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TRAC NGHIEM BAI TOAN THUC TE LIEN QUAN PEN
HINH HQC

A. Noi dung kién thirc.

Bai toan thyc té lién quan dén hinh hoc thudng xoay quanh mét sé noi dung nhu sau: Tinh toan
dé duong di duoc ngin nhét, tinh toan dé dién tich dwoc 16n nhat, hay ciing c6 thé don gian 1a
tinh dién tich hogc thé tich cia mot vat...

Ta chu y mot so6 kién thirc sau:

1. Céng thic tinh chu vi, di¢n tich ciia cdc hinh, thé tich ciia cdc khoi hinh.
* Hinh tam giac: Cho tam giac ABC duong cao AH, data = BC, b = CA, c = AB, h = AH.
Chuvitamgiacla: P=a +b +c.
Dién tich tam giadc 1a :
A

-
B H

- ] ] 1 . - 1
5= :[H'i' = ah.sin C= J;J[;J—:f}[p—n][;l—: |

o |

P=
(voi

).
* Hinh quat: Xét hinh quat O4B c6 ban kinh R, gbc & tim bang @ (tinh theo radian).
B

Chu vi cta hinh quat 1a :

. P=21R. f = P=wuR

Dién tich cua hinh quat 1a :

A a

S=2xR".

= S=wR".

= AL

* Hinh non, khoi non:
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Dién tich xuang quanh ctia hinh nén ¢6 ban kinh dudng tron day bang r va c6 d6 dai duong sinh

bing /1a: S =

Dién tich toan phan cua hinh non tron xoay bang di¢n tich xung quanh cua hinh nén cong véi

Ao T S =arlv o
di¢n tich day cua hinh nén: ™~

V =—mrh.

Thé tich cua khoi ndn tron xoay cd co6 chiéu cao 4 va ban kinh day bang r la:

*Hinh tru, khoi tru:

d | —

Dién tich xuang quanh ctia hinh truy c6 ban kinh day bang » va c6 dudng sinh bang / la:

S, =2l

Dién tich toan phén cuda hinh tru bé“mg dién tich xung quanh cua hinh try dé cong vdi dién tich hai

S =2+ 2720,

day cua hinh tru:
Thé tich ctia khéi tru co chiéu cao 4 va c¢6 ban kinh day bang r 1a: ¥ =7 “h.
Chii y: Trudng hop hinh lang try ding va khoi ling try ding (nhu hinh v&) thi 7 = 1.

*Mat cau, khoi cau:
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Khéi cdu ban kinh R c6 thé tich la:
2. Cich tim gid tri I6n nhdt, nhé nhat ciia ham sé trén mot doan, khodng, niva doan, niva
khodng.

C6 1& day 1a mot bai toan kha quen thudc voi rat nhiéu ban doc, tac gia s& khong nhic lai
phuong phéap khao sat ham s6 dé tim gi4 tri 16n nhat va nho nhét. Tac gia cung cip thém cho ban

doc mdt so cong thirc sau:

e Chohamsb '~ “* néu a> 0 thi ham s6 di cho dat gia tri nho nhat trén - khi

_—b

X=—
2a

\ A 1=
e Cho ham so -

—b
X=—-:
2a
— Gt g+ b o {a+hy
Sab = =ah s —
e Véia,b lacéc so thuc duong thi ta co: 2 4 Pang thuc

xdy ra khia=>.
M- g+ hte  Aath+c)
) Jahe f———=abcf ————
e Vodia, b, c lacac so thuc duong thi ta co: 2 =

Ding thirc xay rakhia=b=c.

Phan chirng minh xin dé lai cho ban doc.
3. Ung dung ciia tich phén trong viéc tinh di¢n tich hinh phang, tinh thé tich ciia khéi tron

xoay.
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e Néuham sb y =1(x) lién tuc trén doan [ a;b] thi di¢n tich S ciia hinh phéng gidi han boi
S:“fumh
la a )

cac duong : '~ fiv)r=0xv=ax=h

v=flx)l=glx)

e Dién tich S ctia hinh phéng gi6i han bai db thi cac ham s6 - " lién tyc trén

S = []£1x) - glx)|dv
doan [ a; b] va hai duong thaing x =a, x =b Ia
e Choham sdy =f(x) lién tuc trén [a, b]. Thé tich ¥ cta khéi tron xoay tao bai hinh

r=flx)r=0,r=a,x="h,

phang gidi han boi cac dudng: : khi quay xung quanh truc

= e
hoanh dugc tinh theo cong thirc :
e Thé tich V cua khdi tron xoay tao boéi hinh phang gidi han boéi cic duong

v=flrhyr=gixil= )= elxh fre . N .
: e e " 77777 lién tyc trén doan [a;b]), x = a, x = b, khi quay xung

g%ﬂ—x%ﬂwu
quanh truc Ox dugc tinh theo cong thuc :

B. Vi du minh hoa.

Vi du 1. Mot dudong day dién dugc ndi tir nha may dién trén bo bién & vi tri 4 dén vi tri C trén
mot hon dao. Khoang cach ngan nhét tir C dén dat 1ién 1 doan BC ¢ d6 dai 1 km, khoang cach
tr A dén B 1a 4 km. Nguoi ta chon mot vi tri 1a diém S nam gitta A va B dé mic duong day dién
tir A dén S, rdi tir S &n C nhu hinh v& du6i day. Chi phi mdi km day dién trén dat lién mat
3000USD, mdi km day dién dit ngam dudi bién mat 5000USD. Hoi diém S phai cach diém 4
bao nhiéu km dé chi phi mac duong day dién 12 it nhat.

C

A. 3,25 km. B. 1 km. C. 2 km. D. 1,5 km.

Loi giai

. -~ _{.‘; = . [] A ™ _‘:\; = — .
Gia sit ! 4= B5=4
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f(x)=300x + 5001+ (4—x)

Téng chi phi mic duong day dién 1a :

Bai toan tr¢ thanh tim gié tri 16n nhat cia S trén (0:4).

Cach 1: Ta co:

- § 0 Ay
3l (Baf =54 ) (A =~ |

Flixy= 0= 300+ 300
o L

I
So sanh véi diéu kién ta co 4
bép an A.
Cach 2:

Ta co: Ta co: £(3,25) =1600; £(1) =1881,13883; f(2) =1718,033989; £(1,5) =1796,291202.
Nhu vy ta cling tim ra A 1a dap an.
Binh luin: Khong it ban doc cho rang cach giai thir hai khong dugc khoa hoc va lam mat di vé
dep ctia toan hoc. Quan diém cua tac gia vé Cach 1 va Cach 2 nhu sau:

e Cahai cach déu phai tim gia tri 16n nhat ctia £ (x) trén (0;4).

e Céch 1: Chung ta giai quyét bang cach khao sat ham s £'(x) trén khoang (0;4) dé tim ra
gia tri cia x ma tai d6 £ (x) dat gia tri 16n nhét; tiép theo, so sanh két qua tim dugc véi cac
dap an A, B, C, D dé tim ra cdu tra 10i dting cho cau hoi.

e Céch 2: Sau khi 1ap dwoc ham sb f(x) nhu Cach 1, tinh £(3,25), £ (1), £(2), /' (1,5); sb
16n nhat trong bén 6 tinh dugc sé& 1a gia tri 16n nhét cta £ (x). Tir d6, hién nhién, d& dang
tim ra cau trd 161 dung cho céu hai.
C6 thé thay, 16 rang Céch 2 gitp ta tim dap an nhanh hon cach 1. Sy khac biét giita Cach 1 va
Cach 2 néu trén ndm ¢ quan niém vé tinh hudng dt ra. Vi Cach 1, ta coi cac phwong
an A, B, C, D chi la cac dir li¢u dwa ra dé ddi chiéu; voi Cach 2, ta coi cac phuwong an A, B,

C, D 14 gia thiét ctia tinh hudng dit ra.

e (€0 I& nhitng bai tap tric nghiém c6 thé lam theo Cach 2 d6i phan 1a han ché cua viéc
kiém tra

theo hinh thirc tric nghiém, tuy nhién trong qua trinh 1am bai thi mdi cau héi di dwoc nguoi

ra dé d4 ngdm 4n dinh khoang thoi gian 1am bai, do vay theo tac gia néu gip cau hoi nay

trong phong thi hoc sinh nén lam theo Céch 2.
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Vi du 2. M6t cua s6 ¢co dang nhu hinh vé, bao g@)m: mot hinh chir nhat ghép véi nura hinh tron co6

tAm nam trén canh hinh chit nhat. Biét rang chu vi cho phép cua cua so 1a 4 m. Hoi dién tich 16n

nhat cua ctra sO 1a bao nhiéu.

A
& S
B &
> 8 s
m= nm- 5 m-
A4+ B. 4+7 C. 2m~ D. 4+371

Loi giai
Goi d6 dai IA va AB lan lugt laava b (0 <a, b<4).

4-ra-2a
oo a+(la+2h)=4e h=—""_"7(]),
Vi chu vi cua ctra s6 bang 4m nén ta c6: 2
Dién tich cua cira s6 la:
Ta” 4—za-2ua T (.
Slal= +2a. = Sla)=da-2a - =—|2+— |a +da.
2 2 2 \ 2
Bai toan trd thanh tim gia tri 16n nhit cia S(a) trén (0;4).
Cach 1:
e g4 B

Sa)=0=4—4a—ra=0<=a= . imnﬁhuzﬁlj—t|:4 -
Ta C(’)' —]' T Suy ra: T 5 (] L
Dap an B.
Cach 2:

Do S(a) 1a ham s6 bac hai c6 hé s6 cta a* Am nén no dat gia tri 1on nhat khi:

4 4

oy ..|_ g

= maxsSal=5
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Binh lugn: Vi sao tai (1) chung ta khong biéu dién a theo » ma lai bi€u dién b theo a? Pau do6 co

ban doc nghi ring viéc biéu dién a theo b hay biéu dién b theo a thi cac budc 1am van vy va
khong anh huong dén qua trinh 1am bai. Liéu didu nay c6 ding? Cau tra 15i 1a khong? Chung ta
biét rang cira gdm hai bd phan (bd phan hinh chit nhat va bd phan c6 dang ntra dudng tron),
nhung ca hai bo phan nay khi tinh dién tich déu phai tinh theo . Nhu vay néu ching ta biéu dién
a theo b thi viéc tinh toan s& phirc tap hon khi biéu dién b theo a. Cong viéc tuong chimg nhu rat

don gian nay nhung né c6 thé gitip ich rat nhidu cho ban doc trong khi tinh toan.

Vi du 3. C6 hai cay cdt dung trén mat dét 1an luot cao 1 m va 4 m, dinh cua hai cay ¢t cach
nhau 5 m. Nguoi ta can chon mot vi tri trén mat dat (ném gitta hai chan ct) va gidng day ndi dén

hai dinh cot dé trang tri nhu mé hinh bén dudi. Tinh do dai day ngan nhat.

MQ-=mmmm -

Al Ja1m. B. J37m. C. J29m. D. 3/5m.
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KeAF L BE= DE=AF=v5"

Dét DO = 0 = —H — (=4 -

Do dai doan day can gidng 14 :
flx)=yfl4x® + Jlo+(4-x)

o flx)=Afl+ 7+ fr —8x+ 32

Bai toan trd thanh tim gia tri nho nht cua f(x) trén (0;4)

i) =0 e

Ta co: VIt

Dung MTCT sir dung tinh ning nham nghiém ta tinh dugc:

fx)=0=r=058=min fix)i=/(0.5)=+41.

bap an A.

Vi du 4. Mot man hinh ti vi hinh chit nhat cao 1,4 m dugc dat 6 dé cao 1,8 m so voi tam mat
(tinh tir ddu mép dudi ciia man hinh). Dé nhin rd nhét phai xac dinh vi tri dimg sao cho goc nhin

16n nhat ( 1a goc nhin). Hay xac dinh d6 dai 40 dé nhin dugc r6 nhat. BOC
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Vi tri mét

A.AO=24m. B. AO=2m. C.AO=2,6 m. D. AO=3m.

Loi giai
Dit : AQ=xlr=0= 08 = af A 324,00 =4+ 10,24, Ta co:

OB+ OC —BC w0 43244 0 410,24 =196 45,70
208.0C 2 132440 110,24 S 13240 0 110,24

cosHOC =

Goc nhin BOC 16n nhét khi bé nhat. cosBOC

Cach 1:
. t+ 35,70 t+35,70
Datf =00 g VEE3 2401024 13,4804 33,1776
JFi13.480:33. 1770~ — 1074 {1+3,76)
P JE 13,4804 33,1776
Taco £+ 13,48¢ + 33,1770
0,95¢ — 5, 0445 . - -
Fie)=- £=3,644 —— ft)=0 =570,

(V134804331770 |

Suy ra cos BOC 16n nhat khi * =~ V2. 70 =24
Pép 4n A.
Cach 2:

Ta s& thir xem trong 4 dap an da cho d4p 4n nao lam nho nhét thi d6 1a dap an can tim. cosBOC

() xT+ 576
L=
. Y e Ly ,
Bét. J Mo _—]'.'u".'. ][]. _—]' .Ta co:
24
2, 4)=—=090 /0 2)= 09012200075 F(2,0)= 0960240160, F(3)=0,960240166,
25

Tur d6 suy ra A 1a dap an.
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Vi du 5. Mdi trang gidy ctia cudn sach gido khoa can dién tich 384 cm?. L& trén va 1& dudi 1a

3cm, 18 trai va 18 phai 1a 2 cm. Hiy cho biét kich thudc ti wu cia trang gidy.

~

o

e

A. Dai 24 cm; rong 16 cm.

B. Dai 23,5 cm; rong 17 cm.
C. Dai 25 cm; rdng 15,36 cm.
D. Dai 25,6 cm; rong 15 cm.

Loi giai

Trang gidy c6 kich thudc toi uu khi dién tich phan trinh bay ndi dung 13 16n nhét.

384
Y= 8V0) quy ra chidu rong 1a X
. [ 384 |
flx)=(r—0)) 24 |=—4x -

Goi chiéu dai cua trang giay la

230
2304, 405,

X

Dién tich dé trinh bay ndi dung la:
Ta can tim gia trj 10n nhat cua 1) i x> 86

2304
) =4+ —= (x)=0r=24

Ta c6 :

bap an A.

Vi du 6. (Bé minh hoa ldn 1 ky thi THPTOG ndm 2017) Cho mot tim nhém hinh vudng canh 12

cm. Nguoi ta cat & bon géc cua tdm nhom doé bon hinh vudng bang nhau, moi hinh vuong co

canh béng x (cm), roi gap tAm nhém lai nhu hinh vé dudi day dé duge mot cai hop khong nép.

Tim x dé hop nhan dugce co thé tich 16n nhat.
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] 1

—_————— [ S )
I ]
I I
I I ~
I 1
I 1 1
1 1 1

—p — — ——— — > — -8 O — e ———
] 1
L s -

A.x=6. B.x =3. C.x=2.
Loi giai
X " i = T HI_HI.I- - )‘\ by ; 4 M r /{ r..
Theé tich cua hop la ! =022 207 o GAn tim x 48 V(x) dat gia tri 16n nhat voi 0 <x < 6.

Cach 1:
Taco: V(6) = 0; V(3) = 108; V(2) = 128; V(4) = 64.

Suy ra C la dép an.

Cach 2:
Ta co: Fol=4a(ao =120+ 30) =40 — 450 + 1440
. r=~n
Fliv)=0= 12y -9+ [4Hd=0=

[

Suy ra:
Ma V(6) = 0; V(2) = 128 nén x = 2 théa man dé bai.
bap an C.

Cach 3:

Theo bat dang thirc AM-GM ta co:

) =226 - x )0 —x ) 22

Piang thirc xdy rakhi: 2x =6 —x =>x =2,
bap an C.

Cach 4:

2ei(o-x)+(0-x)]
3 —_—

04 =125
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Str dung chirc nang TABLE cua MTCT (fx-570ES PLUS) ta thuc hi¢n nhu sau:

Budc 1: Nhin MODE chon chirc ning TABLE bang cach nhan s6 7.

e

Budc 2: Man hinh yéu cau nhap ham sb f(x) ban doc hiy nhap V(x) vao sau d6 nhin dau

69

Budc 3: Man hinh hién “Start?” day 1a gia tri bat dau, bon doc nhéan sb 1 sau d6 nhan dau
Man hinh hién tiép “End?” day la gia tri két thiic, ban doc nhan s 6 sau d6 nhan ddu “=". Man
hinh lai hién tiép “Step?” day la khoang cach ma ban doc can chon dé dat khoang cach cho cac

669

gia tri cuia x, voi bai nay ban doc nhan s6 1 sau d6 nhan dau

Budc 4: Man hinh hién lén cho ta mdt bang gém hai cdt, cOt bén trai 1a gia tri cua x kém theo d6
la cac gia tri twrong ung cua V(x) ¢ bén phai. Dya vao bang nay ban doc s€ suy ra x =2 thi V(x)

16n nhat.
Pép s6 C.

Binh luin: Sau khi xem 4 cach giai trén dau do s& c6 ban doc cho rang cach giai thir nhat hoic
cach giai tht tu 1a nhanh chong va don gian nhat. Tuy nhién quan diém cia tac gia nhu sau:

e Céch giai thir nhat khong phai bai nao ciing 4p dung duoc.

e Cach giai thtr tw khong hiru ich trong cac bai toan cac bién s 13 s6 1¢ (hay ban doc con

gol

1a s6 x4u) vi gia tri cta f(x) trong bang ¢ thé 1a 16n nhat (nhé nhat) nhung chua hin da
16n nhat (nho nhat) trén mién ta dang xét. O vi du ndy cac gia tri cia x dua ra & cac phuong
an A, B, C, D 1a s6 nguyén nén ta méi c6 thé nhanh chong so sanh va ddi chiéu véi cac gia
tri trong may tinh.

e Theo tac gia cach giai thir ba 1a nhanh chong va khoa hoc nhét, bai 1am & trén tac gia da
giai chi tiét, tic gia da di tim gia tri 16n nhét cia ¥(x). Tuy nhién néu chi tim x dé V(x)
16n nhét thi ta c6 thé tim duoc ngay nho viée giai phuong trinh: 4x = 12 - 2x hodc
2x = 6 - x, ca hai phuong trinh ndy déu cho ta nghiém x = 2.

> Cau hoi: Tqi sao tac gia lai tim diroc mot trong hai phwong trinh 4x =12-2x hodc

2x = 6- x ? Cau tra 10i rit don gian, trong muc A (kién thirc can nho) tac gia da

cung cip cho ban doc mét din xuat cua bat dang thic AM-GM d6 1a:

m _ arore ahc = —r'“ thic) )
Ta co: 3 =/ , Vo1 a, b, ¢ 1a cac so thyc duong.

Ping thirc xdy rakhia=b =c.
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Dan xuat cua bat dang thic AM-GM trong phan tac gid dong khung rat manh doi véi bai toan nay

vi nd chuyén trang thai lién kiét cta a, b, ¢ tir lién két nhan sang lién két cong.
Tré lai voi bai toan Ta can tim x dé 2 V(x) = x(12-2x)* dat gia tri 16n nhét v6i 0 < x < 6. Trong
biéu thirc ¥(x) dang c6 céac lién két nhan cu thé 1a cac lién két nhan cia x, 12 - 2x va 12 - 2x, néu

ta dung ngay AM-GM dé chuyén sang lién két cong thi s& duoc tong:

)= (1212 x4 (12-2x) + (12 -2x) | _(24-3x |
(w)=x(12-20)(12-2x) = | . === _ A
' - S , 10 rang rang ta khong

thir dugc x . Tuy nhién néu ta chi nhan thém 4 vao thi moi chuyén sé& khéc:

Gl e (12=2x) 4 (12= 200

()= 1.4.-.-[ 12-2x)12-2%) = — S12=128

dang thirc xay

|
y - 3 173

rakhi: 4r=12-2v = v=2
Nhu vay dé giai bai toan nay ban doc chi can giai phuong trinh 4x = 12-2x hodc 2x = 6 - x 1 tim
ran gay dap an. Viéc tim ra mot trong hai phuong trinh trén khong khoé vi n6 chi 1a cac budce xéac
dinh diém roi don gian cua bat ding thirc AM-GM.
> Cau hoi: Néu dé bai yéu cau tim giad tri lom nhat cia V(x) thi liéu viéc tinh toan co mat
thoi gian va gdy sai lam khi tinh todn khéng, vi ddy c6 s6 mii chira ké kha nang sé xdu?
R rang viéc tim gia tri 16n nhat nhu & trén biéu thirc c6 vé kha dai va co 18 ciing 1a tro
ngai nhét dinh cho mdt sb ban doc, dé giai quyét van dé nay (cach lam nay chi dugc ap
dung cho hinh thirc thi tric nghiém) ban doc 1am nhu sau: Pau tién ban doc xac dinh
diém roi dé tim x v6i myc dich x4c dinh xem x bang bao nhiéu thi V(x) 16n nhat ( gia sir
X =X ), sau d6 ban doc tinh V(xo)nhu vay 13 ban doc di tim ra gi tri 16n nhét cia V(x).
Cu thé ta c6 thé tim gid tri 16n nhit ciia V(x) trong vi du trén nhu sau:
Budc 1: Gidi phuong trinh 4x =12 -2xtaco x =2.
Budc 2: Tinh V(2) ta ¢6 ngay gia tri 16n nhat cua V(x) = 128.

Vi du 7: M6t nguoi tho co khi vé bdn nia duong tron trén tAm nhém hinh vuong canh 1 m, sau
d6 cat thanh hinh bong hoa (phan t6 d¢am trong hinh v&). Hay tinh dién tich ciia bong hoa ct

duoc.
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A.O._S()m:. B. 0,43m". C. 0,57m". D. 0,44m*.

Loi giai

B 0.5m C

Nhan xét: Dién tich cua nira canh hoa sé béng dién tich cua mot phén tu duong tron trur di dién
tich tam giac ABC (xem hinh v& bén).
|

—.3,14.0,5 -
Dién tich cua ntra canh hoa 1a; 4

I

— 0.5 =0.07125(m7 ).
2

Ay . 1A Z \ TI358=0.57(m"
Dién tich ctuia bong hoa cat dugc 1a; -1 [23.5=0.57(m").

bap an C.

Vi du 8. (Pé minh hoa ky thi THPTOG nam 2017) Tir mdt tim nhom hinh chir nhat c6 kich
thudc 50 cm x 240 cm, ngudi ta 1am cac thung dyng nude hinh tru ¢6 chiéu cao bang 50 cm, theo
hai cach sau (xem hinh minh hoa duéu day):

Céch 1: GO tim t6n ban dau thanh mit xung quanh cua thung.

Céch 2: Cit tAm ton ban dau thanh hai tim bang nhau, rdi go mdi tim dé thanh mit xung quang

ctia mot thung.
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Ki hi¢u 14 thé tich V, cua thing go duoc theo cach 1 va V, 14 tong thé tich ciia hai thung go

n
duoc theo cach 2. Tinh ti sb v,
/,-"' e ——
_—
N - g
T /,-'_ --».\
! o .
i >
! s SN
[ n Y, i,
A2 B. /> c.” p. "

Loi giai

Goi ban kinh day cua thung go theo cach 1 1a R, va ban kinh day cua thung dugc go theo cach 2

1 S0TRT R
T I S
AR, Taco: 1= =20ai IR
R R’
240 =27k =47k, = —L=2= =4
Ma: K, R,
no4
v, 2
Suyra: "2 -~
bép an C.

Vi du 9. M6t cai mil bang vai ciia nha 4o thuat voi kich thude nhu hinh v&. Hay tinh tong dién

tich vai can dé lam cai mii do6 biét rang vanh mi hinh tron va 6ng mi hinh truy.
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[—
=
|

\

A.?OO;T(Z'HI: B 754, 25em” C 750,25 zem” D T56.251cm”

. . .

Loi giai

a a2 ko0 S = 2Rt aht =27.7.5304 27,5 = 500,257 (cm” ).
Dién tich véi dé lam ong mii la: ™! fiakan ( em)

Dién tich vai dé la vanh mii la: ~

Al

2 A e d o A eaty oo ooy 800,257+ 2500 =756, 25x(em”
Tong dién tich vai can d¢ 1a cai mii la: - 0, 207 + 2. fat o)

Dép én D.

Vi du 10. Nguoi ta giang ludi dé nudi riéng mot loai ca trén mot goc hd. Biét rang ludi duogc
giang theo mot dudng thang tir mot vi tri trén bd ngang dén mot vi tri trén bd doc va phai di qua
mot cai coc dd cdm sin & vi tri 4. Hoi dién nho nhit co thé gidng 1a bao nhiéu, biét rang khoang

cach tir coc dén bd ngang 13 5 m va khoang céach tir coc dén bo doc 1a 12 m.
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Bo
doc

Khu nuoi

L - A
ca rieng

Bo& ngang

AL 120m° B. 156m’ c. 2380083 m> ) 283.003(8)m°

Loi giai

("T
X
B 12 A
J
5 —
! K B
Dit tén cac diém nhu hinh v&. Dit CJ=x,(x>0)
2 ()
‘ AL O S
Vi hai tam giac AJC va BKA 1a hai tam gidc dong dang nén: = A5 x
1 _. 0l
Six)=—=i{xt 51—+ 12)
Dién tich ctuia khu nuo6i ca la: 2 x
( 300 [ 20
= Sx)= ];i A0+ 120+ — 4 00 | <= S(x) = Ox+4 ]; il
= x } x
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S(rj=0e6-——=0cr=35

Ta co:

£ 2 ey CEis =12 o
Suy ra dién tich nho nhat c6 thé giang la: S(3)=1200m7)

Dap an A.

Vi du 11. M6t khi 1ap phuong c6 canh 1 m chira ddy nudc. Dit vao trong khdi d6 mot khdi non
c¢6 dinh tring v6i tim mot mit cua 1ap phuong, day khéi non tiép xtic vi cac canh ciia mat ddi

dién. Tinh ti s6 thé tich ctia [ugng nudce tran ra ngoai va lugng nudc ban dau trong khoi hdp.

T 12 i 3
A.12. B. 7 C.fT.

Loi giai

The tich cua lugng nudc tran ra ngoai bang the tich cua khoi non.

] . T
2 ‘ -“‘1: == 1705 = _<\1: = —,
Thé tich cta khoi nén 1a: 3 12

Thé tich ctia khdi lap phuong la: $;=llLle S, =1

Do @6 ti sO can tim la: == = -

Dép én A.

Vi du 12. Mot miéng nhom hinh vudng canh 1,2 m dugc ngudi tho ké ludi thanh 9 6 vudng nhé cod
dién tich béng nhau. Sau d6 tai vi tri diém 4 va A’ vé hai cung tron ban kinh 1,2 m; tai vi tri diém B
va B’ v& hai cung tron ban kinh 0,8 m; tai vi tri diém C va C’ v& hai cung tron ban kinh 0,4 m. Nguoi

nay cit dugc hai canh hoa (quan sat mot canh hoa duoc t6 ddm trong hinh). Hay tinh dién tich phan
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ton dung dé tao ra mot canh hoa.

A

A, 0.3648m° . 0.3637m’ 0.2347m’ p. 0.2147m°

A’

Téng dién tich cta hai canh hoa bang hai 1an dién tich ctia phan t6 dam trong hinh v&. Do d6 dién

tich ctia mot cach hoa bang dién tich cta phan to6 ddm trong hinh v&.
Suy ra dién tich ctia canh hoa la:

(7047 1 2| z
|| — =04 [=0,3045(m")
. 42 . '

Dép 4n A.

Vi du 13. Bac nong dan 1am mot hang rio trdng rau hinh chir nhat cé chiéu dai song song véi b
tuong. Bac chi lam ba mat vi mat thir tu bac tan dung luén bo tuong. Bac du tinh sé dung 180 m

ludi sat dé lam nén toan bo hang rao do. Hoi di¢n tich 16n nhat bac ¢o6 thé rao 1a bao nhiéu.
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Khu trong rau

A.3600m° B. 4000m° C. 8100m° D. 4050m*

Loi giai
Goi x 14 chiéu dai canh song song véi bd tuong, y 1a chiéu dai canh vudng goc véi boy
f 2y =180 r=180-27.

tuong. Theo bai ra ta co: "

[N ’ 5 A \ = r.1'= L\ — Ty !
Dién tich cua khu trong rau [a; 5 =%y ={180-2y).y.

24180 -2y) i
S=l_2.1'_f]ﬁ0—2.1'}il_[ J ] I:I '1} _,:,____g,._-_]_[:l:\[]
Ta co: 2 2 1
Dang thuc xay ra khi: 2y=180=2y < r=45m)
bép an D.

Vi du 14. Ttir mot miéng t6n c6 hinh dang 13 nira duong tron ban kinh 1 m, nguoi ta cit ra mot
hinh chit nhat (phan t6 dam trong hinh v&). Hoi c6 thé cit duge miéng t6n c6 dién tich 16n nhat 1a

bao nhiéu.

A.O,sz B. 1m2 C. 1, 67’}’12 D. 2]712

Loi giai
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A

D O B

Dat: AB=x(0<x <) Suy ra: Bh=208= E\J{]—_ .

fle)=2eyfl—x"

Dién tich ctia hinh chir nhat 1a:

Py V= (0 I xcet

.':-3-[ .'|'] = —1-.]'[ ] — _'I'] = _\_'l_..l,.': . —1-_1'_
Ta c6 f(x) 16n nhat khi y(y) 16n nhit, ma g(y) 16n nhét khi:

A o

y=_1" = mn.‘u'tif.‘&]=t‘i |:]

7 %

.Suy ra f(x) 16n nhét khi

Vi du 15. Mot hop khong nap dugc lam tir mot tim bia cac tong. Hop c6 day 1a mot hinh vudng

R 3 ‘A 4 9 3
canh x (cm), duong cao 1a # (cm) va c6 thé tich 1a 500 ¢ | Tim x sao cho di¢n tich ciia manh

bia céc tong 1a nho nhat.

hem

X cm ’
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A.5cm B. 10 cm C.15cm D. 20 cm

Loi giai

Ta c6 thé tich cua cai hop la: V=x"h.

L CE00
=500 = = —,

2 2 3 2
Do hdp 6 thé tich bang 500 ¢/ nén ta co:
. . 200
7 , S(x)=x" +dxh = S{x)= " + .
Tong di¢n tich ctia tam bia cac tong la:
200
Slw)=a"+4

Bai toan trd thanh tim gia tri nho nhit cua v trén (0 F0)

. 100 100 v

Syl=x 4+ —+ —

Ta cé

100 100
o = S(x) 2300,

. o0
2 _ o= [0igm ).

Ding thirc xay ra khi: ” x
Dap an B.

Vi du 16. (Dé thi thir nghiém ky thi THPTQOG nédm 2017) Ong An c6 mot manh vuon hinh elip
co do dai truc 16n bﬁng 16 m va do dai truc bé béng 10 m. Ong mubn tréng hoa trén mdt manh
dat rong 8 m va nhan truc bé ctia elip lam truc d6i xtimg nhu hinh vé&. Biét kinh phi trong hoa 1a
100000 déng/ 1 m> Hoi 6ng An can bao nhiéu tién dé trong hoa trén manh dat do (sb tién dugc

lam tron dén hang nghin).

8 m

—— s

A. 7862000 dong.  B. 7653000 dong.  C. 7128000 déng.  D. 7826000 ddng.

Loi giai

uigeli.xyz Trang 22



uigeli.xyz

.'l'; .

[ |'-:
. 1

Chon hé truc toa do nhu hinh v&. Ta c¢6 phwong trinh duong elip 1a: 64

Suy ra dién tich manh dit trong hoa la:
St dung MTCT ta tinh dugc 2S = 76,5289182 (m2 )

Suy ra sd tién dé trén manh dat nay 1a: 2S. 100000 = 7652891,82 (dong).
Do 1am tron dén hang nghin nén sé tién 1a 7653000 dong.

bép an B.

Vi du 17. Tir tim nhom hinh chi nhat c6 cing kich thude 50 cm x 120 cm nguoi thg mudn lam

mot cai thung hinh try bang cach go tim ton thanh mat xung quanh cia ci thung (dy cua thing

duoc cét bd sung tir mot miéng t6n khac). C6 hai cach go sau ddy (quan sat hinh v& minh hoa):

Céch 1: Go sao cho cai thing c6 chidu cao 50 cm.

Céch 2: G sao cho cai thung c6 chidu cao 120 cm.

Goi 4 1a thé tich cta thung néu go theo cach 1, £ 1a thé tich cua thung néu go theo cach 2. Két

luan nao sau day la dung.

uigeli.xyz
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Ai=h V<V, ViV

C
Loi giai

, 27R =120 R
Bén kinh day cta thung néu go theo cach 1 la:

;

{
—1
Y

I
Thé tich ciia thung néu go theo cach 1 1a:

=R : .."i'i

Bén kinh day cua thung néu go theo cach 2 la:

L= AR, - .a'i'r

|

a1
| —
i

Thé tich ctia thung néu go theo cach 2 1a:

e s
Suy ra: V>

bap an C.

C Bai tap dé nghi.

Bai 1. Mot soi day co6 chidu dai 6m duoc chia thanh hai phan. M6t phan dugc udn thanh hinh

tam giac déu va mot phan dugc uodn thanh hinh vuoéng. Héi do dai canh cta hinh tam gidc déu

bang bao nhiéu dé tong dién tich hai hinh thu dugc 14 nhé nhat.

uigeli.xyz
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54-243 3643 18- 123 ~54+ 7243
—_— m _— _

I B. I3 c. 13 p. 13

Bai 2. Bac nong dan lam mot hang rao trong rau hinh chit nhat c6 chiéu dai song song voi b
tuong. Bac chi [am ba mat vi mat th tu bac tan dung luén bo tuong. Bac du tinh s€ dung 200m

ludi sat dé lam nén toan bo hang rao do. Hoi di¢n tich 16n nhat bac co6 thé rao 1a bao nhiéu.

Khu trong rau

AL 1500m° B. 10000/m° C. 2500m° D. 5000m°

Bai 3: Ban Hoa di tir nha & vi tri 4 dén truong tai vi tri C phai di qua cu tir 4 dén B r6i tir B dén
truong. Tréan 1i vira qua cdy cau bi ngap nudc, do d6 ban Hoa phai di bang thuyén tir nha dén vi
tri D nao d6 trén doan BC véi véan toe 4 km/h sau d6 di bo v6i van toe 5 km/h dén C. Biét d6 dai
AB = 3km, BC = 5 km. H6i mudn nh4t miy gid ban Hoa phai xuét phat tir nha dé c6 mit & 4B
trurong e 7 h 30 pht sang kip vao hoc.
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A. 6 h 03 phut; B. 6 h 16 phut; C. 5h 30 phut;
D. 5 h 45 phut.

Bai 4. Nguoi ta lap dat duong day dién nbi tir diém 4 trén bo AC dén diém B trén mot hon dao;
khozng cach ngan nhét tir B dén 4AC bang 3 km, khoang cach tir 4 &én C 1a 12 km. Chi phi lip
dat moi km day dién dudi nude 1a 100 triéu dong, con trén bo 12 80 triéu dong. Hoi phai chon
diém S trén bd AC cach A4 bao nhiéu dé chi phi mac day dién tir 4 dén S rdi tir S dén B 1a thip
nhat.

A. 4 km; B. 8 km; C. 6 km; D. 10 km.

Bai 5. Hai vi tri 4 va B cach nhau 615 m va cling nam vé mot phia bd séng. Khoang cach tir 4 va
tir B dén bo song 1an luot 13 118 m va 487 m. Mot ngudi di tir 4 dén bo song dé 1dy nudc mang
vé B. Poan duong ngin nhat ma ngudi d6 c6 thé di 1a bao nhiéu (Iam tron dén chit sé thap phan

thr nhat).

615 ,r””’;’

A 487m
118m

Song

A. 569,5 m; B. 671,4 m; C.779,8 m; D. 741,2 m.

Bai 6. C6 hai chiéc coc cao 10 m va 30 m 1an luot dit tai hai vi tri 4, B. Biét khoang céch gitra
hai coc béng 24 m. Nguoi ta chon mdt cai chdt & vi tri M trén mat dat nam gitta hai chan cot dé
giang gidy ndi dén hai dinh C va D cta coc nhu hinh v&. Hoi ta phai dat chét o vi tri nao dé tong

d6 dai cua hai soi day d6 1 ngin nhat.
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D
C 30m
10m
A AL B
A AM=6m,BM=18m B.AM=7m BM=17m
C.AM=4m,BM=20m D.AM=12m, BM=12m

Bai 7. Tir mot manh giay hinh vudng canh 4 cm, ngudi ta gap né thanh 4 phan déu nhau rdi dung

1én thanh mot hinh lang try tr giac déu nhu hinh v&. Hoi thé tich cta ling tru nay 1a bao nhiéu.

2

1
1
1
1
1
1
1
1
1
1
1
Lo

s

e ]
e ]

4 16

R R —cm” —cm’
A.dem B. 16cm C. 3 D. 3
Bai 8. Mot ngudi linh dic cong thuc hién boi luyén tap tir vi tri 4 trén bd bién dén mot cai
thuyén dang neo dau & vi tri C trén bién. Sau khi boi dugc 1,25 km do khat nudc ngudi nay da
boi vao vi tri E trén bd dé udng nude réi méi tir E boi dén C. Hay tinh xem nguoi linh nay phai
boi it nhit bao nhiéu km. Biét rang khoang cach tir 4 dén C 1 6,25 km va khoang cach ngin nhat

to C vao bo 1a 5 km.
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S+1245
A.3‘/§k”*’- B. 29 + 2 km. C.«J"E +f5km. D. Tﬁm'

Bai 9. D6 nudc vao mot chiée thung hinh try ¢6 ban kinh day 20 cm. Nghiéng thung sao cho mit
nudc cham vao mi¢ng cbe va day cdc nhu hinh vé thi mét nude tao véi day cdc mot gbc 45°. Hoi

thé tich cua thung 1 bao nhiéu cm’.

A, 160007 B. 120007 C. 80007 p. 60007

Bai 10. Tinh thé tich ciia mot chi tiét may trong hinh biét ring mat cat duoc cét theo phuong

vudng goc véi truc thang dimg.

5cm 3cm

A.S0zen’ B. 60zcm’ c. S0zent’ D. 907zcm’
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Bai 11. Nguoi ta gdp mot miéng bia hinh chir nhat c6 kich thudc 60 cm x 20 cm nhu hinh vé dé

ghép thanh mot chiéc hop hinh hép ding (hai day trén va dudi duoc cat tir miéng ton khac dé

ghép vao). Tinh dién tich toan phan cta hop khi thé tich ctia hop 16n nhat.

20

Y

AL 1450cm’ B. 1200cm’ C. 2150em’ p. 1650cm’

Bai 12. Mt bong dén huynh quang dai 120 cm, dudng kinh ctia dudng tron ddy 1a 2 cm duoc dat
khit vao mot dng gidy cimg dang hinh hop chit nhat (xem hinh v&). Tinh dién tich phan gidy
cimg dung dé 1am hop (hop ho hai ddu va khong tinh 18, mép).

R
LY
.

A.96cm’ B. 960cm’ C. 9600cm’ D. 96000cm”

Bai 13. Mot nguoi thg can tién mot khéi nhua hinh cau dic ¢6 ban kinh R = 1 dm thanh mét

khdi hinh tru dic. Hoi co thé tién ra khoi hinh tru dc 6 thé tich 1on nhit 12 bao nhiéu?
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T3 -
I = i

A L
T3, .
= m

B 3
. T3,
= i

C 27

Bai 14. Mot hop sita Ong Tho do cong ty Vinamilk san xuét c6 thé tich 13 293 ml. Héi phai san
xuat day hop c6 dudng kinh bang bao nhiéu cm (1am tron dén chir sé thap phan th hai) thi trong

lwong cua vo hop 1a nhe nhét. Biét rang vo hop duoc lam tir cing mot hop kim c6 d6 day nhu
nhau tai moi vi tri.

-

y !
S i

b
WEE™

A. 7,20 cm. B. 6,32 cm. C. 7,36 cm. D. 6,10 cm.
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Bai 15. Mot khoi g6 hinh tru c6 ban kinh day r = 1 chiéu cao bang 2. Nguoi ta khoét rong khoi
g0 boi hai nira hinh ciu ma dudng tron day cta khdi gd 1a dudng tron 16n cia mdi nira hinh ciu.
Tinh ti s6 thé tich phan con lai cua khdi g va ca khéi gd.

e —

e g

Y

|-

1
C. 2 D.

W | =
=

A.

Bai 16. Mot cai x6 bang inox c¢6 dang nhu hinh v&. Cac kich thude (tinh cung don vi dai) ciing

duogc cho kém theo. Tinh dién tich xung quanh cua cai xd.

-~ 2 N
]
N
'.IIII — —T — /
|lIII : lrll'

I"-,' i ."'I_,r

I'l.l : llll.I ‘_'j 6
'\.IIII : I."I
.II'II". - i— - ."lllllll
V- | Sy
)'\ L_ 9 - _\s'I
— __--'"-’;
A, 14407 B. 7567 c. 13237 D. 4867

Bai 17. Tinh dién tich vai can c6 dé may mot cai mii c6 dang va kich thudc (cung don vi do)

duoc cho boi hinh v& bén (khong ké riém, mép).
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A.3507 B. 4007 C. 4507 . 5007

Bai 18. Mot cai bon chira xing gdm hai nira hinh cau va mét hinh tru (nhu hinh v&). Cac kich

thudc dugc ghi cting don vi. Hay tinh thé tich ctia bdn chira.

A
36
A\
18
+—>
2 A5 2 A2 T — T —
AL T4 B. 74°.3° c. ¥ D. 3

Bai 19: Mot dung cu gém mot phén c6 dang hinh try, phén con lai c6 dang hinh non, cac kich

thudc cho trén hinh v& (don vi do 1a dm). Tinh xem thé tich cta khdi dung cu d6 1a bao nhiéu

dm?®.
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14
«——  »
) A
7
16
v
44907 B. 49007 C. 490007 D. 4900007

Bai 20. Mot ngudi tho co khi v& bén nira dudng tron trén tAim nhém hinh vudng canh 1,5 m. Sau
d6 cat thanh hinh bong hoa (phan t6 dam trong hinh v&). Hay tinh khéi lugng ctia phan nhom bi

cét bo biét rang m&i m2 nhom co khéi luong 10 kg.

A. 8,55 kg. B. 6,45 kg. C. 9,675 kg. D. 7,526 kg.

Bai 21. Tir mot tAm ton hinh chir nhat kich thudc 40 cm x 60 cm ngudi ta go thanh mit xung

quanh ctia mot hinh try c6 chiéu cao 40 cm. Tinh thé tich cta khéi tru do.

144000 36000 48000 12000
Chi cm
A, 7 B. 7 C. 7 D. 7

cm’

Bai 22. M6t tAm nhém hinh vudng canh 18 cm. Nguoi ta cat & bén goc cua tim nhém d6 bon
hinh vuéng bang nhau, mdi hinh vuéng c¢6 canh bang x (cm), rdi gip tim nhoém lai nhu hinh vé&

dudi day dé duoc mot cai hop khong nép. Tim x dé hop nhan dugce co6 thé tich 16n nhéat.
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" — *r—
| |
—-—— - 1»—-0
|
| |
| |
| |
| |
| |
-——————— *-—9
| |
— +—
A.x'5. B. x"3. C.x2. D. x'4.

Bai 23. Tir mot tAm nhom hinh chir nhat ¢6 kich thudc 60 cmx200 cm, nguoi ta lam cac thung

dung nude hinh tru c¢6 chiéu cao bang 50 cm, theo hai cach sau (xem hinh minh hoa duéu day):

Céch 1: GO tim t6n ban dau thanh mit xung quanh cua thung.

Céch 2: Go tdm t6n thanh bén miat xuang quanh ciia hinh lang try tir giac déu.

Ki hiéu V, 1a thé tich cta thung go duoc theo cach 1 va V, 1a thé tich thung go dugc theo cach 2.
v,

J(:T.

Tinhtisé >

—
. g
) 7
k= k=2 ="
Ak=1 B. 7 c. p. 4

Bai 24. Mot tAm nhom hinh chir nhat c6 chiéu dai 12 cm va chiéu rong 8 cm. Nguoi ta cit & bon
goc clia tim nhom d6 bén hinh vudng bang nhau, mdi hinh vudng canh bang x cm, rdi gap tim
nhom lai nhu hinh v& dé dugc mot cai hop khong nap. Tim x dé hop nhan duge cé thé tich 1on

nhit.
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10247 12- 35 1L__l3+3=.."§ ‘__]u+3ﬁ

X _
A. 3 B. 4 C. 4 D. 3

Bai 25. Mot thung rugu vo gd ¢ ban kinh day 1a 30 cm, ban kinh 16n nhat ¢ than thung 1 40
cm. Chiéu cao cta thung ruou la 1 m. Hay tinh xem thung rugu nay chira dugc bao nhiéu lit rugu
(lam tron dén chir s6 thap phan thtr hai). Biét rang canh bén hong cua thung ruou c6 hinh dang

cua parabol.

153297 5027 3057 4067
A. 150 it B. 3 it C.. 3 it D. 3 it

Bai 26. Mot miéng nhom hinh vuong canh 2,1 m dugc nguoi tho ké ludi thanh 9 6 vudng nhé co
dién

tich béng nhau. Sau d6 tai vi tri diém A4 va 4' v& cac cung tron ban kinh 2,1 m; tai vi tri diém B
va B' v& cac cung tron ban kinh 1,4 m; tai vi tri diém C va C' v& cac cung tron ban kinh 0,7 m.
Nguoi nay cit dugc hai canh hoa (quan sat mot canh hoa duoc t6 dam trong hinh). Hay tinh khéi

luong ciia phan t6n bi cit bo, biét rang mdi m? t6n c6 khdi lwong 10 kg.
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4B

' r
A
A. 11,172 kg. B. 22,344 kg. C. 21,756 kg. D. 32,928 kg.

Bai 27. Mot qua cau 16ng va hop dung ciia né o kich thudce duoc cho trong hinh v&. Hiy tinh

xem hop d6 dung dugc bao nhiéu qua cau 16ng.

50 cm
9 cm !

<+

IL5cm
A. 26 qua. B. 27 qua. C. 28 qua. D. 29 qua.

Bai 28. Tir mot tim nhom hinh vudng canh ngudi ta 1am cac thing dung nuéc hinh try ¢6 chiéu

3mcao bang 3 m, theo hai cach sau (xem hinh minh hoa duéu day):
Céch 1: Go tim t6n ban dau thanh mit xung quanh cua thung.

Céch 2: Cit tAm ton ban dau thanh ba tim bang nhau, r0i gd mdi tim d6 thanh mit xung quang

cuia mot thung.

Ki hiéu 4 1a thé tich ctia thung go dugc theo cach 1 va £ 1a tong thé tich ctia hai thing go duoc
Vi

theo cach 2. Tinh ti s6 "2
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Bai 29. Nguoi ta mudn lam mét chiée thung hinh try tir mot miéng nhém ¢6 chu vi 120 cm (quan
sat hinh minh hoa). Hiy cho biét manh t6n c6 kich thudc nhu thé nao thi thé tich cia chiéc thung

16n nhat. Biét rang chiéu cao cua thung bang chiéu rong cia miéng nhom.

e ——_—
A. Dai 35 cm, rong 25 cm. B. Dai 40 cm, rong 20 cm.
C. Dai 50 cm, rong 10 cm. D. Ca A, B, C déu sai.

Bai 30. Mot hinh chir nhat c6 dién tich bang 100 cm2. Hoi kich thude ctia nd bang bao nhiéu dé
chu vi ctia n6 nho nhit.

A.10cm x 10 cm. B.20cm x 5 cm. C.25cmx 4 cm. D. Pap an khac.
Bai 31. Mot 140 nong chia dét cho con trai dé ngudi con canh tac riéng, biét rang ngudi con s&
duoc chon miéng d4t hinh chit nhat ¢6 chu vi 800 m. Hoi anh ta phai chon manh dét ¢6 kich
thude nhu thé nao dé dién tich dat canh tac 13 16n nhét.

A.300mx 100 m B.250mx 150 m C.350mx50m D. Ca A, B, C déu sai.
Bai 32. Tir mot tAm t6n hinh chit nhat kich thudc 500 cm x 100 cm ngudi ta go thanh mit xung

quanh ctia mot hinh try c6 chiéu cao 50 cm. Tinh thé tich cta khéi tru do.
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15000 125000 48000 12000
cHr il e cnr

A, 37T B. 7 c. 7 D. 7

Bai 33. Mot cai mil bang vai cua nha 4o thuét véi kich thudc nhu hinh v€. Hay tinh tong dién
tich vai can dé lam cai mii d6 biét rang vanh mii hinh tron, 6ng mi hinh try va mi dugc may hai

16p.

7N
N

35¢cm

A
| AN

A.700zen’ B. [S12.57zcm” C. [500.57zcem” p. 50 257em”

Bai 34. M4t nhém hoc sinh dung 1éu khi di da ngoai bé‘mg cach gép ddi tAm bat hinh chir nhat co
chiéu dai 12 m, chiéu rong 6 m (gap theo dudng trong hinh minh hoa) sau d6 ding hai cai gy c6
chidu dai bang nhau chdng theo phuong thing dimg vao hai mép gip. Hiy tinh xem khi ding

chiéc gy c6 chiéu dai bang bao nhiéu thi khong gian trong 1éu 1a 16n nhat.

12m 12m 3m

6m fp—————————————————— i
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A. J5m. B.1,5m. C.lm. D.

Bai 35. Mot tim nhom hinh tron tdim O ban kinh R duoc cat thanh hai miéng hinh quat, sau d6
quan thanh hai hinh nén (N;) va (N,). Goi V; va V, lan luot 1a thé tich ctia hai hinh non dé. Tinh
V

h=—t
tiss > bibtA0B =90

A k=2. B. 9 C.k=3. D. 5

Bai 36. Tir mot miéng bia hinh tam giac déu canh 2 ngudi ta gap thanh mot tir dién déu (quan sat

hinh v& minh hoa). Tinh thé tich cua khéi ttr dién gip duoc.
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Bai 37. Dé tao mot mo hinh kim tu thap Ai Cap, tir mot tAm bia hinh vudng canh 5 dm, ngudi ta
cit bo bdn tam gidc cAn bang nhau c6 day 1a canh ctia hinh vudng rdi gip 1én sau d6 ghép lai dé
thanh mot hinh chop tir giac déu. Hoi canh day cia mo hinh bang bao nhiéu thi mé hinh cé thé

tich 16n nhét.

ﬂdm. zdm. 2 dm.

A, 2 B.2 c. 2 D. 2 2dm.

Bai 38. Vién phén viét bang co dang khdi try tron xoay duong kinh bang 1 cm, chiéu dai 6 cm.
Nguoi ta lam hop cac tong duong phan dang hinh hop chir nhat ¢6 kich thuéc 6cm x 5 cm x 6
cm. Mubn xép 350 vién phan vao 12 hop, ta duoc két qua nao trong cac két qua sau day.

A. Vira du. B. Thiéu 10 vién. C. Thira 10 vién. D. Thiéu 5 vién.

Bai 39. Mot coc nudc hinh tru c6 chiéu cao 1a 12 cm, duong kinh déy 1a 4 cm. Tha vao coc 4
vién bi c6 dudong kinh 2 cm. Héi nude dang cao cach mép coc bao nhi€u cm, biét rang lugng

nudc trong coc cao 10 cm so véi day coc.
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A. B. C. 0,75 D. 0,25

Bai 40. Mot kim tu thap & Ai Cap c6 dang hinh chép tir gidc déu. Kim tu thap nay co chiéu cao
150 m, canh day dai 220 m. Hay tinh dién tich xung quanh cta kim ty thap nay.

A, 22003/346m° B. 4400:/340m’ C. 24200000 p. | 110y/346m°

Bai 41. Trong mot cai hop hinh try, nguoi ta bo vao hop vira khit ba qua bong Tennis, biét rang

dudng kinh day cua hop bang dudng kinh ciia qua bong Tennis. Goi 5 1a tong dién tich cta ba
SI

qua bong, 5, 1a dién tich xuang quanh cua cai hop. Tinh ti sé dién tich 5,

A. 1. B. 2. C.5. D. 3.

Bai 42. Mot cai coc hinh non cut c6 duong kinh miéng coc 13 8 cm, duong kinh day coc 1a 6 cm.,
chiéu cao cua cdc 1a 12 cm. Néu dung cde nay dé dong 10 lit nude thi phai dong it nhét bao
nhiéu lan.

A. 24 lan, B. 20 lan. C. 22 lan. D. 26 lan.
Bai 43. Bon ban An, Binh, Chi, Diing lan lugt ¢6 chiéu cao 1,6 m; 1,65 m; 1,7 m; 1,75 m. Ho

mudn tham gia mét tro choi dimg thang trong qua bong hinh cau co thé tich 0.87m° va lan trén
c6. Hoi ban nao khong du diéu kién tham gia choi.

A. Ban An. B. Ban An va ban Binh.

C. Ban Diing. D. Ban Chi va ban Diing.

Bai 44. Mot cong ty san sudt bong tennis mudn thiét ké mot hop lam bang gidy cimg dé dung 4

qua bong tennis c6 ban kinh bang 7, hop dung c6 dang hinh hop chir nhat theo hai cach sau:

Cach 1: Mdi hop dung duoc 4 qua bong tennis dat doc thanh bon 16p, day 1a hinh vuong canh 2r.
Céch 2: M&i hop dung 4 qua bong tennis duoc xép thanh mot 16p, day ciia hop 1a hinh vudng

canh bang 4r.
SI
Goi 59, theo thir tu 1a dién tich toan phﬁn cua hop theo cach 1 va cach 2. Tinh ti ) 5,
8 2
A9 B. 1 C.2 D.3
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Bai 45. B¢ lam mot cai mi sinh nhat tr miéng giay hinh tron ban kinh 20 cm ngudi ta cat bo

phén hinh quat O4B sao cho goc & tim bang 79 . Sau d6 dan phén hinh quat 16n con lai sao cho

2 .~ v 1 A us , e~ o1n ca 3
dA4 =B ¢&lam cai mil. Hoi thé tich cua cai mil 1a bao nhiéu €7

[
S ]
N
.
=
o0
o
o
o
|

451252157 100037

A. 648 B. 3 C. 048 D. 3

Bai 46. Mot ngudi tho pha khéi thach cao vao nudce tao thanh mot hdn hop c6 thé tich 330 cm3,
sau d6 d6 vao khudn dé dac thanh nhitng vién phan hinh tru c¢6 ban kinh déy 0,5 cm va chiéu cao
6 cm. Hoi ngudi the nay c6 thé duc duoc tdi da bao nhiéu vién phan.

A. 50 vién. B. 70 vién. C. 24 vién. D. 23 vién.

Bai 47. Mot thung dung nudc, c6 duong kinh day 1a 12,24 cm. Muc nudc trong thung cao 4,56
cm. Mot vién bi kim loai hinh cau duoc tha vao thung thi myc nudc dang 1én sat véi diém cao
nhit ctia vién bi. Ban kinh ctia vién bi gan véi gi tri nao nhat trong cac gia tri sau ddy, biét rang
duong kinh cua vién bi khong vuot qua 6 cm.

A. 2,59 cm. B. 2,45 cm. C. 2,86 cm. D. 2,68 cm.
Bai 48. Mot cai ly co dang hinh nén nhu hinh v&. Ngudi ta d6 mot luong nude vao ly sao cho
chiéu cao luong nudce trong ly bang 1/3 chiéu cao cta phan hinh nén. Hoi néu bit kin mién ly rdi

1o0n nguoc ly Ién thi ti 1€ chi€u cao ctiia nudc va cua phan hinh non bang bao nhiéu
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Bai 49. Nguoi tho 1am mot bé ca hai ngan khong nip véi thé tich
céc tamkinh ghép lai mdt bé ca dang hinh hop chir nhat véi ba kich thude a, b, ¢ nhu hinh vé.
Hoi nguoi tho phai thiét ké cac kich thudc a, b, ¢ bang bao nhiéu mét dé d& ton kinh nhat. Gia

thiét rang do day cta kinh khong dang ké.

|
c 1 |
I -k
S o ""\
-=-—"" e e
-~ ~
\ “.\ ’__—._——"‘,_r-‘.
E) »—‘—"——‘—_—‘——‘—/
a
(a=3.6 [u:l‘l [n‘:l,g [n‘:l,z
T?Zﬂ.ﬁ 1!!}:0.9 1 h=1.2 T‘[J:LFEr
L= S C— —0 <
A.‘c—&ﬁ B. | c=0,6 C. 1c=0,6 D. 1c=0,9

Bai 50. Mot cai gau mtic nude hinh nén ¢6 ban kinh déy 1a 1,5 dm va d¢ dai duong sinh 1a 4 dm.
Hoi phai muc it nhit bao nhiéu luot dé d6 ddy mot cai thung c6 thé tich 240 lit.

A. 28 luot. B. 27 luot. C. 26 luot. D. 25 luot.
Bai 51. Nguoi ta cit mot miéng tém hinh tron ra lam ba miéng hinh quat bang nhau. Sau d6 quan

va g0 ba miéng ton thanh ba hinh nén. Tinh géc & dinh cua hinh nén.
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2arcsin —. 2arcsin —.
A120° B. 60" C. 2 D. 3
Bai 52. Mot tim nhom hinh chit nhat ABCD ¢6 AD = 60cm. Ta gap tdm nhém theo hai canh MN
va PQ vao trong dén khi AB va CD triung nhau nhu hinh v& dé dugc mot ling try khuyét hai day.

Tim x dé thé tich khéi lang tru 16n nhat.

<

246 246 26 22

2
X = T X = T X = T X = T
3

A. 27 B. 3 C. 9 D.

Bai 54. Chii cia mot nha hang mudn 1am tudng rao bao quanh 600m* g4t ¢é 1am bii db xe. Ba
canh cua khu dét s& duoc rao bﬁng mot loai thép véi chi phi 14000 déng mot mét, riéng mat tho
tu do tiép giap voi mit bén cua nha hang nén dugc xdy bang tuong gach xi mang véi chi phi 1a
28 000 déng mdi mét. Biét rang cong vao ciia khu dd xe 1a 5 m.Tim chu vi cta khu dét sao cho

chi phi nguyén liéu bo ra 12 it nhat, biét rang khu dat rao duoc c6 dang hinh chit nhat
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A. 75 m. B. 100 m. C. 125 m. D. 150 m.

Bai 55. Mot nguoi léy mot dai ruy bang dai 160 cm boc quanh mot hop qua hinh tru. Khi boc
qua ngudi nay dung 40 cm clia dai ruy bang dé that no trén nap hop nhu hinh v&. Hoi dung chiéc

day nay co thé boc dugc hdp qua cé thé tich 16n nhat 14 bao nhiéu.

and

\"'--..

A 40007em’ B. 1000zcm’ C. 2000xcm’ p. 1600zcm’

Bai 56. Nguoi ta phai cua mot than cdy hinh try c6 duong kinh 1 m, chiéu dai 8 m dé dugc mot
ciy xa hinh khi chir nhat nhu hinh v&. Hoi thé tich 16n nhat ctia khdi gd sau khi cua xong 14 bao

nhiéu.

A 4m’ B. 2\2m’ c. W2’ p. 8’
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Bai 57. Thanh pho dinh xady cady cau bac ngang con song dai 500m, biét rang nguoi ta dinh xay

cau c¢6 10nhip cdu hinh dang parabol,mdi nhip cach nhau 40m, biét 2 bén du cau va giita mdi
nhip ndi nguoi ta xay 1 chan try rong 5m. Bé day va bé rong cta nhip cau khong doi 1a 20 cm
(mit cit ctia mot nhip cau dugc mo phong nhu hinh v&). Hoi luong bé tong dé xay cac nhip cu

13 bao nhiéu (1am tron dén hang don vi).

20cm <L RAAK R T
, ,ﬁf{éfﬁfnﬁﬁ‘fi&’)}'

.Y | om LR
w@

th
B
i
Y
th
B

A 20m° B. 50m’ C. 40m’ D. 100m°

Bai 58. Mot hinh nén c6 chiéu cao gap 3 lan ban kinh day ctia n6. Mot hinh tru ndi tiép trong
hinh nén dé cho. Hay tinh dién tich xuang quanh cta hinh nén, biét rang khdi tru c6 thé tich 1a
16

— zdm’
9 va chiéu cao cua n6 bang duong kinh day ciua duong tron.

3 0 u'r]_ﬂ T
A2

dm”. B. S = 410z’ c. S drdm’ p. S« = 2rdm”

Bai 59. Nguoi ta khau ghép cac manh da hinh lyc gidc déu mau tring va ngii giac déu mau den

dé tao thanh qua bong nhu hinh v&. Hoi ¢6 bao nhiéu manh da mdi loai.
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A. 12 manh da hinh ngti gidc, 20 manh da hinh luc giéc.
B. 20 manh da hinh ngti gidc, 20 manh da hinh luc giac.
C. 10 manh da hinh ngii gidc, 20 manh da hinh luc giac.
D. 12 manh da hinh ngii gidc, 24 manh da hinh luc giéc.

Bai 60. Mot khdi gach hinh 1ap phuong khong thadm nudc ¢ canh bang 2 dugc dit vao trong mot
cai phéu hinh non tron xoay chtra ddy nudc theo cach nhu sau: Mot canh cta vién gach nam trén
mit nude (nam trén dudng kinh cta mit nay); cac dinh con lai ndm trén mit non; tim cia vién
gach ndm trén truc cua hinh nén. Tinh thé tich nudc con lai ndm trong phéu (1am tron dén chir sb

thap phan thu hai).

A. 22.27. B. 22,30. C. 23,10. D. 20,64.

Bai 61. Nguoi ta xdy mot bon chira nudce dang khoi ¢6 chiéu dai, chiéu rong, chi€u cao cua khoi
hop d6 lan luot 1 5 m, 1 m, 2 m. Biét rang bon chi xay hai vach va mdi vach c6 d6 day 10 dm

nhu hinh v€. Tinh xem bon chua dugc bao nhiéu lit nuéce.
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i
7 lm
Sm
A. 8820 lit. B. 8802 lit. C. 8800 lit. D. 8825 lit.

Bai 62. Cho khdi 1ap phuong ABCD.A’B’C’D’ ¢c6 thé tich bang 1. Mot hinh nén ¢6 tim duong
tron day tring voi tim cua hinh vudng 4BCD, dong thoi cac diém A’, B’, C’, D’ nam trén duong

sinh cua hinh ndén. Thé tich nhd nhat cia khoi non néu trén 1a bao nhiéu.

—7T. — . — 7.
A.8 B. 16 C.3 D. Dap an khac

Bai 63. Tir tim nhom hinh vudng canh 6 dm. Nguoi ta mudn cat mot hinh thang (phan t6 dam

trong hinh v&). Tim tong x + y dé dién tich hinh thang cat dugc nho nhét.
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A Ecm;E B

X cim

H * 3cm
 F

A7 B.5 C. 2 D.42

Bai 64. Cho mot to gidy hinh chit nht voi chiéu dai 12 cm va chiéu rong 8 cm. Gép goc bén
phai cta to gidy sao cho sau khi gip, dinh ctia goc d6 cham day dudi nhu hinh v&. Goi d6 dai nép

gap 13 y thi gia tri nho nhit cua y 13 bao nhiéu.

AT B. 3V5 c. 63 D. 632

Bai 65. Mot miéng bia hinh tron c6 ban kinh 20 cm. Trén bién ctia miéng bia ta xac dinh 8 diém
A, B, C, D, E, F, G, H theo tht tu chia duong tron thanh 8 phan bang nhau. Cit bo theo cac nét

lién va gap lai theo cac nét dut tao thanh mot cai hop khong nap. Thé tich cua hop gip duoc.
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A. V2 B. V2

Cmomz—ﬁ}\ﬁ—zﬁ D, 4000( -2y

Bai 66. Mot chau nude hinh ban ciu bang nhom ban kinh R = 10cm. Ban du lwong nudc trong

chu ¢ chiéu cao (tinh tir day chau dén mit nudc) 1a h = 4cm, nguoi ta bo vao chau mot vién bi

hinh cdu bang kim loai thi mat nuéc dang 1én phu kin vién bi. Biét rang thé tich cta khéi chom
N

"= ,-T."i"| R-1

X s A , 3 . . , 2 ‘A . 1y \ A \
cau tinh theo cong thuc / hay tinh ban kinh ctia vién bi (lam tron dén hang don

vi).

A.2 cm. B. 4 cm. C. 7 cm. D. 10 cm

Bai 67. Nguoi tho gdm nim mot cai chum tir mot khoi dat hinh cau ban kinh 5 dm bang cach cét

bd hai chom cau doi dién nhau. Hay tinh thé tich ctia cai chum biét rang chiéu cao ctia no 1a 60

cm.

A. 414,48 lit. B. 128,74 lit. C. 104,(6) lit. D. 135,02 lit.

Bai 68. Nguoi ta mudn treo mot bong den & phia trén va chinh gitra cua mdt cai ban ¢6 ban kinh

bang V2 m sao cho mép ban nhan dugc nhiéu anh sang nhat. Biét rang cudng do sang C ciia
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bong den dugce bicu thi boi cong thirc [ (trong d6 ¢ la gbc tao bi tia sang t6i mép ban

va mit ban, ¢ 14 hing sb ti 1 phu thudc vao ngudn sang, / 1a khoang cach tir bong dén t6i mép
ban). Hoi phai treo bong dén cach mat ban bao nhiéu mét.

A.1m. B. 1,2 m. C.1,5m. D. 2m.

Bai 69. Mot miéng bia hinh chit nhat ¢ chiéu dai 50 cm, chiéu rong 20 cm. Nguoi ta chia miéng
bia thanh ba phan nhu hinh v& dé khi gép lai thu duwoc mét hinh ling tru dimg c6 chiéu cao bang

chiéu rong ciia miéng bia. Hdi dién tich xuang quang cta lang tru gap duoc l1a bao nhiéu.

l

AL 1500cm* B. 2000cm” c. 1000cm’ D. 500cm’

Bai 70. Nguoi ta x€p 7 vién bi c6 cung ban kinh 7 vao mot cai lo hinh tru sao cho tat ca cac vién
bi déu dugc tiep xuc véi day, vién bi nam chinh gitra tiép xuc véi 6 vién bi xung quanh va moi
vién bi xung quanh va moi vién bi xung quanh déu ti€p xuc véi cac duong sinh cia Ig hinh try.

Hay tinh dién tich cua day lo.
Alerr? B. 18717 c. 9r’ D. 3677’

Bai 71. Mot gia dinh can xdy dung mot hé ga (khong nép) dang hinh hop chit nhat c6 thé tich 3
(m3). Ti sb giita chiéu cao cta hd (k) va chiéu rong cuia day () bang 4. Tim chiéu dai cta day (x)

dé ton it vat liéu xay hd ga nhat.

_

h

I
|
|
F'l_____ _______

I,a” /

-

-
-
L~
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A4 B.15m C.3 D.2,5m
Bai 72. Tir mot tAm bia cing hinh vudng canh @, ngudi ta cat bon goc bén hinh vudéng bing nhau
rdi gap lai tao thanh mot hinh hop khong nip. Tim canh cta hinh vudng bi cat dé thé tich hinh

hop 16n nhat.

o | =

o o o
A. B. 8 C. 3 D. 6

Bai 73. Tir tim nhom hinh vuéng canh 200 cm, cit mot tAm nhém hinh tam gidc vudng c6 tong
canh huyén va mot canh goc vudng bang 120 cm. Pé miéng nhém cit duoc c6 dién tich 16n nhat

thi canh huyén cia miéng nhém dé c6 d6 dai bang bao nhiéu.
A. 40 cm B. 40 3em C. 80 cm D. 402cm

Bai 74. Dé do chiéu cao tir mat dat dén dinh cot ¢ cia mot Ky dai trude Ngo Mon (Pai Noi —
Hué), ngudi ta cam hai coc bang nhau MA4 va NB cao 1,5 mét so voi mit dit. Hai coc ndy song

song, cach nhau 10 mét va thang hang so v4i tim cot ¢ (xem hinh v& minh hoa). Pat giac ké
dung tai 4 va B d& nham dén dinh cot cd, nguoi ta do duoc cac goc lan luot 1a STA0'I2" vy

45739" 50 voi dudng song song mit dat. Hay tinh chiéu cao ctia cot cd (1am tron dén 0,01 m).
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M N

A. 52,20 m. B. 52,29 m. C. 52,30 m. D. 52,31 m.
Bai 75. Nguoi ta mudn 1am mot con duong tir dia diém A dén dia diém B ¢ hai bén bd mot con
song, cac s6 liéu dugc thé hién trén hinh v&, con duong duogc lam theo duong gép khuc AMNB.
Biét rang chi phi xay dung 1 km dudng bén bo c6 diém B gip 1,3 1an chi phi xay dung 1 km
duong bén bo co diém A, chi phi 1am ciu MN tai dia diém nao cling nhu nhau. Hoi phai xay
dung cau tai diém M cach diém H bao nhiéu (lam tron dén 0,001 km) dé chi phi lam duong 1a

nho nhit.

B

uy ¢

song

1,2 km

_(4
A. 1,758 km. B. 2,630 km. C. 2,360 km. D. Két qua khac.

Bai 76. Mot ong thép tron phi 21 theo tiéu chuan Lao c6 duong kinh trong 1a 15 mm, d6 day 2
mm va chiéu dai mdi éng 14 6 m. Biét khdi lwong riéng cua thép 1a 7800 kg/m>. Hoi 10 tan thép
nguyén lidu lam duoc t6i da bao nhiéu éng thép (Iam tron dén hang don vi) theo tiéu chuan trén.

A. 1998 éng. B. 2000 4ng. C. 2001 6ng. D. 1999 éng.
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Bai 77. Khi thiét ké vo lon sira bo hinh tru cac nha thiét ké luén dat muc ti€u sao cho chi phi lam

v6 lon 13 nho nhét (dién tich toan phan nho nhét). Mudn thé tich cua lon sita bang ¥ ma dién tich

toan phan cta lon sita nhod nhat thi ban kinh cta day lon bang bao nhiéu.

Bai 78. Mot lon sita hinh try tron xoay c6 chiéu cao 10 cm va duong kinh ddy 6 cm. Nha san
xuat mudn tiét kiém chi phi san xut vo lon ma khong 1am thay doi thé tich cua lon sita d6 nén da

ha chiéu cao cua lon sira hinh tru tron xoay xudng con 8 cm. Tinh ban kinh day cua lon stta mai.

4

45 Jos 45

K= o, K=

N e B. R=45em. C. 2 D

i,

Bai 79. Mot doi xay dung can hoan thién mot hé théng cOt tron ciia mdt ctra hang kinh doanh
gém 10 cai cot. Trude khi hoan thién mdi chiée cot 1a mot khdi bé tong hinh lang tru luc gidc déu
¢6 canh20 cm; sau khi hoan thién bang cach trat thém vita tong hop vao xung quanh mdi cot 1a
mot khéi tru c6 dudng kinh ddy bang 42 cm. Chiéu cao ctia mdi cot trude va sau khi hoan thién
bang 4 m. Biét lugng xi mang can ding chiém 80% lugng vira va cir mét bao xi ming 50 kg thi
tuong duong véi 6400 cm® xi mang. Hoi can it nhat may bao xi ming loai 50 kg dé hoan thién

toan bo hé thong cot.

A. 25 bao. B. 18 bao. C. 28 bao. D. 22 bao.
Bai 80. Mot tim bia hinh vudng, ngudi ta cit bo & mdi goc ciia tim bia mot hinh vudng ¢ canh
12 cm 161 gép lai thanh mot hinh hop chir nhat khong nip. Néu dung tich ciia hop bang 4800 cm®
thi canh cia tim bia d6 bang bao nhiéu.

A. 38 cm. B. 36 cm. C.4cm. D. 42 cm.
Bai 81. Mot khi 1ap phuong c6 canh biang 1m. Ngudi ta son do tt ca cac mit cua khoi 1ap
phuong roi cat khdi 1ap phuong bang cac mat phang song song véi cac mit cua khoi lap phuong
dé dugc 1000 khéi 1ap phuong c6 canh 10 cm. Hoi cac khdi 1ap phuong thu dugc sau khi cit co
bao nhiéu khéi lap phuong duge t6 d6 2 trong s6 6 mat.

A. 64. B. 81. C. 100. D. 96.
Bai 82. Mot vién d4 co dang khdi chép tir giac déu vai tat ca cac canh bang nhau va bang a.
Ngudi ta cua vién da d6 theo mit phing song song v6i mit day cia khdi chop dé chia vién da
thanh hai phan c6 thé tich bang nhau. Tinh dién tich thiét dién vién d bi cua boi mit phiang noi

trén.
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2

4
B. V2

£
c.V4

D. Két qua khac.

Bai 83. Mot tim nhon hinh chir nhat c6 kich thudc a x 2a. Nguoi ta cuén tdm nhom thanh mot

hinh tru. Néu hinh tru dugc tao thanh ¢ chiéu dai duong sinh bang 24 thi ban kinh day 1a bao

nhiéu:
a a
AT B.2 c. 2 D. 27a.
PAP AN

1 2 3 4 5 6 7 8 9 10
A D A B C A A D A C
11 12 13 14 15 16 17 18 19 20
D B A A A B B A A C
21 22 23 24 25 26 27 28 29 30
B B B A D C C D B A
31 32 33 34 35 36 37 38 39 40
D B C D D B D B B B
41 42 43 44 45 46 47 48 49 50
A C D A C B A D C A
51 52 53 54 55 56 57 58 59 60
D A B B B A C B A A
61 62 63 64 65 66 67 68 69 70
A A C C C A A A C C
71 72 73 74 75 76 77 78 79 80
C D C C B B A A B C
81 82 83

D D C

HUONG DAN GIAI
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6—-3x

Bai 1. Goi d6 dai canh hinh tam gidc déu la x (x>0), ta c6 canh hinh vuéng 1a : 4

= ."."ﬁ I l.f 0—3x ,| - i[rk} . —1\1{_1_]'- —3Av+ 30 :|

, | _
Tdng dién tich cta hai hinh la: 4 L 4 ) e

~36 54-24.3

= e V=

Smin khi jll";' 1 —]'\II'.?] 11

Bai 2. Goi chiéu dai va chiéu rong cua khu dit rao duoc 1a x va y (0 <y < x < 200).
Ta C()I X+ 1_1' = jﬂﬂ — N = jﬂﬂ— 11

Dién tich rio duge :/ (V) =y =(200-2y)y = =237 +200y.

y=-- =50 = = 100 = maxS=350010,
Dién tich 16n nhét khi : ===

Bai 3. Ta s& tinh xem ban Hoa cén it nhat bao nhiéu thoi gian dé di tir A dén C.

Gia st CD=x(0<cy<3)=BD=5-v= AD=
1a Su

s =2

Pl )=
A 10k 1 34

I

f [ :I =
Thoi gian Hoa di tir A dén C 1a

L]

flixy=0=xy=]

Ta co: Ma [ (=145 Npy vy ban Hoa can it nhat 1 h 27 phuat dé di chuyén

do ¢6 mudn nhat 6h03phit Hoa phai xuat phat.

-~ .. P 5 r '2.': ; b - 2 — __.'I_ﬂ| _ 57
Bai 4. Gid s AS= 0 (0= x<12)= BS= 3 4 (12-0)" = - 2404 153

S4 tién dé méc duong day dién la: )= 500

F(4 = 1174400375, F(5)=1140, F (0)= 1130,520393, f (10} = | 100, 355123,

Ta co:
Suy ra: x = 8.

Bai 5.
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B
615m
F
F4
y
I — s ¢
’
[ 18m £
E F Song D
Ta C(’) : ]r'.-.lr.] = .4(1 = —1";'2
pat EF=x = FD=492-x
Poan dudong ma nguoi d6 phai di la:
Flx) = + 118 + (492 - x) + 487
e flnr=r 113924 4 i — 984+ 479233,
Ta co:
. X r—492y
flix)= = ' =
VT 413924 i — 984w + 479233
Sals S005
£(x) =0 ey = 20020 o 20 979
Do do: 003 Suy ra doan duong ngin nhat c6 thé dila: 003
. P 2 Cy . \
Bai 6. Dat AM = (0 <x<24) 1y o6 tong do dai hai soi day la:

Flo) =107 457 44307 1 (24— x)

Ta co:

F(0)=8J34: /(T)=40,08843401: £ (4)= 229 + 10013: £ (12)= 201 + 629,
Bai7. V=114 =4(cm)

Bai 8. HD: Gia str. EF =x
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(1) =125+ I 4 445 4 (3-x)

Suy ra quang dudong ma ngudi nay phai boi la: :

Bai 9. HD: Do mit nudc tao v6i mit day goc 45° nén chiéu cao cia hinh try bang duong kinh

cua day.

Ox(5 -3
r_:] _ )

- H[],T.
Bai 10. 2

Bai 11. Day hop 1a mot hinh binh hanh, thé tich ctia hop 16n nhét khi dién tich day hop 16n nhét.

o (xevt (300 ]
S=xrsine s | 1= —| =225
: R T I 2

Goi 1a mdt goe cuia mat day, ta c6 dién tich day la: &
Ding thirc xay ra khi: x =y va mot goc ciia hinh binh hanh bang 90° . Nhu vay day ctia hop la
hinh vuong canh 15 cm.

Ta tinh duoc dién tich toan phan ctia hop 1a 1650 cm?.

Bai 12. Dién tich cta phan gidy ctng dé lam hop chinh 1a dién tich xuang quanh ctia hop nay.
Chu vi cua day hop 1a: 2.4=8 (cm).

, , I B T
Dién tich gidy dé 1am hop la: = = o 12(cr)

Bai 13.
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Thé tich cia khéi hinh try tién dugc la: ¥ =777

=.f |'I LY I ,!': A
f'=,TI]—;— h ‘]—T—‘h
Suy ra: \ ' nhu vy ¥ 161 nhat khi * /" 16n nhat.
Tacha y rang 0 < 2h < 2R hay 0 <h <2.
_ [ h _ /
Fih= ]—?— e f [l"?]=|"i'—r—
. L4 4
Xeét ’
SNE
fi=0l-—eh= 23
Ta co: 3
X , h=——— "= {cfoni )
D@ thay f(h) 16n nhét khi 3 vakhido 9
Bai 14. Ta c6 : /" = 293m! = 293cim’
[/
. h=—=
Goi ban kinh cua day hop la R cm. Ta c6 chiéu cao cua hop la: 7R

bé hop sira c6 trong lugng vé hop nhe nhét thi dién tich toan phén cua nd phai nho nhét.

S =27k +2xRh= 58 =27R +2 _ = 5 =2x R+
Ta c('): TR "

Theo bat dang thitc AM-GM ta co:

» QAR = —=>R=j— =d =2R=2|—
Dang thtrc xay ra khi : R =T T
293
id =23 ——=7,20(cm ).
2314

Ap dung cho bai toan nay :
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- _]. 3
3

by o

—

Ti s cAn tinh 1a: !
Bai 16. HD: Néu up nguoc lai thi cai x6 ¢6 hinh nén cut, hdy tinh dién tich xung quanh cta n6

T A2030 4 108) — 29105 = 7307.

thong qua dién tich cua hai hinh non khac.

=(z 15 —2.5 )+ 2.5.30=350~

Bai17.”

4 . -
T3 =358R =4 % .1

I"==x9

Bai 18

T ]—,TT:.'-? =4907.

V=it
2

Bai 19.

Bai 20. Xem vi du 7
Bai 21.
30

Goi ban kinh day cua khéi tru 1a 7 ta co:
36000

30 . .
) ) V=gr ' =g(—) 40 = (o)
Thé tich cua khoi tru 1a: T T
. [ PR [~ B R
= Lis— 218 - 20 ap g LT 20 IS 22w Ay 1
4 27 2

=15 =2x) .

Bai 22. Ta co:

r=13

Ding thirc xay xa khi: 4¥=15-2r <

. . L4 )
Bai 23. Ta co ' ’
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C10-247
. £ a1 = TO2= 2008 = 2008 & e A 1 v A 3
Bai 24. Thé tich hop 1a : .Thé tich hop 16n nhat khi 2

Bai 25.

e
e e e e — -

e
Fal
X

O

D
o
Lh
<

HD: Toa d6 hoa nhu hinh v&. Thé tich ctia thung rugu chinh 1a thé tich cta khéi tron xoay tao

v=— w40

250

thanh khi quay hinh thang cong giéi han béi d6 thi ham sé truc Ox va hai
duong thang x = -50, x = 50 (nhu trong hinh v& bén) xung quanh truc Ox. Cong viéc tinh toan
tiép theo xin dé lai cho ban doc.

Bai 26. Xem vi du 12.

S50-(9-15)

= 28 (3)
Bai 27. Ta co: L5 Suy ra s luong qua cau long dung dugc trong hop 1a 28 qua.
3 27
R . , 2aR =l e R = — =1 = —.
Bai 28. Goi "' 1a ban kinh day cta khoi tru thir nhat, ta co: 27 4x
4

. ) H'_f'f:]a;_xf{:]_: o=

Goi R, 1 ban kinh d4y ctia khoi try thtr nhat, ta co: 2x 4z
[

Suy ra: £

Bai 29. Goi chiéu dai la x thi chiéu rong 1a 60 — x .Ban kinh day chiéu cao h = 60 —x.

.. —X +60x°
V=gfh=—"— "

Suy ra:
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Xét ham sé: Fla)l=—x" + 00, v e(ol),
r =40

flix)=0e 3" +120x =0 =

Ta co:
Suy ra chiéu dai bang 40 cm, chiéu rong bang 20 cm.

Bai 30. Trong cac hinh chit nhét ¢6 ciing chu vi thi hinh vudng c6 dién tich 16n nhat. Bai todn

nay c6 thé giai quyét nho bat dang thirc AM-GM hoic khao sat sy bién thién ciia ham s6.
Bai 31. Goi hai canh ciia miéng dét 13 x, y. Ta co: x +y =400 (m).

x vy 4007
T : =

X = 400007
Ta co: 4

Ping thirc xay ra khi: x =y = 200 (m).

)
2ar=100 = pr="—

Bai 32. Goi ban kinh cuia cai thung 1a 7 ta co:

S0 [ 125000

. |"-_ - Ty
i'=,ﬂ'"ar=f; —| 50 {cm’)

Thé tich cua cai hop la: LT
Bai 33. Xem vidu 9.

Bai 34.

B

Khong gian trong 1éu 16n nhat khi dién tich tam giac 4BC 16n nhat.
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. 3 9
AB.AC I A= T”” A= :::m an =

L
'{; il =

‘ ?
Ta co: 2

IJl._.

Ding thirc xay ra khi: A8C =90

Suy ra chi€u cao cua gy chong la:

Bai 35. Goi /""" Iin luot 14 ban kinh day ciia hinh nén (V1) (V2)

I, 3 | 1
S o=al==alk ==n==R5  =1nl=—=1gk =»1r==K/
Tacod: 4 4 T4 © 4

| . 9 . k7

P Ej"'h' ,T.",:-.;'f{:—."lz B EH T3 303
] =
3

S.h. ,T.":"Jf{"—r_" ]—f{‘:_f{ 15 5
Suy ra: - I0 4

Bai 36. Goi S 1a dinh ctia khdi tr dién gip dugc, ABC 1a tam giac ddy, G 1a trong tAm tam gidc
ABC.

Do tir dién gdp duoc 1a tir dién déu nén 5S¢ - (4BC)

3 - - .3 i
.44’:‘.51'[1{‘1(1':% SG=NSA"—AG = f]'—azg_

Suy ra:

AG =
Ta co:

'..».Jll_.'l

NERNE

%

I =
Thé tich cua tir dién gap duoc 1a:

I 4 I

Lad | o
[

Bai 37.
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Goi d6 dai canh day ctia mé hinh 1a x, chiéu cao ctia mé hinh 14 A.
. .-
4 2BC=5J2=>BC=" "': -
Js0-1042¢

Ta co:

a1 5

‘ = | =1042x 4+ 50
Suy ra: 4 4
501042

Flxl= ]—..-. .
3 7

[
LN

Thé tich ciia mo hinh 1a:

13 (x) = ]—r 25— 520
Ta co: I

16m nhét
=1

V(x) 16n nhét khi ¥ ) 16n nhét hay /1= 52

fx)=0 < -252x +100x" =0 =
= 2 2 PR N ~ X N
" 7' Suyra X< 22 thoéa man d¢ bai.

Ma
Bai 38. Mdi hop dung duoc 30 vién phén, suy ra 12 hop dung dugc 260 vién phan. Do d6 thiéu

10 vién phén.

\_lox

e L
3 ] v

Bai 39. The tich ciia bon vién bi la:
2
- —(cm).
Nhu vay nudc sé cach mép coc

lox 2
727 = =(cm).

Y

Chiéu cao nudc dang 1én la:
Trang 64
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L 501107 220 | = 4400350 (nr)

L. 2 Ca , 2 1z S =247 =127,
Bai 41. Tong dién tich cua ba qua bong 1a: ™!

A w iAo 1y S =2 Or= 121",
Dién tich xuang quanh cta cai hop la: ==

—4=1.
Suy ra: 72

1 ‘ \ o
7 oV =—[24012430)- £330 | =404, 72(em).
Bai 42. Thé tich cua cai coc la: 3

Suy ra: V = 0,46472 (lit). Do d6 néu dung cdc nay dé dong 10 lit nude thi phai dong it nhat 22
lan.

Bai 43. Nguoi choi chi du diéu kién tham gia khi c¢6 chiéu cao thap hon dudng kinh qua bong.

o T e T T SO e TP R b O e e — A
Bz‘li44.Tacc'):'a'_"r'""“] s 2r) =725 = 204r A A0dr2r) = 040

s T 9

Suyra: > 078
g 300-75_ 950z
Bai 45. Dién tich xuang quanh ctia cai mil la: 300 3
50T 95
ar20= W = 22
3 0

Suy ra:

Chiéu cao cua cai mu la:

Thé tich cua cai mua la:

Bai 46. Thé tich ctia 1 vién phan 1a: 70+~ -0 =+ Tlcm ).

330=70.4.71+ 0.3

Taco: - "~ nén co thé dac dugc t6i da 70 vién phan.
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Bai 47. Goi chi€u cao muc nudc dang 1én 1a x (cm).

. x+4.56

, , 5 A c 1 3
Ban kinh cua vién bi la: <

Vi phan nudc dang 18n co thé tich bang thé tich vién bi nén: 3 o2

2 A , , T = TOS3IERAT == = 0.5
Str dung tinh nang nham nghiém cua MTCT ta tinh dugc: 0.017053354) r=0.59.

Bai 48. Goi r 14 ban kinh miéng ly, / 1a chiéu cao (phan hinh nén) cua ly.

V=_azrh.

Thé tich cua ly 1a:

| —

" = ]—TI
8 _1 I\.

| A oh
3 sl

Led | =

The tich cua lugng nudc do vao la:

26,
) ) —arh
Thé tich con lai cua coe 1a: 81 (1)

Goi h - k 1a chi€u cao cua nudc khi tp ngugc lai.

lad | —
)

(str dung tam giac dong dang) (2).

I .k 26 oy h 20 h-k3-320

T —=— g h= ==

T (1) va(2)suyra:3 K 8l no 3 h 4

Bai 49. Ta c6: abc = 1,296.

Dién tich cta phan kinh dung dé 1am bé c4 1a:

S=ah+2ac+3bc = 3fablac3be =30 h o

)
L, r a=135
=2
S=ah=2ac=3hc=> a. h=12
o =3¢
‘ l c=00

Ping thirc xdy ra khi:
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35,
. 1 [cfmn)
Bai 50. Chicu cao cua cai gau la: =
1 ) e e :
'=—x 5 =8 TI2ET3719dm ).
3 2

The tich cua cai gau la:

Suy ra can muc it nhat 28 lan dé d6 day cai thung co thé tich 240 lit.

S xl
Bai 51. Dién tich xung quanh ctia hinh nén 1a: S =7 "l ma ta lai co: 3
=l 1

arl = ==
Suy ra: 3 3

o ! ] - ¥ L e

SINp=—=—=x 2= JArcsin—.
Do dé: I3 3

Bai 52. Thé tich khéi lang try 16n nhat khi dién tich day cua né 16n nhat.

= (30— x) = (30— ¢)Jo0—900

Slxv)= ]—[(‘l[] —2x)
Dién tich day cua lang tru la: 2

; : CSlix)=0= x=20
Str dung MTCT ta tinh duoc: /

Néu dé y mot chit ban doc s& thay chi co dap an A thoa man vi cac dap an B, C, D 2x 2 60.

Bai 53. Goi r 1 ban kinh khdi nén, # 1a chiéu cao ctia khdi non. Khong mat tinh tong quat ta c6

thé xem R=1. Ta ¢6: /1 = R =1t =17

Do dién tich xuang quanh cta hinh nén ang dién tich phan hinh quat dem quin nén:
TR = R e
T —

= TP = —

L | =
[
1

Thé tich cua khdi non 1a:

S ¢ ==y -

[ 2~ L ool vi=vyl—1 , 21—y
b .Xethamso:'“'” LRV , ta co: 1=

bat.
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R
glri=0e= 2l-pv)=re y=—.
Suy ra: 3
Oy 7 7 7 _—
;_ :::-_.,_:“‘E,_x v = 0
(2 3 T 3 3
bods 27 3 27 B _

Binh luin: Néu ban doc tinh theo R thi bai toan s& kho khin va phirc tap hon rat nhiéu.

Bai 54. Goi d6 dai ciia hang rao xay bang xi mang 1 x (x > 5) va d6 dai hai hang rao vudng goc

voinod la y.

B a0

xy=600=> p=—
Vi dién tich khu dét rao dugc bang 600m? nén:

.
(x=5)+2p=x-5+2.290 _ 1200
Do dai day thép dé lam hang rao la:
i 200 | 00000
fix) =; x4 - -5 |_]J,mt|n P 28000 =42000y 4 m—— 70000
Suy ra tong chi phi la: : o /
lasoooon
, f )z 2, [42000, ———— ¢ 5= 1610000,
Theo bat dang thirc AM-GM ta c6: v
00000
» 42000, = LO800000 g
Dang thtrc xdy ra khi:
i o
Hx+y)= 1.; 20 (:— |: 1000 131},
Suy ra chu vi ciia khu dét 1a: L 200
Bai 55. Goi x va y 1an lugt 14 ban kinh day va chiéu cao ctia hinh try.
Dai day ruy bang khi da that no 13: 160 — 40 = 120 (cm).
o PRI — 177 - T P
Ta c(,):[__._ v)i4=120e= pv=30-2x
Thé tich cta hop qua la:
, x4 x+ (30-2x)
()= 70 (30-2x) = e 30-2x)] = = [ il
j".'
e )= 1000 7
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Ding thirc xdy ra khi: * ~ 30-2x e x=10{cm).

Bai 56. Goi chicu dai va chiéu rong cua day khoi go lan ludt 1a x va y.

Ta co:
Thé tich ctia khdi g 16n nhét khi dién tich day cua nd 16n nhét, tirc 1a: xy 16n nhat.

Pt
vy = — =

b | —

=
=
(<)
o
o
&JP)‘
(o
D
=
(4]
—
=
=
o
'
R
g
—
o
o
9~
(]

Ding thirc xay ra khi: .

S=4{m).

[—

Suy ra thé tich 16n nhat ctia khdi gb sau khi cua xong 1a:

L | =

Bai 57.

20em < ZAAALK,
Rk

X

A

Chon h¢ truc toa do Oxy nhu hinh v&. Goi parabol di qua diém I 1a (Py) va c6 phuong trinh:

y=ax’+ by (P} yv=ax +bx

" Do (P )di qua gbe toa do nén

2 . 4
(F)iy=———x"+—
Str dung tiep dit kién (P, ) di qua / va 4 ta suy ra 625

Do do6 parabol phia dudi c6 phuong trinh la -
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Khi d6 dién tich mdi nhip cau Ia la § =25, véi 5 phan dién tich gii han boi cac parabol () va

(5) trong khoang (0;25).

2 . 4

y 25 ] .
— — |u'.'-.' - [ —dlv | =990 m ).
<L n2s 25 .5

A o oo a1 =8.0.2=9.9.02=1980m).
Thé tich cia moi nhip cau la: 1.98(nr")

5 | 3 : — 3 5
Suy ra lugng bé tong dé xdy dung céc nhip ciu fa: 2(1 98100 =39.00m") ()

Do 1am tron dén hang don vi nén ta can 40m’
Chii y: Tai (*) chung ta nhan 2 vi 1 chung ta phai xdy dung ca hai bén cau.
Bai 58.

H B y

S

Goi ban kinh day ctia hinh nén 1a R, (R > 0). Suy ra chiéu cao ctia hinh nén 1a 3R chiéu cao cua

hinh tru 1a 2R.

HB =
Goi ban kinh cua hinh tru 1a » thi

ro | =

pC_SD R

- . )= —

Ta co: ."”fr_ﬁ_ 3
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o

— T.-;_’-.—x.lr{=j
L

(R
16 7| = | 2R=
Do thé tich ctia khoi tru bang ©  nén ta c6: /

Suy ra dudng sinh ctia hinh nén la: ! = VSH v Al =N6" 12 = 2010,

cA s s s L o mRI=7 17 — A0
chntlchxuangquanhcuahlnhnonla:“‘r{' 7.2 2410 = 107 (dm” ).

Bai 59. Goi m 1a s6 manh da ngil giac, n la s6 manh da luc giac (dé cho thuan tién tac gia goi

manh da ngii gidc 1 manh da den, manh da lyc giac 1a manh da tréng).
S6 manh da ciia qua bong 1a: . M =m + n.

Mo6i manh da den tiép xtic v&i 5 méanh da trang nén s6 duong khau ghép gitra cdc manh da den va

cac manh da tring 1a 5m (1).

Moi manh da tring tiép xtc v6i 3 manh da den nén s6 duong khau ghép giita cdc manh da trang

va cac manh da den 1a 3x (2).

- in
Sm=3nse = —,

Tir (1) va (2) ta co: 5

mithl=—"+n=—
Suy ra sO manh da cia qua bong la: -

3n
S6 duong khau ghép giita cac manh da tring v6i nhau la 2 . Vi ¢ m6i manh da tring nay lai

tiép xtic v6i 3 manh da tring khac va mdi duong khau ghép ta da dém 2 lan.

Téng s6 dudng khau ghép trén qua bong 13: S6 dwong khdu giita cdc manh da ciing mau + S6

duwong khdu giita cac manh da khac mau

S6 dinh cua tat ca cac manh da 1a 5m hay 3n (bing tong tit ca cac dinh ciia cac manh da den).

Theo cong thic Euler ta co: S6 dinh + S6 mdt = S6 canh + 2 nén ta co:

Fles —p=2= = 12.

—

S 9a | 3.20
2 10 3

Bai 60. Goi R va & theo tht tu 1a ban kinh va chiéu cao cua céi phéu.
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R =+3.

Thiét dién song song v6i day phéu, qua tim cta vién gach 14 hinh tron ban kinh "

_ ¥ L ¥
izh Jj: h Ef{:ﬁ

Ta co: & f h (1)

Thiét dién song song v6i day phéu, chira canh ddi dién v6i canh nam trén day phéu 1a hinh tron

c6 ban kinh & =1

R, a'i'—-,ﬁ ?ﬂ'i'—zﬁ

R =" , f{ = ]
Ta co: * h f )

L R SR PR ]

Tir (1) va (2) suy ra: "= 22 2 L R=2G

"= : TR*h-2"=2227

= -7

Thé tich con lai trong phéu la:

Bai 61.} =3020010-10.20.1-49.20.1 = 5520 (lit)

Bai 62.

A’

F 4 I
Goi / 1a tam hinh vuéng ABCD, H 1a tdm cua hinh vuong A’B’C’D’, EF 1a dudng sinh di qua
nhu hinh vé bén.

V2

4

ﬂ ‘ AA'=HI=1,A'H= Al =
Do hinh l&p phuong c6 thé tich bang 1 nén ta co:
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i: A'H — X _ ﬁ }:%‘rlrzﬁlll_lll[z.l'}

PitEH=xtaco: =f I/ x+1 2F1 2|

X

1 I (x+1Y T (c+1f
—,T.'"F;T:—,Ti | [.r-]}:—.[ —
Thé tich khdi non 1a: o Lo o x
) A ]]' ) _'.,'—2]- XA ”:
,Jr[.".-]'=[ :' f'[..‘}:# , )
Xét ham so x trong d6 x > 0 ta co x . Do d6 thé tich khoi non

Or
dat gi4 tri nho nhét khi va chi khi x = 2. Thé tich khéi nén khi d6 1a: 8

Bai 63. Dién tich hinh thang nh6 nhat khi ~ ~ 16n nhat.

Taco: 25 =21 30 (0 =)0 1) =y —dx=3y430

AE AH
—=——==ay=0
Ma hai tam gidc AEH va CGF dong dang nén €' CF (2)
1.«::41—[4.-; - E'] a4 18
Thay (2) vao (1) ta co: \ /28 16n nhat khi X nho nhat
8 342 T2
P LY y=22=>x+y= 2
Suy ra: X 2 2
Bai 64.
A
D O N C

Goi cac diém nhu hinh v&, ké PQ vudng goc véi CD. Dé N cham day CQ thi MB > MC nén x >
4.
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Hai tam giac MNC va NPQ dong dang nén ta co:

MN NC _ x NC ¥

NP ‘rr{_}_.. ‘n‘r_,:u_ Q ' -J_l':—.".': g

PE= AB=12=x

Ta chu ¥ thém diéu kién

IS—iaf5 < v < s,

Suy ra:
. 2yi{x—0) =
J'r[\]_ Jrl['-}:—_flr']=n<_\._ -
Xét ham sb ¥—4 taco: (x—4) T =
= R
Tasuyra:mm_l_q,l';r_(n}_.:nf

Bai 65.

Goi O 1a tAm clia miéng bia.Ta co: 408 =45

AB= 24050225 = 40| =2 50 i
BE = AE® — AB’ :J4ﬂ:—[101#1—ﬁ]3 = 2042442

Suy ra:

Chiéu cao cua cai hop gap duogc la:

h= 1-{3;;‘—.43}: 02+ 2 -2- 20
=102 T 220 AR = 10y
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1= 4B =4000(2— 2422

Thé tich ctia hop gap duoc la:
Binh luin: Néu ban doc st dung dinh 1y ham s cos dé tinh AB thi s& don gian hon mot chut.
Bai 66. Goi x 1a ban kinh vién bi. Diéu kign: 0 < 2v < 10 0< w3,

4

Vo= —ax
AR o7 [N c 1 " 2
Thé tich vién bi 1a: 2
Thé tich cua khoi nudce hinh chdm cau khi chua tha vién bi vao la:

4 4lox
3

3

-.|'f |'I L |"-
V= | R— = |=167| 10~
' 3 |

L}

Thé tich cua khoi nudc hinh chom cau khi tha vién bi vao la:

Vo= a2 | R- = .|:

h,

Ta c6 phuong trinh:

7 (30 2y e . : .
V=1 e 2T : ] —413 - “;1— e 47x (30— 2)— 4107 = 47x

< 3 = 3007 + 104= 0(1).

Giai phuong trinh (1) dwoc ba nghiém sau d6 so sanh véi didu kién va 1am tron dén hang don vi

ta duoc x = 2.

Bai 67. Chon hé truc toa d6 Oxy nhu hinh V€.

=
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2, , . Y R s " 1s 2 \ \ . N =257
Thé tich ctia cai chum 1 thé tich ctia hinh gi¢i han boi duong tron ¢6 phuong trinh =24

va cac duong thing ¥ = +3 khi quay xung quanh truc Ox.

V=2 [(25-x")dv =132,

Suy ra:

Bai 68. Goi / 1a khoang cach tir bong dén dén mit ban.
_h

Tacod: L yvalhm=r-2

, h
(':(1[“']:["'—_:
Suy ra cuong do sang & mép ban la:

1,2 .5c e
O = —— (L5 —— (D)=

NEEE N E (Joy

o

(37

Cill=

Ta co:
Suy ra h =1 m thi cuong do sang & mép ban 1a 16n nhat.

Bai 69. HD: Dién tich xung quanh cta cai hop bang dién tich ciia miéng bia.
Bai 70. Ban kinh cua day lo 1a: &=/ 2r = 3.

18 r ? r ‘f=r"'=r';f.-‘-= -
Dién tich cua day lo 1a:" TR =x(3r) =97

'll—? =d==h=4y

Bai 71. Ta co:

2
_'|"l'|_'|lli' — 3 = _'l_'.'l'—]'.l' — 3 e ] -__‘
Do thé tich cua ho ga 1a nén ta co: 4y
Tong dién tich cia cac mat can xay la:
3 3 I o0 , . 27
vt 2xhd 2vh s — it 2—dri 2rdr=s — 4 — 81 =81 4 —
41 41 4o 4
27 27 27 9
hy! — =81t —t— = = —,
4, sro8) 2

Ta co:
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Ding thirc xdy ra khi:

) ) (0= x< i}.
Bai 72. Goi x 1a d§ dai ctia canh cta bon hinh vuong cat bo 2
Thé tich cta cai hop la:

1 wea | (g —-2a+a-2x+4xy  2a’
V= (a—2x)a—2x)r =—[(a=2x)a-2x)4x] = —| 0 | ==
41 3

37

a—2x

Ding thirc xay ra khi: S0

Bai 73. Goi x 1a d§ dai mdt canh goc vudng ( x > 0 ),thi do dai canh huyén la 120 - x va d6 dai

canh goc vudng con lai 1a 14400 — 240 .

.-.-w" 14400 - 240

flxl=
Dién tich ciia miéng nhdm cat dugc la:

b | =

| = —_ | — 5 -
)= ?j (14400 240x) = —— f1200. 12014400 - 240}

Ta co: 2120

Suy ra f(x) 16n nhat khi 1207 = 14400 240x = v =40 4o d6 canh huyén bang 80 cm thi dién

tich cia miéng nhom 1a 16n nhat.

Bai 74.

M N
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Goi H 1a giao di€m cua AB véi tim ¢it co. Ta can tinh chiéu cao cua cdt co tuc 1a tinh HC.

Xét tam gidc ABC ta co:C = A—B=0"1012

AB AC !,_]f]_sjn—l:?'_"«fk}

Theo dinh Iy ham sin trong tam gidc ABC ta c6: SInC  sin 5 sin 0’1012
Ta c6: HC = ACSINCAH = AC.sin51'4912

0sin45'39 sin51'4912
— H(‘:] bJ[]—L“._ ,bm:‘.]_l 12 < 52.30(m).
sint 1012

— oy (= g Arf — [0 _ ECTET:
Bai 75. Dyt 1M = v.(0 == 41). Suyra;"”—*"l-- L 44, BN = Ji4.1-x) +2,25.

Goi a 1a s6 tién dé 1am 1 km duong bén bo c6 diém A. Khong mét tinh téng quat gia sira = 1 thi

6 tidn dé 1am duomg 1a: | ()= 1/x 144 L3af(41-x) +2,25

e X 41-x

—_— 13,
Ta c6. Joleldd o f(40-x)7 2,28

Sir dung MTCT ta tinh duge/ ) =0 khi *

Suy ra: HM = 2,630 (km).

Bii 76. Dién tich mat cit cta éng 1a: S = 7R =717 ygi r=0,0075 (m) va R = 0,0095 (m).
V' =6S(m")

Thé tich ctia phan thép tao nén mot dng 1a:

Khéi lwong mdi dng thép 1a: m = 7800.V(kg).

10000
o . ) — - = 2000
Suy ra s6 6ng thép c6 thé tao ra tir 10 tan thép nguyén ligu la: 750071 (ong)
) . 20
S,=2zR" +2xRh< 5 =2z +1lsR—< 5, =27k + —.

Bai 77. Ta co: TR R

.
o S =27R 4 — =5

Theo bat dang thirc AM-GM ta co6: R
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. [
2ER = —=>R=,
R 2x

Ping thirc xay ra khi:

Bai 78. Thé tich cua lon sita la: =10.73 =90x(cm )

5

SR =90r==>R=
Bén kinh day cuta lon sira méi la: -

[

Bai 79. Thé tich cua luong vira can trat thém vao mdi cot 1a:

20.20.5in60" || =1

3IR203.5002( cm’)

I = 400 ;113—':1:

P | =

R o - R — 53 I I
Thé tich xi ming twong tmg la:f = (107 80% = 1105030, 449 cm )

 _17.27547577

S6 lwong bao xi ming can ding la: 04000 suy ra can dung 18 bao xi ming.

4500
Bai 80. Dién tich ctua day hop la: 12

= 400{ ¢ )

Suy ra canh cua day cua hop 1a: 20 (cm).
Canh cia tim bia hinh vudng 1a: 20 + 2.12 =44 (cm).
Bai 81. S6 khéi lap phuong nho dugc son d6 2 trong sd 6 mit 1a: 8, 12 = 96 (khdi).

Bai 82.

B
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Vs v _ l
Goi (DEF) 1a thiét dién cat cua vién da. Ta co: Vane 2

SD SE SF_ 1 __(spy 1 __sp_ |

Suy ra: 4 SB SC 2 lsa) 27 s4a R

JE
PE_ 1 pE-
Do do: 45

5=

{frj_

g _ il

1 a
Dé théy DEF 1a tam giac déu nén: o2 ‘«E \E

ITR=a < R=—.

Bai 83. Ta co: 2x

sinad' =

i

B

4

uigeli.xyz

Trang 80



