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CAC DANG TOAN BAI GIA TRI LUQNG GIAC CUA CAC GOC LUQNG GIAC
Dang 1: Déi don vi giira d¢ va radian. P dai cung tron

m St dung cong thirc chuyén doi gitta s6 do do va sé do radian:
| ]Hﬂ

I l rad Irad=
180

m  Xét dudng tron c6 ban kinh R

”mf”_"'}thlcododallaI*Ra’

T

m  Cung tron c6 so do

thicododaila 180

. i e 3
m  Cung tron c6 so6 do a®(0=a=3007)

A.BAI TAP TU LUAN

Bai tap 1: D061 s6 do ctia cac goc sau ra radian:

a) 72° b) 600° c) —37745'30"
Loi giai
. T e o T 2T . T 10x
" = —rad 729=T72 —="——: 000" =000 — = —
[80 Is0 5 150 3
a) Vi nén
3 1531
330 —37e- [ 2] [ 20| () 3 T 57
o0 ) Loanoo ) U120 1200 180
Bai tap 2: D6i s6 do cua cac goc sau ra do:
St kY2
a) 18 b) 5 c) —4
Loi giai
C180 S5z {5z 180y _ o 3x {3x 1807
]1':1dz| | — = —.—| =530": T=| T—| s
\ T I8 L1s = 5 5 T
Vi nén
150 % ;
- _—|4 - | =—| —| = —2260°48

Bai tap 3: Tra 101 cac cau hoi dugce néu ra trong cac trudng hop sau:
T

a) Trén duong tron ban kinh =3 . Tim d¢ dai cta cung do 8

r=15 50°

b) Trén duong tron ban kinh . Tim d6 dai cua cung co sé do

¢) Mot cung tron c6 d dai bang 2 1an ban kinh. Tim s do radian ctia cung tron d6

d) Mot duong tron co 7=30 Tim d6 dai cia mot cung trén duong tron co sd do  rad

Ro10 z

e) Mot duong tron c6 ban kinh 7 cm. Tim d6 dai cta cung 2 trén dudng tron.
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f) M6t dudng tron ¢6 ban kinh X =19 em. Tim do dai cung 4 trén duong tron dé
Loi giai
I=rn=52%
I3 N n é\
a) Do dai cung c0 s0 do cung bang do:
,_@yn® _ xl3.50 257
C180° 180 6
b)
¢) Ta co, cung tron c6 do dai bang ban kinh thi c¢6 s6 do 1 radian. Vay cung tron d6 c¢6 sé do 1a 2
radian.
) l=aR
d) Ap dung cong thirc nén ta dugc do dai cung tron la 45 cm.
_r 10 _
, a !=aR 27
e) b dai cungcoso do  1a = (cm).
0r 27 2T 207
—1[]"_34 = = 10= =0U513
7 150 9 9 9
f) Boi don vi = d0 dai cung (cm).

Bai tap 4: Mot banh xe may c6 duong kinh 60. Néu xe chay v6i van toe 30 (km/h) thi trong 5 gidy banh xe
quay dugc bao nhiéu vong.
Loi giai
01000
3600

: [:[].(‘I_,ﬂ}.i 309
Trong mot phut banh xe quay duogc:

Bai tip 5: Mot du quay & cong vién c6 ban kinh bang 10m. Toc do cua du quay 1a 3 vong/phut. Hoi mat
bao lau dé du quay quay dugc goc 270%9

Loi giai
1?[]":Efzifzilr El
150 2 270° 4
Tinh duoc: . Vay du quay quay duoc goc khi n6 quay duoc
1 3 31 1
3 4 43 4
vong. Pu quay quay dugc 1 vong trong  phut. Pu quay quay dugc  vong trong

phut.

Bai tip 6: Mot dong ho treo tuong co kim gior dai 10.25cm , kim phut dai 13.25cm Trong 30 phut kim
gi0 vach nén cung tron c6 do dai bao nhiéu?
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Trong 6 gid kim gid vach nén mét cung 6 sé do 1a , vy trong 30phﬁt kim gid vach nén

f_[—(rad)

cung cosddola ~ . Khi d6 d6 dai cung tron ma kim gio vach ra trong 3Ophl’l‘[ la:

— [ =10,25.22 =2, 68%(cm)
=R« 12 '

B. BAI TAP TRAC NGHIEM

PHAN I. Cau tric nghié¢m nhiéu phwong 4n lya chon. M3i ciu héi thi sinh chi chon m§t phwong 4n.

Caul: Trén duong tron ban kinh 7 ¢ | 14y cung c6 s do 54°. Do dai [ cua cung tron bang

ﬂfr (em) lz (cm) ﬁz (cm) E;‘F (em)
A. 10 ) B. 20 ) C. 20 11
Loi gidi
o347 21
o hsee ) 107 (em)
Ta co
Cau2: Trén duong tron dudng kinh 8cm, tinh do dai cung tron c6 sb do bang L.5rad
A. 12cm. B. 4cm. C. 6cm. D. 15cm.
Loi giai
=R = ].5_;: Ofcm )
Tinh duoc: B
Cau 3: MGt duong tron c6 ban kinh IS(C"”) . Tim d6 dai cung tron c6 goc & tim bing 30° 1a:
S5 57 2T T
A 2. B. 3. c. 5. D. 3.
Loi giai
_ma.R 7305 S+
SIS0 1800 2

Caud: Mot duong tron c6 ban kinh 10, 6 dai cung tron 40° trén dudng tron gan bang
A.7. B.9. C.11. D. 13.

uigeli.xyz Trang 3



Cau 6:

Cau 7:

Cau 8:

Cau 9:

uigeli.xyz
Loi giai
,_omaR 74000 207

150 150 9
10
R=— z
Mot duong tron cé ban kinh 7T, dg dai cung tron 2 1a
5 T
A.5. B. 7. C. . D. 5.
Loi giai

n - .

[=w R = =53

Chon khang dinh sai trong céc khang dinh sau:

A. Cung tron c6 ban kinh & =3 ¢m va ¢6 s§ do 13 129 thi co do dai1a />3 em.
( 180 J
R=8 8 , '
B. Cung tron c6 ban kinh cmvaco dodai cm thi céd so do do la

C. B¢ dai cung tron phu thudc vao ban kinh cua no.
, ‘s Ou, Ov ;A \ -y ./ Ou,Ov ;A A
D. Goéc lugng giac (O, 0v) ¢6 s6 do duong thi moi goc lugng giac (Ou.0v) c6 s6 do am.
Loi giai
(O, Ov)=330% (Ov.0n ) = 307

Cau goc luong giac

Cho dudng tron c¢6 ban kinh 6 ¢#- Tim sé do ciia cung c6 do dai 1a3¢7 ;

0,5
A.0,5. B. 7 . c. 057 D. 1.
Loi giai

! 3
= R = u=—===0.5

R 0
Cung tron ban kinh bang 8,43 ¢m ¢6 s6 do 83 rad c6 do dai la
A. 32,46 cm. B. 32,45 cm. C. 32,47 cm. D. 32’5cm.

Loi giai
= R =3055543 32 40

Mot ddng hd treo tuong, kim gior dai 10,57cm .Trong 30 phut miii kim gi¢ vach lén cung tron co
do dai la
A, 2,7 7cm . B. 2,78cm _ C. 2, 76¢cm _ D. 2,8cm .
Loi giai
2205 -
2705 _ % s i=ar=21057 2,77
12 12 2

Trong 30 phat mii kim gio quét dugc mot goc la
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Cau 10:

Cau 11:

Cau 12:

Cau 13:
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Béanh xe dap c6 ban kinh 2Y°™ Mot ngudi quay banh xe 5 vong quanh truc thi quing duong di

duoc la
250x (¢ 7(em' 5001 (¢ 2000(c¢
A 2507 (cm) g, 10007 (em) ¢, 3007 (em) p. 2007(cm)
Loi giai
r=50cm [ =5027.5=500x(cm)
Ta co suy ra

Mot du quay & cong vién c6 ban kinh bang 10m. Téc d6 cua du quay 1a 3 vong/phat. Hoi mat

bao lau dé du quay quay duoc goc 270%9

1 1 1
A. 3 phut. B. 6 phut. C. 4 phut. D. 12 phut.
Loi giai
s 200,33,
150 2 4
Tinh duoc:
3
270° 4
Viay du quay quay dugc goéc khi né quay dugc  vong
1
3
Ta c6: Pu quay quay duoc 1 vong trong  phut
3 31 1
4 43 4
bu quay quay dugc  vong trong phut.

Mot dudng tron 6 ban kinh 15 €M Tim d6 dai cung tron c6 goc & tam bang 30° 1a
Sz T 2 Sz
A2 B. 3. c.s. D. 3.
Loi giai

\ r 7 9, LA M o A A 5 \ M o Q . r A N
Cung tron ¢6 goc & tim bang 30° nén sb do cua cung tron bang #° =307 Khi d6 d6 dai cua

: TRn"  x15.30°

57
¥

cling tron la: 1507 I 507

Mot dong ho treo tudng cd kim gior dai 10.57em. Trong 30 phit miii kim gi¢ vach 1én cung tron
c6 d6 dai bang bao nhiéu?

1057 . 1057
7(cm) Fa
A, 1200 ) B. 2400 ) c. 600

10537 1057
7(cm)

D. 4800 'ﬂ””)_
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2 _ T
' , 12 6 o
Trong 1 gio miii kim gid vach lén 1 cung c6 so do 1a nén trong 30 phut kim gio vach Ién
1
—7
, 12
1 cung c6 s0 do 1a
T 1057
= Rer=10,57=x—= 103 T
Vay do dai cung tron ma mii kim gio vach 1a 12 1200
Cau 14: Bénh xe dap c6 duong kinh 2°°™ ( k& ca 16p). Néu chay véi van tbe 2OKM/D i (rong 258
banh xe quay duoc s6 vong gan bang véi két qua nao dudi day?
A 52 B. 161, C. 322 D. 200
Loi giai
35 0,55 40000
F=-—cms= m  40km'h= m/s
2 2 3600
Ta co ;
[ 25

Goi la quang duong di dugc trong gidy.

X , 25
Goi  1a s0 vong banh xe quay dugc trong gidy.

l=2mrx
Khi do
2540000 2500 !
j = 2340000 _ 25 v=——=1060,7 ~ 1o
Ma 3600 Y suyra 2oy vong.

Cau 15: Kim gio cia dong hd dai 8 €M | kim phut dai 10 ¢m | Téng quéing dudong mii kim phuat, kim gio
di duoc trong 30 phuat bang

25 37 20 32
—7T —T —T —71
A 3. B. 3 . c. 3 . D. 3

Loi giai

30 7 rad
Trong  phut, kim phut quay dugc mdt goc 1a

5,=x10=107 (cm)
Quang duong kim phut di dugc 1a

w

30 12 rad
Trong  phut kim gio quay dugc mét goc la

- 7

AL F

_';\‘_‘ = B = 3 (cm)

Quang duong kim gio di dugc la

S=85+8=10T+ == T_ (cm)

2 32
3
Vay tong quang duong can tim la
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PHAN II. Ciu tric nghiém dung sai. Trong mdi ¥ a), b), ¢), d) & mdi cau, thi sinh chon diing hoic sai.

Cau 1: D01 s6 do cua cac goc sang do. Xét tinh diing sai cua cac ménh dé sau:

Z rad = 20°
a) 9
5 -
— rad=225°
b) 4
ir
—rad =120°
c) -
Zrad=155
d) =
Loi giai
. 180
"=
T

T 180°
n= —.]—: 20
9 =
a) Dling
p= 20 yos
_‘l_ o
b) Dling
Iz 1s0”
n=———=110
s
¢) Sai:
3z 180 -
n=—.——=103
s
d) Sai:
Cau2: Daisb do ciia cac goc sang radian. Xét tinh ding sai ctia cac ménh dé sau:
2T
120°= = rad
a) 9
e T
250% = ""rad
b) 15
135 = 2 rad
c)
S
3000 = - rad
d) ’
Loi giai
Nt - -
120" _120 =
150 3

a) Sai: Ta co:
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Cau 3:
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% - IS -
2500 - 2307 _ 25
150 15
b) bung: Ta co
.. 1337 3x
135°= =—
150 4
c¢) bung: Ta co:
00 - 5o
3007 = 00T _ 27
150 3

d) bung: Ta co:

Xét tinh ding sai cia cac m¢nh de sau:

.9 ) 3 .
Puong tron c6 ban kinh bang cm thi s6 do (theo radian) ctia cung c6 d6 dai  cm bang

a)
7 rad
3
) 2.5 rad
b) Duong tron c6 ban kinh 30cm thi do dai cua cung tron trén duong tron do cd so6 do
7,5
bang cm.
5
.10 , 3 24
¢) Ban kinh ctia duong tron bang  cm thi cung c6 s6 do  rad dai cm.
1
—rad
. 3 .2
d) Buong tron ¢6 ban kinh  cm thi s6 do (rad) cua cung c6 dd dai  cm bang
Loi giai
[ 3z =«
= Rir = tr=—="—="—_
g9 3
a) Dlng:
R=30¢=2"5rad= [ =Rer=302,5=73
b) Sai: b0 dai / cia cung tron 1a cm.
T
R=—= ‘4 =144
| : |
o l=aR \3)
¢) Sai: Ap dung cong thirc ta cod cm.
R=06 /=3
d) Bung: Puong tron c6 ban kinh cm va cung c6 do dai cm.
!
a=—=—
, R 2
S6 do cua cung la (rad).

Mot van dong vién di xe dap trén duong, banh xe dap cta van dong vién nay quay duoc 11 vong
trong 5 gidy. Biét ring dudng kinh cua banh xe dap la 680 mm_
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a) Goc (theo do radian) ma banh xe quay duoc trong 1 gidy 1a 792°
(rad)

27

b) Goéce (theo radian) ma banh xe quay duoc trong 1 giay la
¢) Trong mot phit banh xe quay duoc 130 vong
d) Quang dudng ma ngudi di xe di di duge trong 1 phit khoang 282 m
Loi giai
11
5
a) Bung: Trong 1 gidy, banh xe dap quay dugc  vong.

360°
Vi mot vong tmg véi goc bang nén goc ma banh quay xe quay dugc trong 1 gidy la
I, -
—-300 =792
5
. 2z
b) Sai: Vi mdt vong ung véi goc bang nén goc ma banh quay xe quay dugc trong 1 gidy la
I 227,
—-2o="(rad)
5 5
c¢) Sai: Ta c6: 1 phut = 60 giay.
60- 1 =132
2
Trong 1 phut banh xe quay duoc vong.
C'=o807(mm)
d) Bung: Chu vi cua banh xe dap la:
S=132.0807 = 282
Quang duong ma nguoi di xe dap da di duge trong mot phut 1a m

Cau5: T mot vi tri ban dau trong khong gian, vé tinh X chuyén dong theo quy dao 1a mot duong tron
quanh Trai DAt va ludn cach tim Trai Dat mot khoang bang 9200 km. Sau 2 gio thi vé tinh X
hoan thanh hét mot vong di chuyén.

7 = 28902,65
a) Quang duong vé€ tinh  chuyén dong dugc sau 1 gio la km
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= 4335398

X .
b) Quang duong v¢ tinh  chuyén dong dugc sau 1,5 gio la km

X , 240000
c¢) Sau khoang 5,3 gio thi  di chuyén dugc quang duong km

d) Gia str vé tinh di chuyén theo chiéu duong cta duong tron, sau 4,5 gid thi vé tinh v& nén mot

s

2
goc rad?

Loi giai
. A X .
a) Bing: Mot vong di chuyén cia  chinh la chu vi dudng tron:

C=27R=279200= 15400~
(km)

Sau 1 gio, vé tinh di chuyén nira dudng tron véi quing dudng la:

C=92007 = 25902, 05

[

(km)
1,5.1 3
. . . 2 2 4
b) Bung: Sau 1,5 gio, v¢ tinh di chuyén dugc dudng tron (hay  duodng tron), quang
3 3
—C==-1584007 = 138007 = 43353,95
duong la: (km).
240000
=D
, , 240000 fm Q2007
c¢) Sai: SO gio dé v¢ tinh  thyc hién quang duong la: (g19).
45 9
, X , 4
d) PBung:Sau 4,5 gio thi s6 vong tron ma v¢ tinh  di chuyén duoc la: (vong).
Y DT
—2x=—rad
2

S6 do goc lugng giac thu dugc 1a:
PHAN III. Cau tric nghiém tra 101 ngin
. X O~z . . L AA ; , £ 5 A <
Cau 1l: DOoi so do cua goc 40°25 sang don vi radian v4i dJ chinh xac dén hang phan tram.
Loi giai
_am

o =
Ap dung cong thic 180 v6i @ tinh bang radian, ¢ tinh bang do.
25
4[]'15':; 40+ = |

Trude tién ta doi 00, .
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Cau 2:

Cau 3:

Cau 5:

Cau 6:
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, o= - L= 2T 0,705403906.
Ap dung cong thirc, ta duoc 150 432

Banh xe dap cua ngudi di xe dap quay dugc 2 vong trong O gidy. Hoi trong 2 gidy, banh xe
quay dugc 1 géc bao nhiéu (tinh theo dg)?
Loi giai
22 4

Trong 2 gidy banh xe dap quay dugc > O vong tirc 1a quay duoc cung c6 do dai 1a

27R==7R l=Rogeag=l-5%__
2 .Tacd R R

||I =

L £

Mot banh xe ¢6 72 ring. S6 do gbc ma banh xe di quay duoc khi di chuyén 10 rang la:

Loi giai
1027k 5%
: \ |=———=—R
Ta co: 72 rang c6 chicu dai la 27R ngn 10 rang c6 chiéu dai fa I
> TR 180 S -
In' T"-i 5 | \ [ .T.-i )
I.':f{'{,_rf_X{{:_::I"'—: _.-T “:]‘- -.‘f= I& =:\[]I

Theo cong thirc R I 18 ma T T

1,360
[0.360 _ 50

Ciach khac: 72 ring tuong ing voi 360" pan 10 ring twong Gmg voi 12
Trong 20 gidy banh xe cta xe gin may quay dugc 60 vong.Tinh do dai quing dudng xe gin may
da di duoc trong vong 3 phit,biét rang ban kinh banh xe gan may bang 6.5¢m
Loi giai
300

20
Trong 3 phut xe di dugc vong.

Al = _:'—H]

2ok =23 1410005 = 40,5408
D¢ dai 1 vong bang chu vi banh xe 1a

S40 = 40,5405 = 22054.032

Vay quang duong xe di dugc la cm

Mot dong ho treo tuong, kim gid dai 10.57¢m ys kim phut dai 13,34cm .Trong 30 phut miii kim
gi0 vach Ién cung tron c6 do dai la

Loi giai

Trong 6 gio thi kim gio vach 1én 1 cung c6 sé do T nén 30 phut kim gio vach 1én 1 cung c6 s do
3
L7r .’=f{fz=][].5?/“]4 S
12 12
la suy ra do dai cung tron ma n6 vach 1én la

> 77

Mot vé tinh duoc dinh vi tai vi tri 4 trong khong gian. Tu vi tri A | vé tinh bat dau chuyén dong
quanh Trai Dit theo quy dao 1a dudng tron véi tim 1a tim O cua Trai Dat. Gia sir vé tinh chuyén

dong hét mot vong cia quy dao trong 2 h theo chiéu kim ddng hd. Khi vé tinh chuyén dong dugc
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3% | ban kinh cua vong quay quét mot goc luong giac co s6 do bang bao nhiéu? (Tinh theo don
vi radian).
Loi giai

. . . . . 2h

Theo gia thi€t, v€ tinh chuyén dong theo chiéu kim dong hd nén sau  , ban kinh ctia vong quay
i . 2x(rad)
khi v€ tinh chuyén dong quét dugc mot goc lugng giac bang
q 3h
Vay khi v¢€ tinh chuyén dong dugc thi ban kinh ctia vong quay quét dugc mot goc lugng gidc
. 3z

bang (rad).
Mot chiéc quat tran nim canh quay véi téc o 175 vong trong mot phut. Chon chidu quay cia
quat 13 chiéu duong. Sau 5 gidy, canh quat quay duoc mot goc co sé do bao nhiéu radian?

Loi gidi
175 35
‘ 60 12 .
Sau 1 gidy, canh quat quay dugc (vong) theo chiéu duong.
is iSx
—-lr=
, 12 &
Suy ra sau 1 gidy, canh quat quay dugc mét géc c6 so do 1a
LYy 1757

o

5=

y] i

Viy sau 5 gidy, canh quat quay duoc mot goc co sb do 1a

Mot chiéc quat tran nim canh quay véi toc do 175 vong trong mot phat. Chon chiéu quay cia

quat 13 chiéu duong. Sau thoi gian bao lau canh quat quay duoc mot goc c6 sd do 427 9

Loi giai
175 35
_ 60 12 .
Sau 1 gidy, canh quat quay duogc (vong) theo chiéu duong.
35 KNFa
—_— 1 __T [ —
i 12 f
Suy ra sau 1 gidy, canh quat quay dugc mot goc c6 so do la
dr L. .
27— =72 giav.
427 ] C

Thoi gian dé canh quat quay dugc mot goc c6 sb do la

Trong chang dua nudc rut, banh xe cua mot van dong vién dua xe dap quay dugc 30 vong trong

8 gidy. Chon chiéu quay ctia banh xe 13 chiéu duong. Xét van ¥ cia banh xe.
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Cau 10:
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v .
Sau 1 phut, van  d6 quay dugc mdt goc c6 s6 do bao nhiéu radian?

Loi giai

30

v 3.75
Sau 1 giay, van  cua banh xe quay dugc (vong).

%4 3,75.60=225

Sau I phut, van  cua banh xe quay dugc (vong).

Suy ra sau 1 phit, van  cta banh xe quay duoc mot goc co sé do 1a

Trong chiang dua nudc rut, banh xe cua mdt van dong vién dua xe dap quay dugc 30 vong trong
8 gidy. Chon chiéu quay ctia banh xe 1a chiéu duwong. Xét van ¥ cua banh xe. Biét rang ban kinh
ctia banh xe 1a 35¢m D¢ dai quing dudng ma van dong vién dua xe dap da di dugc trong 1 phut
la bao nhiéu mét?

3
5 =375
V 8
Sau 1 gidy, van  cua banh xe quay duoc (vong).
v 375,60 =225
Sau 1 phat, van  cta banh xe quay duoc (vong).
V 22527 =450x

Suy ra sau 1 phiit, van  cta banh xe quay duoc mot goc co sé do 1a

r=0,35m
Mdi goc & tam véi s6 do 1 rad chan mot cung c6 d6 dai bang ban kinh banh xe
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Do d6 d6 dai quang dudng ma van dong vién dua xe dap da di dugc trong 1 phut 1a

4307.0,35 = 4945
m.

Dé biéu dién cung luong gidc ¢ sb do trén duong tron lugng giac ta thyc hién nhu sau:
. X A 1; 0 \ <2 A )
m Chon diém ( ) lam diém dau cua cung.
. . Y
m  Xac dinh diém cudi M cta cung sao cho AM =
Luuy:
m  S6 do clia cac cung lugng gidc co cuing diém dau va diém cubi sai khac nhau mot boi cua 27 1a:
SAAM = o+ kK271 k=
m  Ngoai ra, ta cling c6 thé viét so6 do bang do:
SAM = X7+ k360r k =
27
) AM = v+ K=k .n= )
m Néutacod n thi s& c6 /1 diém ngon.
Hé thire Chasles: Vi ba tia @O it ki thi ta co:
sd (Ow,Ov)+ sd [Ov,0w) = sd (Ou,Ow)+ E3000 (ke )

m Tirdo ta c6 thé suy ra: sd (Ow,Ov) = sd (Ouw, Ow)— sd (Ov.Ow) + 3000 (ke )

A.BAI TAP TU LUAN
257
 x : . 4
Bai tap 1: Biéu dién trén dudng tron luong giadc diém ngon cua cung lugng giac ¢6 so do 1a
Loi giai
Y
B
M
€T
A’ (0] A
B!
GiaM =PI _ T BT T e T o3
4 4 4
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NN

LM AM o ;
Vay diém cudi cua cung s€ trung voi diém ngon cua cung . Suy ra la diém chinh

AB

gitra ciia cung nhd

Bai tap 2:Biéu dién trén duong tron luong giac cac diém ngon cua cung lugng giac c6 sb do 1a -1485°

Loi giai
sNAB = -1485" = -45° 1 (-4).360"
Ta co '
. M AB q —45°
Vay diém cuoi cua cung s€ trung vdi di€ém ngon cua cung
Yy
B
£
A’ (0] A
M
BF

AB'

Suy ra la di€m chinh gitra cua cung nho

Bai tap 3: Bi€u dién trén duong tron lugng gidc cac di€ém ngon cua cung luong giac ¢6 so do la:

TikZike
6 2
Loi giai
siAM = Z k2
Ta co E’ 4 nén c6 4 diém ngon trén i
A
duong tron lugng giac.
k= 0= sHAM = =
Vi c6 diém ngon la M
k=1—giaN="2,7% z
Vi 6 2 6 diém ngon la N
K=2= shAP = —
Vi C(') diém ngon la P
T 3T
K=3=51A0=—+ —
6 2

Véi c6 diém ngon Ia
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k=4= siAR=2+2r

Vi c¢6 diém ngon 1a R Lac nay diém ngon R trung voi M
A A < A MiNiPiO \ A 3 A At A \ \ .7
Vay bon diém tao thanh mdt hinh vudng ndi tiép duong tron lugng giac
Bai tap 4: Biéu dién trén dudng tron luong gidc cac diém ngon cia cung luong gidc c6 sb do 1a
kZike
3
Loi giai
SAM — k22
Ta co nén ¢ 6 diém ngon trén dudng tron luong giac.

Véi k=0=shAM =0 c6 diém ngon la M

k=1=shAN =2 N
Vi c6 diem ngon la

K=2= shAP = E
Vi 3 ¢6 didm ngon la P
Véi k=3= A0 =x ¢6 diém ngon la Q

k=4— shAR = i
Vi 3 c6 didm ngon la R

K=>5= shAS= E
Véi c6 diém ngon 1a 5
Véi k=6=sAT =27 c¢6 diém ngon 1a T

2 . 2 MN;P,QR;S e
Luc nay diém ngon T trung voi M . Vay sau diém Q tao thanh mat luc giac déu
ndi tiép duong tron luong giac.

Bai tap 5: Xéc dinh s6 do cua cac goc luong giac dugc biéu dién trong mbi hinh dudi day.

Yy
t
A
- ) z
>
g =~
2) Ay =102° b) -Bt 5
Loi giai
, (Ax,Ay) o102 4360 =462
S6 do cua goc lugng giac trong hinh a) bang:
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(Bt,Bz)
S6 do cua goc luong giac trong hinh b) bang

Bai tip 6: Thyc hién cac yéu cau sau:
) a (Oa,0b) O<ea <27 ,
a) Hay tim s6 do  cua goc lugng giac , Vo1 . Biét mét goc luong giac cung
257x

. Oa . . Ob . 6
tia dau va tia cudi cH6sodola

. a® (Om.On) 0<a <360 )
b) Hay tim s6 do cua goc lugng giac , VO1 . Biét mot goc lugng giac
. Om _ On , —875°
cung tia dau va tia cudi c6 sd do la

Loi giai

i a ] . Oa - Ob
a) Sodo  cua cac goc lugng giac bat ki c6 cung tia dau va tia cuoi sai khac nhau mdt
157 _
o=""1k2z(ke )
2 i '
boi nguyén ctua nén co dang la

O0<a<2r 0 0 12 12
Ta co suy ra suy ra

Vi nén . Vay

) a’ . Om . On
b) S0 do  cua cac géc lugng giac co6 cung tia dau va tia cuoi sai khac nhau mét boi

360° a®=-875"+ k300%(k e )
nguyén cua nén co dang la

0<a<360 S75< k300 < 300 + 575 72 72 kel k=3
Ta co suy ra suy ra vi nén

- =—h 5" } 3}(’1[]“= 1[]5"

Vay
B. BAI TAP TRAC NGHIEM

PHAN I. Chu triic nghiém nhiéu phwong 4n lra chon. Mdi cAu héi thi sinh chi chon mét phwong 4n.
" "
Cau1: Khing dinh ndo sau ddy la ding khi noi vé dwong tron dinh hwéng ?
A. Mbi dudng tron 1a mot dudng tron dinh huéng.
B. Mbi duong tron di chon mét diém 1a gdc déu 1a mot duong tron dinh hudng.
C. Mbi duong tron di chon mot chiéu chuyén dong va mot diém 1a gbc déu 1a mot dudng tron
dinh hudng.
D. Mbi dudng tron trén do ta da chon mot chidu chuyén dong goi 1a chidu dwong va chiéu nguoc

uigeli.xyz Trang 17



Cau 3:

Cau 5:

Cau 6:

i uigeli.xyz
lai dugc goi 1a chiéu am la mot duong tron dinh hudng.
Loi giai
M&i duong tron trén d6 ta da chon mot chiéu chuyén dong goi 1a chiéu duong va chidu nguoc lai
duoc goi 1a chiéu 4m 1a mot duong tron dinh hudng.
Quy u6c chon chiéu duong ctia mot duong tron dinh hudng la:
A. Ludn cung chiéu quay kim dong ho.
B. Luén nguoc chiéu quay kim ddng ho.
C. C6 thé cung chiéu quay kim dong hd ma ciing c6 thé 1a nguoc chiéu quay kim dong ho.
D. Khong cting chiéu quay kim dong hd va ciing khong nguoc chiéu quay kim dong ho.
Loi giai
Ludn nguoc chiéu quay kim ddng hd.

Trén dudng tron dinh hudng, mdi cung lugng giac xac dinh:
A. Mot goc luong giac tia ddu O4 | tia cudi OB
B. Hai goc luong giac tia dau O4 | tia cudi OB .
C. Bén goc luong giac tia dau OA4 | tia cubi OB .
D. V6 sb goc lwong giac tia ddu O4 | tia cudi OB |
Loi giai
V6 s6 goc lwong giac tia dau O4 | tia cubi OB |

Khang dinh nao sau ddy 1a ding khi néi vé géc lwong giac ?
A. Trén duong tron tim © ban kinh R =1, goc hinh hoc 40B 13 gbc luong giac.
B. Trén duong tron tim O ban kinh R =1, géc hinh hoc 408 ¢ phan biét diém dau 4 va
diém cudi B 1a goc luong giac.
C. Trén duong tron dinh hudng, goc hinh hoe 498 13 goc lugng giac.
D. Trén dudng tron dinh hudng, goc hinh hoc 4OB ¢ phan biét diém dau 4 va diém cudi B 1a
gbc lugng giac.

Loi giai
Trén dudng tron dinh hudng, goc hinh hoc 40B ¢4 phan biét diém dau 4 va diém cubi B 1a
goc lugng giac.

" n
Khang dinh nao sau ddy 1 ding khi néi vé dwong tron lweng gidc ?
A. Moi dudng tron 1a mdt duong tron lugng giac.
B. M&i duong tron ¢6 ban kinh R =1 13 mot duong tron luong giac.
C. Mbi dudng tron ¢6 ban kinh R =1, tim tring voi gdc toa do 1a mot duong tron luong giac.
D. M&i dudng tron dinh huéng c6 ban kinh R =1, tdm tring voi gdc toa do 1a mot dudng tron
lugng giac.

Loi giai
M&i duong tron dinh huéng c6 ban kinh R =1, tam trang véi gbe toa do 1a mot dudng tron
lugng giac.

(Cw,On )= 22"30" k30607 &
Cho go6c luong giac Véi gia tri bang bao nhiéu thi goc
(O, O )= 1822730
?
A ke®. B. k=3. C. k=-5. D. k=5.
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Cau 7:

Cau 8:

Cau 10:

uigeli.xyz
Loi giai

x (Ox,0v)=1822"30" = 22"30" k360" = 1822"30"' = k = 5.
Theo d& [ €l Oh J=182230 2230 ol IR22°30
o oG 9 oP 12
Mot chiéc dong ho, cé kim chi gio chi s6  va kim phut chisdé . So6 do cua géc lugng
(0G.0P)
giac la
_‘_ T
A2 kom ke p. — 270"+ k3007, ke
k}lr
R P
c. 2707+ k300% kel p. 10 kam ke
Loi giai
(0G.0P) ) 1 ) 1—.2,-:-' k2
Goc lugng giac ' chiém 4 duong tron. S6 do 1a 4 , el
Trén duong tron luong giac co diém gbc la . Piém  thudc dudng tron sao cho cung luong
. AM . 4 N M Ox _
giac c6 so do . Goi  la diém do6i xing véi qua truc , s0 do cung lugng giac
AN
bang
AT B. 315"
C. 45 hosc 315" D.~ 45" + k300" k € Z.

Loi giai
Vi s6 do cung AM bang 45" nén 40M =45", N 1a diém d6i xtmg véi M qua truc O% nén
AON = 45"
Do d6 s6 do cung AN bing 45" nén sé do cung lugng giac AN ¢6 s6 do la
— 45 4 k300 ke Z

, , A ., M AM
Trén duong tron voi diém goc 1a . Biém thudc duong tron sao cho cung lugng giac

., 60 N .M Oy AN
c06 s0 do .Goi  la diém doi xung voi diém qua truc , s0 do cung la:

A. 1207, B. — 240",

C.~ 120" hodc 240" p, 120"+ k300" ke Z
' Loi gidi

Ta co AOM =60° MON = 60"

Nen HON =120" K dé sé do cung AN bing 120",

Trén dudng tron lugng gidc véi diém gbc 1 . Piém thudc duong tron sao cho cung lugng

Aq- T N o .M : o
giac c6 so do . Goi  la diém doi xtmg véi diém qua goc toa do , s0 do cung
AN
luong giac bang:
A. 255° p. — 105’
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Cau 11:

Cau 12:

Cau 13:

Cau 14:

uigeli.xyz

0
C. 105 hoiac 2550. D

Loi giai

— 105" k300", ke Z
Ta co 4OM =75" MON =180

., L A o =03 4 300", &
Nén cung luong giac 4N ¢6 s6 do bang 105 30U, e Z.

S /s 2:-‘ ya . 197
F = — . [)’ = — :’ = 0 = -
i 6 3 3 6
Cho bon cung (trén mot duong tron dinh hudng): , . Cac
cung ndo ¢ diém cudi tring nhau?
Aaval Vvad BPwavavwas c.P7. p. # 7. 9,
Loi giai
Céch1:Taco ¥~ %= 4= paj cung @ va 9 ¢b diém cudi trung nhau.
L y=H =R = . \ Y Ao oo
vy /T =87 hai cung s va 7 ¢6 diém cubi trung nhau.
Cich 2 : Goi B. C. D 13 didm cubi cia céc cung % Py o

Biéu dién cac cung trén dudng tron lwong giac ta co B=C.A=D.

Céc cap goc lugng giac sau O trén cting mot dudng tron don vi, cung tia dau va tia cudi. Hiy néu
két qua sai trong cac két qua sau day:
T 357 T 1527 T 1557

/A
A 3 va 3. B.10 vy 5 | c. 3va 3 . D. 7 va 7
Loi giai

2817

Cap goc luong giac @ va b & trén cing mot duong tron don vi, cung tia dau va tia cubi. Khi dé
a—>b

k=
a=b+k2x kel pay 2r

Y|

Trén duong tron luong giac gbc  , cung lugng gidc nao ¢ cac diém biéu dién tao thanh tam
giac déu?

k2x kx kx
A3 B. k7 c. 2. D. 3.

Loi giai
k2x

Tam giac déu c6 goc ¢ dinh 1a 60" neén gbc o tam la 120° tuong tng 3
Trén dudng tron luong giac gbc A, cung luong gidc nao c6 cac diém biéu dién tao thanh hinh
vuong?

kx k2x kx
A 2. B. k7. c. 3. D. 3.

B Loi giai
kr

Hinh vuéng CPEF ¢4 goc DCE 1a 45" nén gbc 0 tam la 90 tuong tmg 2 .

PHAN II. Chu tric nghiém ding sai. Trong mdi y a), b), c), d) & mdi cAu, thi sinh chon ding hoic sai.

Cau 1:

Biéu dién goc lugng giac trén dudng tron lwong gidc. Khi do:
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Y
Ir I
0]
T
III IV
125" M .
a) la diém thudc goc phan tu thur thir 11
405 N .
b) ladiém  thudc goc phan tu thu 11T
197
3 P :
c) ladiém  thudc goc phan tu thu 11
137
6 Y ‘
d) ladiém  thudc goc phan tu tha IV
Loi giai
o a L 125° . M :
a) bung: Diém biéu dién cua goéc lugng giac c6 s6 do la diém thudc goc phan tu thu
HOM =125
thtr I ciia duong tron lugng gidc thod man
Y
M
II I
125° A
-1 9] 1 oz
Ir v
405 =45 + 300 L 405 N
b) Sai: Ta co6: . Vi vay diém biéu dién cua goc lugng giac la diém

‘ HON =45
thudc goc phan tu thr  ctia dudng tron lugng giadc va thoa man
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Yy
I
I M
45" A
-1 o [
111 v
]"]',T:]H,T T T 39. 197
3 3 3 3
¢) Sai: Ta co: . Vi vay diém biéu dién cua gbéc lugng giac la
T
Hop==
» . 3
diem  thudc goc phan tu thr  cuia dudng tron lugng gidc va thoa man
Yj
P
11 1
™
3 A
—i I3 1
7 v

d) bung: Ta co:

0

la diém

B

. Vi vy diém biéu dién cua goéc lugng giac
T

6

Hop =

thudc goc phan tu thir IV ciia dudng tron lugng gidc va thoa man

Yy

Cau2: Biéu dién goc luong giac trén duong tron luong giac. Xét tinh ding sai ciia cac khang dinh sau:
30 + k3 ki .2 A A ,
a) - O+ RI0ULRS 3 didm M thudc goc phan tu thir 7/
—00 + k180 ke M .M, v
b) la cac diem thudc goc phan tu thr  va

uigeli.xyz
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——+ &2 ke

4 M \ 7

c) la thudc goc phan tu thur
Tk E e |
6 2  M\N.PQ ‘ [ AL 1V
d) l1a bon diém thudc géc phan tu thir
Loi giai
. XY
k360 k L .
a) Sai: Xét goc lugng giac ,du  1a s6 chan hay s0 1€ thi
. L x .
gbc ndy ciing c6 diém biéu dién 1a diém ~ (diém gdc trén o
duong tron lugng giac). 36" |4
-1 O 1z
36 + k360 , o .
Vi vay, géc lugng giac c6 diem biéu dien 1a diem
M \
thudc goc phan tu thr  cta dudng tron luong giac va
A0M =36
K80° k. I ()
b) Bing: Xét goc lugng giac .Néu chan thi goc nay c6 diém bicu dién la , néu
k B ( —1; 0)
1¢ thi géc nay cé diém biéu dién 1a diém .
—60 + k180 .. M M,
Vi vay c6 cac diém biéu dien la va nhu hinh vé bén.
Yi
M,
B
~1
M,

o . kam L A0) |
c¢) Sai: Ta biét goc luong giac luén c6 diém bicu dien la , Vi vay goc luong giac
Sy oar =2

4 4

. L x M )
c6 diém biéu dien 1a thudc goc phan tu thtr IV va thoa man
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Y\
1

NE

M

d) Bung: Xét goc lugng giac

T
k—=0 1(1-
k=0 T2 Lo A0)
Khi thi , 80c nay c6 diém biéu dien 1a diém
P I
k=1 2 2 S ~oc(o)
Khi thi gbc nay c6 diém bicu dien la diém
P
k=2 2 " B(-10)
Khi thi gbc nay c6 diém bicu dién 1a diém
I yra _ 3T
k=3 2 2 , D(0:-1)
Khi thi gdc nay c6 diem biéu dien 1a diem
k=456, o i L 3 A.B.C.D
Néu thi ta thay rang cac diém biéu dién c6 dugc van 1a sy ldp lai cua
T
w o 6 2 . MWN.PO
Vi vay diém bi€u dién cua la bon di€ém trén duong tron lugng giac (xem

hinh v& trén).

Trong hinh v€ bén, ta xem hinh anh dudng tron trén mdt banh 1ai tau thuy tuong img véi mot
duong tron lugng giac.
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vt

H';'

(0O4.0B)
a) Cong thirc tong quat biéu dién goc luong giac theo don vi radian:

[:(J./E.(JB}=% Fh2a(kell);

A.C.E.G
b) Cong thirc tong quét chi ra goc luong giac twong Gng véi bon diém biéu dién 1a
(ke
(ke)
theo don vi radian 1a
) i o AE
¢) Cong thuc tong quat chi ra goc luong gidc twong Uing vadi hai diem biéu dién la theo don
EIS0% (ks )
vido la
(OA.0C)+ (OC.OH )
d) Cong thire tong quat biéu dién goc lugng giac theo don vi radian:
Tikz(ke )
__1 \,
Loi giai
m.ei.ufﬁ}:; tk2r(kel)
a) Dung: Ta co: ;
orad: Zrad 'dh_'d
| ACEG o ra .Em : rrad: Tm :
b) Sai:Ta thay lan lugt biéu dién cho cac goc lugng giéc:
57
irad,..
2z7rad 2

3
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Tat ca cac goc nay theo thtr tw chénh léch nhau  rad. Vi vy cong thtrc duy nhat biéu dién cho

I{E(f{ = }

cac goc lugng giac ay 1a

A E 0,180 360,540 .
c¢) bung: Ta thay hai diém lan luot biéu dién cho cac goc luong giac
) 180° Cam
Tat ca cac goc nay theo thu ty chénh I¢ch nhau . Vi vay cong thirc duy nhat biéu dién cho
k180° (ke )

cac goc luong gic Ay 1a
d) Sai: Theo h¢ thirc Salo, ta co:

(4,08 )+ (OB.0OC)={04.0C )= T, Klrlke )

-

§

(A, 0C )+ | OC,OH )= 04,0H }:—g th2a(kel )

Bi€u dién cac goc luong giac c6 so do sau day trén duong tron luong giac. Khi do:

i L 218° . M .
a) Diém bi€u dién ctua goc lugng gidc co so do la diém thudc goéc phan tu thi III cia
AOM = 218"
duong tron lugng giac thoa man
o x . —405° . N \
b) Biém biéu dién cua goc lugng giac co s6 do la diem  thudc gbéc phan tu thir IV cta
HON = —45°
duong tron lugng giac thoa man
257
A LA X . . . P 3
¢) biém biéu dién cia géc lugng giac cd s6 do la diém  thudc goc phan tu thir I cua
Hop=2

duong tron lugng giac thod man
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157
o .2 e
d) biém biéu dién cia goc luong giac c6 so do la diém thugc duong tron lugng
giac thod man
Loi giai
e ,L 218 M ‘
a) bung: Diém biéu dién cua goéc lugng giac c6 s6 do la diém thudc goc phan tu thur 111
) AOM = 218"
ctua duong tron lugng giac thod man
Yy
1
218°
-1 / \ A
x
M
-1
~405 =-45 —300 . 405 7
b) Sai: Ta co6: . Biém biéu dién cua goc lugng giac co so do la diém
N : AON = 45°
thudc goc phan tu thtr IV cua dudng tron lugng gidc thoa man
Yi
1
-1 A
=
N
-1
Br _ x+M4r _x 6 257
4 4 4 y . , 4
¢) bung: Ta co: . biém biéu dién ctia goc luong giac c6 so6 do la

Jop=Z

diém  thudc goc phan tu thir I ciia dudng tron luong gidc thoa man
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Yy

d) Sai: Ta co: . Biém biéu dién cta goc lugng gidc co s6 do la

Yoo="
0(0:1) A0Q = 5

diém thudc duong tron lugng gidc thod man

(Ox.0u) 250° (Ox,0v)
Cho mot géc lugng giac ¢6 s6 do va mot goc lugng giac 6 sb do
—270°

, (Ou.0x) 5500 j3p0° kel
a) SO do goc luong giac bang ,

, (0v.0x)  270°+ k360° kel
b) SO do goc lugng giac bang ,

(OH, O\’) —20°
¢) S6 do mot goc lugng giac bang

T
(Ou,0v) 9
d) S6 do mot goc luong giac theo don vi radian bang
Loi giai
( C)U.O.\') —_ (O\', OH) — 2507 ¢ F3an® kel
a) bung: sd sd )

(Op,()‘r) __ (01",0‘-‘6) =270% 4 E3n0” kel
b) Bang: sd sd ’ ’

(Ow.0v) _ (0u.0x) . (Ox,0V) | [360° = —250° — 270° + k360°
¢) Sai: sd sd sd

= —520°+ £360° = —160° + m360° (k= wme m=k-1)

(OH,O\") —~160°
Sb do mot goc luong giac bang
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- ] |:"I[] i = —oF

, (Ou.0v) ‘ 150 9
d) Sai: S0 do mot goc lugng giac theo don vi radian bang

PHAN III. Cau tric nghi¢m tra 10i ngan

. . A .
Cau 1: Trén duong tron luong giac vé dieém goc la . Biém thugc duong tron sao cho cung lugng

- AM ) 75° N y . S, M , o |
giac c6 so do . Goi  la diém doi xtrng v6i diém qua goc toa d0 , sO do cung

AN .
luong giac bang bao nhiéu ?

Loi giai

lor =750 hov =180 AN
Ta co , nén cung lugng giac c6 so do bang

AN =-105" + k300" ke L

iT
Oy =242 T
[{Jl. 'f-h } 5 _[][]].-I. (O.\‘. ()1)
Cau 2: Biét mot s6 do cua goc . Gia tri tong quat cua goc la bao

nhiéu

Loi giai

3?

P AL

4

(Ox, Ov)= + 200017 = —+ 20027 =

L | 5y

L |

~

Taco :

. OMB'  ONB' o p .4 . B
Cau 3: Bict va la cac tam giac déu. Cung  c6 mut dau la  va mut cuoi trung voi
N i o
hoac hoac .Tinhsodocua ?

Loi giai

a . A i B
Cung cOmatdaula  vamatcuditrung véi  nén

| ]

T 2x 2
AM = 4B+ =5 LN = Ar i
3 3 o 3

Cung , nén chu ki cuacung la
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Trén duong tron lugng giac c6 diém géc 1a . Piém thudc duong tron sao cho cung luong giac

AM 45 N o M Ox | AN .
cd so do .Goi  la diém 461 xing véi qua truc , S0 do cung lugng giac bang
bao nhiéu?
Loi giai

Y
N M
A
o T
) 45 AOM =45" N o M Ox
Vi s0 do cung AM biang nén , ladiém doi xmg v6i  qua truc
AON = 45"
Ox nén
, AN 45 ) AN —45" 4 k300" k 2

Do d6 s6 do cung bang nén so do cung lugng giac c6 so do la

. 031

(Ox,Oz)=——

, _ ' 2 Ox Oz . . _
Néu goc lugng giac co sd thi va tao v&1 nhau mot goc bang bao nhiéu
do?

Loi giai
_0dx e T
2 2 Ox Oz ' 90°
Ta co vi vay va vudng goc nén tao voi nhau mot goc

(Ce,Ou)=45"+ m3ol e Z
Cho hai goc luong giac c6 sd va sd

(Ovceny=—1353" 1 n300' nel

Hai tia Q% va OV hop v6i nhau mot goc bang bao nhiéu do?
Loi giai

(Ouw,O0v)=45" 4135 4 (m—n)300" = 1807 + /300, < Ou Ov
Sd suy ra 2 tia va doi nhau

. 180°
nén tao voi nhau mot goc bang

Dang 3: Gia tri lwgng giac ctia goc luwgng giac

A.BAI TAP TU LUAN

Phwong phap: Str dung nhom cong thire lién hé gitra cac gia tri luong giac dé tinh toan

Chu y: Néu dé bai c6 gidi han mién ctia goc ¢ thi ta can xem trén mién dé cac ti sO lugng giac tuong ting

s¢ mang dau nhu thé nao, cu thé nhu sau:
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I1
M
:
of
€xr
III v
BI
L. .. Goc phan tu
Gia tri lwgng giac
11 I v
sin& + + N N
cos + - - +
tan & + B + B
cota + B + B
. . . a 4
Bai tap 1: Tinh cac gia tri luong giac cua goc  , biet:
1 Fra . 2 T
CoSr = — O<o<— SN = — —<a<T
a) > va 2 b) 3va 2
< 37 coltar = i e
] ¥ = 5 \ 2 \ 7
¢) fana V5 va 2 c) V2 va
Loi giai
-
O<a<=
2 a>0
a) Vi nén sin
o ) siner =+l —cos o =
SIN7a 4 cosTa = |
Mat khac, tir suy ra
2o
o SN S s
ane = =——=2
Cosc ! coter = oL —JE
S tan e 2-,;"(? 12
Do d6 va
T
—<a<T
2 coser < ()
b) Vi nén
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coser = —f1—sin o =

SINer 4 08 o = |
Mat khac tir suy ra
2
iz F) 2 2.5 I NG
laner = E—==——==— COlir = = == ——
coser A5 5 5 taner 245 2
3 5
Do d6 va
I 5 ks
coter = === T<a<
tanee f5 S 2 <0
c¢) Ta co: .Do nén cos
_ J 1 1 Jo
) COSer = — — = - ——=——
I+ tan e = 1+ tan~cr [ 4 [ﬁ' £
COs ' y
Mait khac tr suy ra
sines - Jo | 3o
Lan = == 51y = (AN COlir = \F — £ |= —
coser |¥ A 0
Ma ta co
1
[ane = :—:—-\E
coler I
J2
d) Ta co:
3
— <@ AT
z cosa >
Vi nén 0.
_ 1 1 J3
. LSy = = - = = T
l+tamer = |+ tan-er | I:_ﬁ' 2
Cos o - !
Mat khac tir suy ra
siner : VRN
anee = = 51Ny = [aNer.Ccolir = —ﬁ.i £ |= ——
COS L3 3
Ma ta co
. . . a 4
Bai tap 2: Tinh céc gia tri lugng giac cua goc  , biét:
: 1 T iz
sma = — —;«:cr«:ﬂ s = —0 TS —
a) 3 va 2 b) COs& = — va 2
Fra 7 3}?'
, O<a<— cotar =— T —
c) tana =2 C) 3 va =
Loi giai
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. - 18
CL‘IS'{I:]—FJ[]'{!:]—I;| =— _® a<0
. / g \ 9 ' A .,
a) Ta co ' ovi 2 nén cosa >0
l
an siner 3 J2
aner = =——=__"
22 coser 22 4 ~
COSOF = — T colir= = _q'r?
Do d6 7 suyra 3 va tan e
B " . -2 _{] 3;?'
sin“er=1-cos"exr=1-(-0,7) = T — _
b) Ta co 100 v 2 pén Sina <0
51
_ NE) ) siner 1p NS
Sy = — —— ane = — = = cot e = =
10 coser —0.7 7 tan e
Do do suy ra va
1 1 1 ) IR
coter = =— =l+tan-a=1+2"=3
taner 2 cos g
c) Taco
4 1 b ‘\l”g
racos’ o = — O<a<— coser = —
5 2 cosa >0 5
Suy . Vi nén . Do d6
. 2J5
SlNer = MANr COS o =
5
Suy ra
301 : (77 _58
tane = =—i—-=1 L;L‘IL'{:=]-|—| =
coter 7SI er L3 g
d) Taco
. s 9 Ar R
sIn" o = — T _ SIN @ = ——
58 2 sina <0 38
Suy ra Vi nén Do d6
. 7 [ 358 7Es
COSer =0l SN = — |— |=—
3 58 58
Suy ra

Bai tap 3: Hay thyc hién cac yéu cau trong mdi truong hop sau:

. 297
::m| —~ | i
a) Biéu dién qua gia tri lugng gidc ctia goc cé so do tur 0 dén
973 o . , 0° |, 45°
b) Bicu dien tan qua gia tri lwong giac cua géc co6so dotr  dén
Loi giai
o 297 . (297 . (37 | . 2 Y . 2T
sin| — |=—sin| |=—sin| —+ 87 |=—sin| T |=sin =—
L3 L3 |3 . |3 . 3

a)
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i b Y Fa '

= cos |: cos| — 2

T
5

i,

=cos .
3 o )

tan973° =tan(7
b)

'_

5. 180%)= tan73% = tan({ 90° = 17°) = cot |

Bai tip 4: Tinh céac gi4 tri luong giac ciia mdi goc sau

s P T _1
(ke ) = (ke )
a) - b) -
Loi giai
-m|— k2 |—5m——— cos| = k2r [=cost=2
3 2 L3 ) o2

a)

" ‘T r |
:m| A27|_mn_—ﬁ:um|_-iir =col—= ——

| 3 |3 ) RN

l:1|1| s | LL'I[| Z+kT |= cot—=0
i, f} J ~ r M r'r ] ﬂr
n o * khong xéc dinh; = /

1

sin| M |:5jn| 42 |:5jnl:]:uus
L2 ; L 2 J 2

Zikx|=cos oz |—uL15;—U
L2 J L2 J 2
k=20+41(le )
Véi :
i T . 3T O T s ) iz
s1n A—|—km|— 27 |=sin2==—1 cos| = A-|-wa —+x+ll7 |=cos—=0
L2 2 . 2 |2 L2 . 2
b
Bai tap 5: Bang céach str dung gié tri lugng gidc cia cac goc lién quan dac biét, hdy tinh
cos —157 AV
° cot(—675° Si——
a) 4 b) ( ) c)
Loi giai
157 157 i i iz ’ ¥ T 2
cos =C0s =cos| 3T+ — |= 5 =Cos| 7 — =LL'I‘~—=£
4 4 \ 4 4 | 4 ) 2
a)
L:L‘IL(—(‘I?S. }:um(;lﬁ —720 J=cot45s =1
b)
1=z ’ ¥ s -y (2T . T NE)
SIn——=s1n| 37 =—s8il—=-5sIn| 7T—— |:—5m—:——
3 LY _1 r 3 ,, }‘ r - j
©)

B. BAI TAP TRAC NGHIEM
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PHAN I. Cau tric nghi¢ém nhiéu phwong 4n Ira chon. M&i cAu héi thi sinh chi chon mdt phwong 4n.

Cau 1:  Trong cac hé thuc sau day, hé thic nao dung?
A, Sinx 4 cosy =1 B. Sinx i cosy =1
C. sin2y i coslr=1 p. Sinxtcosy =1
Loi giai
sinx 4 cosc = |
Theo cong thurc: .
Cau 2: Tim khang dinh sai? (véi di€u ki¢n cac h¢ thue da xac dinh)

-

| T 1 .
. Cos| —+ e |=sine
A tan( .7+ o )= taner B ) )
C cot (—er | = —coter D sin{r— o )=sine
Loi giai
cos| =4 e |=siner
|\. j r
Khang dinh 1a sai.
ST
2o =
o 2
Cau3: Chogoéc théaman . Khang dinh nao sau day sai?
A, tana <0 B. cotar >0 C.sina >0, D. cosa >0
Loi giai
5t
AT < < =
' 2 sina >0 cosa >0 tana >0 cota >0
Voi ta cod , , ,
T
—<a<T
2
Cau4: Cho . Két qua dung 1a
A SIN@>0. cosa >0 B, sina <0. coser <0
C. sing > 0, cosar <0 D. sina <0, cosa >0
Loi giai
T _
— < < T .
2 a ) siner = 0,c08 ¢ < 0
Vi nén nam trong géc phan tu tht  nén
Sm
r<a :
2
Caus5: Cho Khang dinh nao sau day ding?
A, lane = 0 coter = 0. B, lanw < (0 coter = (0
c, tane = 0 coter = 0. p, lane < 0 coter = (0.
Loi giai
St [tane = 0
rcas —= = .
. 2 .2 £- a—7 A X i l coter =0
Ta co =~ diém cudi cung thudc goc phan tu thr )
s
0<ea< T
Cau6: Cho Khang dinh nao sau diy ding?
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AL sinfer — )= 00
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B. sinfer — 7)) =0
C.HHUI—;}qD_ D‘HHUI—E}ﬁ&
Loi giai
0 = e = jz; = =T =T —
¥
Ta co -

T
~

Diém cudi cung ¢~ 7 thudc goc phan tu thir

I = sinfe—x) =0
O<ea < E.
2
Cau7: Cho

s

Khing dinh nao sau day dang?
L:m| o = |:wli]_
L2

cot| e i ? |¢["J
B. , </
tan({ e + 7)< 0. tan{ e + 7) = 0.
C. [' ) D. ( )
Loi giai
‘ 0 e —s =< £ Ze g=cotlag+—|=0
2 2 2 LY 2 r
T Inm .
lcoc—sr<agt+r<—=tan{e+x)>0
. 2 2 '
Taco
T
— T
Cau8: Cho Gia tri lvong gidc nao sau day ludn duong?
;o \
. cot| —— e | . .
A, Sin (7+a). B. L2 C. cos(—a'). D. tan( 7+ a ).
Loi giai
sin( x4

. I.IL'I[| - |=5jtm:
r ) =—siner: |2 h

cos{—er ) =coser: tan( 7
siner =0

ber )= taner.

T ST =005 < 0

taner = 00
Do ’

-
. L2
A=

2
Cho

=

Cau 9:

Khiang dinh nao sau day dang?
mn| 'T— ot | 0.
A e :

-
A

Fa

tan |
C. '

LY

fan
B. k
i |’_’ 0.

A

lw-.i'|

—f,r|:~['J_

A

I.-.F'|

L:m| I |¢ 0.
1 2 ¢

A

Loi giai
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Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

uigeli.xyz

-

F \
SIN| ——¢r | =0
3x 3z T | 2 3z )
T ——a30 ——g o —= = fan| ——gr = 0.
2 2 2 (37 ) |2
cos| ——u | =0
L 2 ;
Ta co
pis
O{aﬂz
Cho . Ménh d nao sau déy sai?
sin{er+ 7)< 0 cos(ert ) =0
A Sl )=l B, ‘sl 7)=0
tan(z—er )= 0 cot{z—er) =0
c. nlr-a)=0 p. cotlm—e) =0
Loi giai
. . {7
tan(7-a)=-tane < 0¥ 0:=|
- L2
Ta co:
.-'L o< 2T
Cho . Xét cau nao sau day dung?
A, cosa >0 B. sina >0 C. tana >0 D. cota >0
Loi giai
T iz om
—<a<ITe —+—<a<2r
4 24 .
Ta co: nén o thudc cung phan tu thu IV.
T
O0<a<—,
2
Cho Khang dinh nao sau day diang?
A tanes = O.coter = (. g, tanc = 0coter < (.
C, lane < 0,coter <00 p, tane < 0, coter = 0.
Loi giai
a taner = 0,coter = 0.

biém biéu dién cung lugng gidc  nam gbc phan tu thir nhat nén

|
tana = —
] 2 cota
Cho biét . Tinh
1 1
cota =— cota =—
A.cotc){:Z_ B. 4 C. 2 D. cotc;r:\E.
Loi giai
1
= coter = =—=2
tanes |
taner.coter = | 2
Ta co:
Tim khang dinh sai trong cac khang dinh sau day?
A, tan43% < tan60% B. cos4537 = sin43°
C. sino0® < sin&0° D, cos35% =cosl0°

Loi giai
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e =(0°:90°) cosa cos35% < coslo”
Khi ham la ham giam nén suy ra D sai.

Cau 15: Trong cac ding thirc sau, déng thirc nao ding?

3 o
cos150° = £ R tan150° = —— sinl 50°
A. 2 B, cotl50°=3 C. N
Loi giai

tanl30° = —

Sl -

Khang dinh dung 1a:

T
tan—
. . 6
Cau 16: Giatri cia la
g 5
A 3. B. 3 c. V3 p. V3
Loi giai
I
’ ! tanZ 2 _
oM =& w2 L 0 3
YOM = — 4 TA =
(“ T =/ 1
Trén nira dudng tron don vi sao cho khi d6 nén
SiNer= = —< o< T |
A
o, A . . cosax N
Cau 17: Cho . gia tri cua bang
4 4 2 2
CosSer =—— Cosa = — cosa = — Coser =——
A. S, B. 3 C. S, D. S,
Loi giai
. . , . 9 1o
S teos w=l=cos w=l-smw=1-—=—
25 25
Ta co:
T 4
— S T =008 =——
2 5
Ma .

Cau 18: Hiy chon két qua sai trong cac két qua sau day:
COs( —er ) = coSex sinfr+ e )=sine

A. B.

P

| i
I.JL"[i — |= tan ¢

L | #

tan( 7 — e )=—tane

C. D.

Loi giai
sin{x+ e )=—sine
Ta co
,
A= EL"Si (f—
Cau 19: DPon gian biéu thuc , ta duoc:

L |
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Cau 20:

Cau 21:

Cau 22:

Cau 23:

uigeli.xyz

A. Cosa B. sina C. —cosa D.
Loi giai
A=cos| -2 | = cos| - |
el 2 |
. =/ L= A =8Ina
Ta co:
) S=3-sin"90° 4 2cos” 60°—3tan 45°
Gia tri cta biéu thtc bang
1 1
A 2. B. 2. c. 1. D.
Loi giai
) ra ] 2
o o T B RS S S N
S=3-s51n"90%+ 2cos” 00" —3tan-45° L2 2
Ta co
a r r 2 2
Cho la so thuc bat ky. Chon khang dinh ding trong cac khang dinh sau:

A Sina +cosa=1 B. Sin‘a+cos’a=1
C.sin"a+cos a=1
Loi giai

sinca+cos a=1:%Vae

Ta co: nén D dung.
iz
TEa s .
2
Cho Ménh dé€ nao sau day ding?
sin{a+ e )< 0 sinfz—e )= 0
A Sl ra)<0 B, Sn(7-a)<0
cos(m—e)=0 cos(a+er)=<0
c. oslr-a)<0 p. coslrrer) <0,
Loi giai
iz Sw o .
T == r<a+me — —sin(7 o) = 0cos(x 4+ e ) =0
Ta co
TeH S —=-—<T-ux 0= sin(z—e)=bcos{zr—e)=0
_ 4
smo=-— |['-}'I:I" << 180"
5 ) cosa
Cho , . Tinh
4 3 5
cosa =—— Cose = —— cosa =—
A. S, B. 3 C. 3. D.
Loi giai
. - 9 3
. R oS a=1-8In"w=— = C0Se=+—
SIN7 e+ cos” o= | 25 3
Ta co:
3
; . COSH = ——
D07 < e < 180 5
Vi nén
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: 4 z
siha = — Zea<r
5 2 COoSx
Cau 24: Cho véi Tinh 9
1 3 3 .
A.S B.S Q. 5 D.5
Loi giai

3

CosS¢ =——

Ta co: -

Céu 25: Cac dang thic ndo sau ddy dong thoi xay ra?

S A
sine = — COSr=— Sin@ = — COS=—o
A. 3 3. B. 5 5,
4 -3 B I
sina = — cosa= sing =— Ccosa=—
C. 5, 5. D. 4.
Loi giai:
) 81N er + C0s o = |
Ap dung cong thirc
3
cotay = — o o
a 4 0 w90
Cau 26: Cho goc  thda va Khang dinh nao sau day ding?
1 : 4 : 4
cosa = — sina = — sing = —— cosg =——
A. 3. B. 3. C. 3. D. 3.
Loi giai
. 9 1 - o
lteocoter=— & 1 —=—— &8I o= —
. 510 o 1o s e 23
Ap dung cong thurc:
.4
_ = sing =—
0% < e < 90% = siner =0 5

Do

PHAN II. Céu tric nghiém ding sai. Trong mdi y a), b), ¢), d) & mdi ciu, thi sinh chon diing hoic sai.

T
o= 3 + k27 (f(E. )
Cau 1: Tinh dugc céc gia tri lugng giac cua goc . Xét tinh ding sai cua cac khang
dinh sau:
siner =— ~,-
a) =
I
CoSE =~ —
b) =

C) tan a = \l{.:':
g
1:01. o=— E—

d) 3
Loi giai
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Cau 2:

Cau 3:

uigeli.xyz

- " — 1
. | e . e -
sin| =+ k27 |:5m—:—
3 ; 3 2

a) Sai:

cos| S k2n |:m5_:_
|3 . 302

b) Sai:

b |f£. '"'T-I: : ;_: 3
mnl - k2 | mn} NE)

c¢) blng:
{ F ! T \JI'_?
cot| —+ 427 |:L:L‘IL—:—
|3 T3

d) Sai:

a=——+(2k+1)7
7! )

kel
Tinh dugc céac gia tri luong gidc clia goc (bict ). Xét tinh ding sai cua
céc khang dinh sau:
2
sina = —
a) 2
2
COsSr = —
b) 2
c) tana = -1
d) cota = -1
Loi giai
. T (T ! (& ! =) . T 2
sin| ==+ (2k + )z |=sin| -2+ 2z T|=sinj-=+ 1 |=-sin -= |=sin—=—
1 |4 L4 L4 4 2
a) bling:
b) bBung:
cos| ——+ (2k+ )7 [=cos| —=+ 2kr+ 7 |=cos| ——+ 1 |:—uus(—— |=—tos—=——
4 .4 / L4 - o4 2
tan| —Z ¢ (24 4 Iz | = tan| -z t:—t:at1£=—]
4 i ‘-. _]' A —]'
¢) Sai:
cot _Z (2k+1)7 |= I.IL'I[!—EI:—I.IL"[E:—]
4 i L4 '
d) Sai:
0% < g = 00" , , ,
Cho . Xét dugc dau cua cac bicu thirc sau. Xét tinh diing sai cua cac khang dinh sau
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A=sinjer +90%) =0
a)

B=cos{er —457) =0
b)

C=tan{270°— &) =0

©)

D =cos|2e +90%) =0

d)
Loi giai

0 e =00 =00 <+ 00 <180 = sinfe + 90 )= 0
a) Dling: Ta co:

0 <o <90 =45 <o —45 <45 = c0s(a =45 )>0
b) PBung: Ta co:

i = o Q0 — —00 = —r W] — jTﬂ | (—L}ﬂ ' L) an { [—{,{} L IF-T] i1
¢) Sai: Ta co:

= 1807 < 270° —gr < 270° = tan (270 - e ) = 0

0% < ¢ < 90° = 90° < Ygr 4 90° = 270° = CO8(2er + 270%) < 0

d) Sai: Ta co:

. 3 iT
siny =—— T<X<
. . . . x 4 5 . 2
Tinh dugc cac gia tri lugng giac con lai ciia goc , biét: Vo1 . Xét tinh
dlng sai cua cac khang dinh sau:
a) cosx >0
4
COSY = ——
b) 2
3
tanxy =—
C) 4
4
cotx=—
d) 3
Loi giai
Ar
TE<X<
) 2 cosx <0
a) Sai: Do nén
. . . - 9 16 4
simxydcos r=l=cos x=l-smy=l-—=—=c0sr=——
25 25 5

b) Bung: Ta co:
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siny 3
tanx = ==
cosx 4
c¢) blng:
cosx 4
Coly=— =—
siny 3
d) bung:
1 VA
CoSXY =— D<x<—
. . . . x 4 4 . 2
Cau5: Tinh dugc cac gia tri lugng gidc con lai ciia goc  , biét: voi . Xét tinh dung
sai cua cac khing dinh sau:
a) Sinx <0
. 15
SINY = ———
b)
¢) tan x = +f13
oty ]
oLy =——
d) 13
Loi giai
T
0<x<— _
a) Sai: Do 2 pén sinx >0
L B . - | B 15
sty dcos v=l=smy=]l-cosr=1-—=—=snr=
b) Sai: Ta co: o lo
SR -
tan v = ~ =415
c¢) bung: cas.x
cot ¢ =S98 1
d = - =
siny 13
d) Sai:
T
Oﬂaéz
Cau 6: Cho . Xét dugce dau ciia cac biéu thire sau. Khi do:
A=cosfer+ 1) <0
a)
B=tanle— 1) =0
b)
o 20
C=sin| o+ — | 0
|\. 5 r
c)
{ iz
D=cos|o—— |<0
! 5 )
d)

Loi giai
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0w x x
2
a) bung: Vi
0 x
2

b) bung: Vi

g A

uigeli.xyz
< — = COS (o 4
3 .

D= <o+ < =>sin| o =0
2 5 3 10 \ 3
¢) Sai: Vi
Dy o — = -2 gy — =08 ar — = (]
2 5 5 8 ! 5 )
d) Sai: Vi
3
COSY = —— _
X, 13 [ =0°
Cau 7: Tinh dugc céc gia tri lugng giac con lai cua goc  biét: vOl

tinh dung sai ctia cac khang dinh sau:

a) sinx <0
12

tanxy =—
b) 5

. 12
SINy—Ccosy=——

d) 13

] h["’] o X o

a) bung: Do

sin°
b) PBung: Ta co:

) 3
= SNy=——lanx=
2

cosy
cotx=

sinx
c¢) bung:

pcos y=l=sin"vy=1-cos"x=1-

Loi giai

270 = sinx < 0

25 144
169 169

siny 12

cosxy 5

u

]"‘I

SNy —CO0Sy=——

d) Sai:

13

PHAN III. Cau tric nghiém tra 16i ngin
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Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

CAau 6:

uigeli.xyz

= +k27
' 2 k107 <e<]lr.
Cho géc lugng giac .Tim deé
Loi giai
197 2 _
Wr<osllt—s——<k27< —— k=35
’ ¥ ¥
Ta cé = =
cos| Z+ (2k+ )7 |
L (2k+1)
Tinh gia tri cia
Loi giai
LL‘I‘~|: (24 ]},T:|: cos ? T |= cos . |:—LL‘I'~———
Ta co oo o i
l § I ) _-“I:T\'
COSc? =— SN &= .
3 ‘ | </
Cho . Khi do bang
Loi giai
o iz T I T |
51[]| r—— |:5m| o+ ——2ra |:5Jn| o+ — |=cosgr=—
2 L2 . L2 3
Ta co
o T ]3? Fdl
5m| = | - |
¥ ¥
L ' = 4 a o Cos X
Biét rang thi gia tri dung cua la
Loi giai
- |=—km| Zox |= —COS X a = COS .
| 2 |2 ) | 2
Ta co va
5l — = sm| —thrl=sin—=1.
4 . . . 2 h 1 A j
Keét hop voi gia tri
CooT 137 T 1
— | Fein— = ~m| — |«;:: —COSx+ |=Cosves cosr=—.
2 2 2 2
Suy ra ’
. 12 T
singr = — ST
o 13 2 cos
Cho géc  thdéa man va Tinh
Loi giai
— )
Coser==4fl—s8In =2 — _
13 2 .
LS = — ]—1 = —[, 35
A 0T .
2
Ta co
\E r
COS & = —— T
o 3 2 tan o
Cho géc  théa man va . Tinh
Loi giai
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Cau 8:

Cau 9:

Cau 10:
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[ 2.
singr = +4fl—cos" @ ==
3 _ 2 s 2
T Ehr = ———— AN e = =— =089
AT 3 CO%ir 5
T
,1
Ta co
4 017z 20197
taner = —— <R )
o 3 2 2 sina.
Cho goc  thoa man va . Tinh
Loi giai
' : (oA 1
l+tan & = - ]-'—_| = i
COS ¢ . L3 coster
2017+ 20197 - e
o Er \_ LY. S
3 ¥ 3 - S04 27 < er - 0425
Ta co - -
siner 4 siner y 4
. lano = - == T —8ler = —
. 2 Cosor 3 2 5
——— 08 = — — -=
] \ ]
-~ .Ma -
12 a
COSer = — —<a<T
a [3 2 tan ¢r.
Cho géc  théa man va Tinh
Loi giai
| . - A
Sl = 24/l —cos” o == — _ , _
13 . 5 S0 e 5 5
— SN = ———s fane = =—— =042
T 13 COSer 12
— T
5

Ta co

. , X 4
Do dai cua ngay tir luc Mét Troi moc dén lac Mét Troi lan @ mot thanh phd  trong ngay thi
27, . . -
d (t)=4sin [;_[r—hﬂ}} P12 (ted va l=¢ < 305)
' 305 '
cua nam duogc tinh xap xi bdi cong thirc

Thanh phé X vao ngiy 31 thang 1 c¢6 bao nhiéu gid c6 Mit Troi chiéu sang? Lam tron két qua
dén hang
phan muoi.
Loi giai

d(31)=9.01
Ta co: gio.

oM . L . 0 , ,
Thanh quay nguoc chiéu kim dong ho quanh goc  ctia n6 trén mdt mat phang thang dirng

. . . 04
va in bong vuong goc xudng mat dat nhu hinh bén. Vi tri ban dau cua thanh la . Hoi d6 dai

60

oM oM 13 , oM
boéng cua khi thanh quay dugc vong 1a bao nhiéu, biét do dai thanh la

10 cm , i . .
? Két qua lam tron dén hang phan muoi.
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dnhsdng

A
M o
Loi giai
MNr 1207 _ .
= E.h— = ﬁ O'M' = |{J'.-\-fm.15u|: ‘] Ocos =7.5cm
13 13 3

Ta co . Suy ra

Phuwong phap: Str dung nhém cong thire lién hé giira cac gia tri lugng giac dé tinh toan

A.BAI TAP TU LUAN

Bai tap 1: Thuc hién cac yéu cu trong cac trudng hop sau:

: 1
sma =—

a) Tinh gia tri lugng giac con lai cia goc & biét 5 ya fane + cote <0
38N er —C08 = — o _
b) Cho 2 Tinh A=2s8n" ¢r—cos o
Loi giai
1 I

cot” et l= — = - _,=25:>L:L‘|L:{,r=24
sIn” e | 1 |
5 . _ 49
) L5 cot o =240
a) Ta co hay
. tana cota . iy taneg+coter <0 taner < 0 coter < 0
Vi , cung dau va nén
tan 1 :
an i = =-
L cotar =—24/0 L, cotber 2.6
Do d6 J_ Ta lai co
COS i . I =240
Coler = — = 008 = COLersIn ey = —24/0 — = —
SN er ] ]
1 4 4 ] L | L2 : ]
IS e —cos @ = S 3sn fI-l{] —sin" ) = T
b) Ta co = -

4 08In7 o = 2( 1= 2sin" e+ 8in"er )= 1= dsin’ er + 4sin” er —3=10
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1
< (2sin” e—1)(28in" ¢+ 3)=0 = 2sin" - 1=0 sin” Sl ==
' ' (Do = ) suy ra
i . ) ] ] - ] 2 i ] '.: ]
s =1—5 - =]l——= — 4:3| _|— = —
- cos" o =l-sin"er=1-—=— ~3,| 2| p
Ta lai co = ~ suyra
Bai tap 2: Chung minh céc dang thirc luong giac sau:
SIn e+ COS er . 1+taner 1+ cotexr
— = l-sin&cosa - =0
a) SINefCcose b) I-tane  l-cotu
Loi giai
sin“er i cos’er  (Siner+ cose)(sin’ o —sinecose + cos” )
SINr + COS o SiNer + COSer
a)
= SIN° ¢ —SINerCOS ¢r + COS™ x| — Sin e coS e,
I+ taner D+ coter tanercoter+ tane |+ coter
I—taner  |—coter  tanercote—tane  |—cotor
taner(coter + 1) 1+ coter _coter + 1 1+ coter 0
taner (coter 1) 1—-coter cote -1 cote—1
Bai tap 3: Rat gon cac biu thuce sau:
oo i S0 - - AT
sin (3x—er )+ sm'| et — | [] Ftan® (—er ]]r}]_sm' o= — |
. - . 5 |
a) \ Fay b) \ L
Loi giai
sin(3r —er)=sin(x—e + 2x)=sin(xr —e)=sine
a) Ta co: ;
5m| o+ = |_~m| o+ —+2x |:51n| o+ = |—LL‘I‘\|:—M}—LL‘I‘~{I
LA 2 2 3 1 2
. . ﬂ'z _‘7» !
sIn” (37— er )+ sIn° |_ SIN7¢r 4 CO8” ez = |
Suy ra
tan(—e + 1l7)=tan(—e& )= —tane
b) Ta co6: ;
Sm| e — o+ _——2x |= o+ — |= COS(—er | = COSer.
,, = 2 ¢ ,, 2 r )
C o 3x) ) > .
[] tan® (—e ]]—} am | or—__ |:|[] Ftan” er).cosT e = cos =1,
2 ' COS™ ir
Suy ra
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Bai tap 4: Tinh gia tri ciia cac bicu thirc sau day:
A=3sin" 5% 480" 10°+8in° 15°+ ...+ sin” 85° )
a) (17 s0 hang).

B=cos5% 4 cosl0+cos 5%+ ..+ cosl75"

b) (35 s6 hang).

Loi giai
SIn(90° — ¢ )= coser $INS5° = cos5°, sin80° = cos 107

a) Van dung: ,ta co:
sin75%=cos13%,. . . sin50°= cos40°

A={sin"5% ¢ cos™5%) 4 [sin” 107+ cos™ 107) + ...+ (sin”40% 4 cos™ 407 + sin~ 45"

."' "‘r - ]T
Sl 4] ‘_" -
—— 3 3
ol = =
cos{ 1807~ ¢ )= —cos e cosl75% = —cos5cos! 70 = —cos |07
b) Van dung: ta co:
coslbs"=—cosl5, ..., Ccos9s = —cosks

B=(cos5"+cosl75%)+ (cosl0°+cos|70%)+ ...+ (cos85° 4 cos95%) + cos 90"
Vay

=04 04 o+ 04 cosv0~=10

Bai tap 5: Chimg minh cac ding thirc sau(gia st cac biéu thirc sau déu c6 nghia)
Cos™ x4 28in” x=1+48in" x
a)
Sinx +Ccosx
l;' Vo
py Sina

=cot r+cot x+cota i

col”w—col™ )y Cos8” x—eos™

cot” w.cot” v Cos wcos v
c
Jsin® v+ 4cost v+ Jeos® v+ 4sin®y = 3tan| x ? tan| = — x |

\ 3 la
d) ’
Loi gidi
: cos® x=1-2sin" x4 (sin’ x) < cos’ = (1-sin® x)
a) Pang thirc tvong duong voi (*)

cos” x=[cos” x|

g 2 2 L2 L]
L SINT X4 C0sT = 08 v =1-sm e Vo
Mg S0t cosTy | = cos v =1-sIn " Do dé (%) (ding).
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. SIN X+ COSxY 1 COS ¥ . | sinx
T = — = — cot" x4+l = — tan x =
b) Ta ¢6 5N x sin"x o sint x| o sin”x s COSX o)

T =cot’ v+ Lo cotw(cot i 1) _ Lo 0 ot v cotrs 1= 1P

. cot” v —cot™ ] ] . .
T = - —= —— — =tan y—tan x
, col”axcol” vy colmy col™x
c) Taco ' '
) 1 1 COS™ r—Cos™ v
:‘ _]|_| _]|: - - P
cos v Cos ¥ 4o LDET P CusTy COS™ . Cos™ v

T = fsin” x4 4(1—sin” v )+ feos® v+ 41— cos” v
R e e A e e

- J(::jn: .1'}: —4sin” x+4 4 J{uus: X }: —4cos’ v+ 4 =, f|sin” x - 2}: ; \({un:a: x— 1}:

=(2—sin"x )+ (2—cos x)=4—(sin"x ¢ cos i |=3

|'.'1 | ‘—x|—_:,~mn|_—n|—wt| —l|
PP S I AR 2 R
Mat khac vi nén

=3

o+ 2 '|um| x4 f"|=3:.~ VT = 1P
E A Y

X

Bai tip 6: Ching minh biéu thirc sau khong phu thudc vao

sinxicos x4 2
A= —
a) SINT x4 cos a4 |
|+ coty 24+ 2cot x
= -

I—cotx (tanx—1){tan’x+ 1)
b) | I |

C =+fsin“ v+ 608’ x4 3c0s” v ++Jcos” ¥+ 08in” x4 3sin’

c)
Loi giai

sin“er + cos e = (sin" e+ cosTer | - 2sinfercos’ e = 1- 2sin” ercosT o
a) Taco Tacod

sin" e+ cos’ e = (sin"er) 4 (cosTer) =(sinTer +cos e )(sinT e+ cOS e — SN ercos” o)
= sIN" ¢ + co8” ¢ — sIn7 @ cos” ¢ = 1= 28In° e cos” e — Sin° e cos = |- 3sin” ¢ cos” e

- 3sin‘ercosier + 2 3(1-sin” acos e) 3
.4: — — = — — L= =
I —2sin ercos e +1 E(I—SJtn'f,ruu::' er) 2

Do do

Vay 4 khong phu thudce vao
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Lo 5, 2eos
tan x gin” x
B = - IS -
' ] tany + 1 2(SINTaCos ) qany -2
- (tanx—1)—— = — _ 1
b) Ta co tanx sin” v tany —| tanx —1 tanx — |
Vay B kho 5c vao
ay © khong phu thudc vao .

C= J{]—uus:r ) +0cos x4 3cos \/(]—sjn:.x— )+ 6sin” o+ 3sin x
c)

= J4cos® x + deos” x o 1+ Af4sin’ x4 dsin® x i 1= Jl[l COS™ X ]}: - Jlilsjn"' x4 ]}:

=2co8" v+ 1+ 2sin“x+ 1=3

Vay ¢ khong phu thude vao ~ .

B. BAI TAP TRAC NGHIEM

PHAN I. Cau tric nghiém nhiéu phwong 4n lya chon. M3i ciu héi thi sinh chi chon m§t phwong 4n.

'

| T
A=cos| - — |
Cau 1: Don gian bicu thuc : =/, ta dugc:

A. Cosa B. sina C. —cosa D. —sina

Loi giai

-

I Fral [T
A=cos| a— |:LIL"|5!——{!
I | [ =

\ & S =sing

b | =

Ta co:

A Y 1 , — i a0 4 Penst @A0T = 3 4580
CAu?2: Gié tri ctia biéu thae 5 = 3 —sIn90% 4 Zeos= 007 = 3tan"45" pipg

1 1
A 2. B. 2. c. L D. 3
Loi giai
SRS Y R I Y
§=3-s8in"90° + 2cos” 607 —3tan~ 45" 2 2

Ta cé

Ciu 3: Cac ding thic ndo sau ddy dong thoi xay ra?

. V2 J5 . A2 NG
SIN¥ =—— COs¥r=—— SN =—— CoOs@F—=——
A. 3 3. B. 5. 5 .
4 -3 B
Sy = — COsa— Sihar = — COSa—
C. 5, 5. D. 4

Loi giai:
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1 S0 ex
tana = = . P= r—— -
Cau4: Cho < . (314 tr1 cua biéu thic 2SI e+ 3008 o [y
1 5 1
A. 20 B. 3. c. 20, D. 3.
Loi giai:
P siner _sing(sin“etcos’e)  tan'eotane S
2sin’ e + 3cos’ o 2sin’ o+ 3cos o 2tan’ e+ S 20
Cau5: Rt gon biéu thue M =8I v cos
A, M =1+3sin veos v B. M =1-3sin" x.
i, i,
M=1- ;sm'l.x—. M=1-=sm"2x
C. 2 D. 4

M =sin" x4+ cos” = (sin” x) +(cos x|
Ta co ' '

= [sin”x+ cos” ) — 3sin” wcos” x(sin” x4 cosx )= 1-3sin reos o= |- =sin” 2.

Cau 6:  Rut gon biéu thye M = tan” x—sm-r.

A M= tan” x. B. M = sin” x. c. M= tan® x.sin” x. D. M=1.
Loi gidi
. - sincw L . . VL, .
M=tan" x—sin" x= &N xy=sin ¥ —— 1 |=sin" xtan” x
Ta 6 COs™ ¥ Lcos v
Cau7: Rt gon biéu thire M = COU x—C0s™ 0.
A, M =cot’x. B. M =cos™ x, c. M=1 p. M =cot” xcos’

Loi giai

-

coast

M=col r—C08 v= ———C0% yr=¢05 x| ——— 1 |=cos rneol x.

Ta ¢6 sin” Lsinc oy
A ) o M =(lsin" xjeot” x+ (leot” x).
Cau 8:  Rut gon biéu thuc ' '
A, M =sin’x, B. M =cos™ x, C. M =sin’x, p. M =cos x.

Loi giai
. M={cot’ x—cos x)+ |l -cot x)=1-cos r=sin
Ta bién doi:
Cau9: Rt gon bidu thie M =SIn" ertan” ¢+ 4sin” e — tan” e + Jeos” e

A, M=1+sin" e B. M =sina. c. M =2sina. M =3.

=

Loi giai
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M =tan” erfsin 1)+ 4sin” e+ 3cos” o
Tacod

=tan” cf—cos” )+ 4sin” e+ 3cos” o
=—5in" er+ 4sin” er+ 3c0s = EI[Sitfu oo’ u}=3_

A ) o M =(sin’x+cos o) tan x4 cott s 2).
Cau 10: Rut gon bicu thic : :

A M=-4 B. M=-2. c.M=2. D. M=4
Loi gidi

P

(s cosx ,T"|

M ={1-2sin" xcos’ x—1)

e costx osintx
acod
. . o[ sin® x4 cos® v+ 2sin vcost x| . , a2
= (—251[]' TCcos” n] pTCE—— |: [_—j}_{sj[]' T Cos” n] —
A : AL0sT Y 4
I +sin” e
) .Iﬁ -
Cau 11: DPon gian bicu thuc [ —sin” o
A, P=1+2tan’ a. B. P=1-2tan" .
c. P=-14 2tan® e D P=—]-2tan" c.
Loi giai
f‘:] -5.1[1:”:] ' 5”3-” = ]ﬂ Pran” e =1+ 2tan” e
Ta ¢ | —sin” er COS r COs ™ ér
= coser 1
Céu 12: Don gian biéu thirc sin“er [+ cose
p_ 2cosa P 2 p_ 2
A. sin” e B. sin” & C. 1+ cos & D. P=0.
Loi gidi
P | —cose I 1-cose I
Ta ¢6 sin“er licoser l—cos er |4 coser
|—coser 1 1 1
0
(1—coser)(1+coser) 14 coser  licoser |+ cose
| —sin’ ercos” e .
. P = - — CO8 ¢r.
Cau 13: Don gian bicu thire COs o
A, P=tan"a. B. P=1. c. P=-cosa D. P=col" a.

Loi giai

Cl—sin ercos” o — oS I- CL"S_”(””_” ' C'-"S_”} l—cos e sin er .
P _ - = = tan” c.

COs™ ir COs™ i cos”or COs™ o
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Cau 14:

Cau 15:

Cau 16:

Cau 17:
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Jeosta—|

fe—
Pon gian biéu thirc sy + Cosx
A, P=cosx+siny. B. P =cosxy—sinx
C. F=cos2x—sinly D. F=cos2y+sinlx
Loi giai
_ 2cos® x—(SIn° x4+ c08" ¥} costy—sinix _
£ = - = — = oSy — 5.
Ta cb SNy + COSx Sl 4 COsx
(sines + coser ) —1
Pon gian bidu thirc coter — sinercoser
sine
s P= — .
A, P=2tan @, B. cos & c. P=2cot"a. D.
Loi giai
(siner +coser ) =1 sin” e+ 28INenCOSer + COS er — |
COter — SINer COSex o ]
COSer.| —— —siner |
L SN er ;
Ta co ,
1+ 2sinercoser— 1 2sinercose 28in° o S
= — = - = ——= Zlan- e
=5 er COs e COS™ e
COSer — S
510 e S er
Csine +tane |
F‘:I — | L
Don gian biéu thirc Cocosedl
1
P=—nn.
A P=2. B. P=1+tana. C. COs™ D.
Loi giai
L I . (coser il
. !\J[]{I| 1+ | !\J[]{I| P | .
SN e+ faner \ Coser . Coser ) Bl
= = = = [an cr.
Taco COser 1 coser + | coser 4 | COs o
. 1
P=tan e+ 1= ——.
-
Suy ra L
(1+cos e .
P =taner — Sler
s 1R , L SiNer
Pon gian biéu thirc
A, P=2. B. = 2cosc. c. P=2tana. D. P=
Loi giai
) ClcosTer siner || COS” er
P=tang | —————— Sller |: - F— — slher
| slner coseel siner siner |

Ta co
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1 sin“er l4cosiar—sinte (178N )4 C08 e Dpast -
= fCOS o — = = = = 2coser.
COS ¢r COS er COS er COS ¢r COS ¢r
_cot - cosy SInxcosy
Cau 18: Pon gian biéu thirc cot” x cotw
1 ]
P=-. P=—.
A. P=1 B. P=-1. c. 2 D. 2
Loi giai
cot” v—cos x cos” v .osintx .
— = 1- — = |—cos" n———=1—5In" 1.
Ta c6 col™ cot cos™ x
sinxr.cosy Cosinx L,
= s&inx.Ccosy. =5in° x P —sin’ R
. cotx 05 =1-sin" x+sinx=1.
Va coty COSx . Suy . i i
Cau19: Tinh S=s8in"5" +sin" 10" +8in” 153" + _sin"8" + sin” 85"
19 17
A 2. B. 8. C. 2. D. 9.
Loi gidi
S=sin 5 4sin 10" vsin” 15"+ sint 80" 4 sin 85
ot | B | 2 il ot 2 ol ot 2 =il ! e | o 2 =il ¥ ] ]?
= (sin” 5"+ sin” 85" )+ (sin 10" + sin“80" )+ ..{sin" 15" 4 sin® 75" )+ sin“45" = 8§+ —=—
COS 7+ COS| 7 + — |4 CO8| er + — Feos| ot — |
A , . . , R , - R = A ., .
Cau 20: Véi moi goc &, biéu thuc ' = ' = : </ nhan gia tri

bang
A. 10 B. —10 c. 1 D. 0

10 5
Co6  sO hang, chia thanh  cap.

97 S [ 97 C 4
s | s ) | s | 5 )
Co
‘87 ’ ir T " 2
cos| e+ 22 |=—cos| o+ — | cos| e+ = |=—cos| ot —
|I. b' r 1 j' I |I. :‘ ra L :‘ r
Tuong tu ; ;
. -If 07" el T ST
COS| et — |:—LL"1‘ ot — | COS[ e + —) =—C0Ser
L :‘ r 1, b' ra b P = 0
; . Do d6
3siny—2cosxy
Cau 21: Biét X =2 oi4 trj clia biéu thic JCOST+ ST bang:
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4 4 4
A 9. B. 9. c. 19, D. 19,
Loi giai
siny
po_tosy — 3272 4
=N X S+ 7.2 19
) N M cosx COS 3
Cach 1: Chia ca tr va mau cua cho ta co:
sinx .
fany=2e = Y siny = 2cosy _
cos .y siny =2cosy M
Cach 2: Ta co: thay vao
M = 32cosv—2cosy  deosy 4
' Scosx+ 7.2cosx |Y9cosx 19
s \{] Fsiner \/]— S0 ¢
O<o<— . - .
Cau 22: Cho 2 Tinh VI-sine  Nl+sina
2 2 2 2
A. cosa B. cosa C. sina D. sina .
Loi giai
_\/] Fsin o J]—sjnu
Ni-sine I+ sine
bat
J Fsin er \]]—kmu |_ l+sine l-sine . 4 A
| | —sin o psing | I-sing lising  I-sinfe T 7,
Khi do
s 2
O<ca<— A=
2 cosc >0 COS
Vi nén do do
Vs cu ) 1 5 2
— sina=— cosfi=—— o
Cau 23: Cho cac goc ¢, p théa man 2 , ﬁ<”, 3, 3. Tinh sin(a ﬁ).
. 2+2 . 210 -2
s or 4 ,ﬁ'}:——\r‘_ sinfer + f) =
A. 9 B. 9 .
IR N ) PRI ()
sinfer + )= ———— sin{e + f)= ———
C. 9 D. 9
Loi giai
P |Lu-..e:r 0
5<a £ < |~\m,{;’
Do R
uigeli.xyz

Trang 56



uigeli.xyz

L e : =
CL15{I=—\||I]—5j[]:{I=—,|||]—%=—_.:Ic ::jn;_:‘=\||']—un:::;_:‘= ]—;:ﬁ

Ta co
D . L 2y (22745 242410
sinfer+ )= sinecos 4 cosesingf=— —— | - ‘— —_———
' 3L 3, 3 )3 9
Suy ra
o 24 2410
sinfer+ )= ———
. 9
Vay
A o Ctan (20177 + er) g
Cau24: Voimoi @€l thi i- } bang
A. —tan «. B. cota. C. tana. D. —cot a.
Loi giai
Ctan {20177+ o )= tane.
Ta co
. 5
- : siner=——
|Scose + [2siner=10 13
_ —
]3L:n::f,r f2smer =2 12
_ 13 ) 0 . COs o = ]—1
Scoser + 12siner = 1A ) 3
SLuse e , ta ¢6 hé phuong trinh
n , o M={sinx+cosx) +(sinx—cosx)
Cau 25: Rut gon bicu thic i‘ b }
A, M =1 B. M =2. Cc. M=4. D. M =4sinx.cos .y
Loi giai
(sinx+cosx) =sin’ v +cos” x4 2sinrvcosy =1+ 2sinr.cosx
l{;jn v —Cosx ) =sin’ x4 cos’ v —2sinreosy=1-28in veosy
Ta co
M =2.
Suy ra
A=cos| & — T | Fsinfes — 1)
Cau 26: Don gian bicu thuc ' < , ta duoc
A, A=cose +sineg. B, A=2sine. C. A=sinucosa, D. A=0.
Loi giai
A=cos| - | +sin(e —7)=cos - |=sin(7—¢)=sine—sine =0.
\ 2 ' L2 J '
Ta co
S =cos ?— ¥ [sin{x— .r}—:ijn| ?— x [eos{x—x)
Cau 27: Rut gon bicu thic he S ve ta duoc
A, S=0. B. S=sinx-cos'x. ¢, S=2sinxcosx p. S=1.

Loi giai
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-x | Cos{7—x)

S=cos| Ty |-m[ T— '.}—‘\Jﬂl =
ll.j pl l.j

Ta co

= SNy SNy — Cosv.{—Cosy )= sin” x4 cos xy=1.

Pesin(n el o {J_aml; {!|LL‘II;
Cau28: Cho | ~SINTre)eos(z=a) : 2 ) Menh d& nao dusi day la
dang?
A PHO=0 g Pt0O=-1 c P+O=1 p P+0=2.
Loi gidi

F=sin{x e )oos(r—e)=—sine(—Cose ) =sing.oosea.

Ta co
Q= km| q—l—u | LL‘I‘\: T e | = COS e[ —Siner ) = —$INer.Cos e,

Va - -
L, PrO=sinecosg—sing.cose =10

Khi do )

= L:m];—'T Ftan I L |} i {um”j - unt[?r—_r}}
Cau 29: Gia tri biéu thirc ' v 4 bing
1 1 2 2
' D. cos’ x|

2 * . 2
B. cos™ x C. sin”x

Loi giai

. 2 "
A. SIn"x

-

tan— " —tan| Z+ 47 |= tan| = — |: cotx.
; | 4 ! | 2 ]
Ta co va
cot = cot| T k¥rg cot(7r —x)=—cotx.
Va '
2

P=(l+cotx} +(l1-cotx) =2+2cot’ xy=——
Suyra ST X
PHAN II. Cau tric nghiém ding sai. Trong mdi y a), b), ¢), d) & mdi cau, thi sinh chon ding hoic sai
Scotx+ 4tan x j 2sin v+ Cosy
' cosy—3sin x| khi do:

Cho tanx=-2_Tinh dugc cic biéu thirc Scotx—4tanxy

Cau 1:
cotxy=——
a) 2
b) Vi tanx =—-2 pap cosx =0
21
A=——
c) 11
3
A, ==
d) 7
Loi giai
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Cau 2:
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1
tany = -2 = cotxr = ——
2
a) Plung: Ta co:
tanxy =-2 cosx =0
b) Sai: Ta c6 nén
3 -
3t g
4=—= =——
_3 S 4(-2) i
7
c¢) blng:
5 , 4, cosXx
d) Sai: Chia tir va mau cua biéu thuc cho , ta duoc:

Ieiny  Ccosy

2tanx+ 1 2.(-2)+1

_ COs Ccos v _ = =
©ocosx 3sinx |-3tanx  1-3.(-2)

el |

Cus Y Cus Y

Jsiny o+ 3cosy

B=—— "' 5=

~ _ P SERE , I R,
Cho 0tx =2 Tinh duoc céac biéu thirc 3sinx—2cosx
cotx =2 sinx # 0
a) Vi nén
B =-8
b)
B,=-5
c) 7?2
d) B| +H: =_]_".|
Loi giai
cotx =2 sinx =0
a) bung: Vi nén
‘ N . B, sinx
b) bung: Chia ca tir va mau cua biéu thuc  cho , ta duogc:
S8inx L cosx
i T 3coty Y430
g _siny  sipy =30ty ~d3o
o qSinx ,co8v 3-2cotx 3-2-2
sinx sl
R ) B, sin” x
¢) Sai: Chia ca tr va mau cua bi€u thirc cho , ta duoc:
2
— % L o0 20 - . -2
5 S x =_I[] cot .nj=_|{] 2 }=‘_\
. - 3 =

COS™ x  SINvcosxy  cot’ x—coty

sin” x sin” x

P

R —— C i,
COS™ v —SINYCOS YT khi do:
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B+ B =-815=23

d) Sai:
3 T
coser =—.0 <= = i
Cau 3: Cho goc lugng gidc & thdéa man 2 = . Xét tinh dung sai cua cac phat biéu sau:
~sin .«
a) Gia tri cua goc lugng gidc  am.
tan o
b) Gia tri cua goc lugng giac  duong.
. . 2
Pr=sn o —2008 = —
25

¢) Gia tri cua biéu thuc

O=tane +coter =2
d) Gia tri cia bicu thire

Loi giai

D<o« x
) 2 sin >0
a) Sai: Vi nén
T
0<e<— .
b siner = 0,co8er = 0= tane = 0
b) DBung: Vi nén
3 T . - 4 - *1 . 6 18 2
coser == rs —=smu=4l-c0s === F=smn -0 r=—— —=——
5 2 3 25 25 25
c) Vi
4 3 25
J=tane +color=—+ —=— =2
) i 4 12
d) bung:
Cau4: Cho tfana =2 X¢t tinh dung sai ciia cac phat biéu sau:
1
cotar =—
2
a)
B B s Jg
0= =— COSG = ——
3
b) Khi thi
SiNer — COS e 5
B = ] ] ' =TT
o B SN er + 3008 e+ 2singr 31
¢) Gia tri cua biéu thuc
sin“er cosTer | 4_5][]"{! cos er |
i |'I] 4 |'I] ‘ . . i 3 |'I] ] i ] ; |I|:I'.
d) Cho . Gia tri cua bicu thuc:

Loi giai
1

~

taner.coter = 1= coter = =
a) bung: Ta co: tan e
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I+ tan” e =
b) Sai: Ta co: COs™ o
rra

-

O0<a =—
2

COsLr =

Ua|f;?|

Ma nén
Sier COSex

cos e

— LO5 r =

3

] f—

1+ tan” e

— COser =

LN

I

tane(tan” e + 1)— (tan” e
1)

=

oS er _
sinfer3cos o 2sine tan’e 4 3+ 2tane(tan” o

¢) Pung: COS ¢ COS &
2441)-(4+1) s

3+22(441) 31

H=

Suy ra

24
(1—¢)

COs™ r=1—
[|'

d) Sai: bat
ih

g+ h

L=l

e b(l-t) +ar’=

= -."1}:.":—]."1[:[.' Fh)t bt =0 ==

h
i

COs™ i =
il

Suy ra

Ccos e i

b

Tt =2kt h=

- {
Al = ——

cos o

I

i h

¢
i
i

ah : .
S lat+h )t =-2bt+ b=
i

o+ n

h

a+b

i+ h

o

h

i ."1}: i .":l};-

[: i

sin’ er
a’ b (4

Viy:

-7
—<a =0

Caus5: Cho goc ¢ thdéa man
sina >0

a)

: 10
:-;Jw:——b

b)

COSer — SiNer

."]}- | I::[.'

va cota =—3 Xt tinh dung sai ctia cac phat biéu sau:

1

21

=

05 ér

COs o 4 381N

-

{L:m —Z itan

d)

2o

—{I|

=20

137 . }
cot{Ta—er)

[

Loi giai
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—T
—<a=<0

) 2 sina <0
a) Sai: Do nén
. 10 -
SN =——— <o <0 _
10 2 sinag <0
b) Bung: do nén
. . | 10
I+ cot” er= — SNy = — =
51 I+ cot™er 10
Tur hé thire , Suy ra
COSer — SINer 10 oo COser — SINer
COS'er 4 38N e 4 Jeoser 21 . Cos o 4+ 38N e + Je0s e
c¢) bung: . Xét bieu thuc
3 sin’ &
Chia ca tir va mau cho ta duoc:
COS e 1 o o
T o oL Fcob - Feob
p__ sl sina =LLLu.|[] cot x| |{] cot” i )
CO8 ir q ., o LOSE cot " er + 3+ Z.L:L‘ltf,r.l[] - LIL‘II:{I}
sin’ e sin’ ¢
10
P:_
cotar = -3 21
Thay vao P ta duoc
177 (T vl 137 . o
tan —— + tan| —— ¢ | Pleot——=v cot{Tr—e)| =20
4 L 2 ; 4
d) bung:
177 |'z T \ T |" 7T \
tan—=tan| —+ 47 |=tan—=1 tan| —— er |= coler.
3 - ) 4 L2 )
Taco va
cot —— = cot| — -3,T|:L:UL_:] -
: | 4 ) 4 cot{7o—er)=—cot e
Va ;

17z ‘1 ] 137 -
tan ——+ L:m| ——ir | bl cot——+ cot( Tar—er)
S 4 2 4 '
uy ra

=(I+cotx) +(1-cotx) =2+ 2cot x=2+2.(=3) =20

172 . (T T 137 .. :
tan ——+ tan| —— e || +|cot——+ cot(Tr—er)| =20
4 2 4 |

b, = A

Do d6, ménh dé

PHAN III. Cau tric nghiém tra 10i ngin

A , .2 , — FrAet v S T SIS YRS S v e o
Caul: Rt gon biéu thie A= 2C087 X —8IN"x #8107 XCOS™ 0+ 38107
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Cau 2:

Cau 3:

Cau 4:

uigeli.xyz
Loi giai

A=2cos  x—sin x+sin” xcos x +3sin” x

=05 x—sIN X+ COS” v+ SIN° X C0s v+ 38IN° x=Cos ¥ —SiN° v+ Cos x+ 3sin” x

=2cos x4+ 2sin"y=2

kFs
o — )
Cho goc @ thoa man 2 yasme—2cosa =1 Tiph = 2tana —cote.
Loi giai
37 [smrx <0
ol
- 2 coser < 0
Vi suy ra

|::Jm;—2uu::u=] _ N .

o ) =1+ 2cose) +cos o =1
. ISJ[]'{I Foos =1 '
Tacod -

cosee= 0 (loaii)

= 5008 o+ denser= e 4
CL15f.{'=_—_
)

1N e

_ = fanee =
sing <0 “05

(do ) Coser

sine =-—

| e

o SN 08 = |
Tt h¢ thiuc , suy ra

coser 4
cober = =

siner 3

va

tane = cota =

Bw
|

Thay va vao P , ta duoc

=

siner 4 coser = —. ) . ;

Cho géc @ théa man 2 Tinh = tan e+ col” e
Loi giai

S

siner 4 c0ser = — = (siner + coser | =

£ SN COSer = ——,

b | =

Taco

o SINTer c0sT e SIN @008 i

ws 0g° sin” 2in° er.c0s”
KhldO LS i S0 b ST er 08 i

[sin“er+ cos”er) — 2sin"ercos’ e 1= 2(sinercoser ) "
SIN° (2,008 ix (sinercoser)

V4
—<a<r
Cho goc & thoaman 2 va tane — coter =1 Tipp £ = tane + cote.

Loi giai
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> =45
tancr — coter = 1< tane — =l tan a—tane—-1=0< tane =

Ta cé: an o 2

7 1-+f5 ! 2

—< o< T [aner = '1 _‘3L:L1[{[:—:] f

2 X A < lan o —&f5
Do - suy ra tana <0 nén

-3 2 1—4/5 2 -
me:i coler = FP= J- =—f5 2224
2 v =5 o P 2 1-45
Thay - va vao © tadugc
: 12
sinercose = — _ o _
Caus5: Chogoc ¢ thdéaman 25 vy sing + cose = 0. Typp 7= 810 o + COS ce.
91 9 7 1

P=—. P=_. p=_. p—_.

A 125 B. 25 c. 5 p. Y
Loi giai

; a4 h =(a+h) —3abla+h)
Ap dung ,taco

P=sin e+ cos ¢ =(sineg + coser ) — 3sinercose(sine + coser ).

24 49

(Sinee + coser ) =8N e+ 28INcr COSer + CO8 er = 14 —=—
, ) ]
Ta co -

. . SiN¢r + COSer = —
. SiNer + COSer =
Vi

LN

nén ta chon

SiN¢r + COSor =

'-.1'|| -

[
1
I=
1
L

_—

-
Il
I

]

SINerCOSir =

| ]
L
|

Thay vao P , ta duoc

P 28in7 er + 3siner.coser + 4008 o
Ciu6: Cho géc @ théa min tane =2. Tinh Ssin’ e+ 0cos o

e

Loi giai

 r xR cos’ a
Chia ca tir va mau cua i cho ta duoc
gy 2 n o I R I C
2an” o+ Maner+4 2.2+ 32+ 4 ]

f‘: : — - ' = — - = — nhli‘l'l}
Stan~ o+ 0 3240 13

Cau7: Huyén li Quan Ba tinh Ha Giang va huyén li Cai Nu6c tinh Ca Mau cung nam & 105°kinh déng,
nhung Quan Ba & 23°vi béc, Cai Nudc ¢ vi do 9°bic. Hay tinh d6 dai cua cung kinh tuyén ndi
hai huyén li d6 (khoang cach theo duong chim bay), coi Trai D4t c¢6 ban kinh 6278km

Loi giai
Goc & tam chan cung kinh tuyén ndi huyén Quan Ba tinh Ha Giang va huyén Cai Nudc tinh Ca

230 -9 =140
Mau c¢6 s6 do bang
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0378 14

= | S58( ks
150 (k)

Viay d6 dai cung kinh tuyén d6 bang
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