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CHU DPE 9: CAC BAI TOAN THU'C TE PHAN LOAI

Bai 1. p 5

Bac Binh ¢6 manh vuon hinh vuéng ABCD c6 canh bang 10m. O bén

gdc vuon, bac Binh mudn trong hoa thanh cac hinh tam gidc vudng bang
nhau (hinh v&). Hiy tinh khoang céach tir goc vuon A dén vi tri E sao H
cho tir gidc EFGH c¢6 chu vi nho nhat.

Bai 2. e

Mot cong ty san xudt dung cu thé thao nhan duoc mot don dit hang san xuit 8000 qua bong
tennis. Cong ty ndy sd hitu mot s6 may moc, mdi may moc c6 thé san xuat 30 qua bong trong
mot gio. Chi phi thiét 14p cac may nay 1a 200 nghin ddng cho mdi may. Khi duoc thiét 1ap, hoat
dong san xuat s& hoan toan dién ra ty dong dudi sy gidm sat. SO tién phai tra cho ngudi giam sat
1a 192 nghin déng mot gio (ngudi nay s& giam sat tit ca cac may hoat dong). S6 may méc cong
ty nén st dung 13 bao nhiéu dé chi phi san xuét 1a thip nhat?

Bai 3.
Bac An mudn dat dong mot chiéc hop dung qua luu niém c6 dang hinh hdp chit nhat véi mat day

ABCD 13 hinh vudng nhu hinh duéi day.

B C

s 0
Pé mon qua trd nén dac bi¢t , bac An mudn ma bdn mit xung quanh va mat day dudi (mat
MNP Q) ctia chiéc hop bang kim loai quy (khéng ma nap hop). Em hdy tim d6 dai canh MN cua
mit day va chiéu cao 4M cua hop qua sao cho tong dién tich cac mit dugc ma kim loai quy cua

A 1A 1x ) Apqchy 3 X s ) NS YET =
chiéc hop la nho nhat biét rang thé tich cta chiéc hop la ddm”

Bai 4.
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S4p(m)

mdi mét vudng thép 1a 500 ngan dong. Hoi s tién thap nhat ma ctra hang phai tra ? ( két qua lam

Mot cira hang xdng ddu can xay mot bon chira dau hinh tru bang thép c6 thé tich va gia
tron dén hang don vi)

Bai 5.

Mot trang trai chan nudi du dinh xay dung mot

X . v R oL £, g ns B C
ham biogas v&i thé tich de chira chat thai

< As N ;o A 1A , , I
chan nuoi va tao khi sinh hoc. Dy kién ham chira ¢ |
1

dang hinh hop chir nhat c6 chiéu sau bang chiéu l o
rong. Hay xac dinh cac kich thude day (dai, rong) /F" TTTT T 76
cia him biogas dé thi cong tiét kiém nguyén liéu ,/

nhat (khong tinh dén bé day cua thanh ham). E ‘

Bai 6.

Mot cai san hinh vuong ABCD c6 canh 1a 8 m. Ngudi ta mubn 1at gach mau khéac dé trang tri 1én manh
san hinh vuéng MNPQ ndi tiép trong san hinh vuéng ABCD. Tim vi tri cia M, N, P, Q dé hinh vuong
MNPQ c6 dién tich nho nhét

Bai 7.

Mot xudng san xuét hai loai san pham, mdi kg sin phim loai I cAn 2k& nguyén li¢u va 30 gig,
dem lai muc lgi nhudn 40000 dong. Moi kg san pham loai II can kg nguyén liéu va 15 gio,
dem lai mtec loi nhuan 30 990 ddng. Xuong co 20048 nguyen licu va 1200 gi¢y lam viée. Nén sin
xuét mdi loai san phém bao nhiéu dé c6 mirc loi nhuan cao nhét?

Bai 8.
V&i mot tAm ton hinh tron ¢ ban kinh R = 6 ¢m. Nguoi ta mudn lam mot cai phdu bang cach cét

mot phan (dang hinh quat) ctia hinh tron nhu hinh bén dudi. Thé tich 16n nhat cua hinh nén c6
duogc khi ngudi ta cit cung tron ciia hinh quat c6 chiéu dai 1a bao nhiéu?
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Bai 9.
Cat mot miéng gidy hinh vuéng nhu hinh bén va xép thanh hinh mét hinh chép tir gidc déu. Biét

cac canh hinh vudng bing 20cm  OM =xtem) Tim X ¢ hinh chop déu 4y cothd tich 16n nhat.

—————\Q//————<}.

Bai 10.
Bac Minh mudn dit dong mét chiéc hop dung qua luu niém cé dang hinh hop chit nhat voi mat
day ABCD 13 hinh vuong nhu hinh duéi day.

M= Q

Dé mén qua trd nén dic biét, bac Minh mudn ma bén mit xung quanh va mit ddy dudi (day
MNPQ ) ctia chiéc hop bang kim loai quy (khong ma nap hop). Em hiy tim d6 dai canh MN cua
mat day va chiéu cao AM cua hdp qua sao cho téng dién tich cac mat dugc ma kim loai quy cua
chiéc hop 1a nho nhét biét ring thé tich cua chiéc hop 1a 4dm’.

Bai 11.

Mot tin hoa qua dugc cho t6i siéu thi, trong d6 tao duoc dong theo cac thung gb 48 kg/thung, 16
duoc dong goi trong cac thung gd 20 kg/thung, méan dung trong hop gidy theo 14kg/hdp con nho
dung trong cac hop gidy theo 10kg/hop. Biét rang s6 kg tdo duge chd téi nhiéu gap doi sé kg 18,

con s kg man va nho 13 bang nhau. Hoi khdi lugng mdi loai hoa qua di dugc van chuyén téi ctra
hang la bao nhiéu kg ?

Bai 12.

Nguoi ta cAn 1am mat cai bon chira dang hinh tru c6 thé tich 1000]it bang inox dé chta nudc,
tinh ban kinh cta hinh tru d6 sao cho dién tich toan phan ctia bon chira d6 1a nhé nhat.
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Bai 13.

Mot cai thung dung nudc dugc tao thanh tir viée cit mat xung quanh cia mot hinh nén boi mat
mit phang vudng goc véi truc ctia hinh nén. Miéng thing 1a dudng tron cé ban kinh bang hai lan
ban kinh mit day cta thung. Bén trong thung c6 mot cai phéu dang hinh nén cé day la day cua
thung, c6 dinh 1 tAm ctia miéng thung (xem hinh minh hoa). Biét rang d6 12 lit nudc vao thung
thi day thung (nudc khong chay duoc vao bén trong phéu), tinh thé tich ctia phéu.

Bai 14.

Tim dién tich 16n nhat cua hinh chit nhat MNPQ noi tiép trong nira duong tron (O) ban kinh

10cm, it mot canh caa hinh chit nhat ndm doc trén dudng kinh cia duong tron (nhw hinh vé).

N P

Bai 15.
Nguoi ta can l1ap hang rao quanh khu vuc bdo vé€ c6 dang hinh chit nhat cho mgt toa nha nhu hinh vé

bén. Hoi néu c6 80m hang rao bao quanh 3 mat nhu trén thi dién tich tdi da ctia khu vue bao vé 1a bao
nhiéu?

Hang rao

Khu vire
bao vé

VHN VOL

Bai 16.
S=
Goi S 1a dién tich tam gidc ABC, chung minh:

P — ' T— W — 3 “A , .oy
Cho AB =0 AC= 850 = V1 , tinh dién tich tam gidc ABC.
Bai 17.

AB.AC.sin BAC

b | =

Cong ty vang bac da quy mudn lam mot moén dd trang sirc ¢6 hinh hai hinh cau bang nhau giao
nhau nhu hinh v&. Khi cau c6 ban kinh 25¢7 khoang cach giita hai tam hinh cau 1a 40cm _ Gia
ma vang 17° 1a 4700000 ¢dng. Nha san xuét mudn ma vang xung quanh moén dd trang stc do.
Tinh s0 tién can dung dé ma vang khoi trang suc do.
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Bai 18.

Cho mot 16p hoc c6 35 hoc sinh, cic hoc sinh nay t6 chirc mot s6 cau lac bd mén hoc. Mbi hoc
sinh tham gia dang mdt cau lac bo. Néu chon ra 10 hoc sinh bat ki thi luén c6 it nhat 3 hoc sinh
tham gia cung mot cau lac bg. Chirng minh ¢6 mét cau lac bo gom it nhat 9 hoc sinh.

Bai 19.

Cho mdt tAm nhom c6 hinh tam gidc déu c6 canh bang 100¢”  Ngudi ta cit & ba goc cia thm
nhdém d6 ba tam giac nhu hinh v& dudi day dé dwoc hinh chit nhat ¥ ¢ | Tim d6 dai MB dé
hinh chit nhat V€ ¢6 dién tich 16n nhét.

A

M N

Bai 20.
Cho mdt tim nhém hinh vudng canh 12 cm. Ngudi ta cit & bon goc ctia tim nhom d6 bdn hinh

vudng bang nhau, mdi hinh vudng c6 canh bang x ( cm), réi gip tim nhom lai nhu hinh v& dudi
day dé dugc mdt cai hop khong nap. Tim x dé thé tich ctia hop 1a 16n nhat.

Bai 21.
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Qho hinh chop tam giac déu S.ABC co céc canh bén dél} béng 6 cm , d0 dai canh day la ¥ (Cm) . Tim ¥
deé dién tich xung quanh ctia hinh chop déu do 1a 16n nhat.

Bai 22.

A + A A < 1 A 7 1.7 r aicm N\ A < LY A J A
Mot miéng ton phang hinh vuong vai kich thude ( ), nguoi ta mudn cat di ¢ bon gdc bon

hinh vuéng canh bang " (cm) dé udén thanh mot hinh hop chit nhat khong cé nap. Phai cat nhu thé
nao dé hinh hop co thé tich 16n nhat?

Bai 23.

Mot cong ty du lich du dinh t6 chitc mét tour du lich xuyén Viét nhan ki niém ngay giai phong
hoan toan mién Nam 30 — 4 . Cong ty du dinh néu gia tour 1a 2 triéu dong thi s& c6 khoang 200
nguoi tham gia. PE thu hut nhiéu nguodi tham gia, cong ty s€ quyéet dinh gidm gia va cir moi lan
giam gia 100 nghin dong/1tour thi s& c6 thém 20 ngudi tham gia. Hoi cong ty phai giam gia tour
con bao nhiéu dé doanh thu tir tour xuyén Viét do 1a 16n nhat.

Bai 24.

Mot gia dinh mudn xay mot cai bé chira nuée nhod & goc vuon dé cha dong tudi rau,bé co dang

hinh hop chit nhat véi mat day € 13 hinh vudng (hinh v&)

A
1
|
|
D l C
I
Q P

Hay tim dg dai canh MN cua mat day va chiéu cao AM cua bé sao cho téng dién tich cac mat
1am bé (bao gdm 4 mit xung quanh va mot mit day) 1a nhé nhét, biét ring thé tich cta bé la 4m”,
Bai 25.

Nguoi ta gidng ludi dé nudi riéng mot loai ca trén
mot goc ho. Biét rang ludi dugce giang theo mdot
duong thang tir mot vi tri trén bo ngang dén mot vi
tri trén bo doc va phai di qua mdt cai coc da cam g3 \
san ¢ vi tri 4. H61 dién tich nho nhat c6 thé giang doc

\ ‘A DA , . \ % X A
1a bao nhiu, biét rang khoang cach tir coc dén bo KN nsidii
ngang la 5 m va khoang céch tir coc dén bo doc 1a cd riéng
12 m.

B& ngang

Bai 26.
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Cho tdm nhém hinh vuéng canh 12cm.
Nguoi ta cit & bon goc cua tAm nhom do
bdn hinh vudng bang nhau, mdi hinh . -
vudng c6 canh bang x(cm), roi gap tim
nhém lai nhu hinh v& duéi day dé duoc
mot cai hop khong nap. Tim x dé hop nhan
dugc c6 the tich 16n nhat. 1 —1

" . .
= &

Bai 27.

Nguoi ta gidng ludi dé nudi riéng mot loai ca trén mot goc
hd. Biét rang ludi dugc gidng theo mot duong thang tir mot vi
trf trén bd ngang dén mot vi tri trén bo doc va phai di qua mot
cdi coc dd cdm sdn & vi tri 4. Hoi dién tich nhé nhat c6 thé
gidng 12 bao nhiéu, biét rang khoang cach tir coc dén bd ngang
la 5 m va khoang céch tir coc dén bo doc 13 12 m. doc

B0 ngang

Bai 28.

Kim cuong 12 mot khoang san quy, c6 rat nhiéu gi tri va duoc sir dung véi nhiéu muc dich khac
nhau. Gia ban ctia mot vién kim cuong rat cao va phy thudce vao rat nhiéu yéu to. Gia sir rang gia
béan cua vién kim cuong ti 18 véi binh phwong khdi luong cta nd. Khi dem mot vién kim cuong
cit thanh ba phan va van ban vé6i gia nhu trén (theo ding ti 18 trén) thi tong s tién thu duoc ting
1én hay giam di? Trong trudng hop ndo, gia ban cia vién kim cuwong ban dau giam nhiéu nhat? va
giam bao nhiéu 1an?

Bai 29.

Cong ty san xuét thung gd mudn thiét ké sé lwong 16n thung dyng hang héa bén trong, dang
hinh lang tru t& gisc déu khong ndp véi thé tich 13 92-79M  Pé iét kiem vat licu gd lam thing,
ngudi ta can thiét ké thung sao cho c6 tong S dién tich xung quanh va dién tich mat day 1a nho
nhat. Hoi S ¢6 gia tri bang bao nhiéu?

Bai 30.

Cho m6t tim nhém hinh vudng c¢6 canh bang 12 cm. Ngudi ta cat & bdn goc ciia tim nhém do
bén hinh vudng bang nhau, mdi hinh vuéng c6 canh bang *“™ | 1di gap tim nhém d6 thanh hinh
hop khong cé nip (Hinh v&). Tim ¥ dé khong khi bén trong hop 1a nhiéu nhit.
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X cm

12 cm |

Bai 31.

Mot gia dinh muén cai tao mdt ao nudc nho thanh
mot ho nude dep hon. HO nuéde c¢6 dang hinh hop chir
nhat v6i chiéu dai gip hai 1an chiéu rong va nguoi ta

62 250
tinh duoc c6 thé tich bang 3 . Theo thi truong
350 000

xay dung, gia tién x4y dung binh quén 1a
ddng/m’ (bao gém ca day va thanh hd). Héi chi phi
thip nhat ma gia dinh d6 phai tra dé xay dung hd nude
trén 1a bao nhiéu tién

Bai 32.

Cua hang nha bac Diing chuyén kinh doanh may tinh tai Ha Noi. Mot loai may tinh c6 gia nhap
vao mot chiéc 1a 18tri¢u dong va ban ra voi gia 22tridu dong. Vi gia ban nhu trén thi mot nam

sd lwong may tinh ban duoc du kién 1a 500c¢hiéc. Pé ting thém luwong tiéu thu dong may tinh
nay, bac Diing du dinh giam gia ban va u6c luong cr giam 200nghin dong moét chiée thi sb

lwong may tinh ban ra trong mot nam sé& ting 2Ochiéc. Vay bac Diing phai ban voi gia bao nhiéu

dé sau khi giam gia loi nhuén thu dugc s€ cao nhat ?
Bai 33.
Hoc sinh chon mét trong hai cau dudi day dé lam bai.

1) Véi 7 1a cc sb thye dwong thay déi thod man © 29"+ 21"

'} A
P:1+i—y
Xy

2=

cua biéu thirc

2) Béac Duy mudn xdy mot bé chira nudc c6 dang hinh hop chit nhat

. . . 3 ,
khong nap c6 thé tich bang 36m” Day bé c6 dang hinh chit nhat voi
x(m)

dién tich can xay (bao gdm dién tich xung quanh va day bé) 1a nho nhat

chiéu rong la , chiéu dai gap doi chi€u rdng. Bac Duy muon phan

dé tiét kiém chi phi thi X phai bang bao nhiéu?
Bai 34.

Bac Nam muodn 1am mét cira s6 khudn gd, phia trén c6 dang nia
hinh tron, phia dudi c6 dang hinh chir nhat. Biét rang duong kinh

. Tim gia tri nho nhat

=

ctia nira hinh tron ciing 13 canh phia trén cta hinh chit nhat va tong
do dai cua khudn go (cac duong in dam trong hinh bén, bo qua do
8m

rong cua canh khuén gd) 14°” . Em hay giup bac An tinh do dai
cac canh cua hinh chir nhat dé ctra s6 co6 dién tich 16n nhat.

Bai 35.
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Mot chiée du quay c6 ban kinh 7> " tam ctia vong quay & do cao 897 so véi mit dét. Thoi
gian thyc hién moéi vong quay 1a 30 phat. Néu mot nguoi vao cabin ¢ vi tri thap nhat cia du quay
thi sau 10 phat nguoi d6 ¢ dd cao bao nhi€éu mét so voi mat dat (gid su du quay quay déu)?

o
3
o
S
=

PP S i

- e e e e -

Bai 36.

Mot gia dinh mudn xay mot hd chira nuée dang hinh hop chir nhat khong nip c6 thé tich bang
400 m" g4y b3 1a hinh chit nhat c6 chidu dai gap bén 1an chidu rong. Gia thué nhan cong xay bé
1a 500 000 gong/m’ (bao gdm ca dién tich tudng va day bé). Hoi chi phi thué nhan cong thap nhat
ma gia dinh d6 phai tra dé xay ho chira nuéc 1a bao nhiéu triéu dong?

Bai 37.

Mot hoc sinh duogc giao thiét ké mot cai hop dang hinh hop chit nhat théa man: Téng

ctia chidu dai va chiéu bang 12cm ; tong ctia clia rong va chiéu cao 1a 24cm. Gido vién yéu cau
hoc sinh Ay phai thiét ké sao cho thé tich cai hop 16n nhét, gia tri 10n nhét iy bang bao nhiéu ?

Bai 38.
Mot hoc sinh duogc giao thiét ké mot cai hop dang hinh hop chit nhat thoa man: Téng

cua chiéu dai va chi€u bang 12cm ; tong cua cia rong va chiéu cao 1a 24cm. Gido vién yéu cau
hoc sinh Ay phai thiét ké sao cho thé tich cai hop 16n nhét, gia tri 10n nhét iy bang bao nhiéu ?

Bai 39.
Cira him 10 khai thac than c6 dang mot parabol Cira dén mit
dat 1a 4 mét, khoang céach gitra hai chan cira 1a 4 mét. Nguoi ta muon gia co cho ctra 10 bang mot
khung thép hinh chir nhét sao cho hai dinh dudi ctia khung thép cham dat, hai dinh trén cta
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khung thép chong vao méi ham (hinh v& minh hoa). Tim kich thuéc cua khung thép sao cho dién
tich cua hinh chir nhat tao bdi khung thép 16n nhat.

Y

Bai 40.

Cho mdt tm nhom hinh tam gidc déu c6 canh bang 2%(°™)  Nguoi ta cit ¢ ba goc cia tAm
nhom do ba tam giac nhu hinh v& du6i day dé duoc hinh chit nhat MNPQ | Tim do dai doan MB

dé hinh chit nhat MNPQ ¢4 dign tich 16n nhat?
A

Bai 41.
Nguoi ta mubn ché tao mot chiéc hop hinh hop chit nhat c6 thé tich 500cm?, chiéu cao ciia hop 1a
2 ¢m. Tim kich thudc day ctia hop sao cho str dung it vat liéu nhat.

2cm

Bai 42. Ngudi ta mudn 1am mot vuon rau ¢6 dang hinh chir nhat ABCD ¢¢ dién tich 640m° dé
tao thém canh quan xung quanh dep hon, ngudi ta mé rong thém bdn phan dién tich dé trong hoa,
tao thanh mot dudng tron di nhu hinh v&, biét tim hinh tron tring véi giao diém hai dudng chéo
ctia hinh chit nhat. Khi d6 chon kich thudc canh ABCD nhu thé nao dé dién tich cua bon phan
dat trong hoa nho nhat?

uigeli.xyz Trang 10



uigeli.xyz

Bai 43.

Mot manh dat hinh vuong 4BCD canh 30m. Nguoi ta xay dung mot vuon hoa dang hinh vuong
EFGH ¢4 cac dinh £-F-G.H thugc cac canh cua hinh vuéng 4BCD (hinh v&). Xac dinh vi tri
diém £ trén canh 4B dé dién tich vuon hoa nhé nhat.

Bai 44.
Cho hinh lang tru ding ABCD.A'B'CD" ¢4 day 1a hinh thoi. Biét thé tich cua né 1a

1280cm” v chidu cao 1a 20cm  Tinh gi4 tri nho nhét cua dién tich xung quanh.
Bai 45.

A 2 A \ . r A 1 ~ A « K s & A

Ong An co m hang rao va muodn rao lai canh dong hinh chit nhat ti€p giap véi mdt con
song.Ong khong can rao cho phia gidp bo song. Héi 6ng c6 thé rao dugc canh dong véi dién tich
16n nhat l1a bao nhiéu?

Bai 46.
Mot miéng bia hinh vudng c6 canh 6 dm. O mdi goc cia hinh vudng nguoi ta cat di mot hinh

vudng nho canh ¥ rdi gip bia dé duoc mot hinh hop chit nhat (khoéng c6 nip). Tinh canh X cua
mdi hinh vuéng nho dé hop cé thé tich 1on nhat

Bai 47.
Mot trang chit ciia mot tap chi can dién tich 1a 384cm™ L2 trén, 18 dudi 1a 3¢m; 18 phai, 18 trai 1

2em  Hoi chidu ngang va chiéu doc toi wu cla trang gidy 1an luot 13 bao nhiéu dé dién tich trang
gidy 14 nho nhat?

Bai 48.
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Mot nha may san xuat ong thép khi xuat xudng cac ong thép

duoc b6 lai tao thanh khéi gdm 37 éng nhu hinh v&. Biét

cac 6ng co dang hinh try duong kinh day bang nhau va bang

L0cm  Tinh d6 dai ctia mot soi day dai dé budt cac dng thép

lai v6i nhau.

Bai 49.

M&bt bdn hinh tru dang chtra dau, duoc dit nam ngang, cé chiéu dai bdn 1a sm , ¢6 ban kinh day
Im , v6i np bon dat trén mat ndm ngang ctia mit try. Nguoi ta da rat ddu trong bon twong tng
v6i 9OM cua duong kinh déy. Tinh thé tich gin ding nhat cia khéi diu con lai trong bdn (dy

~ 11 , . , . . 3
= 314 , két qua lam tron dén chir s6 thap phan thtr hai, theo don vi M ) .

Bai 50.

Phién cho hé Lotus st dung hai loai thé: loai thé gia 3000 ddng va loai thé gia 4000 dong. Vao
dip nghi hé, ban An mudn ding hét s tién tiét kiém ctia minh dé mua X thé loai gia 3000 dong va

Y thé loai gia 4000 ddng. Tim sé cach mua cé du ca hai loai thé néu tién tiét kiém cta ban An la
2023000 dng,

HUONG DAN GIAI

Bai 1. A x

Ta c: MAEH = AAFD = ACGE = ADHG gyy ra 10-x

HE = FE = FG =GH 3 HEH = DFE ma AEH + FED=90° [ {
Lai c6 AEH + FED+ HDF =150 quy rg HDF = 90°
Vay tir giac EFG/ [3 hinh vuong.
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AE = x(m) , diéu kign 0 <x <10

AH =10— x(m)

bat
Suy ra
Tam gidc AHE 1a tam gidc vudng tai A co:
HE = AH + AE"

hay =¥ —(10-x)

HE® =20 =205+ 100=2(x—5) + 502 50

Suy ra HE =50 =52

Chu vi tir gidc EFGH bang 41E . Vay chu vi ta gidac EFGH nho nhat khi HE nho nhat. HE
nho nhit khi HE =5V2 khi ¥=3

Bai 2.

Goi sb may moc cong ty nén st dung 1a X (may). Piéu kién ¥ > 0.

Trong mdt gid, sé qua bong tennis san xuat dugc 1a 30X (qua bong)

8000
Nhu vay, s6 gid dé san xuat 8000 qua bong 1a 30x (gio)

M&i gid phai tra 192 nghin dong cho nguoi giam sat va chi phi thiét 1ap cho mdi may 1a 200
nghin dong nén chi phi san xuat 1a

=000 S1200000
B =2000005x% + 1—.]'*.\-'1[][][] = 200000y ¢ ———

IRY by (déng).
Ta chimg minh bét déing thirc sau ¢ 7= Vb 7a.b =0 (g& q3no thite AM-GM )
i+ b= 2Jab
(a+h } :l:ju'rn:’
@+ 2abh+ b’ = dab
@ —2ab+h 20
[: a—h }" =0, b =0

51200000
Ap dung bit dang thirc AM-GM cho hai s6 dwong 200000x vy ¥ ta duoc

S1200000 S1200000
200000y 4 ——048 —= ij[][][][][]_r_ — = h400000

S1200000 . -
200000y = — e y0 =250 2=y =0

Déu "=" xay ra khi (nhan) hay ¥ = —16 (loai).
Vay s6 may moc cong ty nén sir dung 14 16 may dé chi phi san xuat 13 thap nhat.
Bai 3.

x(dm)

Goi d9 dai canh MN 13 (x>0)
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Cn gas 1A AM 1 Mdm) s
Goi do dai chicu cao la ( )
Do thé tich ciia chiéc hop 1a 4dm® nén ta co: xh=4

4

h=—
Suy ra X
Dién tich can ma kim loai quy cta chiéc hop 1a :
4 . 16

S=v +4xh=xv +4y. — =1 +—
X X

:f ——h+-L]+|-h+ |——L {x—} |—h+ |—'

Chtng minh bét dang thirc C6 — si.
16
—>

Ie e 9 I3 -_ 7 . e
Ap dung bat dang thirc C6 —sicho 2s6 4¥>0 vy x va (v=2) 20

§z0+2 II—'L.x'.E——'L=“+—}-H —4=12
4x

h =

-=1
Ta gidi ra dugc X =2 tir d6 suy ra )

4
22

Vay khi d¢ dai canh day MN =2dm vy chidu cao AM =ldm thj dién tich can ma kim loai quy

ctia chiéc hop 1a nho nhét bang 12dm”
Bai 4.

Ta chirng minh voi ab.C 13 cac 56 thuc khong am, thi @ +b+c? 3Vabc

Dau “=" xay ra khi va chikhi @ =b=¢,
That vay
+ Vi @ = 00=0C =0 4; b4t ding thic lusn ding,

* Vi 3 56 AbC duong.

Dét:x=%@.y=%@.z=i"g=>x,y,z>0=>x+y+z:n{]

Bét déng thic (1 tror thanh X TY 277 302

et X+ +2- z=(x+y)P- yx+yv)+2- 3z

uigeli.xyz
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=(x+y +z}§[x +y) - (X +y)z +f& Ivi(x +y +2)

=(x+y +z}[x?+y?+z?— XY - V2 - .zx)
1 4 z ? 2L i
=§ix+y+z}gx— vi +Hy- z¥ +ix- Z}ﬁ 0("xy.z =0

vay XtV +Z7 302y, a+b+ce 3Habe

Diu“="xayrakhi* =Y~ o a=b=c.

xim)x =0 ) \ h(m
* Goi ban kinh day la (m) }, chiéu cao bon chra la ( ).

9  V=pih=54pbp h=22
Thé tich chira ctia bon 1a X’ (m).

‘ . = 2px° + 2px *h = 2px* +@[m?}
Dién tich toan phan ctia bon chura la: X

Pé chi phi xay dung thip nhét thi dién tich toan phan ctia bon phai nho nhét.

=2px° + —— m&]

Taco

Ap dung bat dang thic trén ta duoc

2px° +lO&D 2px+ 54“[) 3\{2,0

|§

= 54p

IS .. 54p(n7) 2px° 2 v _27p x=3
TP dat gia tri nho nhat bang khi X (m)

Khi d6 s tién xay bon thap nhat ma ctra hang phai trd 1a : 24p.500000 > 84 823 002 (dong).
Bai 5.
Goi chiéu rong (va chiéu sau ) cta ham l1a X (m; x>0

27
3 —_

2 A m A gxe e 1A 1s
Vi thé tich cuia ham la nén chiéu dai cia ham la; X

3

Biéu thirc biéu thi dién tich toan phén ctia ham la:

o)
powr 208 romdl =30+ 1B S o,
F'e X X
A+9=x -I-E-i-g X -I-E-I-E-I-g
Ta co: X X X
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;J_?-\E_am s+ s ol
X X
E(+I*3a ;-_+93 i_?.g

_=A 493 EJX?KE—?-I- 27 9p A +9° H27x +2/2T"9
X X X

P A+9: 4\1112?}( 279 =48p A+93 36
X
P Az 27
Dang thirc xay ra khi:
=% _9p x=3
X
‘ ‘ 27 = 3(m) o
Vay khi kich thudc chiéu rong 13 3M va chiéu dai 1 3 thi thi cong ham s tiét kiém nguyén
liu nhét.
Bai 6.
A x M 8-x B
» N
Q
b C
D P

Goi cai san d6 1a hinh vuéng ABCD, phan nat gach mau trang tri 1a hinh vuéng MNPQ
Chirng minh A AMQ=ABNM =A CPN =ADQP
Goi AM = x thi MB = 8-x

Dién tich hinh vuéng MNPQ c6 dién tich nho nhét khi tong dién tich 4 tam gidc vudng & 4 goc hinh
vudéng ABCD 12 16n nhat. Goi S 1a tong dién tich 4 tam giac do, ta co:

S=2.AM. AQ
Ma AM + AQ = AM + MB = 8 (m)
(AM — MB)* >0

AM? + MB? >2.AM . MB

(AM + MB)>> 4. AM . MB

|AM +MB) _ g
2

2.AM .MB< =32
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Hay S <32

AB _

Dau “=" xdy ra khi AM = MB = —-=4

Khido M, N, P, Q 1an luot 1a trung diém cua cac canh AB, BC, CD, DA.

Vay khi M, N, P, Q lan luot 1a trung diém cua cdc canh AB, BC, CD, DA thi hinh vudng
MNPQ c6 dién tich nho nht.

Bai 7.

v (120) 13 §6 kg loai I1 cAn san xuAt.
30x +15y

Goi ¥ (¥20) 1344 kg loai I can san xuét,

Suy ra sd nguyén lidu can dung la 2¥ +4V

1 40000 + 30000

, thot gian 1a , O muc lo1 nhuan

Theo gia thiét bai toan xuong c6 299%8 nouyeén lidu va 1200 giy lam viée tic 1a:

|- 2+ —1_1' < 200

| 300+ 15021200

[x+2y—100=0
hay [2xr 4 p—80=0
Bai toan tr¢é thanh: Tim x, y thod man hé phuong trinh:

F2p—100=0

X
2 _1'—H[] < 1]

| "
|- voi ¥20 vy v=0

L(x: 1) = 40000 4

3 ' 02 n8 |G A
sao cho 300001 ga¢ gi tri 16n nhat.

, ) I _ MY ey S0 =
Trong mit phing toa do v& cac dudng thing ¢/ = 100=0, (d"): 2x+ y—-80=0

\ A

\
-

A: ™
& N >
100 X
)
(d)

\@
Khi d¢6 mién nghiém ctia hé bat phuong trinh (*) 13 phan t gidc ABCO duoge gii han béi hai

(d) ., (d)

duong thﬁng va vo1 hé truc toa do.
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Gié tri 16n nhét cua Lz 1) = 400005+ 30000, dat tai mét trong céc
00 (400) (050, (20:40

didm | ) ) ) )

Ta cb: L(000)=0:L(40:0)=10600000; L({0:50)=1500000; L(20:40)=2000000

1 L XV )qs 20000 ) =(20:40

Suy ra gia tri 16n nhat cua L(x:y) 1a 2000000 jp; (42 )=(20:40) .

Vay can san xuat 20 kg san pham loai I va 40 kg san pham loai IT d& c6 mirc loi nhuan 16n nhat.
Bai 8.

Goi x (cm, x > 0) 1a chiéu dai cung tron dugc ghép tao thanh hinh nén. Suy ra duong tron day cia
hinh nén ¢6 dd dai 1a x (cm). Ban kinh R ctia hinh tron sé€ tr¢ thanh dudng sinh cua hinh nén.

Pr=xp r=i

Goi ban kinh cua day 1a » (cm, » > 0). Suy ra : 2P

. h=vR?- r? = |R?- X_?
Chiéu cao ctia hinh non 1a : 4p-
l 2 P Cj 5 K?
V =2Prh=_—E-x - X
3 353;5’ ap ¢

Ap dung BDT Cauchy ta c6 :

Thé tich cta hinh nén 1a :

2 @
?:4P?Ix?lx2 2 x?%slp?ggpv -gzélP?IR_ﬁ
9 '8P’ 8P’ 4PF 9 E = 927
&
. X_?=R?- X_jLﬁJx=4\.-’T5F‘
Do d6 V 16n nhét khi va chi khi 8P° 4p* (cm)

Chtmg minh bt dang thirc Cauchy cho 2 s6 dwong: D& dang ching minh
Chtrng minh bét ding thire Cauchy cho 3 sé duong.

Cho céc sé thuc duong “2:¢ Ta cé:

a+b+c+3abc* 2ab+2cilabc * aabcifanc = 4danc

Bai 9.
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4 =—=20=10(cm)

. AM =04-OM =10-x. MN=20M =2x y4i 0<x <10,

b | —

Tacd

Xét hinh chop déu °-MPNO phy hinh ve.

5
Dién tich day cua hinh chép da cho la:

Ta co SM™=S4" + AM~

h=SO=+SM —OM* =S4 + AM* —OM* = \[1[1-‘- (10— x) = x* = J200-20x

Do d6
I 1.
7 e v I = =8, = =207 20020
Thé tich cua hinh chop déu S-MPNQ 1. 3™ 3 _
Suy ra:
~ (5x+5x+5x+5x+200-20x Y
=2 (200 201 )= d SiSnSnSn (200 20x )< 4 [3x#Scd s Svd 200 20,
g 0.3 ' 0.5 | 3
pre b gpso 210 r.;___rﬁ_i]zqﬁ
Hay 95 Y . Do dé 3 3o
Déu "=" xay ra khi > =200-20x hay x=8
Bai 10.

Goi d6 dai canh day MN va do dai chiéu cao AM cua hop qua lan luot 1a X(dm) va y (dm)

x>0y Y>>0

vil

4
, 2, y =
Do thé tich hop qua 13 4dm’ nén XY = 4 hay X

5 =4r,1<y+}v:?=}-:2'+E

Téng dién tich cac mat dugc ma kim loai quy la: X
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(x - 2)?+—4[x- l 1

A 4 (x
X

S=x"-4dx+4+ 12

Chitng minh duge °° 12 va ddu bing xdy rakhi X =2Y =1

Vay, dé téng dién tich cac mat dugc ma kim loai quy cua chiéc hop 1a nho nhét thi do dai canh
mat day va chiéu cao chiéc hop lan lugt 1a 24mM va ldm,

Bai 11.

Do 41loai hoa qua trén duoc dong déu vao cac thung c6 khdi lwong dinh sin nén sb luong hoa
qua s& nguyén duong.

. A A \ A A A A 7. 5 \ A T . XV NF, g5
Goi khoi lugng 1€ va khoi luong man van chuyén téi ctra hang 1an luot 1a yixy e Ke)

Suy ra khéi luong tao s& 1a 2x (kg), khoi lugng nho 13 ¥ (kg)
Téng khéi lugng 4 loai hoa qua van chuyén dén ctra hang 1a 1tan = 1000 kg nén ta co:
2v+ x4 y+ p=1000

1]' 1 2 ' =
Hay 323 1000

e A o
Do lugng tao v 1& dugce déng vao cac hop 48 kg va 20 kg nén X 13 HC8.200 =230 45

v <300; v e N* s 3v i 2= 10000

Suy ra ¥ =240

+) Khi ¥ =240 suy ra ¥ =140 (tm)

Vay Tao: 480 kg, Lé: 240 kg, Man: 140kg, Nho: 140kg.
Bai 12.

péi 1000 i~ 1 (™)

Ta c6 thé tich cua bé nudc 1a

h = I
f'=;TR:a'J=]Vay TR’

e A c A . S, =2xRh+27R’
Khi d6 di¢n tich toan phan cua hinh tru Ia

5 =2x1f L 2r R

Hay TR

t 2R (R = 0)

m e

Ap dung bai toan phu sé 2: V&i ba sé khong am “55¢ thi @ b+ o= Wabc

ta co
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R=3—|
Vay dién tich toan phan nhé nhat khi va chi khi N2z

Bai 13.

20 C_o——

Puong sinh 4B cit truc 00" tai C. Khi d6 hai hinh nén ¢6 dinh O, C ¢ chung day 1a hinh

o) . .
tron ( )cé thé tich bang nhau

Goi /' 14 thé tich hinh non dinh C, day 1a hinh tron (0) : V> 1a thé tich hinh nén dinh O, day la

hinh tron (O ); V' 1a thé tich hinh noén dinh C, day 1a hinh tron (0) ;

vao
Ta co:

! CO T B

L | =

3 L Co' [ o'B”
T S | -
r 1? co- o4 €0 Loa)
. R N
Suvora =1, ==1"(1)
o
Do d6 thé tich nude db vao 1a
r =21 (2 .
Ty (Virl-r r:r)
vev =ty 2l
Tu (1) va (2) suyra 0 0O ~ (lit)
Vay thé tich cua phéu 13 2 lit.
Bai 14.
N
A M 0

uigeli.xyz
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Goi x(em) 1y d0 dai canh hinh chit nhat khong nim doc theo duong kinh dudng tron
(0<x<10)

Khi d6 d6 dai canh hinh chit nhat nam doc trén duong kinh cua duong tron la:

MO = 23107 = x* (em)

VIN §=x23100— 3" =2 [x7. (100" ) cm®
Dién tich hinh chit nhat MNPQ 3. v \/ l:- (¢ \]

3
Ta co:

(1002 ) £ ¥ +100 -3 =100

S

Déu bing xay ra khi & =100 -1" =x =

, 2 QR i Y
Vay dién tich 16n nhat cta hinh chit nhat 1a 100cm™ kh; 52 (em)
Bai 15.

Hang rao

v

Khu vire
bao vé

VHN VOL

Goi chiéu dai, chiéu rong ctia khu vuc bao vé 1an lugt 1a x, y (m, x > 0, y > 0)
Dién tich khu vuc bao vé 1a S (m?). Taco : S=x.y (1)

Vi khu vyc bao v€ c6 3 mit, nén ta c6: x + 2y = 80 suy ra: x =80 — 2y (2)

Tu (1), (2) tacod

S = y(80 — 2y) = 2y*> + 80y = —|y—20/+800.

C6:—|y—20[ <0

—[y—20)*+800<800

Nén <800 . Du “=" xay ra khi y = 20 suy ra x = 40.

Vay dién tich téi da 1a 800m?> khu vuc bao vé c6 chidu dai 40m, chiéu rong 20m.

Bai 16.
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A

B C

in- BAC +cos” BAC =1

Chimg minh : **

Xét tam giac AEB vudng tai E, ta ¢o :

. A - BE-
51[13.-”’5:E sin BAE =—/—
AB suyra AB

; . AE”

cosBAFE = AE cos” BAE =——

. . BE-  AE  BE + AE-
sin® BAE + cos” BAE = — _ = -
Nén AR AR AB

Ma BE AR =AB" (pinh 1y Pythagore trong tam gidc ABE vudng tai E)

. . BFE  AE  BE + AES AR
sin® BAE + cos  BAFE = — _ = . = — =
Do dé AB AR AB AB

sin® BAC +cos BAC =1 BAE BAC )

I

Hay (goc cling la

Chimg minh : BC =AB" + AC- =2 AB.ACcosBAC
Ap dung dinh ly Pythagore trong tam giac BEC vudng tai E ta c6 :
BC* = BE" + CE’
My CE =(AC—AE) = ACT -2 ACAE + AE
Nén BC® = BE® + AC* =2 AC.AE + AE”
Talaico:
BE" + AE" = AB” (cmt)
AE

osBAE =— .
© AR (Cmt) Suy ra AE = ,'I.BCU"B.JE = "I.BCL&"‘ B.] C

Vay: BC =d4B* +4C° -2.4B.ACcosBAC

Tinh di¢n tich tam giac ABC

5 =_]—BE..-JC

Taco: -
_ . |,
Ma 8E = ABSINEAC (h¢ thire gilra canh va goc trong tam giac ABE vuodng tai E)
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5 :l AB.AC.5in BAC

Vay: 2

Taco: BC =AB +AC =2 ABAC osBAC (cmt)
!

(213 =67 +8°=2.6.8.c0sBAC cosBAC =3

suy ra

_] sin BAC =yl —cos BAC = 2=
~ (cmt) suyra
.h.ﬂ.?: 1243

l~.-"|'i‘3—l

Ma sin® BAC +cos~BAC
[
5 :l AR ACSINBAC =
Vay -
Bai 17.

Pod | =

Goi h 1a chiéu cao cua chom cau. Ta co

(4 1a khoang c4ch gifta hai tim)

. S _=27Rh
Dién tich xung quanh ctia chom cau la:

Vi 2 khoi cau bang nhau nén 2 hinh chom cau bang nhau.
S Z. ., =28, . A =28, , A
 khoi trang strc % khoi cau ¢ chdm cau.

Khoi trang stc c6

Vay s0 tién dung dé ma vang khoi trang suc do 1a
Bai 18.
Gia su tat ca cac cau lac bo déu co khong qua 8 hoc sinh.

Goi n 1a so6 cau lac b ¢6 hon 1 hoc sinh.

S, =2A4TR -227Rh=24725 -22725.5=45007cm =045

4700000.0,457 = 0040000 déng

+Néu 7>4 thita 5 trong sb cac cau lac bo ndy, chon mdi cau lac bo 2 hoc sinh, khi d6 10 hoc

sinh nay khong théa man dicu ki¢n bai toan.
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+Néu 7 <4 thi khi d6 sb hoc sinh tham gia cac cau lac bo nay khong qua 3-8 =24 nghia 1a con
it nhat 35— 24 =11 hoc sinh, mdi hoc sinh tham gia 1 cau lac by ma cau lac b nay chi c6 1 hoc
sinh. Chon 10 hoc sinh trong s6 nay, khong thoa man diéu kién bai toan.
Do do =4,

<2 A . . A Ay ~ . =32 TR A
Khi d6, s6 hoc sinh tham gia 4 cau lac bd nay khong qua 4.8=32, nghia la con it nhat 3 hoc
sinh, mdi hoc sinh tham gia 1 cau lac bd ma cau lac bd nay chi ¢6 1 hoc sinh.
Chon 2 trong s6 hoc sinh ndy va mdi cau lac bo trén chon 2 hoc sinh, khi d6 10 hoc sinh khong
théa mén diéu kién.
Vay diéu gia sur sai, nghia Ia tdn tai mot cau lac bd co it nhat 9 hoc sinh tham gia.

Bai 19.

- M N M N

Gia st MB =1 = NC=x pngn MV = 00— 2y .

— E 1 — 2 R CA , . - A V4, N
Ta co W= tanol Bl = 3 nén dién tich hinh chir nhat VP13

S=(100-2x)r3 = 2J3(50- v)r = zﬁ:' “+ "|" — 12503

Dau bang xdy ra khi 20— v=x <

a5

vay MB=25¢1 i dign tich hinh chit nhat M€ 13 16n nhét.

Bai 20.

Chiéc hop tao thanh 1a mot hinh hop c6 day 1a hinh vudéng canh 12-2 X c¢m va chiéu cao 1a ¥ cm.

9 - _;_ -
Thé tich ciia hop 1a v = (1272 ¥ (0 <x <o)
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(12— 2x) x= l[ 12— 2x)(12=2x )4y
Ta co: 4

. . 224122y +4x Y
(12— 2x)(12-2x)4x _: 1. .|

Ap dung bat dang thirc cosi cho 3 s6 duong ta duoc

[ : _"‘;.' =125

Dodé 4
Dau “=" xay ra khi 12—2v=4v
Khi d6 * =2 ( thoa man diéu kién)

Vay khi *= 2 thi thé tich cta hop 13 16n nhat.

Bai 21.
S
C B
M
A
Goi M 14 trung diém cua 45 .
Khi d6 SM 14 trung doan cta hinh chop.
Tach AB= BC=AC=x
sMi=sp-| 2] =0 -1
\2, 4
VARV IR VI
SM =3 . 5 .
iy - 3x B
Sy == ,]1—13144 - =

Dién tich xung quanh ctia hinh chop la:

ah< T N I s

Van dung bat dang thic a +b* = 2ab hay 2 taduoc: 2
2
S =272-54
Dodo 4
Déu "=" xay ra khi = V44— < 7 = 1440 o 0 =T2e v=0V2 |
Bai 22.
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1 5 3 A . L v X em A r (DN A . -
Vi canh cta hinh vuong bi cat la (em) nén ta c6 diéu kién 0 <x <a

a- 2 (em) x (cm)

Chicu dai canh cta miéng ton sau khi cat 1a , chiéu cao la

1 =x(a—2x)(a—2x)= 1—4 (a—2x)(a—2x)

Ta c6 thé tich hinh hop
Ta chitng minh bai toan: Véi ba so khong am ¢, & ¢ thi ¢ '/ 1 ¢ = Nahe
Ta co:

a +h 4" —3ahe

=(a+b) —3ab(a+b)+c - 3ahc

=(a+h) +c —3ab(at+h+c)

=(a+hi :-}|:[::.' P b)Y+ = efa ,-']}:| v = 3ab (a+ b+ c)

=(at+h+c)la + b+ 2abt o —be—ca—3ab)

=(a+h :-}I{u: P+ — ab— he— m}

= 1—[::.' + b4 :-}['[::.'—."J}: - [:EI]—L'}: Fe—a }:}2[\]

Khide ¢ +h +c¢ =3abc
- 3 _ b3 =7V 3 _ 1
bat ¢ =X, 4, ¢ =Zthi

[x+y+2)

el ——
R P P s Ty - | |
X4y +zzfas hay L3
Ap dung bai toan trén ta c6

(dr+a—-2x+a-2x% | 8¢ 2
|

L ga(a- 2)(a-20)< 1]
—]' " | _'|_|IL '2 ) 4 7 "l‘.'l.‘
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a
. ) xv=—(cm)
Thé tich 16n nhat khi 4¥=¢—2¥ suyra @ =& hay 6

a
. L , < (cm)
Vay dé thé tich hop 16n nhat can cat 4 goc bon hinh vuéng canh ©

Bai 23.

Goi s6 lan giam gia 100000 ddng/1tour dé thu duoc doanh thu 16n nhat 1a * (1an)

2000 000 =100 000.x (

Sau " lan giam thi gia ciia mot tour 1a: dong).

Victrsau ! 1an giam thi c6 thém 20 ngudi tham gia nén sau * 1an giam thi c6 thém 20.x (nguoi

. A LA A . . X QA ., s 1. 2004+20.x N
tham gia) nén tong s6 nguoi tham gia sau ~ lan giam gia la: (nguoi )
Téng doanh thu sau * 1an giam gia la:

S={2 000 000=100 000.x). (200 +20.c)
' ' (dong)
S=100 00020 (20— )10+ x)
' ' (dong)
§=2000 000.(-x" +10x+200)
- (dong)
o 0N 200 =— (k7 — 10X +25-25-200) = —{x—5) + 223
Xet
(% —5)24225< 275 2 000 000.(—x +10x+200) =2 000 000.225 = 450 000 000
Vi ' nén '
5= 450 000 000
hay
S, =450000 000
Khi d6 x = 5 (lan)
N .+, 2000 000100 000.5 =1 500 000 /A
Vay gia tour khi do: - : S=13 (dong).
Bai 24.
A B
|
|
i C
D |
|
b F——-JN
S M
#
e
7/
Q 5

Goi d6 dai canh day MN va do dai chiéu cao AM cia bé 1an luot 13 ¥ (m) va ' (m) véi
v=00v =0

3 2. y=—=
Do thé tich bé boi 13 4" nén ¥V =% hay =~ ¥

S=4xp+x’ =x°
Téng dién tich cac mit cua bé boi 1a
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g =2 3
.{E'::.".':—-]'.".-'-.I' -u——1=[ﬁ.‘—1]: ._H —] ']jﬁ]i

x x

=2

Déu bing xay ra khi * =% =1 ( thoa man)

Vay dé téng dién tich cac mit cua bé nho nhat khi do dai canh mat day va chiéu cao cuia bé lan
Iugt 1a 2 va Im

Bai 25.

bat tén cac di€ém nhu hinh v¢.

Dét { 1.; = r R f]]_

Chimg minh hai tam giac 4JC va BKA 1a hai tam giac dong dang, suy ra

. - -
i: J4 = —i: ]_ F— ﬁf_{:ﬂ
AKX NEB > KB X
1. _. (a0
§=_(x+5).| —=+I12
Dién tich ctuia khu nuo6i ca la: = [
1/ 3010 |
Sixl=—= 00+ [2x+ —+ 00 |
2 It + )
Slvl=0x (a]H]
X
( 50
| 0Oy — : | =
Taco v&i moi X >0 suy ra
150 150
fx =2 [0y =0l
L |
or=0 o 225 e v =S
Dau bang xay ra khi
. 150
S(x)=0x4 P00 =00+ 00 =120
Nén

Suy ra dién tich nhé nhét c6 thé giang 1a 120 7" dat duge khi ="

Bai 26.
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Goi dd dai canh hinh vudng bi cét la x (cm) (0 <x < 6)

Thé tich cua khdi hop tao thanh la:
V =x(12 - 2x)* (cm”)
Ap dung BT AM-GM (Cauchy) cho 3 sé duong, ta co

(2x+0—x+06—x)

x(12 - 2x)2=2.2x.(6 - x)(6 —=x) 27 =128 (cm’)

= 3

Dau bang xay ra khi: 2x =6

x=3
Vay khi d9 dai canh hinh vudng bi cit bang 3cm thi thé tich hinh tao thanh 16n nhat.
Bai 27.

X
~ ’|
S 12
5|
/ K B

CJ=x.(x>0).

Dit tén cac diém nhu hinh v&. Dat
Vi hai tam giac AJC va BKA 1a hai tam giac dong dang nén:
/S J4
4K KB
x 12

5 KB
60

KB =—.
X

5=%{.1' 1 ﬂ|? 1 12|

Dién tich ctia khu nuéi ca la: =

L 00
S(x)= —| 60+ 12x+ —+ 60 |
2 ks ". ;
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150

S(x)=6x+—=—+ 60
X
S(x)=6x+ 150 60
X
S(x)= Gx 4+ 60x + 150
X
2 z A}
S(x)= Hx- — 60x + 150 { [20x
X X
6(x—5)
5“-]=1(—} +120
by
6By —3)
, S =9) 4
Ta thay : X (V&imoi X >0)
6l x—3)
u 1202120
X
S(x)=120
6(x—35)

Diu b'?lng xay ra khi: X
(x—3 ): =0

x=5

Vay dién tich nho nhét co thé giang la 120(m”) , dat duoc khi X=3 .

Bai 28.

Gia sir vién kim cuong ban dau c6 khéi lwong 1a m. Gia ban cta vién kim cuong ti 1& véi binh
phuong khéi lugng, nén gi4 ban 1a 4 véi  1a mot hing sb.

a,b,c

Khi cat vién kim cuong thanh ba phan c6 khoi lugng sao cho m=a+b+c

Gi4 ban ctia ba phan nay lan luot 1a ka” kb, ke

2 o ok kb 4 ke =k ([,.-‘- W
Tong gia ban cua ba phan la

p 2 kla”+b +e }
Ta cin so sanh M va [ -

i m= : cmi=(atbic) =a’+ b7+ ¢+ 2{ab+ botea)
Vi n:_[:+h+t’taco . _
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e m2 gl B el
Do do M =d c

Jll'lll\[ll:: ; |ll].‘! ; [_.‘Z F

A s g 1 2 R
Di€u nay c6 nghia la km” >
Vay tong so tién thu dugce sau khi cat gidam di so vdi gid ban cua vién kim cuong ban dau.

n
[{:h:r_':—

fad

Sau giam gi4 nhidu nhét xay ra khi ¢ * 0" +¢” nho nhat, tuc 1a

:-“ ‘o r
diEd

A h,

|
70T

|

Trong truong hop ndy, tong gi ban 14 :

2 -
TN A i e i kit =k — =Sk
So voi gia ban ban dau A | gig ban giam di 303
2
Vay gia ban giam di 3 1an so v&i gid ban ban dau.

Va giam gia nhiéu nhat khi chia thanh 3 phan bang nhau.

Bai 29.
; . ; b i w: .;f[ll,l'][-
* Chirng minh bat dang thicc Cauchy véi ba so khong am 7> : 3
Gidi:
Pat =¥ h=1"e=2 suyra ¥ VEZ =0
At 3% . : AL U+ 14z 23z Y4tz =30z20
Bat dang thirc qui dugc vé: : -~ hay : :

iz =3 = v} —3xv(x+ vyt 2 =30z
=(x+ p+ :}.— 3z{xt yNxt v+ z)= (vt )

={x+ 4 :}|:['.'-.'- 1 :}:—3:[:.'-.'- _1'}—3.1‘_1':|

=(x+ v+ :}[.'-."" F T+ T4 2xp+ 2Kz 1_1':—3.'-.':—3_1':—3.\'_1']

= [: X+ 1 :}[_-.;" ; .],: i __.‘._ Xy—xz— .1.__:|

= : (x4 y+ :}|:[:_r—_1-}'\' - [:_'-.'—:}'\' Hy—z :|¢ 0

-

=z

Déu bang xay ra khi * =

athtc_ . —
— = A

3 dau bang xay rakhi ¢ =b=c

Twr d6 suy ra
* Ap dung giai bai toan:
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Goi @ (dm) 13 do dai canh ddy cua hinh lang try (“**)

Theo d& bai ta c¢6 chiéu cao ciia lang try 1a a
Dién tich xung quang cua hinh lang tru dung la:

02,5 . 250, 125 125

— =

Déu bang xay ra khi ¢ hay @ =5

Vay dién tich gd nhé nhat dé san xuét thing 1a 75dm” Kkhi d dai canh day la 5dm
Bai 30.

X cm

12 cm |

Chiéu cao ctia hinh hop 1a x(em) pr. 0<x<6.
Day cua hinh hop 13 hinh vudng canh bang.

. '_'q_nl_l_.': '.'." L
Khong khi bén trong hop la: =5, i=(12-2x) .x (em }.

Tacg | =4e(0-x)(0-x)=2.2x(0-x)(0-x)

Chimng minh bat dang thire: ¢ +# ¢ =3ahc Diu “=" xay rakhi ¢ =b=c,

Ta cdé (a4 -"J}. =3ab(a+bh)+c" = 3abe =0 (a+h f'“:[:“ th) —(a+h)c ¢ }_3“"'][:“ thic)z0
aco: " - . |

(a+h+c)la +b° 40+ 2ab—ac—be=3ab)z0

(a+hic)a +b" 10 —ab—ac—be)z0

(at b (-}[[:[,_,-,],’ t{b—c) [:-—u}"'}:[]

ding v6i moi “2+¢ duong.

Vay bat dang thuc: a b et 23abe quge ching minh.
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Pat ¢ = e b=Yo—v.oc=fo-x Khi dé ta co- 2+ O—x+0—x=3 _Jj_-._-[:h—_-._-}[:.5.__-._-}

Hay 1223, f2c(0-x)(0—x) .

Jrr(o-x)(o-x)=4

22x(0-x)(o-x)=2.4

V<128

Dau “=" xay ra khi 2¥=06-X hay X =2 (thoa mén).

28(_(:111'1’) v=2(cm)

Vay khong khi trong hop nhiéu nhat bang : khi -
Bai 31.

Goi chiéu rong cta hinh chir nhat day ho 1a * (m) (diéu kién x> 0)
Suy ra chiéu dai cta hinh chit nhat 1a 2x (m).

Goi ¥ 1a chiéu sau ctia hd (diéu kién ¥ > 9)

¥ -2

9 \ o ¥ oam am ar — '
Thé tich ciahd 1a 1 = =51 == (),
340y L 02500
Theo bai ra ta ¢c6 phuong trinh 3
31250
V==
Suy ra X
Dién tich xay dung cua hd nudc 1a
2178 Y
Sox. w42 (xax)v= 20 6= 2t 46 2l gy, 02300
Ap dung bét ding thie *M~6M-y4i hai s6 duong @, b taco 9+ =2Vab  diu bing xay ra khi
a=b
Ta co
. 62300 ‘ . 0h2300 ‘ 2300 23
s=20+ 2290 (20 512500+ 222012502 2421250 + 2220 1250 = 100x + 2220 1250
02500 3 02300 _ -
S=100x+ — 12302 2 [100x —1250=3750
X X
Khi d6 Smin = 375”

|’ 23 =1250

02500

\ 100y =

Dau = xay ra khi ! * . Suyra X=25
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Vay chi phi thap nhat ma gia dinh d6 phai tra d€ xay dung ho nuédce la

3750.350000=1312 500 000 43
Bai 32.
D6i 200 nghin ddng = 0.2 triéu dong.
Goi X1a gid méi ma cira hang ban mot chiéc may tinh (triéu dong, X > 18)
S tién ctra hang bi giam khi ban mot chiéc may tinh 1a 22 - X (triéu dong)
Khi d6, s6 lvong mdy tinh ban ra dugc trong mot nim 1a:

500+ 50{22 - x):0,2=6000-250x .,
: (chiéc)

Loi nhudn ma ctra hang thu duoc khi ban gid moi la:

(6000~ 250x).( X~ 18) = ~250x + 10500x - 108000 = 250, (3¢ - 42x 1 432|
= ~250(x-21) + 2250= 2250

Dau “ =" xay ra khi X—21=0hay x=21

Vay gia ban méi mot chiéc may tinh ctia ctra hang 1a 21 triéu dong, gi tri loi nhun thu dugc cao
nhat 13 2250 (triéu dong).

Bai 33.

_ Xy 16

F
=8 . 4 . 3 A 5
“, tim gid tr1 nhé nhat cia

1) Véi céc s6 thuc Y khong Am théa man *

X+
Loi giai:

Co
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-

PN
Ta ¢ x, y 14 hai s6 khong 4m nén 4ap dung bat dang thirc Cauchy ta co ¥

by

I 2
—| x4 y+ —
el '

— =24

Vay gia tri nho nhat cua P 1a V24 gy V= ﬂ

=

2) Bac Duy muén xay mdt bé chira nudc c6 dang hinh hop chir nhat khong nap cé thé tich bang
36m’ . Day bé c6 dang hinh chit nhat véi chiéu rong 1a x(m) , chiéu dai gip d6i chiéu rong. Béc
Duy mudn phan dién tich can xay (bao gém dién tich xung quanh va ddy bé) 13 nho nhat dé tiét
kiém chi phi thi X phai bang bao nhiéu?
Loi giai:
, a+b > @
C6 hai s0 khong am a,b , 4p dung BDT C6 —si. Taco: 2

Suy ra @+ bz 2Jab

Dién tich ddy bé X.2X=2X*(NT)

. . 36:[2}(2}:1—?
Chiéu cao bé A m
o2 x4 2}-:}.%:@”
Dién tich xung quanh bé XX
s
Ap dung BDT C6 —si cho 2¥°; X (vi X>0)
L e
. 5:2)(2-@.?? Xt — — =2 33" —. — =54
Dién tich can son X = X X X X
2 -2
X

Dau bang xay ra khi va chi khi
Suy ra X =27suy ra X=3
Vay dién tich cAn son nho nhat la X =3,

Bai 34.

w(ms 0 < x < 8)

Goi duong kinh cua ntra hinh tron 1a
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X
= (m)

Khi d6 ban kinh: 2
Goi canh con lai ctia hinh chir nhat 1a /"= =07 = %)

Khi d6 tong d6 dai ctia khuon gd

X
— 4+ ly=a
A
| =1 |2y =8
-
p=4- — |.1‘
oL TN
— sl LA
, 9= .|q| Ry " 1)
S ctra sO < A4 '
. ] 7
U oy|a| d._|‘l
8 V4 '
T4 16 7 323
Rias/PRELE <

Dau “=" xay ra khi va chi khi

X =
T+4 nén a+4
Bai 35.

Goi vi tri ban dau cta nguoi do 1a diém 4.

Vi thoi gian thyc hién mdi vong cua du quay 1a 30 phut nén khi du quay quay déu thi 10 phat
|

ngudi d6 di duoc 3 vong tron va dang & vi tri diém B nhu hinh vé sau:

B
.
o1
gy H
A/
.
A’ B’

Goi 48 14n luot 1 hinh chiéu ctia 4B trén mit dit, k¢ OH L BB

AOS =

360 =120
Ta cé:

T04A"=80m

Lad | v
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HB '=04"=80 (m)

Vi OA'B'H 13 hinh chit nhat (t@ gidc c6 3 gbc vudng) nén
Ta co: AOH =90 guy ra BOH =120 -90 =30

BH =0Bsin30 =75

| =37,5(m)
Xét tam giac vudng OBH ¢o:

!
2

Ma BR'=BH + HB'=37.5+80=117.5 [:m}'

H7.5m g6 véi mit dt.

Vay sau 10 phut ngudi d6 & do cao
Bai 36.

Goi chiéu rong cta hinh chit nhat day bé 1a X (m) (¥ >0)
Suy ra chiéu dai cta hinh chit nhat 1a 4* (m).

Goi chiéu cao ciabé1a ¥ (m, V> 9).

10
) L— =

Thé tich ctia bé la | =+ =300 gy g V7 =100 gy g™ ¥

100 . 1000
. X <~.'=_1-.-'t ,ﬁ[' ""—1"'}"—4 2 10 __=—1.'-."' i ][\]_—:..'-_'z—'l-ﬁ."-l- _
Dién tich xdy dung ciabé la =~ 7+~ TS = Ay U A
Ap dung bat dang thitc AM — GM cho 2 s6 khong am (vé6i hai s6 khong am V' ta co

(- o) =0 W oz 2 0 A s L x=y
i- H v{'_-' nén © YTyl suy ra AThe=s 'x-l,déubéngxéyrakhl =V

. 1000 : 1000 ‘ 000 000
S=4x ]—:(-1.-.-- F 100 ) 1009 00 = 2@ 100+ 99 100 = 4004 290140
Ta Cé X . X X X

000 || 1000
5= 40+ ]—— 1002 2 400 ———100
Va X =400-100= 300

Khl d(’) Sm:r_ =300 .

Ayt =100
1000

|40_r =
Dau “=" xdy ra khi X suyra ¥=>

3 5 =15 X _ ‘A X
300500000 = 150000000 dong — 150tr1¢u dong

Vay chi phi thip nhit thué nhan cong la
Bai 37.

. e T P
Goi chidu I‘C)l’lg 12" fom )0 =12

2—x(cm)

Chidu dai 1a |

N AL v f
Chiéu cao la 24 x(em)
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. X F=x(12=x)(24=x)(cm’)
Ta c6 thé tich chiéc hdp la: “l N e
Bit déng thitc Cauchy 3 s6 khong am %0 Cta co: @ b+ o= Wabe
Dau “=" xay ra khi va chi khi ¢ =b=c¢
That vay, dat * = Jav=h-=e =200 viz20
Ta phéi chung minh:
R T = B o
R ) —3nr(r+r)iz —3nz =20
(x+y :}[[:.r | _1'}:—[:.1.' )z ::]—3.';_1'[:.'; Fr+z)z0
(1 :}[.1‘2 Pyt o+t 11'_1'—.1‘:—_1':]—3.1‘_1'[:.1' ty+z)z=0
(x4 1 :}[.'r: Py —.'{1'—.1‘:—.1':];: 0
Ay 4 —xy—xz—1zz20 (vi
[:.1'—_1'}: i [:_1'—:}: ; [::—.1'}: =)

X+ v :ED)

(ludn dtng)
Déu “="xay rakhi Y =Y =% hay a=b=c

Ap dung bt dang thirc Cauchy cho 3 s6 khong 4m ta co:

I"=ux [ 12— '.}[ M-x }l{ i i '

] el 3= 2=31 12 = Vi 2d—
[ﬁ—]'[j—ﬁ}n[v{_ ]H_— "*'Ir'_'}[.]— x)(24-x)

] (o) (12-x)+ (2-45)(24-1) |
(V1)) | 3

- 1 1203 = = 124 x4 48— 20— 2443+ 3x |
(Vi-1)(2-45) | :

1 (361243 |
= - = 3843
AL

Dau “=" xay ra khi va chi khi:
O NN
Bai 38.

Goi chidu rong 13 *( 0 <x<12)
Chidu dai 1a 12~ (")

uigeli.xyz
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. AL — v
Chiéu cao la 24=x(cm)

Ta c6 thé tich chiéc hop la: =12 x) (A=) (o)

Bt ding thire Cauchy 3 s6 khong am “0Ctaco: @0 c2 3Wabe
Dau “=" xay ra khi va chi khi «=b=c¢

That vay, dit = {I'F._l': JH: = 'q'l'L_ =xynyzz0=x+1v+z20

Ta phai ching minh:

o4+ 23ins

o _1'}.\ “3nr(r+ )iz =3nz =0

(v 2)(vin) = ()2 =30 (v 2)2 0

(x+y+ :}[.r: Pyt o+t 11'_1'—.1‘:—_1':]—3.1‘_1'[:.1' Fy+z)z0

(x+ 1 :}[.1': Py —.';1'—.1':—_1':];: 0

Vay 4t ooz

vi ¥V :10)

(v R R = 1 =0 (1uon dang)
Déau “="xayrakhi =Y =% hay a=b=c
Ap dung bat dang thirc Cauchy cho 3 sé khong am ta co:

I"=ux [ 12— '.}[ J—x }l{ il ' '

: clS3=12=L312=hi2a=
e R CURNIOR

1 e (VEo1)(02-x) s (2-B) (24 x) |
(BB | -*-

_ 1 et I == 124 1+ 48— 20— 2443 + 3 |
(V3-1)(2-43) | 3

1 [30-123 |
= - = 3543
(V3-1)(2-V3) [ 3

= (VE-1)2-0) = (2-VB)(24-0) om0 43

Dau “=" xay ra khi va chi khi:

ea=12-43

P

Véy IT.|:|_.«r_ =384

Bai 39.
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Yy
9 -1 1 B r
C —1 \p
-2
. -3 :

Dit hé truc toa dd Oxy nhu hinh v&. Parabol ¢6 dang ' ~ ax”(a<0)

Khoang cach tir di€ém cao nhat ctia ctra dén mat dat 1a 4 mét, khoang cach gitra hai chan ctra 1a 4

mét nén parabol di qua diém (2-4)

Suy ra:
—4=q2’
a=-1

Parabol c6 dang V' =~

Gia su4BCD 3 hinh chit nhat c6 do dai A8=CD =2k
Khi dé 4 dinh ctia khung thép hinh chir nhat c6 toa do la:
Alki=4) Bk =4O =k b Dk B )k =0)

AB=2k; BC=4-k"

Suy ra
T i 2K(4-K)
Khi d6 di¢n tich hinh chir nhat ABCD bang
Ta co:
R lo
I = __" _ ,
(k) =2 k4 EJ_?.J
!..- . . 2 _1 y :_z . _1 3
=—1|‘,i| _ZL-EIF__J-[L T ﬁJ
i 3 4 0
=2 k-—| | k+—=1|20
SENEY 3 v k>0
Suy ra
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'.‘.:"I
24—k )= j_
2
) k= -
Dau “=" ¢o6 khi 2
Bai 40.
0 P
B M N C M N

Goi do dai doan MB Ja X(€M) 5 ¢o:
Do dai doan NC 13 X(cm)

. N M v =ﬂ| I TP
Do dai doan MN 13 =V~ % —x=-U~-_x{tm)

Tam giac BQM vuong tai M ¢o:
W ON
tan B = tano0" = QM = QM
BM  x

QM = x.tan 60" = xAf3

Dién tich hinh chit nhat MNPQ J3; S=MN.OM=(20-2x).x/3

I_.- [] v o -."
S={20-2x)x3=2/3(10-x)x < Lﬁ-; ]%
Ap dung bat dang thurc Cauchy ta co: .' B '.

<
Z,

S 243.25=

L

(

D4u bang xdy ra khi 10-x=x

x=5

Vvay MB=5em ¢ hinh chit nhat MNPQ ¢ dién tich 16n nhat.

<>

2 cm

Bai 41.

Goi chiéu rong cua day ho
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500

Ta c6 chiéu dai ciia hop 1a 2x (cm)

Ta c6 dién tich toan phan cua chiéc hdp la

"| =500+ 2x+4 i

Fa \ F ) X (sz)

250
Ap dung bat dang thirc Cauchy cho hai s thyc duong 2 va | tacod

), 250
Tudé °~
- .

P 250 2= 250 125

Dau "=" xdy ra khi va chi khi X hay 2
250
\/— = < = lﬂ\l{.‘_;_

Suy ra ¥ =V3 ¢m, tir d6 V5 cm.

Vay chiéu rong cua hop 1a 5V5 cm, chiéu dai 1a 10Vs cm.
Chtng minh bo sung Bat dang thic Cauchy

a+b
, a*b. Jab
Xét hai so thuc duong ¢, Ptaco 2

That vay, vi @,  1a cac sb thuc duong nén

a+b

=+ab .
Ty 2 suy ra a+bhz=2Jab
9

Hay iy‘qﬁ - i\fﬁﬁ— 2dabh =0
[:ﬁ—q"a'_:}: =0

(lu6n dang)

=Jab

Vay voi hai s6 thuc duong @, b batky ta co
Dau “=" xdy ra khi =0

Bai 42.
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B y C
4
A D

Do dai duong kinh cuia duong tron 1a dudng chéo cta hinh chir nhat ABCD |

N 2 2
Vay bidu thitc x4c dinh dudng kinh ciia duong tron la VX T

s_ XY
Dién tich duong tron la 4
L S, =xy=640(nT)
Dién tich ctia hinh chir nhatla ™ v
Dién tich phan dat trong hoa 1a
s -5-5 -2
L=l 4
X )2 0
co VY20 (6 moi XY
, Xj.}"j' _,EEI
X -2y 20x 1y 22X 4 0 2
Tfix?'}’j? TXY (x4 )y _TXY
-~ a3 2= Y 7%
5= -
Vay 2 Y 5523200 640

Vay dé dién tich ctia bén phan dat trong hoa nho nhat thi X =Y

Khi do X =¥ = 8410 ()

Bai 43.

it AE = x (0=x=30)
Chi ra dugc Sercir = Supep ~ #Sap = 900-2x(30 - x)
Do do: Seran = 2% —60x+900=2(x~ I5) +450 = 450

Dau “=" xay ra khi va chi khi x = 15 (tm)
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A5 =450m7 .. _
Vay min “Frn khi AE = 15m
Bai 44.

Ta dat AC=2m B =2n.
l

—2m2n=2mn.
3

5=
Dién tich day 4BCD ]a:
[ 250 -
S=—= 1250 04 cm |
Mit khéc: ho 20

2imn=04 (:-an: i

Va
D.Y

DP / Cf

Dién tich xung quanh hinh lang tru dung la:
S =4.4B20=5804B.

Vay % nho nhét khi 4B nho nhét.

Goi O 1a giao diém cua hai duong chéo AC va BD . Tacd ACLBD tai O

Xét AfIOB Vu(’\)ng tal O’ ta Cé "!.IrJ)\ = {'J""!\ 1 {_}lfj\ = J.i‘.l:: 1
AB =04 = AB=8(cm).

Miit khac ' 4tz 2mn Do d6

”.‘._

Vay gié tri nho nhat cia AB 1a 8¢m khi m =7 tic 1a khi 4BCD 13 hinh vudng.

Gia tri nho nhét cua dién tich xung quanh 13

Bai 45.

i+ h = 2afah
(a+h) =(24ub)
a4 2ab b= dab
a —2ah =0

(a—b) 20.%abh =0

Goi hai kich thudc cua hinh chit nhat 1a X va Vv, voi

Dién tich cua manh vuon hinh chir nhat la:

uigeli.xyz

] -1
2 g 8

4.8.20 = 040 (cm” ).

Ta chimg minh bt déng thic sau @ * 7= 2Vab.7ab =0 (Ba¢ ¢ino thie AM-GM )

x4 y=2400 (0 <y <2400)

a(2e vy 24000
(Zetv) 24000 o000
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Vay ong noéng dan cé thé rao dugc canh dong véi dién tich 16n nhét 1a 720000 2,

Bai 46.
Goi ¥ 1a canh hinh vudng nho, ¥ 14 thé tich cta hinh hop. Can tim gié tri 16n nhat ca

"= x(6—2x)

X

X 6—2x

6—2x

V= —r}':z"'q—':
Taco[ do=2xy =423 —-x) n

-

Je ~ T3 3—x . A ~ eq 3 A s 5 , f e .
Ba so0 nguyén duong =" - ° 7' ¢6 tong khong doi bang 6 nén tich ctia ching 1én nhat khi

2r=3—-yx=3—1x
Hay x:1

Khido " =1(0-21) =10 (4

Vay khi canh hinh vudng nho bang | dm thi hop c6 thé tich 16n nhét 1a 16 dm?
Bai 47.
Chung minh bét dang thirx CAUCHY:

v vz 2 Aom_mn _, . x=
: . Dau "=" xdy rakhi * =

- fr) 20
That vay: N'T Jl_]
x=2Jxr+rz0

x4+ vzE 2
Dau "=" xay rakhi * =~

Goi @-Plemla=0.6=0) 15 45 dai chidu doc va chidu ngang cta trang chit suy ra kich thudc trang
giéy 13 @6 b+4,

b= 384 )
Ta cd: @D =384 guy ra a .
S=la+0)h+d)

Dién tich trang sach 1a
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3
S=da+ 28 408

Suy ra i .
Theo bat dang thuc CAUCHY ta c6:

230
522 [4a - 408 = 600.

i
2304

, , 4 =
Suy ra chidu doc va chiéu ngang t6i uu clia trang gidy 1a-0¢m-20¢m
Bai 48.

L d.rC A NP , \ et : ’

bat lan luot 1a dudong kinh va

béan kinh cta cac 6ng thép

i

d =10(cm):r == = 35(cm)

Ky hiéu cac diém nhu hinh minh hoa
bén.

A B MLNSH 1y cae tiép diém gitra day dai vdi cac éng thép

DCEF.O , ny K A .
la tdm ctia mot s6 ong thép.
Gia st cac ong thép tiép xtc khit nhau va day dai budc chinh xéc.

< AB=CD =3d =310 =30{cm)(1)
D& thdy #5¢P 14 hinh chit nhat.

A 2 A , 2 A, D, H, E 2 N
Nén hién hién céac diém thang hang.

DE =2DiH =2oD=- o =22 ]- = =23 =103(cm)
. DEF ( ) '
Xeét co:

nrE = ][]JF_.[L:m]: EF = ][]ﬁr_um]
Tuong tu cling tinh duogc .

. .Ir.-.:l.lr'_-:.lr'.-.lr'. :.Ir-.:l.lr :][]Vlr_;llrl.:[]-l} . DDEF . ., N EDF:(}O.:I
Nhu vay nén la tam giac déu, suy ra

ADM =EDF =00~
Suy ra (doi dinh).

P.5.00
150

ny =;:P[L:[TL][1]
Chiéu dai cung bang )
Tir hinh vé, két hop (1) va (2) ta tinh duoc chiéu dai day dai la:

! =(‘I_2P +0.30=150+10P (cm)
3
Bai 49.

uigeli.xyz Trang 47



uigeli.xyz

HO=0C-CH =1-
Ta co:

b | e

HB =+JOR —0H =
Ta co:

AB=2HE =3 (m)

] I I 3
S,,=—AB.OH=—. Jo-=X
Taco: 2 2 > 4 (m)
: HE 3
snHOE=—= £
Tam giac OHB ¢b 08 2
HOB = 60"

HOB=2HOE =120"

Goi 513 dién tich hinh quat tron O4CB | ta co:

TR120 T
T30 3 (md)

Goi 51 dién tich hinh vién phan gidi han boi day 48 va cung nho AB , ta co:

- 3 1-=303

_*;ﬂ=_*;—5,__.5=1_£=4"_-""(-_' i

I B 2 (m)

! S. (47343

: L V==5,.5= -

Thé tich phan dau da hut di 1a: 3 30 (m”)
] . .  Ax

; X M=—gh . 5=—

Thé tich cua thung dau la: 3 3 (m7)
- 5. (4r-33)

, . F.=V-F =—- -= 4,21

Thé tich dau con lai trong thung 1a: 3 30 (m”)
4,21lm*

Vay thé tich du con lai trong thung 13
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Bai 50.

. 3000 = 2023
Ta c6 phuong trinh 3000 + 4000y = 2023000

34 4y = 2023

p=—" > l<x2

Suy ra 4 , suy ra 3

2023-3x  2024-4x—1l+x x—1

V= = =500— x4

Mit khac tacod 4 4

Dé ¥ nguyén thi ¥~ 1 chia hét cho 4, suyra = ¥-h =

— 3k

n

Kéo theo ' ="

Do do 1= 1+4k =073 hay 0<k <168

Vay c6 169 cap
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