xanh.
Boéng trang hong 2% nén bong tring khong hong 98%.
Bong xanh hong 3% nén bong xanh khong hong 97%.

FP(4)=0.65

a)
bung theo gia thlet
Két luén: Dung.

PlB| 4)=0,02

b) .
B A

Vi 13 bién cd “bong dén Led khong hong”, con 13 “bong dén Led mau tring”.

98% = 0,98

Do bong trang co ti 1& hong 2% nén ti 1é khong hong 1a

PIB| A =095 0,02
Viay , khong phai
Két luan: Sai.
P(B|A)=0.,03
¢)
A
12 bién ¢b chon duoc bong den Led mau xanh.
97% =0.97
Bong xanh c6 ti 1€ hong 3%, nén ti 1¢ khong hong 1a
P{B| A1=0.97 0,03
Vay , khong phai

Két luan: Sai.
d) Theo cong thirc xac suit toan phan:

P{B)= P(A)P(B| A)+ P(AVP(B| A)

FIB)=0,05-0,95+ 035097 =0,037 +0,3395=0,9705

Suy ra
Két luan: Ding.

Cau3

uigeli.xyz

Trang 8



uigeli.xyz
A(1:0:-2) B(-1.2:4) C(2:0:1)

Cho , )
a) Tacod
BC=(2—-(-1p0=-21-4)=(3:-2:-3)

Két luan: Diing.

BC C(2:0:1) BC=(3:-2:-3)

b) Puodng thing di qua va c6 vecto chi phuong
-2 p z-1

3 -2 -3

Phuong trinh chinh tic dung phai 1a

v—=2 oy o+l
32 3 z
Bé’ cho , sai & ti thac toa do
Ket luan: Sai.
(P) A(1:0:-2) BC BC=(3-2:-3)
c) Mat phang di qua va vudng goc voi nén nhan lam vecto phap
tuyén.
(P)

Phuong trinh mét phing la
He=D=2(y-0)-3z+2)=0

Jx—3-2y-3z-0=10 Jr=2y-3z-9=10

Suy ra , hay
Ket luan: Ding.

2
BC {: =4-3
d) Puong thing ¢6 dang tham sé:

() 3.1’—11'—3:— Q=1

Thay vao mit phing
H=1+36)-2(2-2¢)-3(4-31)-9=0
14
221-28=0 1l
Suy ra , nén
2
=103 2220
111
Khi d6
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Hoanh d giao di€ém duong, khoéng am.
Keét luan: Sai.

Cau 4

(P):2v+p—3201=0 A(1:2:—1) B(2:1:0)
ChO 9 b

(P):2x+y—32+1=0 n, =(2:1:=3)

a) Mit phang c6 mot vecto phap tuyén 1a
Két luan: Ding.

AB=(2—1L1-20—{=1)) =(L:~1:1}

b) Ta co .
(9 A4 B ©) AB
Néu chita ,  thi vecto phap tuyén ciia phai vudng goc voi
n, =(2:1:-3)
Kiém tra

n, AB=2-141-(=114(-3)-1=-2=10

) (2:1:-3)

Viy  khong thé 1a
Keét luan: Sai.

(9) AB (P) (®) AB

c) Vi chua va vuong goc voi nén vecto phap tuyén cua vudng goc voi ca

Ta lay

i, =A8= |'i'.l. =[x 5}]

(0) A(l;2:-1)

Phuong trinh di qua la
Ax=0)+5(r=-2)+3(z+1)=0

Suy ra .
ar+h+ez+9=10 _1

Viét theo dang thi nhan cé hai vé voi
—2x=5y-3z+9=0

a=-2 bh=-5 ¢=-3 d4+h+e=—10

Do d6 s , , hén
Ket luan: Ding.
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(0) 2x+51p+32-9=0
d) Tir cau ¢, mit phing c6 phuong trinh
0(0;0;0) Q)
Khoang céch tir dén 1a
, O 2045043-0-9) 9 938
dio (0= - = =
- Jj" ; _;' , 3 EH 3:";
15438
38
Pé cho nén sai.
Keét luan: Sai.
PHAN III (3,0 diém)
Caul
(P):2x—y—z-3=0 (Q)ix—z-2=0

Hai mit phang va c6 cac vecto phap tuyén lan luot 1a

n, =(2-1-1) o, =(L0:=1)

va
Ta co
|n',._ ai____| 214 (=1)- 04 (=1)- (= 1) 3 3
COS = — — = = =
B T Y SR TR TN RN RN TR GRS
¢ =30
Suy ra

Dap an: 30.
Cau 2

A(10:6;0)  D(4;-3;3) AD=(—0;-9:3)

Ta co , nén

Puong bay ctuia Alpha:

J.‘l'= 10— 6¢
r=06—9¢

[z =3t 0<r<l

, VOi

T(7:-8:3) B(4:16;0)  TB=(-324-3)

Ta co , nén
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‘ v="7-—138
V=—8+245
‘ T=3-23% 0<s<]
Puong bay cua Beta: , Vo1
(10— 6t=7-3s
-9t =—8 424y
S |3t=3-35
Vi hai duong bay giao nhau tai  , ta cd h¢:
3f=3-3s t+s=1
Tu suy ra
2 1
I=— §s=—
3 3
Giai ra duoc ,
AD=J—oy (9 13 =313
bo dai km.
3
AS=ZAD= 2J14
Do d6 km.
L4
s ' 300
Thoi gian Alpha bay dén  1a gio.
TB = J(-3) + 24 1 (-3)° =300
bo dai km.
I
15 = —T8 = oo
Do do km.
66
s 7 350
Thoi gian Beta bay dén  1a gio.
S

Khoang thoi gian Beta di qua  trude Alpha la
|"' 9% A
(250 0035
| 300 350

giay.
6,2

Lam tron dén hang phan muoi: giay.

Pap an: 6,2.
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Cau3

Béng s0 liu:

Théi gian (phit) | [0; 20) | [20; 40) | [40; 60) | [60; 80) | [80; 100)

S6 hoc sinh 8 10 15 6 3

n=42
Téng s6 hoc sinh 14

n
—=10,5
4 o [20;40) 8
Taco .Vitri  thuoc nhom vi tan s tich iy dén nhom true 13, dén nhom nay la
18
,=1[1-][]"ﬁ_H 20=25
) 10
Suy ra
In
=315 ,
4 7 0, [40:60) 18
Ta cod . Vitri thudc nhom vi tan s6 tich Ity dén nhom truée 1, dén nhom nay la
33
31,518 -
O, =404 # 20=58
>
Suy ra

Khoang tir phan vi la
Dap an: 33.
Cau 4

X X Y Y
Goi  labién cd “khach hang dung san pham  ”, 14 bién c¢b “khach hang dung san pham

2

Theo dé:
PN =225%=0225 PV)=50%=0,5 PX|V1=306,53%=02305

Ta c6
PIAVI=PY)- PV =0.50365=01525

X4c suat can tim 1a
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Trong dé
PIYX)=P(Y)-P(AY)=0,5-0,1825=0,3175

PN =1-PX)=1-0,225=0.775

va
— 03175
piv) Ty= 220 0 4007
0,773
Do d6
0,4
Lam tron dén hang phan muoi:
41,0%

Néu viét theo phan tram thi khoang
Pap an: 0,4 hoic 41,0%.
Caus

M(0;0) A(0:6) B(=2+/3:0) C(24/3:0)
bat hé truc trong mat ph:fmg hinh 3 sao cho , , , . Khi do
G(0;2) P(—/3:3) N(¥/3;3)

> 5

AM
Phan t6 dam gém mot cadnh chinh & gitra va hai canh bén ddi xtng. Khi quay quanh truc , hai canh
bén tao cung mot phan thé tich nén chi can tinh mét phia theo phuong phép vanh khan.

1. Thé tich phan canh chinh
CAGB [ AGC 4 (-243:4)  (23:4)
Hai duong tron ngoai tiép va c6 bankinh , tdm 1an luot 1A va .
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Voi , ban kinh phan canh chinh khi quay quanh tryc la
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2. Thé tich phin canh bén
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Véi , mOt canh bén dugc gidi han boi hai duong tron ban kinh  ¢6 tdm va
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Bén kinh ngoai la
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Ban kinh trong 1a
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Thé tich phan canh bén sau khi quay quanh truc la
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Vay thé tich chiéc dén 1a
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Suy ra dm?.
5,907 850000 = 472507
Chi phi san xuat la dong.
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Tinh theo nghin dong; nghin dong.

= 472,507
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Lam tron dén hang don vi: nghin dong.
Pap an: 473.
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