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CAC DANG TOAN BAI GIA TRI LON NHAT VA NHO NHAT CUA HAM SO
Dang 1: Bai ton tim max, min ciia ham s6 y=f(x) trén mién D

m  Phwong phap giai:
. . SRR s V=0 , aoox.eD . oz X, el
Budéc 1: Tinh V' . Giai phuong trinh tim cac nghiém va tim cac diém "/ ma
tai d6 Y khong xéac dinh.
Budre 2: Lap bang bién thién ctua ham sb trén D
Budre 3: Tir bang bién thién dua ra két ludn:

Diém & vi tri cao nhat — Keét ludn max

Diém & vj tri thdp nhat—> Két luan min

m Luuy: Néu D 1a doan [a;b] vahamsé © / (\) lién tuc trén doan [a;b] thi ta c6 thé 1am nhu

Sau:

Budre 1: Giai phuong trinh f'(x)=0 rdi tim céc nghiém " = (a:b)

Buéc 2: Tim cic diém = (@) ma tai d6 dao ham khong x4c dinh (néu c6)

Buére 3: Tinh toan /(41 (¥l d (o) r () 17)

Budce 4: Goi M,m lan lugt 1a s6 16n nhat va s6 nhé nhat cua cac két qua tinh todn & budc (*) thi
. M =max f(x): m=min {{x)

ta co thé keét luan: fa:0] oy

m Luuy quan trong:

) Cve . ) , mint(x)="1(a) max f{x)="1(b})
a Néuhamss Y= (%) ddng bién trén [a:D] gy T va I
) R ) , mintix)=1t{bh) max f{x)="1(a)
m  Neéu ham so6 y=f(x) nghich bién trén [a:0] thi I va [l
A. BAI TAP TRAC NGHIEM

PHAN I. Cau triic nghiém nhiéu phwong 4n lwa chon. Mdi cAu héi thi sinh chi chon mdt phwong an.

:-.Il.ll B /\ . . ~1 A
flr)=ax +he” tex td ¢6 do thi nhu hinh v& bén:
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Caul: Cho ham s

Lot —— =
8

N
-

a1 A, o 1s £ ax n —3:3
Gia tri 16n nhat cia ham s6 da cho trén doan [ ' ] bang

Al B /(1) c. /), p. /(3)

uigeli.xyz Trang 1



uigeli.xyz
Loi giai

\ A 1c 1 A 2~ J4 \ 4 OREY J4 ~ -3:3 M ‘
Duya vao do thi ham s6 da cho ta thay ham so dat gia tri 16n nhat trén doan [ ] bang I ( )

Ciu2:  Chohamsé * =7 (%) co db thi nhur hinh vé bén. Gia tri lon nhét cia ham sé trén L bing:

A @) B /() c. /(4 p. /(0)

[-34]  /(3)

Quan sat hinh v& ta thdy gia tri 16n nhat ciia ham s6 trén bang

Ciu3: Cho hamsé I (’C) lién tuc trén doan [72;2] ¢4 d6 thi nhu hinh v&

by

Gi4 tri nho nhat cua ham s trén doan la
Al B. 1. C. 2. D. 3.
Loi giai
— _7
(v)=-1l& -
[-2:2] f(x)z-1 fx) x=1
Trén doan taco va
[Inj n fla)=-1

Vay
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Cau 4:

Cau 5:

Cau 6:

uigeli.xyz
\ e _1-’=,f'(.\‘) N o [—1;3] g - . ~ 1A M o n
Cho ham so lién tuc trén doan va ¢6 d6 thi nhu hinh vé bén. Goi va M

A RV TN VR I AU S -1;3 car LA N
lan luot 1a gia tri Ién nhat va nho nhat ctia ham so trén doan [ ] Khi 0, tong M + M bang

A. 0. B. 2. C. 5, D. 2.

. M=2 m=—-4 = M+m==-2
Theo do6 thi, ta co : va

14 } = ' % . 73' 9 <A “A 1 ~ r.:
Cho ham s6 * S ) lién tuc trén doan [ ’2] va c¢6 bang bién thién nhu hinh v€ dudi

X -3 -1 0 1 2
2
y /\ /' \
-2 0 1
v=f(x) [-3:2]
Goi M, m lan luot 1a gid tri 16n nhat va gid tri nhé nhat cua ham s6 trén doan
M+m

Tinh
A. 1, B. . C.3. D. 5.

Duya vao bang bién thién ta co:

Cho ham s6 ¥~/ () c6 bang xét diu dao ham nhu sau
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T |—OO -3 -2 —1 0 1 —+o0
f'(x) + o + o — 0 + 0 — 0 -—

F(-2)= £ (0)="3 v=[f(x) [-2:0]
Biét . Gia tri 16n nhit cta ham s trén doan béng
Al B. 3. c. /=0, D.3.

Loi giai

Duya vao bang du ctia dao ham ta c¢6 bang bién thién nhu sau:
x —00 -3 —2 -1 0 1 +oo

f'(x) - 0 +—0 -0

f( 1)
£ () \ /1)

v=lf(x) [-2:0] “MV[ ==/ -1
Dua vao bang bién thién trén doan ta co

Cau7: Chohamsd ¥~ ! (x) lién tyc trén [_3;2] va ¢ bang bién thién nhu hinh dudi. Goi M, m

1an luot 12 gia tri 16n nhat va gia tri nho nhat cia ham sb y=r ( ) [ ] . Tinh M-m

T -3 0 1 2
2
1
f(x) \
0/
—4
A. 0 B. 7. C.5. D. 3.
Loi giai

Dura vao bang bién thién, ta xac dinh duge M =2 va m=—-4,
Tur d6 suy ra M.m= 2'(_4) =8 .

Caus8: Chohamsé =/ () ¢6 bang bién thién sau.
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Cau 9:

Cau 10:
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T 0 3 8
f'(@) + 0 -
10
f(z) / \
0 0
, , ‘f(‘x(l ) x() .YIJ.‘][I(.YH) .
Ham s6 dat gia tri 16n nhat 1a tai . Khi dé tich bang
A. 30, B. 3. c. 10, D. 0
Loi giai
i i , , 10 x=3
Dua vao bang bién thién, ta thay, ham so dat gia tri lon nhatla  tai nén
G tri nho nhét ctia ham s6 7 (*)=% ~0% oy [=1:4] 1y
A 42 B. 5. C.s. D. 40.

Loi giai

= i}

fr)=3r —0=0= oY _x.r=ﬁ6[—]:—1]
Y 7

A )

Ta co

f(-D=-1+0=5 F(V2)=22-0v2=42 f(4)=04-24-40

Khi d6 , )

min f{x)= 42
[-1:4] (x) x=2

Viay tai

Goi M, m lan luot la gia tri lon nhat, gia tri nhd nhat cia ham s6

doan [O’ 4], Tinh téng S=M+n
/ 10
A3 B. 1. C. 3
Loi giai

x 2 . [
Dé thay ham s06 lién tuc trén
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=1
=0 = P
V=t —4x+3 r=23
Ta co:
7 7
p()=1 YO=5 y@=1 =3
Ta co: ; ; ;
‘.‘u"=mux‘_1-=_1-[_]}=_1-[_—1}=? 7 10
2] _.l"*_?:.lll.lr'ﬂ”:?']:T
m=miny=1(0)=y{3)=1 . -
[:4]
Vay
Cau 11: Gi4 tri 16n nhat cia ham s6 -~ vt 310 ey doan [-5:-1] bang
A. 12. B. 18. C. -40. D. 14.
Loi giai
51
Trén doan ta ¢6 ham sb da cho lién tuc va c6
. . x=10
1" = 3..'.-- T I:‘I..'.- - 3..'.-- T l:‘l..'.- = [-] — —_— = _j 5 2 2
' x=-2 vi=F)=—4m v (=2)=14r(-1)=12
51
Vay gid tri 16n nhét ctia ham sb da cho trén doan béng 14.
A sy 3 A - N A V= .'.'.\—3.".' 1 5 A [2,4] Y
Cau 12: Gia tri nho nhat cua ham so - trén doan la:
miny=>5 minv=>0 miny=73 miny=7
A, 1241 . B. [ . C. 4] . p. 241

Loi giai

r=le [1—1]

R e

V=4 — 3y -_‘_}_x_1=3.'.;:—3 _'.,':—]E[jj—l]
Ta co . Giai

(2)=Trv(4)=5T= ;l]}j[? v=1(2)=7

V43

fx)=:

CAu 13: Gia tri 16n nhit cia hams6 v—1 trén doan [2:4] 1a
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19 23
A. 7. B. 8. c. 3. D.
Loi giai

i’

" !" 43 RN, P r=—1 E[j—]-]
)= |: - — =0
Lx=1) (x=1) v=3e[24]
Ta co
iy e £ 19 . N R
f2)=T7= ;[4}:73,;[_3}:(-. __f{.r}:x +]a
3 , , v —
Lai co suy ra gid tri lon nhat cua ham so6 trén
[2:4]
doan la7.

o]
M 3 , . S x)= =N
Cau 14: Goi ™™ 1an luot 1 gi4 tri nho nhat va gia tri 16n nhat cua ham sb 2 trén
3
§=-=
A. S=0 B. 2, C.S=-2, D. S=4,

Loi giai

- 1 iy I 1 Wit =1
v)=—x—sfx+ 1 =1 (x)==— =
Fx)=3 A NN RN e

Ta co
f"[:_'l,'}zlfl,"_\ v l=l=x=0
Giai phuong trinh
F(0)=—1:f(3)= -1 ‘
. - 2 I (x) [0:3]
. va ham so6 lién tyc trén doan
Ta co
I O
M=-—im=-1=5=2M-m=2-—|+1=0
2 |73
Vay

T
il “05 ) [0; _}
.7 s 1z A \ .7 . 5 A 5 \ A X)j=x+ 5 X A \
Cau 15: Gia tri 16n nhat va gia tri nho nhat cia ham sé r)=wreoste oy doan L 4113

max f {x)=—mun f{ v)=-1 max f{x)= I: min f (x})= o
T T = 4 T il

AL L4l . B. ' */ '
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PP N SRR YR S DR
mll_a__.'s flx)= bt mJ_n fle)=1 mll_a__.‘s. flx)= ralbs E]‘ll_[] flx)= 3
Q.I'I [ D.I'I [ |
Loi giai
flo)=x+ Cos™ x = flr)=1-2cosysiny=1-sin2x
Ta co
;"r[:."-' J=0 e —sin2y=0&x= j— Fa re |:ﬂ-' :i| — = I
Cho . Do
F(0)=1: ;|—_— I 0: %
- clal 42 (%) "4
va ham so lién tuc trén doan
TR . ()= 1
mLL.a__.'s. flx)= I i 5 nlu_n flx)=
Suy ra
X+2
. , N )
Cau 16: Tim gia tri nho nhat cua ham so X trén b7
. . . 1 . 3
miny =3 miny=2 min y = — miny =—
A. [1:2] ) B- [1:2] ) C. [1:2] 2 ) D. [1:2] 2 )
Loi giai
: 2 ox+2
V= —"— 0, 7v=10 , y= . , [1;2]
Ta co nén ham so nghich bién trén
miny=y(2)=2
[1:2]
Do doé
Cau 17: Gié tri I6n nhat ctia ham s ¥ = V10— 13

A. 16 B. 4. Cc. 0. D. 1.
Loi giai

= \I']("—.'l.': <4 x=0 1[11421:% -‘,:4

Ta c6 ,ddu="khi . Vay

Cau 18: Goi M>™ 1an luot 12 gi tri 16n nhét, gi4 tri nho nhit cia ham s6 = V!0 =% Tinn M +m
A 8-V B. V8. c. 0. D8
Loi giai
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Cau 19:

Cau 20:

Cau 21:

uigeli.xyz

- 'l.': lo— 1.1.':
v=flo—e - L=
. 'J] 0 — .".': '\J{] 0 — .".':

. —4<x=x
biéu kién xac dinh . Pao ham
V=0e10-20 =0 =28
Ta co
vi=4)=r(4)=0 li_ﬁ] =-8 1(\/“;) =38 M =8 =% M+m=0
Xét ; ; do do . Vay
9
[~4:—1] =X — . s
Trén doan > 1, ham so x—1 dat gia tri 16n nhat bang
29 1
A. =3, B. 3. c. 2. D. 4.
Loi giai
D=0 {1}
Tap xac dinh:
g C _ . .1‘=4e_[—4:—]]
=1 - = =0 - - =0 (v-1) =9 <=
(x—1) (x=1) x=-2e[-4-1]
Ta co
29 [ _ ¢ i
f=dy=—-—_ - ov(=1)==— max y= p(-2}=-3
. H=) 5 ¥(=2)=-3 (=) 2 [4:1] =)
Ta thay ; ; . Vay
4
M . ) ) Cy=—+x+l
Goi ™ 1an luot 1a gi tri 16n nhét va gia tri nhé nhat cia ham sb X trén doan
(53] ppn 42 -
A. 9. B. 5. C. 1. D. 4.
Loi giai
: _ r=2¢c|l3
1'=_i P SN b [13]
v T r=-2g [] 1]
Ta co:
vil)=0.v(2)=5 1'['1}=E -
ik ATl ey S M=0m=53=M-m=1.
Ta co:
[l 3} .
—i— oy =2+— ) )
Trén doan 32 , ham so 2x dat gia tri nhé nhat tai diém
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1 1
X =— X =— X=-
A, 2. B. 2. c. 3 p. x=1
Loi giai
. :[
Tap xac dinh:
| 1 3
) ] .'.—:E ;.:
V=labry ——=la oy =lay=—a - -
S | 2a 16 - l 1 3
V=8 oo S
Ta co: ,
§ a o . i I]
Tl 83 15 (3) 85 == maxv=1| —
3= )= S 2)-B ==y
V3 54 2/ 4 w20 12 133
Ta co:

/ [:-"'-}:\I'rj.".' N

Cau 22: Cho ham sb o Ménh dé nao sau day dung?

A. Ham s dat gia tri lon nhét tai ¥=-7. B. Ham sd dat gia tri lon nhét bﬁng 246 .
C. Ham sb dat gia tri nho nhét tai ¥ = 1 D. Ham sb dat gia tri nho nhét béng 2\/5 .
Loi giai
D =[-7:5]
Tap xéc dinh

N
F) o2 2fix f)=0e e 4 =25-r = x=1(n)

b

Ta cod

r()=16: [-?}:j,ﬁ; { [:5}=1J.:_~. = tlm‘s.l f [,.r}=]|ﬁx:1 lmj_tgl flx)= 23

va
, AN} ‘

Vay ham s6 dat gia tri nhé nhat bang la ménh dé ding.

: v=2cosy——cos’ v [0;7]

Ciu 23: Gia tri 16n nhat cta ham sb 3 trén L7,

2 10 2442
max y=— max v =— max v = max vy =0
A. [0:7] 3 ] B. [0:7] 3 ) Q- [ter] _1:, ) D. [Il'.,?'] '
Loi giai
. .
= ——t ¢ 2
z‘zcos,x:}fe[_lll] flr)=2 3, Frry=2—4
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Do do )
. iy .:'z—] "_—lﬁ .;'z l "_jﬁ ' 2
AR W s R W A U
Ta co , , ,
.17
s?m?sl; 1= s?mrsi fle)= “;C

Vay

Ciu 24: G trj 16n nhét cia ham s6 ' = V=3 T30y
A3, B. V2. c. 1.

Loi giai

=

Tap xac dinh:
T3 TE [e-3-5-a
| |

1" = — =10 s X — 3 = P ) 3 —_ = —1

. 1"4"!. — 3 j'lj_:' - ¥ 5 — [‘] ‘ T _q
Ta co

F(3)=1(5)=2 f(4)=2

Ta c6: ; . Vay gia tri 16n nhat cia ham so6 1a 2.

Cau 25: Goi M.,m jan luot 13 gia tri 16n nhat va gia tri nho nhat ctia ham sd

Gia tri cia M +m bang

A. 6. B. 4. c. 4. D.

uigeli.xyz Trang 11
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Pao ham

y -5 -y M=-1
F(=2)=—F()=-5% f(-1)=-1= i
4 m=-2J Mim=-6
Khi d6 . Suy ra

Cau26: Goi "M Iin luot 1a gi tri nho nhat, gid tri lon nhat cia ham s6 ' *1 =+
doan [_1;2]. Gia tri cia "+ M bang
A0, B. 4. c. 2. D. -4
Loi gidi
f(x)=4+27sinzrcos zv =4 ¢ 7sin 27y
Ta co

~l=sin2zvzl= ()= 0vre[-1:2]

m+ M= f(=1)+ f({2)=—4+sin"(-7)+8+sin"(27)=4
Vay

Chu 27: Gié tri 16n nhét cia hamsé » =+ T8 ¥ yan L 21 13

7 T Tz 1
— —+1 —+=
A 2. B.2 . C. L. D. 4 2.
Loi giai
g . [O;E}
v=flx)=x+cos x 2
Ta co: trén

v'=fay=1-2sinxcosy=1-sin2x p'=f'{r)=1-2sinrcosy=]-sinlxy

b

CARE AT AT 2N max f(x)=—
: === ;|_|=_._ S
f(o)_l 2/ 2 |‘__-]_{ _]_ 2 II_?I

Khido : : Vay

uigeli.xyz Trang 12
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g 3.
. , A (x)= {2»4}
Cau 28: Gia tri 1on nhat ctia ham so r  trén doan )
25
A. 4. B. 0. C. 5. D. 2.
Loi giai
3
) | 2
Ham s6 xac dinh va lién tuc trén doan
[ 3
r=-2g |:-:—1:|
f)= 2 o0e v id=0e :
X __ 3 4 f 3 _ 23
A B B b e RO R
-4 3.
! ['}: - 5:4} 4
' trén doan ) la

Vay gia tri 16n nhat ctia ham so
py - X
flo)=2x+cos—

Cau29: Goi m 6 M lan lugt 1a gia tri nho nhét, gia tri 16n nhét cta ham s 2 trén
doan [72;2]. Gia tri cuia '+ M bang
A 2. B. 2. Cc.0, D. 4
Loi giai
7 L 2. oax . .
frlr)=2—-—sl nT =0, V= f(x) [-2:2]
Ta ¢6 ddng bién trén
m+M=f(-2)+f(2)=—4-1+4-1=-2
Khi @6 .
y=sinx.cos = ) ) 071 s
Cau 30: Cho ham so 2. Gi4 tri 16n nhét cia ham sb trén [0;7] bang
33 | 33
A0, B. 4 . C. 2. D. 8
Loi giai
. e . r] FCosy 1 A -
y=sinx.cos’ —=sinr| |: —(2sinx+sin 2x)
Ta co: ) )

uigeli.xyz Trang 13



Cau 31:

Cau 32:

uigeli.xyz

T K2z

) Xr=— "
V' ==(cosycosy)=0 < 303 (ke )

- x=—g+ k27

Pao ham

T
(0:7) )
Xét trén khoang ta c6 nghiém la ;
T Y i
max =y = | = i
[o:7] L3 8
Vay

Y +3

'L' =
Goi M,m

P=M+m
Tinh ?

13
P=-—
A. P=1 B. P=-3 C. 3 p. P=-5

D=0 {1} [-2:0]
Tap x4c dinh . Xét trén ham so xac dinh va lién tuc.
Y e | T e B R

V= = = =[] =

(x—1) (x—1) (x—1) x=3

Pao ham

P(2)= =2 (0)=-30(-1)=-2
Khi d6 '

m=miny=-3M=maxy=-2=P=m+M=-5
I .

Vay

I S Ty A TR s
Gi4 tri 16n nhét ctia ham s6 X300 3 15 hao nhieu?

5

A. 2, B.

W | b2
I

,_.
|
I
—_
Il
-
M
1
Il
[

D= [_1:'4] o Z'J—.'l.': FAv+ 4 -
Tap xéac dinh : . Ta co

P(1)= 0 (4)=0:] 2 sy zg

4]

L | twd
Il
L]

Khi d6 . Vay

uigeli.xyz Trang 14
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V=

CAu 33: Cho ham s

uigeli.xyz

Tim gia tri ctia M .

A M=1,

Tap xac dinh D=

(]

Taco
Bang bién thién

=3y

X

3, ( 1)
Y- 25— |
) . T REY A, \ A A ) \ 10 )
- . Goi M 1a gia tri 16n nhat cia ham so trén khoang *
1
M=— 12—9
B. 2, c.M=0, D. 250
Loi giai
.
v=10
_1'f=f]a_“>|:__
Y cho v=1
25 0 1 =
10

|-ll

vay M =1,

129
250

/1 T /

fx)= I+ cos2x
Céu 34: Gia tri 16n nhit cia hAam s6 24 8I0%  bing
A W2-4 B. 1. C.0 . 8-4/3.
Loi giai
. 1+ cos2x 2- Xsincx
flo)= . = :
Jismy Jesmy
Ta co:

(2—-2sin"x) (2 +sinx

L

)- {2+ sin .r“l— 2sin“x)

—_- ffl: .,} =

(2

Fosine )

sinvcosc (2 + sinx)-cosc(2—2sin"x ) -2cosx(sin” v+ 4siny + 1]

“sinwcose 2+ sin s (2 — 25107 x| oo n d4s1n y
(24 st ) (24 sinv)
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+1 i cosy =10

o
siny=-2+43

-2eose(sin® o+ dsiny

— J'”[. _'-.'}:f] —
' (24 ::jn.u}

F kT
& | x=arcsin|-2+ V)ik2r (ke )

x=x— Latum[ 2 J_ﬁ k27

=

bt | ®

e . -]
Do ham so tuan hoan véi chu ki nén chi xét trén doan ta co:
=—_T :ﬂj Iilz
L 2 | 2 ="

T e dtujt][ -2 J_p T Latum[ =2 “'I'_'_T: i

.Tinh duoc:

f [jm'u::jn (=24 \F”= f I:jr—m'usjn (-2 ﬁi}:\ — 43 = max £ (x).

PHAN II. Cau tric nghiém ding sai. Trong mdi y a), b), ¢), d) & mdi cau, thi sinh chon ding hoic sai

o v=f(x) EA)
Cho ham s0 - J ( ) xac dinh va lién tyc trén ( )Va c6 bang bién thién nhu sau:

Cau 1:
T | —4 2 0 4
f(x) + 0 — 0 +
0 10
f(x)
—10 -2
y TR0, My
maxy=0 miny=—4
) [~ va [~&4)

d) Ham s6 khong c6 gi tri 16n nhat va nho nhét trén (
Loi giai
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Cau 2:
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Theo dinh nghia gi4 tri 16n nhat va gia tri nhd nhat, ta thay ham s6 khong c6 GTLN, NN trén

a) Sai: | ** va 4
mexy=10 miny=-10
b) Sai: i Va'"”'y
maxy=0 miny=-4
c) Sai: "+ va 4

4 . . 4 7 _4; 4
d) bung: Ham s6 khong c6 gia tri 16n nhat va nho nhat trén ( ) .

Cv=x+ =, xe(0r4%)
Cho ham so

£ T U S SRNPUINN L s
a) Ham so dat gia tri nho nhat tai * = 2 va khong c6 gia tri 16n nhat trén (

0; +:>c:_)

b) Ham s6 ¢6 gié tri 16n nhat va gia tri nho nhat trén (

\ £ Y Apos oy — N LA P s 12 1AL A ) 0;+
c) Ham so dat gia tri I1on nhat tai ¥ = Iva khong c6 gia tri nho nhat trén khoang ( )

(0; +oc).

d) Ham s khong c6 gia tri nhoé nhat va khong c6 gié tri 16n nhét trén
Loi giai

AP e AP e ' DG e, S DU
Ta ¢
, Cv=x+—,xe(04%)
Bang bién thién ctia ham so J
= |8 2 +o0
Y’ - +
+o00 +oo
Yy
4

Cin clr vao bang bién thién ta c6 ham sb dat gia tri nho nhét tai ¥ =2 va khong c6 gia tri 16n
£ n 0; 40
nhat trén ( * )
, \ I I IRy, LA TR Ay en (OH'OC)
a) bung: Ham so6 dat gia tri nho nhat tai va khong c6 gi tri 16n nhat trén .
-‘A,-,-,A‘-,-7AA(O§+GC)
b) Sai: Ham so6 c6 gié tri 1on nhat va gié tri nho nhat trén ‘.

. . z e, z . _ R n L, e, . R z n , O, +00
c¢) Sai: Ham so dat gia tri 16n nhat tai ¥ = I'va khong c6 gia tri nhd nhat trén khoang ( )

uigeli.xyz Trang 17
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A A LA VT A o (0540)
d) Sai: Ham so khong c6 gid tri nho nhat va khong c6 gid tri 1on nhat trén .

Cau3:  Chohamsé ¥ =7 () lien tyc trén R va co bang bién thién trong hinh v& duéi day:

T |—o0 -, | 0 1 +00

f’(fc) =

VAV

-+ oo |
a) Ham s6 dong bién trén mdi khoang ( Va nghich bién trén khoang (=oe:1)
b) Ham s6 dat cuc tiéu tai ¥ = £l vaco gia tri cuc tiéu 1a y=-2
¢) Ham sé dat gia tri 16n nhat tai ¥ =0

o C , , L] 3
d) Tong gia tri 16n nhat va gia tri nho nhat cua ham so6 trén doan bang

Loi giai

a) Sai: Ham s6 dong bién trén mdi khoang (71;0); (L4 o0) va nghich bién trén khoang
(—oo:—1)

b) Pung: Ham sé dat cuc tidu tai ¥ =1 va c6 gid tri cyc tiéu la ¥ = -2
c¢) bung: Ham sb dat gia tri 16n nhét tai X =0

7 , , , a1 s
d) bung: Tong gia tri 16n nhat va gia tri nho nhat ctia ham so trén doan bang

Caud: Chohamsé ¥ =7 ) lien tuc trén R va co bang bién thién trong hinh vé& dudi day:

x —00 -1 0 1 +00
f(x) + 0 - 0 + 0 -
4 4

f(x) / \ / \_

a) Cuc dai ctia ham s6 1a 4 b) Cuc tiéu cua ham s6 1a 3
maxy = 4 miny=3
c) Y d) Y
Loi giai

uigeli.xyz Trang 18
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a) Pung: Cuc dai ciia ham s6 1a 4
b) Pung: Cyc tiéu ciia ham s6 1a 3

nmexy=4
¢) blng:

) . lim = —x ) )
d) Sai: Ttr bang bién thién ta thay >+ nén ham s6 khong cé gia tri nho nhat trén [

Cho ham sb :.f(,r) c6 dao ham y=J (1) lién tuc trén U va dd thi ham sb J (’C) trén

doan [-2:6] nhu hinh vé bén. X
. 1 3
Y max fix)=f(-1)
mex f(x)=f(6) G\ [T
b) | |
5 Irr;i%clf(xj: fl-2) / x
max f(x)=max| ff-1); (6}
d) |=2:8) : 1 d £

Bang bién thién ctia ham s6 nhu sau:

x -2 -1 2 6
y' + 0 = 0 +
f(-1) f(6)
f(=2) f(2)
() @6 ()0 D) () ()
Ham s6 dong bién trén va do nén va
, o (FE2) () <0 F(=1)>1(2)
Ham so6 nghich bién trén do suy ra

max f{ x) = mex | f-2); (1) /2); (6) =max) ff-1); (6)!
Tir d6 c6 thé suy ra dugc

a) Sal | =26

mex fx)= (6]
b) Sai: | “"

mex fx)= f(-2)
¢) Sai: | “"
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mex f(x)=max| f-1); (6);
d) Bﬁng: |-2:6| ' A
CAu6: Cho ham sé -~ () c6 dao ham -~ ! (‘) D6 thi ham sb /(%) dugc cho nhu hinh vé
R
duéi day. Biétring /(0" 13)=F12) 0 7(5)
2y

B = = == =

t X
% \_/ ?
a) Ham s6 nghich bién trén khodng (=:0) b) Ham s6 nghich bién trén khoang (0:2)
minf{x)=fi0) maxf(x)=r(5 mnf(x)=7f(2] maxf(x)=7(5)
C) | 0:5| va |0:5) d) | 0:5| va 1 0:5)
Loi giai
; A a1y A [0;5]
Bang bién thién ctia ham so trén doan
x 0 2 3 5
f'Gx) = 0 + *
£(0) £(5)
f@ T~ ro—
/_/""’/
f(2)
, min f{x)= f(2) maxf(x)=max, f0); (5)
Tur bang bién thién suy ra '™ va % ' '

C
3

Theo bang bién thién thi / (3) 7/ (2) pap / (3)= /(2)=0

. Oy (3= (2 S5y A5 = L0 = S (3)y e S (2) = /(0
Theogiéthiéttacc')”'} FEI=AE) )= 7 0)=110) [‘r[-} A }:I Ho)

mex fx)=1(5) minf(x)=f(2) maxf(x)=1(5)

Suy ra 105 Vﬁy 1 0: 5] Vé | ;5|

a) Sai: Ham s6 nghich bién trén khoang (-2:0)

b) Bung: Ham ) nghich bién trén khoang (0;2)
minf{x)=f{0}) maxf(x)=r(5)
' ! va 105 ! !

c) Sai: '™

min f(x)= f(2)  max f(x)= f(5)

d) Bung: '™ ' va |2
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Cho ham sé *

v€ bén.

a) Ham s6 ¢o hai diém cuc trj

by Ham sé ¥ =/ (*) aéng bién trén khoang (%)
i o P F Y o -l

C)I[H=I[-}-![4}

d) Trén doan [1;4] thi gia tri 10n nhat ciia ham s /() la /()
Loi giai

S (x) c6 dao ham Y

-1

X

f(x)=0e|x=I
4

X
Dua vao d thi ham sb ta théy

flr)<0e(—o=1)o(l4)
Khi d6

Fa)

/(%)

Ta c6 bang bién thién ctia ham s nhu sau:
T -0 -1 1 4 +co
(=) - 0+ - 04

NN

b) Sai: Ham sd y=r(x) ddng bién trén khoang (_1;1) va (4t )
P> 7(2)> £(4)

a) Sai: Ham so0 c6 ba diém cuc tri

c¢) blng:

d) ang: Trén doan L*) thi gia tri 16n nhét cia ham s6 7 %) 1 /()

y

S

7 Jign tuc tren [ va d thi ham s6 /(%) nhu hinh

y=f(x)

R e e 1 I

.4 }

Hinh bén cho biét sy thay d6i ciia nhiét d6 & mot thanh phd trong mot ngay

uigeli.xyz
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¢t (°C)

25 1

o 4 8 12 16 20 24 x(gid)
. ) 28°C
a) Nhi¢t d0 cao nhat trong ngay la

o 20°C
b) Nhi¢t do thap nhat trong ngay 1a

. . 16
¢) Thoi diém nhiét d§ cao nhat trong ngay la lac  gio
. « R . 4 4 4 .
d) Thoi diém nhiét do thap nhat trong ngay 1a luic ~ gio
Loi giai

, 34°C
a) Sai: Nhiét d cao nhat trong ngay la

o 20°C
b) Bung: Nhi¢t do thap nhat trong ngay la

. . 16
c¢) bung: Thoi diém nhiét d cao nhat trong ngay la luc  gid
. . . 4 4 4 .
d) bung: Thoi diém nhiét do thap nhat trong ngay la lic ~ gio
PHAN III. Cau tric nghiém tra 10i ngin

A \ 4 (x)=4x 91" —30x oA A \ s e ) Ao o
Caul: Cho hamsé ' (e)=4 . V&1 cac sO nguyén a,b ma <D thi gi4 tri nho nhat cia

f b]_ f‘a-} bang bao nhiéu?
Loi giai
v =—1
F)=12v" = 18:=30=0= g
)
Ta c6 . Bang bién thién
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T | —o0 —1 2 2,6 3 +oo
Yy + 0 . = 0 . +
17 ' ' +oo
| |
—63 |
v !
2 /6
1
—00
[ f(b)<0
, ab acp [(b)-T(a) ~f(a)ro0
Vi cac sO nguyén ma ,dé dat gid tri nho nhat thi
= f(b)= f{2)=-64 (a)=f(-1)=17 f(b)-f(a) g1
. Vay gia tri nho nhat cua bang

.y T SR Lor=sin v—2cos y+3siny o . |07
01 g1a 1r1 1on nhat va gia r1 nno nhat cua nam SO - ren
G_ g tl ht g t h ht h sl X s X AR X [ t [ » ]

lan luot1a M+" - Tinh téng M +m .
Loi gidi

v=sin’x—2(I=sin”x)+ 3sine+ 0= p=sin’ o+ 2sin” x4 3sinx i 4

Taco
{=sinx. xe[0; 7] r<]0:1] )
bat Do nén . Khi d6 bai toan da cho tr¢ thanh tinh tong cua gia tri
M m =)=+ 20+ 34 4 [0:1].
16n nhat va gid tri nhé nhat  cua ham s6 trén doan
Vo= )y =301 A 3= ?If.f: + 2 E; - i| - E 0, ¥t e[ﬂ.‘]]
: - ) oo 3 9] 9 '
Ta co
y=r [0:1].
Suy ra ham so dong bién trén doan
M=mac /()= f(Iy =10 m=mn f{i)=/(0)=4
I'[-IIn ) ) [2:1] ) (0) Mim=14.
Khi do: . Vay
a ,
 y=e(v-3)  M=—lac be) , ,
Cho ham s0 - ' ', goi e la gia tri 16n nhat cua ham so trén doan

—5:_ . ‘ y |
[ ’ 2]. Tinh gia tri cua biéu thirc P=a+bq
Loi gidi
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Cau 4:

Cau 5:

Cau 6:
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o _ x=-3¢ [—5: —2]
V=t r2x =3 =0 .
' x=le[-5-2]
Ta co:
o, 22 oo 1 4] , ,
vi=3=—v(3)=—=11|-2)=—= maxy=—=a=0h=3=0a+h=9
3 o 3 v | I'.’- . 5- :| I
Ta co . Khi d6
.2 le
Ry P L [1:4]
Tim gia tri nhd nhat cia ham s6 X trén doan
Loi giai
» o o i 1
vEiTt— = = 2v- = =0=2r— —=0= 2 —lo=0= r=2ec[1:4]
Ta co: v X x”
L p(1)=1Te(2)=12: v(4) = 20.
Khi do:
2 16
V=X —
. - A Laf, s
Vay gia tri nhé nhat ciia ham so v trén doan [ ] bang 12-
\ Ay:x+ 2 s croe X A, oo \ A A [—1;2]
Cho ham s6 X+ 2 Tim gia tri nho nhat cua ham so trén
Loi gidi
= -[—.1]'-
Tap xéac dinh:
oy 43 -1
I S I S SERUEI TN S S
=1+ - A v=-1
x+2 Lo 2
Ta co:
9
p(=1)=0 »(2)= "
Khi do: va
[-12]  »(-1)=0
Do d6: Gia tri nho nhat ctia ham so trén la va gia tri 1én nhat cua ham so trén

[12] ()=
la .
Mot loai vi khuan duogc tiém mot loai thude kich thich su sinh san. Sau t phut, s vi khuan

e . L N()=1000 4 300 = (0= = 30 . T S
duoc xac dinh theo cong thuc tr)=1 coriist }. Hoéi sau bao giay thi s6 vi
khuén 16n nhat?

Loi giai
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N()=1000+ 300 —¢ (0= <30)
Xét ham s6

; . (=10
Nt)=00r =3 =0+
' [.f =20
Ta co:
r |10 20 30
f\-“ e D -
5000
N / \
t=20 . . .
Vi gidy thi s vi khuan 16n nhat.
B. BAI TAP TU LUAN
Bai tap 1: Tim gia tri 16n nhit va nho nhat (néu co) cua cac ham sb sau trén doan da chi ra
a1 . o ()l a2 a '
gy V=)= =33 doan [2:19] by ¥ ()= 303 e doan [1:3]
v 4 3 . Iv—1
flr)=—— ) v=flx)=— )
c) v=1 trén doan [2’4] d) v+ 1 trén doan [0’2]
1-‘—]+] 1-—)"["'}—4 vt |
e) X trén doan [1:2] f) ' trén doan [1;3]
. x4
NS S P . v=f|x)=—Fro0 _
2) y=Alx)=riNasa trén mién xac dinh  h) v+l trén doan [0’2]
y=f( "1—'?"_1:{' : 1‘—’)\'11
= ()= == . y=3r+ = (0:-+0)
1) trén k) trén khoang
o .f-l:. __}_.'-.': Frl V=4 4
R S (O;+oc) SN (l;+oc-)
1) trén khoang m) trén khoang

Loi giai
= f(x)=x" =33y :
2= f{x)=x"—33x trén doan [2:19]

i [-} =3y —33 i [ r)=0 v=llex= :'u'l'ﬁ

Ta co va

[2:19] r=Afl1e[2:19] F(2)= =38 £ (VIT)=-221T: f (19)= 0232

Xét trén ta co ta cod
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rlmnl Fx)= £ (NIT)=-22411 max fx)= f(19)=06232
Vay ;

b) v=f [ x)=x =3 43 trén doan [1,3]

flr)=x"=3x"+3 f(x) [1:3]
Tacod la ham da thirc nén lién tuc trén doan .
r=0g[l 3
f f[ X)= 3.1': —fx =0 [ ]
[1:3] ¥ =2¢e[l.3]
Trén doan ta cod

_f'(l):l‘ ‘_f'(z):—l. £(3)=3 I?Il.j_h] fle)=f(2)=-1 max fa)=113)=3

Khi do ; . Vay :
I _'.,': P 3
Flx)= .
|:. :l w—1 [27 4]
c) trén doan
oy .'l.': —1.1’—3
! |: l.} = T
ye[2:4] (x—1}
Ham sb da cho xac dinh v&i moi va c6 dao ham
[2-,4] -Ir'f[:_'l,-}:lﬁ]’.‘_"; -"-:—1.".'—3 =|"'],_"_X .".'=3
Trén doan tacod
: ' f'(4)=B min f(x)=6 max f(x)= ((2)=7
v=f(x)= _
. ) x| [0’2]
d) trén doan
Cf(x)= v
Xét ham sb v+l
- 4 .
. f'x)=- S 0,7 = —1
— o , . .
Tap xac dinh: D=l ; Ham s0 lién tuc trén doan [0’2] va Lo d)
fl0)==1f(2)== min {(x)=f(0)=-1 max /(x)= /(2 }:':'
Khi do: 3. Vay [:2] o ] 2
1
y=Il+— [1_ ]
e) X trén doan L’
¢ ] . L .
Ta co ' nén ham sd nghich bién trén
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M=maxy=y(l)=2
[1:2] [:z]
Do do: )

p 4
L R 5
f) trén doan

Ham s6 da cho xac dinh va lién tuc trén doan

o .".'=—3'E|:.].'3}
.Irrl:...'-}=[-]’::> )

m=miny=y{2)=

L | Las

4
! it-}:_? 1 ]

[1:3] X

va ¢6 dao ham

fll)=000(2)=5/(3)= ]_3

x=2e(l:3)
Giai .Taco
]Hj~||1-'f (x)=5 1}?1]-;” x)=6
Vay 5
g) v=Slr)=aeNds e trén mién xac dinh
Fle)=l-————==0 ——=le r=42
D =[-2:2] 41 41—y
Tap xac dinh: va c6 dao ham
Béng bién thién:
T -2 V2 2
f'(x) I 0 - I
2v2

f(x)

—2

lny' n fle)=-2

!|11535| fla)= 22

Vay ;
o .".': Faotd
= _,f B .
A= ——r [0:2]
h) trén doan
o X 4 4
D=1 flx)= =
Tép xac dinh L Taco X+ vl
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. r=1e[l2
flx)=1-- 4 =0 |- - 4 =0 (ril) =4 }[ ]]ﬁ
v+ 1) x4 1) r=—3g |l
Khi do L) (ve 1) =[0:2]
. 10 PR .
(0)= (M =3 f(2)=— min f{x)=3 max f{x)=4
Ta c6 £(0) 4; 1) 3; ( 3 vay [+ va [
‘ -2 vt
v=flx)= —
i) I trén U
_ 2(x 1)
fix)= ( 3 _ L L
[+ +1) j"(\.r):O R __htm__ flr)= __1151_1__ flr)=1
Ta co . Suy ra khi .Taco
, )
Bang bién thién ctia ham so nhu sau:
r —00 —1 1 +00
f'(x) + 0 - 0 +
2
o | 1= \ -
0

. . . . ; 2
Tur bang bién thién, ta c6 gia tri 16n nhat va gia tri nho nhat cua ham so6 da cho lan lugt1a  va
0

¥y =3x+ i (0.+OC)
X » T,
k) trén khoang

(0:40)
Ham s6 da cho xéac dinh va lién tuc trén khoang
5 o 2

V=3-S=0o3-2=0cr="

B

(0;+)
Lap bang bién thién ctia ham sb trén nhu sau:

Ta co
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=

- |5l
+
a8

min v = ’nj’a

Tir bang bién thién ta thay |
oy .".': Fa+ |
v=rlx)= e (0;+0)

1) trén khoang
Ap dung bt dang thirc Cauchy cho hai sé duong ta co:

1 1

f(x)=|x+=|l1z2fr=t1e f(x)23
L x=1
Dau bang xay ra khi
V=X4— :
' x—1 (L+o0)
m) trén khoang
4 4 =3
V= = y=1-- =0
r— | [..-.;—]}' r=—1
Ta co:
Ta c6 bang bién thién
x |—o0 -—1 1 3 +oo
y - 0 +
o0 +oco
Yy /
5

l_:'lnli_n_ y=3
Dua vao bang bién thién ta thdy gia trj nho nhét ctia ham sé 1a |

Bai tap 2: Tim gid tri 16n nhat va nho nhat (néu cd) cta cac ham sb sau trén doan da chi ra

o s

a) V= Inx tan doan 2 b) V=TS yran doan 4
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- el O‘E
v _T}: (1 — E}L:" d) v=cos v+ 28in X irén doan )

trén doan [-1:2]

c)
Loi giai
1 -
—:e
v=x—Inx 2
a) trén doan .
1 . 1 1
: : L =l l-—=0ev=le| e
D= (0. o ] ¥y = 1 . 1 — . i) = |:2 L :|
Tap xac dinh .Taco . Xét
1| ! I|: L vil)y=Ly(e)=e-1 m=migy=1  M=maxy=ec-]
1.2,' 2 ) - !?ﬂl IE“I
Xét . Do do va
L
V=X+C0os X 4
b) trén doan
0.~
"4 vi=1-2cosvsiny=1-s8inly = 1" =0=sinly =1
Ham s lién tuc trén doan co
=T s =Sk (ke ) ve| 0l |=xe t:l
2 IR [ (41
. Do
[+(0)=1
| Ty\_x,  oa_a | max y=—+—: mnyr=|
1—|——-LL‘I:\———'— v 4 2 -
l L4 A 4 - 4 2 {7 N el
Mat khac . Vay
v=1f{ .r}:(_r:—l}c:‘ [_1;2]
c) trén doan
f [:.r}=|[.r: —E}E:‘ = f'(x)=2xe" (.1‘2—2}%:‘ =2¢” |{.r: b =2)
Ta co

.r:]e[—].'l]

fr)=0e v tr-2=0=
.Taco

M=max f{x)=f(2)=2c:m=min { (x)= | (I)=—¢
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/4
_ 0;—
p=cos 2y 428y 2
d) trén doan
/4
e T A V=CO82r+ 2810 T A
Xét ham g6 - = F05 =01 =S sy 2],
, 1'==2sin2x+ 2cosv=—dsinrcosy+ 2cosxy=2cosx(—2siny+ 1)
Taco - : .
Xx=—+kr
_ %
cosy =10 -
V=0 | = |x=—+k2x (ke )
sinx =— 0
3
- - ST
r=—+ k27
e g Al
Giai L
[z - T
0, — , y=ix=2
. A 2 V= 0O ., . A 6 3
Xét trén doan - , coO cac nghiém =
L. 3
. [ T [ A 3 max v=— miny=
v(0)= 1|_|=]1._|=_ max y =< nnTn_L 1
e | 3 YR L I
Ta co A 54 =, Suyra b - , b2
Bai tap 3: Tim gia tri l6n nhat va nhé nhat (néu c6) cua ham s6 sau trén mién da chi ra
. Ssinx+1 0: =
i [._].'}z —"‘| !g
a) s 2 trén doan

‘= COS X+ 2517 X+ COSY ,n A s a:
by T CUS 0T =S RO e mién x4c dinh

Loi giai

) Ssinx + | [O.ff}
rjy=—- :
a) sinx + 2 trén doan 6
‘ .\'e[(};i} fe{o;l?} H{;]:5I+1
Pt [ =sinx yei 61 thi = nén khi d6 ta dugc ham sé t+2
‘f 9 1
g'it)= ——=0%1e [’]:;
CaY 2
Pao ham (e 2)
o (0)= L] = ming (¢)=g(0)=— nnn__ff.x'}:_l
ST RIS el 2 ez 2
Do = =4 -~ nén ! ? nén - -

‘= COS X+ 2517 X+ COSY , A A s a:
by T CUS 0T =S RO s mién x4c dinh

CV=C08 v b 2SI X COSY = C0s 2[]— COS™ X )+ COSy = COS x— 200870 + cosv + 2
Ta co :

1 e — e e
Dé.tt:COSrV(ﬁ‘irE[ l’l]taduoc’rm_f 274t 42
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t=1=[-11]
Fle)=3 -d+1=0= ] _ NS R
| t=—e[-L1]  S(-l)=-2 /|- |z f()=2
TaCé 3 mé !.3'/' 2.‘
max v =max ()= o8
pakt f.i|’r' Y]

Vay
3 g, A — - , . ,
Ga)=0,025x (30 - x}) tr d6 X 13 s6 mili thud

Bai tip 4: D¢ giam huyét ap ctia mot bénh
duoc ti€ém cho bénh nhan (0<xe 30“'. Dé bénh nhan d6 c6 huyét ap giam nhiéu nhét thi lidu luong

thudc can tiém vao 1a bao nhiéu "8 9
Loi giai

Gr)= 15— 0,075 == 0=
\ v=20

. Bang bién thién:

Ta co:
T 0 20 30
G'(z) + 0 -
Gmam
G(z)
0 0

Vay dé bénh nhan d6 c6 huyét ap giam nhiéu nhét thi lidu luong thudc can tiém vao la

20(mg)
A. BAI TAP TRAC NGHIEM
PHAN I. Cau triic nghiém nhiéu phwong an lya chon. Mdi ciu héi thi sinh chi chon mt phwong an.
o ; I
Cfx)= - 7 ) cmax S {x)min f{x)=8
Caul: Cho ham sb v—3 (v6i M latham sb). Gia tri cia m dé |'** 2]
la
4 46 18
m=— m=—— m=—
A 5. B 5. c.m=-12 D. 5.
Loi giai
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Cau 3:
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e —0—
! |: X } = - T
[_ r—3 }
Ta co:
w=—0=p=2
Neéu (loai).
£ —6 Ve 0% re [-1:2] V=07 e[-1:2]
Néu khi @6 hoac nén ham so6 dat gia tri nho nhat
v=1x=2

va gid tri 16n nhét tai

Theo bai ra ta co:

"y e y y —24 44 40
max f{x)+min f(r)=8< f{-1)+ f(2)=8 < m, m:h‘»,.--_*>m=—T
[-12]” [z ' ' -4 -1 5

miny =4

A A 1= X+ CO8 v A 4 pe g I L ez
Chohamsd =" * 1% (m 13 tham sb ). Véi gia tri ndo ctia tham s6 7 thi |

m== m==

A m=3, B. 4. c. 2, D. m=0,
Loi giai
v =1-2sinrcosv=1—-sin2v =0,%xv = Y+ COS" X+ m

Ta co: - nén ham sd * =

miny=y0)=1+m=4

Do do | = em=3

flx)=x =3¢ +m

\ I A (et 2T O SR £V
Cho ham so . Biét ' . Gia tr1 nhé nhat cua ham so -

ren (%) 13

min f(x)=1 min f{x)=2 min f(x)=3 min f {x)=-
A. ) B. () c. 5 . N
Loi gidi
(=2:0)  fx)=3r -3= f'(r)=0=x=1 P
Xét trén khoang co hodc
Bang bién thién :
T |—oo -1 0
f'(=x) + 0 -
m + 2
f(=)
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max f (v)=5<m+2=5cm=3= f(x)=x -3r+3
[——il]

Khi dé6 ta co
(0:+2) ,
Xét trén khoang . Bang bién thién
T 10 1 +oo
f'(z) = 0 i
+o0
3
f(z)
1

min f(x)=1
(4]
Vay

V=[x m};—}[:.'-.' fo )+

Ciau4: Cho ham sb " Biét ham sé nghich bién trén khoang (O;Z)Vé gia

Py Ay oo \ IO B B | ;

tri 16n nhat ctia ham so trén [ ] bang 4. Tinh 7+ 7

A, m+n=0, B.m+n=2 C.m+n=-1 D.m+n=1
Loi giai

V=3 m) =3=3{xtm D) xt m—1)

Ta co: -
x=l-m=x
.1II=[-]§ e -..
Giai phuong trinh r==l=m=uy
Dé ham s nghich bién trén (0;2)thi y=0<2=zx
|30'(0)=0 |a'(0)=0 |'3m:—3f-_:r:] |'m:_]¢_:.;]
|._]'-'_im"-_-’-] |-—]’-_im"-_-’-] 1)
B l—]’-_iﬁ rmel T | =3eme—1 m==11
cr=0e |- L1
p'=0e [ ]
7
Vvai m=-1th \—~E[—]]]

viy=n+3 v(l)=n+Ly(-ljJ=n-l=max y=n+3=4=n=1(2)
Ta co [-1]

(2)=m+n=0

T (D a0 |

Cau5:  Biét gia tri 10n nhat cia hamsé =" Aty 32 Gig tri ctia 7 1a
2

m=—

A m=2V2 B. m=-2, C. 2, D.m=+2
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Loi giai

L ) —2=x=2
biéu kién xac dinh:

- - -
v=x+d-—x m= 1 =14 == V=04 -x =

4—x

Ta co:
vz 0 =0
S0 SIEY
l—'l—.r' =i ]1 =2
Béng bién thién

z |2 N 2

Yy’ + 0 -

2V2 +m
Y
—2+tm 2+m

3\/5»‘:%3\5- H.l=3‘\l'r5*‘:‘>ﬂ.l=£

Tt bang bién thién suy ra gia tri I6n nhat cua ham so 1a

fle)=x =3x m I \ £ - £ max f{x)=3 s 1. 1k
v T ( v6i m la tham s6 thuc). Biét . Gia tri nhd nhat

CAu 6: Cho ham sb

ciahamsé /() trén (0rtec) 1a

min f(x)=1. min / {x)=2. min / {x)=3. min f(x)=-1.

A. B. C. D.
Loi giai
" . =]
filr)=3c -3=0=|
Ta co v=-1
Béng bién thién
T |—oo —1 1 +o00
Yy + 0 — 0 +
m+2 +o00
, / \ /
—00 m—2

max f{x)=

Viy a"f__]}:};'[_]}zﬁf:xm-2=5«;:HH=3.

min f (x)= f(l)=m-2=3-2=1.
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Cau 8:
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X+ .
V= min v =23

Cho ham s6 -1 (" ]a tham ) thuc). Goi 13 gia tri cia 7 thoa man [2:4]
Ménh dé nao duéi day dung?

m, < —1. B. Mo > 4. C I =m,<3. D J<m, =4

Loi giai

,o—mi—1
Vv = -

(x— 1} x#1.

Ta co: . Véi
Co—m— =0 ma—1
Néu
, miny=yp{2)=m+2

== 0= , ‘ ’ [2:4] = =5 12)

ham s6 da cho dong bién trén

Comt2=3=m=1
Theo gia thiét: (loai).

, —m—1<0s m=—1
Néu
. . 44 m
, nny=r(4d)=

=V<= ’ ) [2;4] - ) 3

ham s6 da cho nghich bién trén

n 4:3<._*> =3

) 3 m, = 3.

Theo gia thiét: . Vay

e S P, co(x)=x —mx (w7 ) —
Choheims@‘”"‘]_]EI . Véhémsé'['ﬁ} H H ( b

gl{.k‘+.f'[.r]?]

%
" . Goi M 1a gia tri 16n
nhét ctia ham s6 trén doan [0;1]. Khi M dat gia tri nho nhét thi gia tri cia tham
sd M bang

21
A 2. B. 6. C. 21, D. 3.

Loi giai

t=x+f(x) we[ol]=re[l12]
bat vi

()=t —mt* +{m + 1) =2 [1;12]
Xét trén
g ()= = 2mt w11 A= =3 )==2m =3<0%m

co
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Cau 10:
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=g'() =07 e[L12] = y=2g(1) [1:12]
ddng bién trén

. . . - 44
M= max g(t)=g(12)=12m —14dm + 1738 m=——==06
efraz] ' =M , 2.12
Vay dat gia tri nhé nhat khi
£ cros , A A ey oo ) A, » \ L op=—x =31 4
Tim tit ca cac gia tri thuc cta tham sb 7 dé gia tri nho nhat ciia ham sé Lo
" L2,
trén doan [ ] bang 1.
A, m=20 B. m=19_ c. m=18 D. m=21,
Loi giai
Cr=—x =30 [-:2] =3 o
Ham s6 lién tuc trén doan va
r=0e [—]j]
=10 e
r=-2e[-1:2]
Ta co:
vi=ly=m=20v(0)=me (2)=m—20
nlljn |_1': le= m—20=<= m=2l
X 1:2
Suy ra:
X m
C6 bao nhiéu gia tri nguyén cta tham sé 7 dé ham sb x+8  ¢6 gia trj nho nhat trén
9
[0;3] bang 2?
A0, B. 2 C. 3. D. L.
Loi giai
X— .fH:
y = e
R D= 1-8 ’
Ham s6 c6 tap xac dinh nén ham so xac dinh va lién tuc trén doan
[0:3]
. o+ M )
Vi=———==0,Yme ,x=-8
(v+8) L [0:3]
Ta co nén ham so dong bién trén doan
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. ’ - wmeo g ) =0
Miny=y(0)=-— S =30e | .
[":3] ’ o b = —

Suy ra . Tir gia thiét suy ra

r n/l b
Vay c0 hai gia tri nguyén cia tham s6  thod man yéu cau bai toan.

Y R P . ”
A \ £} &A= 2 Re 2 o ege £ o .
Cau 11: Cho ham s6 II " . Tong tat ca cac gia tri cia tham s6 77 sao cho gia tri nho

nhét cia ham s6 trén doan [-11] bang 4 1a
A. 2, B. 2. c. 4. D. 4.
Loi giai
f= _f[:.r}:.x"—_?.r | [—1,1]
bat 12 ham sb xéac dinh va lién tuc trén doan

g(x) [-L:1]

Ta khao sat ham so trén doan

g(x)

Bang bién thién ctuia

T |[—oo0 -1 1 +00
g'(z) - 0 + 0 -
—+o00 1
g(z)
=8 —0o9

.\"E[—lll] fE[—3;l]

Ttr bang bién thién ta thay thi
m _1':;-[:”:[:'.-_"”}:
Bai toan tr¢ thanh: Tim  dé ham so c6 gia tri nhd nhat cia ham so trén
[-31] 4
doan bang

-'rr[lf}zj[lr — }: f]c,_x,f =il
Ta co
me[-3:1] [lllll.tlll )= flm)=10 .
New thi , trc 1a khong ton tai  thoa méan yéu cau bai toan.

uigeli.xyz Trang 38



Cau 12:

Cau 13:
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min /()= f(1)=(1-mY)
m>1 [2]7 ' '

Néu thi

(1 }; 4 |:m:—][i.'rm]
= (l-m) =4=

=3t

min /)= f(-3)=(-3—m f
. om<=3 [+ ' '
Néu thi

_ N me=-=53 (tm)
e (-i-m) =4 =
' mo=—1 (ki)

m m=3m=-3
Vay co hai gid tri cia  thda man yéu cau bai toan:
o om =2
Vay tong tat ca cac gia tri cua la

. m-

\ AT . 2 7. \ A + 9 P / /P .7 . 5 A A
Cho ham so X¥—=8 y&i 713 tham so thuc. Gid st~ ©la gia tri dwong cua tham so 7 dé

ham s c6 gia tri nho nhét trén doan [0:3] bang 7 . Gi4 tri " thude khoang nao sau day?
. (2029) B, (69 c. (56) b (29

Loi giai

ot i W
'|_'r = — = 0. %Fr= -5
(x8)
Taco:
. —Jj,l: . —Jj,l: -
miny=10)=——0 mny=-3= =demn=24om=2J0
13 “ 1:3, “
Do doé . Theo gia thiét
. xX—m -
14 "r [ x } = ..m . . I3 14 2 , .
Cho ham s6 x4 . Goi " 1a gia tri 16n nhat ctia tham s6 7 dé ham sb da cho c6 gia

tri nho nhét trén doan [0;6] bang —4. Khang dinh nao sau ddy ding?

A Mo € {5:7). B, Mo € (]:3). c. M€ (?:9)' D. ™ < (3:5}.
Loi giai
fx)= xom_ ()= u - 0.
' v+ 4 ' (v 4) [0:6]
Ta co: . Ham s6 dong bién trén
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. p .y i : -
mn f{x)j=/{0)=——=-F=m =l0=m==4
[ra] " ' 4 m=4
Suy ra: suy ra
x—m =2
V' —

CAu 14: Cho ham sb t=m yéi M 1a tham sd. Goi S 1a tap cac gia tri cua dé gia tri lon

b

nhét ctia ham s da cho trén doan [0:4] bang —1. Tdng tt ca cac phan tir cia S bang
A. —6. B. 1. c. Ll D. 3.
Loi giai

2 _ L}
V= w =0T =
()
Ta co:
- 60— 0 [m=2
0 motm—0=
|."[4}:—] i = —3
max y=—-l< ¢ el =4 A = m=-3
[1:2] lm & [[]:—1] =4
e
' i
Suy ra
§ =13 s -3
Khi dé . Tong tat ca cac phan tircia  bang
X—m
v =
Cau 15: Cho ham so Y+1 ygi M 13 s6 thuc. Tim tat ca cac gia tri cia 72 dé tong gia tri 16n nhat
N ) )4 5 N A a2~ ~ [0;2] N 6
va gia tri nhd nhat cua ham s6 da cho trén bang ©-
A, m=4. B. m=-4. c.m=1. p. m=-1.
Loi giai
o , , 2] 6
Tong gia tri 16n nhat va nho nhat ctia ham so trén doan bang  khi:

,1
2—m
=0 m=—4.

(O p(2)=0 —m
PHAN II Cau tric nghi¢m ding sai. Trong mi y a), b), ¢), d) & mdi ciu, thi sinh chon ding hoic sai.

x—m =2
1= ——

Caul: Choham so Xr=m o yéi M la tham so

a) Tap xac dinh ctia ham s61a D=1

b) Khi =1 thi ham sb ddng bién trén mdi khoang (momil) g (Li+2)
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|
¢)Khi 7= thi trén doan %) ham sé dat gia tri 16n nhét bing 2

d) C6 duy nhat | gid tri cua tham s6 ””* dé gia tri 16n nhit ctia ham sé trén doan [0;4] bang
-1

Loi giai

A a2 D=0
a) Sai: Tap xac dinh ctia ham so6 la v

b) Pang: Khi 7 =1 thi ham s6 dong bién trén mdi khoang (—os1) va (Li+ )

e —m+ 2 .
Vis————=0.%m
, = ~ \ L A e ~ X. , —ooLm L\t oo
Ta co [- ) nén ham so dong bien trén moi khoang (=oesm) va ( )

T |[—oo m +00

!
Y + =+

+o00 1
Y
1 —00
1

¢) Sai: Khi " = 1 thi trén doan [1;4] ham sb dat gia tri 1on nhat bﬁng 2

d) Pang: C6 duy nhat 1 gia tri cuia tham sé 7 dé gia tri 10n nhat ctia ham sb trén doan [0;4]

bang —1.
J' m <0
s A ‘A \ A .y “ 1, X ~ : N . . ) 4 - — I
Tur bang bién thién, ham s6 dat gia tri 16n nhat trén [0’4] bang —1 khi U (#)
< () .
" [0 }
2w’ = L & om==3
~ " 1T | wim-0=0
4 —m

Fla)=x" =3¢ in

NS AE . . £
Cho ham so [- , vO1 M la tham so

a) Khi =0 thi ham s dong bién trén khoang (-1:1)

b) Khi 72=0 thi ham s6 c6 hai diém cuc tri
., . N e . N e A [0,2] M 7 — 2
¢) Gia tri nho nhat cua ham so trén doan bang
. T Y TR R £ cr e 1n £, \ L v=|f(x
d) Goi S 1a tap tat ca cac gia tri cia tham s6 7 sao cho gi tri 16n nhat cia ham s6 | (x) ‘
R 0;2] .3 1 . A AL
trén doan [ ’ ] bang 3. Khid6 S c6 mot phin tir
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Loi giai

 F ()= =3 )= 3 =3 o
Xétham s6 | (1= 4 T3 dao ham () =3 = . Bang bién thién nhu sau:
x |0 1 2
f'(z) = 0 AP
m 2+m
f(=)
—2+m
miy | f [:_'-_'}|=—[:—1 Fm)=2—m

Truong hop 1: 2vm= 0 m= -2 Khido "

2-m=3=m=-1
(loai)
|24 m =0
=2 m=l
]. o= 0
Truwong hep 2:
m=2|=2-m=>2=2+m= le*J:{.'i.'|;" ['.}| =—(-2im)=2-m=3=m=-|
Khi do (thoa man)
| -2 +m =0
0 me?
] i = 0
Truwong heop 3:
|m - 1| =2—m<2s24m= JIHH‘AI- | flx l| =2 +m=3=m=1
Khi dé (thod man)

.llj.l[f.'li' | / [ Ry }| =24m=3=mm=|
ro [z :

Truwong hop 4 : —24m=0s=m=2 Khidd (loai)

a) Sai: Khi 7 =0 thi ham sb déng bién trén khoang (1;2)

b) Pang: Khi 72 =0 thi ham s6 c6 hai diém cuc tri
, P SR LA 0:2 .2 )
c¢) bung: Gia tri nho nhat ctia ham so trén doan [ ] bang " — 2
d) Sai: Goi S 1a tap tat ca cac gia tri cua tham s6 M sao cho gia tri 1on nhét cta ham sb
v=() 0:2] .3 S i A
' ‘ ( )| trén doan [ ’ ] bang 3. Khi d6 S ¢6 hai phan tir

36

' =X+
Cho ham so6 v+l , vOoi " 1a tham so

a) Ham s6 da cho nghich bién trén doan [0;3] khi m =0
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b) Khi 7= 0 thi gi4 tri nho nhét ctia ham s6 trén doan L%>) 13 3m+9

9 kI
—=m =36 V=my+ .
¢) Khi 4 {hi gid tri nhé nhit ctia ham s6 w1 gren (93] 43 —m 12w
36
r 2 r r -ll = 'I;Illll - -
d) C6 diing mot gia tri nguyén cia tham s6 /77 d€ gia tri nho nhat ciia ham so b
~ (03] s
trén [0:3] bang 20.
Loi giai
. 3o
V= - -
I:.'l.' F1)
Ta co ' )
muv=1i{3i= 3 +¢
Lm<0, o [0:3] -_n|1-1..[-]|'1 =r(3)=3m 9
Vi ham s6 nghich bién trén nén
3m+ Li':ﬁﬂf;xm:u
3 N N ~
Suy ra - (khong thoa man)
0
v=-li—=
0 =20 Vi
: 2 == v+ 1== .
oo ) =30 f
0 ¥y = ﬁ Vot .r:—]—T[.“um'}
L. m >0, i Eh )
Vi ta co: "
0 Y
e+ —== 3 —< = 30,
. Nm 4 T S
Khi ta c6 bang bién thién cia ham so:
| G
T 0 \/ﬁ 3
y - 0 +
36 3m+9
—m+12,/m

Dua vao bang bién thién ta suy ra

. [ !
min y= v/ =+ |: —m+124fm =20

0
vefos ] \ A

m =4
m o= ]f]f][:."u[.'.l'}-

ta co bang bién thién cua ham so6:

T 0 3

o

Y -
36

3m+9

uigeli.xyz Trang 43



uigeli.xyz
min v=v(3)=3m+9=20= m=—
Duya vao bang bién thién ta suy ra ey 9 (loai).
Vay gia tri nho nhat bang 20 khi ™ =+
a) Pung: Ham s di cho nghich bién trén doan [0:3] khi m<0

b) bung: Khi 77 <0 thi gia tri nhd nhét ctia ham s trén doan [0;3] la 3m+9

9 . 36
— < =30 V=my+ —

c) bang: Khi 4 thi gi4 tri nho nhit cua ham sb v+l trén [0:3] la
—m+12dm

d) Sai: Co ding mot gia tri nguyén cua tham sé 7 dé gia tri nho nhat cua ham s

36

v+ 1 tren [0:3] bang 20.

1=+

v+ — |
1=

Ciau4: Chohamsd Xtm véi ™ 1a tham sé thuc duong

a) Tap xac dinh cua ham sola D="1

A 2;41 .. \ s . a .

b) Trén doan [2:4] thi dao ham cua ham s6 ludn nhén gia tri dwong
. . [2:4] miny =y (2)

¢) Gia tri 10n nhét ctia ham sd trén doan 171 13 [+

9

. , ,miny=—

d) Chi c6 duy nhat mot gia tri cua tham sé 7 @& [+ 5

Loi giai

A s s s e ag D=0 md
a) Sai: Tap xac dinh ciia ham so 1a vt

b) Bung: Trén doan [2; 4] thi dao ham cta ham s luén nhan gia tri dwong

v+ 2+ A

V= =0, vre [2:4]
Vi m>0 g c6 e tm)
. . Jm+3 9
mny=v(2)= == mn=3
Do do ! m+2 5

, . [ .4] miny =y (4)
c¢) Sai: Gia tri 16n nhat cua ham so trén doan 1™ ' 1a [2:4]

9
miny=—

d) Bung: Chi c¢6 duy nhit mot gia tri ciia tham s m @é > 5 g m=3
PHAN III. CAu tric nghiém tré 10i ngin
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Cau 2:

Cau 3:
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f(x)=ax'—4(a +2)x+1 max f(x)=f(-2)

Cho ham sb véi @ 1a tham s6. Néu ' thi
max f(x)
[0:3] bang bao nhiéu?
Loi giai
D=1 £ )=3ax —4(a + 2)
Tap xac dinh va c6 dao ham

m:a.‘:‘.l flx)=f(2)= f'(2)=0=12a-4(a+2)=0= a=1

Khi do:
f [ x)= o =12x+1 f |ll:-. )= I - 12 f |ll:-.} =0 y==2
Suy ra ;
T |—o00 —2 0 2 +o00
f'(z) + 0 — 0 +
f(—2 +o00
/() :
max f(x)= f(-2) max f(x)=1
a=1 I ' o)
Vay voi thi ham so dat va khi do

fFx)=x 4 (1w )+ 1

Cho ham s . Goi § 1a tap hop tat ca cac gia tri nguyén ctia tham sb

A er 12 Ao A A oA 0;1 A . 4 A ) A 5
m @e¢ gia tri 16n nhat cua ham so trén doan [ ] khong vuot qua 7 . S6 phan tir nguyén cia S
la bao nhiéu?

Loi giai

fle)= x4 I[] o lu tl= f'(x)= 3w lvm =0, xe
Ta co . Do d6 ham sb dong bién

[0:1]
trén
max / (x)=f(1)=m" +3 ,
[i:1] (r)=7(1) . m- 4327 -2am=2,
. Yéu cau bai todn tuong duong

S=}-2-10,12} S
Vay hay  ¢6 5 phan ti.

v A== g gis i 16n nhét

Co bao nhiéu gia tri cuia tham s6 ”* dé ham so
bangJ?
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Loi giai

V= f'(.\‘) dv—m|l-x 25=Hdr—m|s +5 Vx
\ A - . .y 1, X N . Y e
Ham s6 dat gid tri 16n nhat bang 5 thi | | | ,
| dy—m=x +5 Vxe | mz=-—x +4xr—-35, ¥xe J mz=—1
= . ~ . =
l—h‘— mz—x =5 Vie lm < 44+ 3, Ve |n <1
m=—1 Y
, = = me =l
TRy A, o 1a ;."’:.f{-\') . m =1
Do d6 gié tri 16n nhat ciia ham so bang 5

Vay c6 2 giatri ' can tim.
Ny 2Jdx+1+m
S (0= S = ,
Cho ham so w4 ygim1a tham sb thue. GoiS1a tap hop cac gid tri nguyén
duong ctia”? dé ham sb co gia tri 1on nhit trén doan[_hg]nhé hon 3. S6 phan tir cua tap S 1a

bao nhiéu?
Loi giai

. 1 S—m
Fix)= 5 1 .
_J.u-]l: [ i1 ,_”
Ta co .
R _,f r[:_'..'} o — (_1;8)
Truwomng hgp 1: Neu ham so dong bién trén
ny ny 0+ -
oy f el = = PRy
= tlﬂlt_i_:‘&l fle)=r1(5)= PR =13 m<Sme *=mell:23450:7!
ma
w8 = )0 = (*128)
Trwong hop 2: Néu ham s0 nghich bién trén

» . Jil
N R T I | TR 10
- tlnuL_i-:‘ﬁll fr)=/f1=1)= 4 S>m<l2 mo=sme F=me (910l

ma
o = max f (rv)=2<3
. m=h=f(x)=2 Xlu.-.l”'n} = m=38
Trwong hgp 3: Neu (thoa man) thda man.

m =R MR SRR S L B

Vay co 11 gia tricia  thoa méan yéu ciu bai toan 1a
- X i O W™
Cy=f(x)= ~ max flapmin f(x)=-58
Cho ham s6 vl Timm g& -
Loi giai

uigeli.xyz Trang 46



uigeli.xyz

) 1+ m
p' = -
S (x+1y
Pao ham:
e X
v=f{x)= _
) o 5 "} T+ ] . . i [1,2] n??ifl
Do ham s6 chi dong bién hodc nghich bién trén khi

max f (xj+min f{x)=-8
[1:2] [1:2]

Do d6
. . l—m  2—m . .
v+ v(2)=-5+= —t— =8 3(l-m)+22-m)=-45=m=11
Y S N % o [F202002020) 6 x
Tim tat cd cac gid tri nguyén cua tham s6 777 thuQc dé bicéu thuac

B e 2 ot R R F, 2 o, A R ,
¥= B ".J’] X ".,I'r] X Figix RN 1 co gia trl lo,n nhat khong nhO hOTl 59

Loi giai

]—_'.,':;jf]q,_%—]'-':_'.,"-’_:]

bicu kién

y=—4{1- )= ¥ + 3=+ m(4x = 3x)+
Taco

v=costie[lir]= JI- 2 =1-cos’t = |sin¢| = sint
Dit

; y
Bi€u thic  c6 dang

g(r)=3sins —4sin’ ¢+ (deos ¢t —3cost )+ mm =sin3c b mcos3 s < lmT s

) Yy M=yliw+mwziem vl flem —0620
Gia tri lon nhat cuia  1a
I+ m* 22

l+m =-3=m =23 |m|£ \Ih_

" [-2020:2020] e |22+ 34002 2020]

Do  nguyén thudc doan nén

4038 m .
Vay co so nguyén  thoa man dé bai.
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i- nw@.uub‘.x‘

V=

\ A S1EY 4 7 r ‘A .7 . A , A A
Cho ham s6 st = Co bao nhi€u gid tri nguyén cua tham s6  thudc doan

[-2025:2025]

Loi giai

Yy e siny+ 2= 0,7xe

Ham s6 da cho xac dinh do

3—m \J@.EL"S X
sinx+ 2
Ta co

= s psiny+ 2v=3— mf3.c0sx

dé gia tri 16n nhat ctia ham s6 16n hon 4 ?

o psiny+ mf3cose=3- 21

[ |: um"'.}_-.}: ={3-2v)

Phuong trinh ¢6 nghiém khi va chi khi

e —dyid—wbs0 -2 2w il -2

m 4+ 1

-t lEv=2=ym 4l 22—y + 12 =24 '+ 1

24 fm + 1

Suy ra gia tri 16n nhat cia ham sé da cho biang

em =30

2im vl x4 w11 =2

Ta co
mo [-2022:2022]
Vi 14 so nguyén thudc doan

e =2025: = 20200 —- 3= 22534, 2025!
nén

4048  m . _

Vay co giatri  thoa man yéu cau bai toan.

e — s — 2
rIT=—

< =3
" ﬁ

-1
max v =

Cho ham s6 x=1 (™ 1a tham s6 thyuc) thoa man =1 3 . C6 bao nhiéu gia tri

duong cua 7 théa man dicu ki¢n bai toan?
Loi giai
,1

-’.T.': — Mt a
=20 =g

(x=1) vy e [-2:0]

uigeli.xyz

Trang 48



uigeli.xyz

mx— i — 2

R . max v =v(0) s
= o —x+1 . ., [’2=O]:>I3:I' T =m 42
ham so dong bien trén

. =m+2=3=m==l m>0 m=1
Theo d¢ bai ta co ma nén ta nhan gia tri

m .
Vay co 1 gia tri duong cua  thda man dicu kién bai toan.

B. BAI TAP TU LUAN

Bai tap 1: Tim tat ca cac gia tri cua tham s6 /77 dé
¢ o+

V'=-—
\ A .  n \ Sy , Xy oen ;2 c e aea X, (0.2
a) Ham so Xt lién tuc va dat gia tri nho nhat trén [ ] tai mot diém Yo F( ' )
X—m
2 . I I g VT R [0‘2] o8
b) Tong gié tri 16n nhat va gid tri nho nhat ctia ham so X+2 trén 177 bang

=—x 43 1=

¢) Gia tri nho nhat cua ham sé - ~ " trén doan [_2;1] bang —1

mx —m” — | |
VE I [1:3] s 3
d) Ham so X+ 2 ¢o gia tri 16n nhat trén doanl "~ bang 3 .

Loi giai
¢ 4 x|

V'

\ I .  n \ Sy , Xy in 0;2 c ez X, (0.2

a) Ham so A lién tuc va dat gia tri nho nhat trén [ ] tai mot di€ém Yo F( ' )
Diéu kién x4c dinh X # —

—ml [0:2]= [

— =1 [m =)
=

—m =2 w21

\ T A 0; A
Ham s0 lién tuc trén doan [ ’ ] nén

x4 2mx+mt =1 (x4m) =1 x =—m+1
Vo= = v'=0e|

{4 m}; BN };

. v, =—m — |
Ta co: - - ; -

X,=2 4 s o 1A A, A a A (0,2)
- nén chi ¢6 nhi€éu nhat mdt nghiém thudc .

m+ 1 =—m-=1,%m

J4 — ;42 1y T \ srogs , X ~ 0;2 . A
Ta thay: do d6 dé ham so0 lién tuc va dat gia tri nho nhat trén [ ] tai mot

dibm 0 €(0:2) 4o 0 <o i 1 <D 1< <1 ()

T () v O g g Om <t

X—m
p=—— _ .
b) Téng gié tri 1on nhit va gi4 tri nho nhit cia ham s6 © ¥+ 2 trén L%2] bing 8
Y
p(0)=-Z:p(2)==_L
Ta c6 2 4
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X—nm
\ ,(‘F: Y42 P . ~ [0;2] \ P Y X , A . <A ;
Ham s6 : xac dinh trén va dat cac gia tri 16n nhat, nho nhat tai hai dau mut.
_ m 2—m =3m+ 2
MGy 1A -’j‘.lHi'_'I.':—7 t =
e M € R
=3m+2
— = 8e= i+ 2=32=m=-10
Tir gia thiét suyra 4
. P N DS B —2:1] . .
.7 . 9 A 5 \ A 1= } ! A -
¢) Gia tri nho nhat cia ham so - w3 =lem trén doan [ ’ ] bang -1

) _ f x=0 {nhan)
V=3 v = =0 ’
' ' v=2 (loai)

Ta co
Khi dé fi-2)= ]'-I'—m:; F0)=—1—m" va fi)=1 —Hi':.
min f{(x)= f(0)=~1-m" . .
DOdé _:Il Sll}]rar_]_nl.i'.l_z_]”-'—X l'”_=|.r]"f.—\ ”.l:ﬂ.
= m”— 1 1
R 24T s YUY £, o [1;3]; g
d) Ham s6 Xb =l 6 gia tri 1on nhat trén doan bang .
I 4
P'= — i ]_ =0 V= =2
(x4 2m)
Ta co
" ~2m g [1:3]
. -m +3m-1 1,
B e
[1;3] ‘.'] 3)= 2+ 3 3 ")
Ham s6 dat gid tri 16n nhat trén khi
mi=1 ()
L P _ e =5+ 13m-8=0 5
¥ m—ﬂ]:la_x—im‘ F15m—5=2m+ 3 m = — (tim)
( ) 2m+ 3 3 2
Giai
Bai tap 2: Tim tat ca cac gia tri ciia tham s 77 dé
) ) ! [:.1'}: —x =3x" +m [—l;l] . 0
a) Gia tri 16n nhat cia ham so trén bang
y X+ Sm
, A e [:2] 4
b) Gia tri nho nhat cua ham so trén bang

Loi giai

flx)= — =3x 4m [—1;1] 0
a) Gié tri 16n nhat ctia ham s6 trén bang
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[-1:1]

Ham s6 lién tuc va xac dinh trén va c6 dao ham

o ) .r:Ue[—]:]]

fo)==3v —0r=0«
x=-2¢g[-LI]

T i . N
F(-D)==2+m: f(1)=—4+m ma | (x)==2+m

Xét suy ra
. —2tm=0=m=2
Theo d¢ bai
< —3-5
fx)= X+ Sm ¥ = . J?
: T T L (x-3)
b) Gia tri nho nhat cua ham so trén bang co6 dao ham
3
=3-Sm =0 me — =
3
Trwong hop 1:
. . L u
=V — — — 1 :‘ = a4 s —_—
V>0 ||1|1.J:t|1.1 v(l) = 2[_] m)=4 < m 5
Suy ra thi (nhan)
3
“3-Sm<0&m=—=
5
Truwong hop 2:
, . _ 0
. mnyv=y(2je-2+im=4=m=—
y < 0 [1:4] - 3
Suy ra thi (loai)

e Bai toin chuyén dong
* Goi s(1) la ham quang duong; V(1) 13 ham vén tbc; a(r) 13 ham gia tdc
L ki S (0= (0= alr)

e Bai toan thuec te - toi uu
» Biéu dién dir kién can dat max — min qua mot ham ! (t)

» Khéo sat ham /() trén mién diéu kién ctia ham va suy ra két qua.
A. BAI TAP TRAC NGHIEM
PHAN I. Chu triic nghiém nhiéu phwong an lya chon. Mdi ciu héi thi sinh chi chon mgt phwong an.
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s(t)=06t"—t .t (gidy)
1a thoi gian. Hoi trong khoang thoi gian tir 0 dén 4 gidy, van tdc tirc thoi ciia chat diém dat
gid tri 16n nhét tai thoi diém ? (gidy) bang bao nhiéu?
Al=3 B. =45, C.1=25 D. =06

Loi giai

Tacs V()=51(1)= 11r—3r‘-; Vi) =120t =0 =2

Mot chat diém chuyén dong v6i quing duong s (t) cho bdi cong thirc

Lap bang bién thién ta thay V(1) dat gi4 trj 16n nhat tai 7 = 2 giay.

Trong 3 gidy dau tién, mot chat diém chuyén dong theo phuong trinh * ()=t o 7,

trong d6 ¢ tinh bang gidy va S tinh bang mét. Chit diém c6 van tdc tirc thoi 16n nhét bang bao
nhiéu trong 3 gidy déu tién d6?
A. Bmys, B. 10 mys. C. 9 mss. D. 12 mys,

Loi giai

V() =5 ) ==3 + 12t + | v(t)==3+ 12t + 1

Taco . Xét ham sb trén doan [0;5]

Vit)=—0r 112 =0t =2

e e e V(0)=1e(2)=130v(3) =10

Tlnhcacglatnl[- J=kv(2)=13v(3) =1
max () =13

So sanh cac gid tri tasuy ra '

A IV . v A _G(x)=0,02557 (30— x)
Do giam huyét 4p cua mdt bénh nhan duogc cho boi cong thie - , trong

d6 X 1a liéu luong thudc duoc tiém cho bénh nhan (X dugc tinh bang miligam). Liéu luong
thudc can tiém cho bénh nhén 1a bao nhiéu dé huyét a4p duoc giam nhanh nhat?
A. 24 mg, B. 20 mg, C. 15 mg. D. 10 mg.

Loi giai

xe[0:30] G(x)=0,025x (30 -

*) dat gi4 trj 16n nhét
r=1

Bai toan tré thanh tim dé ham s

Glx)=0,025x7 (30 — v )= G x)=0,025[00x - 32" | =0 = {

T = 2 :l
Ta co: -
Béng bién thién
X 0 20 30
G'(x) 0 + 0 =
100
0 0

, Comax G(x)=G(20)=100
Tir bang bién thién ta thay "

Vay lidu luong thude can tiém cho bénh nhan dé huyét ap giam nhanh nhat 1a 20 mg,
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Trong thi nghiém y hoc, ngudi ta cdy 1000 vi khuin vao méi trudng dinh dudng. Bang thuc
nghiém, ngudi ta xac dinh sd luong vi khuan thay doi theo thoi gian boi cong thirc:
100

04 (con)

N{#)=1000 4

Trong d6 ¢ 1a thoi gian tinh bang gidy. Tinh s lugng vi khuan 16n nhét ké tir khi thyuc hién cay
vi khuan vao mdi truong dinh dudng.
A. 1008 con. B. 1012 ¢on, C. 1005 ¢on. D. 1020 ¢on.

Loi giai

o 100(100 0+ ¢ )= 10020 100(100—¢)

v(r)=1000+ —2 Ne)= — = .
VT ' : 100+ ) 10047}

Xét ham s 100+ £ 6 i ) i )

= 00— =0 e =10

Khi d6 vi £ >0 1)

, . £ iAo 1 « N(t
Bang bién thién ctia ham so ( ) nhu sau:

t 0 10 +00
N'(t) + 0 =
1005
N(t)
1000 1000

N(

Can ctr vao bang bién thién ta thy trén khoang (0:+2) ham s6 ') dat gia tri 16n nhét bang

1005 (47 t =10
Vay s luong vi khudn 16n nhat ké tir khi thyc hién nudi cdy vao mdi truong dinh dudng 1a
1005 ¢con.

Tam giac vudng c6 canh huyén bang 5 cm c6 thé co dién tich 16n nhit bang bao nhiéu?
125, 625 e’
A, 25 em’ B. 4 c. 4 . p, 125em”

Loi giai
A , n R D<x<3) . , R . R Y- I
Goi mot canh goc vuodng 1a X (0<x<3) canh goc vudng con lai la V25 =X
oz
Nhu vay, dién tich

5

, 5
f(r)=0ex=

f{x)=350x -4

Ta cb . Khi dé 2
- B g
max f(x)= !’i 2 |= 0=
CEE 24

Vi vay
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625
—cm”

5 €M ¢4 thé c6 dién tich 1on nhat bing 4

Viy tam giac vudng c6 canh huyén bang
Tt mot tAm ton ¢ hinh dang 1a ntra hinh tron ban kinh R=3
ngudi ta mudn cit ra mot hinh chir nhat (hinh v& bén). Dién
tich 16n nhat c¢6 thé cua tam ton hinh chir nhat 1a

M

9
A2, B. 62 C.9. R0 p

o2

Loi giai

Pit 0Q = _);’ (0= r=3)= MO = Vf_‘. for =00 = 'u"l'~]' -

- L2 ' L::I_ 2
S = POMO=2x49-x" 22—~ = -9

, - ¥
Ta co 2

32

X=—
Déau "=" xay ra khi 2
Cho mdt tim t6n hinh chit nhét c¢6 kich thuéc [Oem x 16 cm Nguoi ta cit bo 4 goc cua tim
t6n 4 miéng hinh vudng bang nhau rdi go lai thanh mot hinh hop chir nhat khong co nip. Bé
thé tich cta hinh hop d6 16n nhit thi d6 dai canh hinh vudng ctia cac miéng ton bi cit bo bang

AL SM B. 4m c. m p. 2m
Loi gidi
x X
x
10
X
16

o o aa s \ A g s (0w 2y < 10,0 2 v S
Gia str do dai canh hinh vudng ctia cac miéng ton bi cit bo bang ~ [- ol v<3) .

Khi @6 hinh hop chit nhat c6 chiéu cao bang ¥, chiéu rong bang 10—2x va chiéu dai bang
16— 2x

2 = 10=2x){16-2x)= _'.,'. — 51u f v
Suy ra hinh hdp chir nhat c6 thé tich =10 Hio y=4 1ol

fr)=4x —52x + lo0x

Xét ham sd trén (0;5) c6 tap xac dinh 1a D=

uigeli.xyz Trang 54



uigeli.xyz

[t

F'[:_-,'}: ]1.5.:_10_]_..'.. . ]I:”'Iﬂzl:l,ﬁ_x ) 1[]

3 Bang bién thién ham s6 () trén (0:5) nhu sau:
x 0 2 5
f'(x) # 0 =

o / \

\ 5 - A ‘A r 1N 4 cr o1z A A 0; 5 . — N A ~
Duya vao bang bién thién ta c6 ham so dat gia tri 16n nhat trén ( ) tai ¥ =2 hay hinh hop chir
nhat c6 thé tich 16n nhat khi d6 dai canh hinh vudng ctia miéng ton bj cit boé bang 2m.

Ong Binh du dinh sir dung hét >>™" kinh dé lam mot bé ca bing kinh ¢6 dang hinh hop chit
nhat khong nap, chiéu dai gip doi chiéu rong (cac mbi ghép c6 kich thudc khong dang ké). Bé
ca co dung tich 16n nhat bang bao nhiéu (Iam tron dén hang phan trim)?

AL ,0lm’ . B. 1,17m’ . C. 1,51m’ . D. L40m’ .

Loi giai

Goi X2NV ye YV >0 14 luot 1a chiéu rong, chiéu dai, chiéu cao cia bé ca.

e e e 5,5-2x°
22042+ 2 =55 b+ 2y =55 y=
Theo gia thict ta co: O
. . 11

>0 55-2x">0=0<x< il

Do 7~V nén 2
. 55740 2
o p(x)=2xty =222 2 1

The tich bé ca la: ARy 3 0

. 11
V(x)=-Zx"+—x {0’_2 } (x) =26 4 —= 0 x= [
Xét ham so 3 0 trén khoang cd 0 12
Bang bién thién:
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11 V11
* |0 2 S
4 + 0 =
Yo

v / \

TR
I _|=].].-'m'
I A 15
Thé tich l6n nhat chtabécala g
Nguoi ta mudn xay mot chiéc bé nudc ¢ hinh dang 1a mot khéi hop chir nhat khong nap co thé

500
—1m

tich bang 3 . Biét day bé 1a mot hinh chir nhat c6 chiéu dai gp doi chidu rong va gia thué

tho xay 1a 790000 43ne/m’ . Tim kich thudc cua bé dé chi phi thué nhan cong it nhat. Khi do

chi phi thué nhan cong la

A. 120 trigu dong. B. 105 trigu dong. C. 115 trigu ddng. D. 110 trigu dong.
Loi giai

¥ R s I
& -
< X
5 &
2x
S X,V 1A s 1A A v 1A s 1A A pian X, >0
Goi lan luot 1a chi€u rong va chiéu cao cua bé cé (di€u kién - ).
. 500 250
=2y = =)= —
Véi gia thiét cua bai toan, thé tich bé ca la: 3 3x

Dé chi phi thué nhan cong it nhét thi tong dién tich cic mat ctia bé c4 phai nho nhét.

. . 500 .
i o S=2xy+22xp+2x =0xy+2x = > 2x°
Tong dién tich cac mat cta bé ca X
. S00 . . 00 _
B _‘}_-'[_ -} = P2 (0'+ ac) 5 [ -.} = ——r dr=0 v=35
Xét ham so v trén khoang * co -T'
Bang bién thién:
X 0 5 +00
S'(x) = Eb +
+o0 +00
S@) e R
150
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Do d6 minS =150 57 x=5

T = 150700000 =105

- triéu dong.
30cm

&0cm

Khi d6 chi phi thué nhan cong la:

T mdt tam bia hinh chit nhat c6 chiéu rong va chiéu dai (hinh a) nguoi ta cat &

bdn goc bdn hinh vudng cé canh x(em) v6i S=x=10 y3 ¢fp lai dé tao thanh chiéc hop co
dang hinh hop chit nhat khong nip (hinh b). Tim X dé thé tich chiéc hop 13 16n nhat (két qua
lam tron dén hang phan tram).

x X
x X
_____________ |
x * /E
A x X i ___________ e
) 80cm
a) b)
10 20 31 40
—cm ——cm —cm —cm
A3 B. 3 c. 3 D
Loi giai

) ; b= vl 30=2v S0 =2+v1=7 - YIS A . )
Thé tich chiée hop 1a: | ()= (30— 20)(80 = 26) = 24000 =220 + 4x 5 <o

200 .
. . v="—c[5:10]
Fx)= 120" 4400+ 2400 =0 = 3
r=30&|5:10
Taco : E[ ]
e aee o[ 2000 200000
I'(5)=700:1 I..3_._|: % 1 (107)= 6000
200000 20 2
max I( x )= — X=— L ) X =—cm
Do d6 1" 27 khi 3 Vay dé thé tich hop 1a 16n nhét khi 3

Mot soi day 6 chidu dai 1 ©™ duoc chia thanh 2 phan. Phin thir nhét duoc uén thanh hinh
tam giac déu, phan thir hai udn thanh hinh vuong. Hoi d6 dai ciia canh hinh tam giac déu bang
bao nhiéu dé tong dién tich hai hinh thu dugc 1a nhé nhét?

! l

/\

12 183 3643 18

m ——=m
A 4HV3

—F=m —F=m
B. 4+V3 c. 4+V3 D. 9+4f3

Loi giai
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0 —3x

Goi d6 dai canh hinh tam giac déu 1a x(m) . Khi d6 d6 dai canh hinh vuéng 1a 4

2 P P
%=£ [ 22 | 6 [['“3' —N"_i - 30x -3("}
/ 0

47 1y

Téng dién tich khi d6 1a:
f ()= {9+ 43)" = 3ar+ 3o e (00)

Xét ham so

v = [ [ ﬁ
Tacod /() 1a ham tam thuc bac hai c6 2a 'Hr vaa>0

(x == e (0:0)
Suy ra S () dat gia tri nho nhat tai Eu P 4 f
s
Vay dién tich nho nhatkhi 7 ENE]
Mot doanh nghiép tu nhan 4 chuyén kinh doanh xe ga'in may céac loai. Hién nay doanh nghiép

dang tap trung vao chién luoc kinh doanh xe X voéi chi phi mua vao mét chiée 1a 27 triéu
ddng va ban ra voi gia 31 triéu dong. Vi gia ban nay, sé lugng xe ma khach hang di mua
trong mot ndm 1a 600 chiéc. Nham muc tiéu day manh hon nita luong tiéu thy dong xe dang
ban chay nay, doanh nghi¢p du dinh gidm gid ban. B phan nghién ctru thi truong udc tinh
rang néu giam 1 triéu ddng mdi chiéc xe thi s6 lwong xe ban ra trong mot nim sé& ting thém
200 chiéc. Hoi theo d6, gia ban méi 13 bao nhiéu thi loi nhuan thu duoc cao nhat?

B. 30,5 C. 29,5

triéu dong. triéu déng.  D. 32 triéu dong.

Loi giai

A. 30 trigu dong.

st ’ re 1N A A e T = 4 0 Y
Goi gia ban méi 1a X (triéu ddng) véi 27 = ¥ =31

C . A . L O00+ (31— x).200
Khi @6 so0 xe banra la | )

x[.-:}:[n:w[][] F(31 =) 200 :| =27 ) =(-200x + 6800 )(x - 27)

Loi nhuan thu duoc la:

. 61y - -
=200 4 122000 — 183600 = —1[](]; x— . | P 2E0< 2450

.

1] -
r— =] — X = 3[]--“

|_:-|

Dau "=" xay ta khi

30,5

Vay gia ban méi 1a triéu dong thi loi nhuan 16n nhit thu duogc 1a 2450 trigu dong.

PHAN II. Cau tric nghiém ding sai. Trong mdi y a), b), ¢), d) & mdi cau, thi sinh chon diing hoic sai.

Cau 1:

Ngudi ta bom xing vao binh xing clia mot xe 6 to . Biét rang thé tich V' (lit) cua luong xing
trong binh xing duoc tinh theo thoi gian bom xing ! (phut) duge cho bdi cong thirc:

Fisy=3000¢ - ) 4
(1) [ 14 g 02120.5

V() . 2., . NP o= =
Goi ( ) 12 toc do ting thé tich tai thoi diém ! véi 0=7=0,5
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a) Luong xang ban dau trong binh ban dau 1a 1 lit.

b) Luong xang 16n nhit bom vao binh xing la 4L gt

FUey=30002—3 )+ 4
o ) | ) vei 05120.5

d) Xang chay vao binh xing vao thoi diém ¢ gidy thir 30 ¢6 téc do ting thé tich 1a 16n nhat
Loi giai

a) Sai: S xdng trong binh ban dau la r(0)=4 lit

b) Pang: Lugng xang 16n nhat bom vao binh xing 1a

)y =3000 1)+ 4
) Sai: Xétham s§ | (V=30 0) A (o<r<oss

=2 ¥ _ 73
Pao ham ' (¢)=2300¢(2—3r)

f=0s [[]; i, 5]

e =0 3000( 2= 3¢ )= 0 e -
' ' t = %e [[].- r].i]
d) bung: Cho 2

1(0)= 4:r':' '|= 41.5

b | —

Cac gia tri
Xing chay vao binh xing vao thoi diém & gidy thir 30 ¢o toc do ting thé tich 13 16n nhat.
Tai mot xi nghiép chuyén san xuét vat liéu xay dung, néu trong mot ngdy xi nghiép san xuét

x(m’ . . . .
x( ) san pham thi phai bo ra cac khoan chi phi bao gom: 4 triéu dong chi phi c6 dinh; 0,2

0,001x- triéu df’}ng chi phi bao dudng may

(

tri¢u dong chi phi cho moi mét khoi san pham va

. A3 X \ , A A A- 3o 2 . X) 1y L&
moc. Biét ring, mdi ngay xi nghiép san xut dugc t6i da 100M" san pham. Goi ) la tong

3
. o x(m . =
chi phi dé xi nghiép san xuat ( ) san pham trong mot ngay va C 1a chi phi trung binh trén
moi mét khoi san pham.
g) €=0.2v+ 0,000 i 0<x <100
I3 7 3 I3 N

b) Téng chi phi san xuat 190M” san pham 1a 34 triéu ddng

C=0.000x+ 2402
c) véi 0= x 2100

0,326 triéu dong (két qua lam tron ba chir s6 thdp phdn)

Loi giai

d) € co gia tri thap nhét bang

}
\ ) . cox(m .
a) Sai: Tong chi phi (tri¢u dong) d¢ xi nghi€p san xuat ( ) san pham trong mét ngay 1a :
C=C(x)=4+02x+0,001lx < y<100

b) Pung: Thay * =100 vio ham C(x) ta thu duoc két qua la 34 triéu dong
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c¢) bung: Chi phi trung binh (tri€u dong) trén moi mét khoi san pham la

- — MRS C Y e 2
C=C(x)= i [}z 440,20+ 0,000y = 0,001 4 i 0.2

Vi 0<x <100

F{ﬂ:nﬂﬂk~i=n¢)umn—ii=ngyﬁ=4mm¢3r=1mﬁﬁeUmnﬂ
d) bang: Ta c6

— . (]
C(20410)= Ji0 L0320
| 725 s
Béng bién thién
x |0 20110 100
C'(x) = 0 -
+00 0,34
Cx) \ /
V10 b 1
25

C (20410} = 0,320

Tir bang bién thién, ta thdy chi phi trung binh thap nhat la (triéu ddng/m’

san phdm), dat dugc khi *= 20vI10 = 03 m*

Nha may 4 chuyén san xudt mot loai san phim cung cip cho nha may B. Hai nha may
thpé thuén rang, hiang thang 4 cung cdp cho B s6 luong san pham theo don dat hang cia B
(toi

da 100 tin san pham). Néu sb luong dit hang 13 X tdn san pham thi gi4 ban cho mdi tin san

Plx)=45-0,001x

pham 14 (triéu dong). Chi phi dé 4 san xuat X tan san pham trong mot

Clr)=100+30 (tridu dong) (gom 100 trigu dong chi phi ¢d dinh va 30 tri¢u dong

thang la , q
cho moi tan san pham).

a) Chi phi dé A san xuét 10 tén sam phém trong mot thang 1a 400 trigu déng.
b) Sé tién 4 thu dugc khi ban 10 tdn san phim cho B 1a 600 trigu dong.

(0 =x=100)

¢) Loi nhuan ma A thu dugc khi ban X tin san phém cho B duoc biéu dién

bang cong thiic =0,00x" + 15y~ 100

d) 4 ban cho B khoang 70,7 tin san pham mdi thang thi thu duoc loi nhudn 16n nhat.
Loi giai

N , , 5 N = i3 =
a) bung: Chi phi dé A san xuat 10 tan sam pham trong mét thang 1a CLI0) =107+ 30.10 =400

triéu.
o QA A v 4 .1 a1, L, 2 (0=x=100)

b) Sai: SO tien ma 4 thu dugc (goi 1a doanh thu) tir viéc ban X tan san pham

R{x)= P (x)=x45-0,001c" |=45r—0,001x

cho B 1a: tridu dong
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OV aAc
Thay * =10 ta duoc R(10)= 449
¢) Ping: Loi nhuén (triéu déng) ma 4 thu dugc 1a:

Plx)=R(x)=C(x)=x(45-0,00Lx" )= (100 + 30x)=-0,001x" + [5x-100

tri¢u dong

d) Pling: Xét ham 6 Flao)=-0001x +15x =100 v6i (0=x=100) ta c6

P'(x)=—0,003x" + 15= 0<= x° = 5000 < v = 5042 £ [0:100]

 P(0)=—-100: P[50§2 ) = 50042 ~ 100 = 607: P(100) = 400

Ta co
Bang bién thién
x 0 50v2 100
L + 0 =
500v2-100
y
100 400

, max P = P(502 )= 50042 - 100 = 0067

Ttr bang bién thién ta c6 [ ' '

. A 12 £ .1, 5 D= TOUT A 2 X 1 s \
Viay A thu dugce loi nhuén 16n nhit khi ban - O“C 70,7 tan san pham cho B méi thang va
loi nhuan 16n nhéat thu duoc khoang 607 trigu déng.
Khi nuéi tdm trong mot hd tu nhién, mot nha khoa hoc da théng ké duoc réng: Néu trén mdi
mét vudng mat hd tha * con tom giéng thi cudi vu mdi con tom cd can ning trung binh 1a
] 08 - )Ci (gam).
a) Piéu kién xac dinh la *=0

. . » (108 = x
b) Sau mdt vy luong tdm trung binh trén moi mét vuong mat ho ty nhién nang ( )

c) Dé cudi vu thu hoach duge nhiéu tdm nhét trén mdi mét vuong mat hd tu nhién thi can tha

16 con t6m gidng

d) Luong tom nhiéu nhit cudi vu co thé thu hoach dugc trén moi mét vudng mat ho tu nhién 1a

432 (gam).
Loi giai

a) Pling: Diéu kién xac dinh 13 ¥ 20

b) Ping: Sau mot vu luong tom trung binh trén mdi mét vuéng mat hd ty nhién ning

x(108-x7)

f(x)=108x—x 05400

¢) Sai: Xét ham sb trén khoang (0:+e0) ta co
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=10

Fle)=108-3c" =0 1083 =0 |
) r=—0 <[
T |0 6 +00
f'(=) 5 0 -
f(6)
f(z)
(O; +oc) f [: =105y — =6
Trén khoang ham sd dat gia tri 16n nhét tai

Vay nén tha 6 con tom giéng trén moi mét vuong mat ho thi cudi vu thu hoach dugce nhiéu tom
nhat.
d) bung: Lugong tom nhiéu nhét cudi vu co thé thu hoach duoc trén mdi mét vuong mat hod tu

fla)=1056-06 =432
' (gam).

A M I4 M 2 ~ r . r A r Y ) 2 r ~ o r.. ~ ~ N\
Ong Thanh nudi ca chim ¢ mot céi ao c6 di¢n tich la S0m .Vu trudc 6ng nudi véi mat do 1a

nhién la

20 con/m? va thu duge 1,5 tn ca. Theo kinh nghi¢m nudi cad ctia minh thi ctr tha giam di 8
con/m’ thi mdi con c4 khi thu hoach ting 1én 0,5 kg? Gia st khong c6 hao hut khi nudi.

a) S6 ca giébng ma 6ng thanh di tha trong vu vira qua la 1500 con.

b) Khdi lugng trung binh mdi con c4 thanh phan trong vu vira qua 1a L5 (kg).

Flx)=-0,0052x" + 1o+ 1500
) (ke)

d) Vu t6i 6ng Thanh phai tha 488 con c4 giéng dé dugc téng ning suat khi thu hoach 1a cao
nhét.

c) Téng trong lugng cé thu dugc ¢ vy nay la

Loi giai
a) Sai: SO ca giéng ma ong thanh di tha trong vu vira qua 1a 30.20=1000¢0p,

1500

-

b) Pung: Khéi lugng trung binh mdi con ca thanh phan trong vu vira qua la: 1000 " (kg).
¢) Sai: Goi sd ca giéng can tha it di trong vu ndy 1a: X (com) (x>0)
Theo d& bai cir giam 8 con thi mdi con ting thém 0,5 (kg/con)

Vay giam X con thi mdi con ting thém 0,0625x (kg/con).
Tong s6 lugng ca thu dugc & vu nay dugc tinh bang cong thure:
Flo)= (1000 - x){1.5+ 0,0023x )= —0,0625 + 01+ 1500
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‘e , \ \ \ 2 [(x s 1 X
Bai toan tr¢ thanh tim X dé (\) dat gia tri 16n nhat.

"I.'n' = — ﬂ"_\'n'- = s — ﬂ'q'n'- = P R Bt
T og: ()= —0.125x 1+ 01=0& ~0125x+ 61=0 < r=4
Bang bién thién nhu sau:
z |0 488 1000
f'(z) + 0 =
F(max)
f(z)
Viy ong thanh phai tha s ca gidng trong vu t6i 1a: 1000 — 455 =512 ¢op,

d) Sai: Vu téi 6ng Thanh phai tha 512 con c4 gidng dé dugc tong ning suét khi thu hoach 1a
cao nhat.

Cho mdt tAm nhém hinh vudng canh a. Ngudi ta cit & 4 goc 4 hinh vudng bang nhau, roi gap
tam nhom lai dé dugc mot cai hop khong nap.

a

a) Thé tich ctia khéi hop 1a 10n nhat khi canh ctia hinh vudng bi cit bang 12 .

a
b) Thé tich cta khdi hop 1a 16n nhat khi canh cta hinh vudng bi cit bang © .
24°
¢) Thé tich ctia kh6i hop 16n nhat bang 27
3

a
d) Thé tich hop 16n nhét bing 27
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i
; o<y
Goi  1a d0 dai canh cua hinh vudng bi cat
i d A
P (x)=x(a—2x) ": te3 |
Theé tich cua khoi hop la:
i ( a
» . . . . . . e yv=L 0ecxe—].
()= (a-2x) + x2(a-2x)(-2)=(a-2x)(a—0x) = VT =2 [0
Béng bién thién:
T |0 a/6 a2
V'(z) K 0 —
2a?
oT
V(x)
0 0
' N HI %
max I"{v) = r': a2t
Vay
a

a) Sai: Thé tich cta khéi hop 1a 16n nhat khi canh cta hinh vudng bj cit bang 12

a
b) Pung: Thé tich ciia khdi hop 13 16n nhét khi canh cta hinh vudng bi cit bang © .
2a’

¢) Piing: Thé tich cta khéi hop 1on nhit bing 27
613

d) Sai: Thé tich hop 1on nhat bing 27
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Cau7: Mot nguoi néng dan ¢ 13.000.000 ¢6ng mudn 1am mot cai hang rao hinh chit £ doc theo mot
con song (nhu hinh v€) dé lam mdt khu dat c6 hai phan chir nhat dé trong rau. D61 vo1 mat

hang rao song song voi bo song thi chi phi nguyén vat li¢u la 60000 dong mot mét, con dbi
v6i ba mdt hang rao song song nhau thi chi phi nguyén vat li¢u 1a 50000 déng mot mét. Goi X

1a chiéu dai | mat hang rao hinh chit £ (trong ba mit song song,* >0 ). Goi 7 1a chiéu dai

mat hang rao hinh chit E song song vdi bd séng (7 >0 ).

////ﬁ

w0000+ ¢ 350000 = 15000000
a) SO tién phai lam la: dong.

_:'[][]— _:'.'l.' -
S=xvyr=yx——=250x -
' 2

[

b) Dién tich dat:

max § = 0250 (m”)
¢) Dién tich 16n nhét cta dat rao thu duge
. . . E  50m
d) Dién tich 16n nhat ctia dat rao thu dugc khi chiéu dai  mat hang rao hinh chtr  1a
Loi giai
S00-5x

A

0. 3.50000 4 00000 = 15000000 < v =

a) Sai: SO tién phai lam la:

Ly
Il
Il
|
S
=
I

L |

b) Pung: Dién tich dat:

S§'=250 =5y S'=0& 250— Syes v = 50
c¢) Dung: Ta co: ;

Bang bién thién:
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T |0 50 +oo
S'(z) I 0 —
625
S(x)
0 —00

max § = 6250 {m" )
[ L !

d) Pung: Tl bang bién thién c6 khi

x =50.

PHAN III. CAu tric nghiém tré 10i ngin

Caul: Béac Nam mudn xiy dung mot hd ga khong nap hinh try véi dung tich 3m’, Hay tinh chi phi it
nhit ma bac Nam phai bo ra xdy dung hd ga, biét tién cong va vat liéu cho Im’ thanh bé tong
ctia hd ga (thanh bé tong day va thanh bé tong xung quang) 1a 685000 ¢ong.

7 7y

o 7
‘ i—2nm ’
Loi gii
‘ I 3
V=rRh=h=—=—
ThR™ TR
Ta co: .
.0 .3 3 ) . .
S, =2TRh+ 7R = —+ 7R = =+ =+ 7R 2 3:fox(m’)
' R R R L
Mat khac: (Ap dung BDT Cauchy).
Dé chi phi bac Nam bo ra nho nhat khi va chi khi dién tich xay dung hd ga hinh try nho nht,
S =30x{m” )
va khi d6
o 085000.339 7 = 6260000
Vay s0 tién bac Nam phai bo ra la: dong.
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Cau2: Cho mot tim nhém hinh vudng canh 24 cm. Nguoi ta cat & bdn goc ciia tim nhom d6 bdn hinh
vudng bang nhau, mdi hinh vudng c6 canh bang * cm, rdi gap tim nhoém lai nhu hinh v& bén
dé duoc mot cai hop khong ne“ip. Tim X dé hop nhan dugce co6 thé tich 16n nhéat.

Loi giai
24 cm
Loi giai
x(em) (0=x=12)
Goi 1a canh hinh vudng bj cat
()= x(24-2x)
Thé tich ctia hop khong nap bang
(x)=(24-2x)(24-0x) 1(r)=0= =4
Ta co co
Béng bién thién
T |0 | 12
V() + 0 ~
1024
V(z)
0 —00
, v (x ) i x=4
Tt bang bién thién suy ra dat gia tri 16n nhat tai

Cau3: Nguoi ta mudn xdy mot doan duong AB (nhu hinh v&) va doan dudng nay phai di qua diém
M Biét rang vi tri diém M cach OD 125m v cach OF lkm  Gia st chi phi dé lam 100m
duong 1a 150 trigu ,d(‘A)ng., Chon vi tri cua A va B @ hoan thanh con duong véi chi phi thap
nhat. Héi chi phi thap nhat dé hoan thanh duogc con duong 1a bao nhiéu?

uigeli.xyz Trang 67



uigeli.xyz
D
A

B E

Loi giai

A,B
Pé hoan thanh con duong véi chi phi thap nhat thi phai chon sao cho doan thang
r r 2 A’ B r
nhat. Thiét 1ap khoang cach gitra hai diém va tim gia tri nhé nhat.
I ] \|
xOy oD . Oy i .8
Chon hé toa d6 nhu hinh du61 day voi nam trén tia . Khi @6 diém
y
DII.
A

o > X
E
XL Y,
B{m:0), A(0:n) (m.n=0) P
Goi . Khi d6 ta c6 phuong trinh theo doan chan 1a
7
1 ) Qo g
;'1/[ f:]J L.]_z]_xlz]—izk“” ]_'\,lil: o
, \8 aioH " il il s — 1
Do duong thang di qua nén
. . . . 8moy
AB =m +nw =m +| |= 1 (m) .
L Sm—1 ' o ()
Co . Xét ham so ,taco:
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m = 0{{oai)

o4

)= 24 :H;-wn I'7 _ﬁ] lem_i]—ﬁ A m) =02 | i 0
o =1 (s —1) | Sh— -——=
(Sm—1) o (sm=1) (1)
. - 5
= (Sm-1) =0d=m=—
8
¢ 3
y (5y (syv | °% 2525 125 25 55
fim)z=f|<|=1<| +|—= == +== —= AB = =
' AT 'Hi_] od 1o 04 nd B
L8
54/5
:{_(_km )
Viy quing duong ngin nhat 1a L
) 1 km 1500 o =15 . ) o
Gia dé lam duong la triéu dong ty dong nén khi d6 chi phi thap nhat dé hoan
V5 1 52 2.0003
H 2\
thanh con duong la (ty dong).

Mot soi day kim loai dai 120cm duoc cit thanh hai doan. Doan day tha nhét duoc udn thanh

Cau 4:
hinh vuéng, doan day thi hai dugc udn thanh vong tron (tham khao hinh bén dudi).
120cm
“h"*.. ."'“' \\\ ‘f"

Téng dién tich ctia hinh vudng va hinh tron dat gia tri nho nhat 1a (1am tron dén hang don vi)?

Loi giai

X
Goi d6 1a cuia doan day thir haila  cm.
(120—x)  (0=x=120)
Khi d6, d6 dai ciia doan day thtr nhat 1a cm
(120—x |

4

I. <N
V2 4rx

va dién tich cta hinh tron bang

Dién tich ctia hinh vudng bang
Tdng dién tich ctia hinh vudng va hinh tron:
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iy (120 x - {1 | I .
Slx)=| | +—=|—+— | —15x+900
R N 4r 4z 16, (0 <x<120)
1207 |
S(x) = P = (0:120)
Taco 12 mot ham s6 bac hai, dat gia tri nho nht tai "’
L 1207 .
mmnsjx)=5| | = 304cme
' s
Vay
, RETAIE
. flv)= T
Luu lugng xe 6 t6 vao duong ham dugc cho boi cong thie v vt 3 (xe/gidy), trong

d6 v (km/h) 1a van téc trung binh cta cac xe khi vao duong hdm. Tinh van téc trung binh cta
cac xe khi vao duong ham sao cho Iuu lugng xe 1a 16n nhat
Loi giai
5
—->0
v , . . =>v>0 v
Vi 14 van toc trung binh cua cac xe khi vao duong ham va

1'{3317\1@_31' i 1-13:1-,}"_?'1
. .
Theo bat dang thuc Cauchy, ta co:
Is0 380

)

= 3 = Ie ERIUE 350
% 3 - -
PR, j\llf_: 2 — I|'|:|_'}= - =
. ' e+ 5 2542
5
Sv== i
m_nm 1;<:>1‘::~<:>1=\E v>0

Déu xay ra (vi )

Vay van tc trung binh cua cac xe khi vao duong ham 1a  km/h thi luu luong xe 13 16n nhat.
A v N o VzH(m'})
Ong Nam can xay dung mot bé nudc mua co6 thé tich ~

4

dang hinh hop chir nhat véi

chidu dai gip 3 lan chidu rong, day va niap do bé tong, cot thép; xung quanh xay bang gach va
xi mang. Biét ring chi phi trung binh 13 980.000d /™" va & ndp dé ho mét khoang hinh vuéng
2

c6 dién tich bang 9 dién tich nip bé. Tinh chi phi thdp nhit ma 6ng Nam phai chi tra (lam tron
dén hang nghin dong).
Loi giai
2
‘ o 3x (m) ‘ o A (m) ‘ 3N (m)
Goi chiu rong cua bé 1a , chiéu dai bé 1a va chiéu cao cua bé 1a
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Khi d6 tong dién tich bé mat xay la:

3247

C O = T.950000 = :
Chiphi (tinh theo ddng) x4y dung la: i

SR0000 = 27657000
(d6ng).

Mot loai thuoc dugc dung cho mot bénh nhan va nong do thude trong mau cua bénh nhan duogc
giam sat boi bac si. Bi€t rang nong do thuoc trong mau ctia bé¢nh nhan sau khi tiém vao co thé

c(t)= xr (me/L)
trong ¢ (gi®) duoc cho béi cong thic el . Sau khi tiém thudc bao lau (gid)
thi ndng do thudc trong mau ctia bénh nhan cao nhét?

Loi giai

—t +1

ay _ K. [] o y Ir:]
- (¢ 1) = } c'(t)=0=]
Ta c6 / . Cho a
Bang bién thién:
t |0 1 +00
c(t) + 0 -

c(t)

Vay sau khi tiém 1 gid, ndng ¢ thude trong mau bénh nhan cao nhat.
Su anh hudng khi str dung mot loai doc t6 véi vi khuan X duoc mot nha sinh hoc mé ta boi
Plt)= ;
hamsb ¢ t{+ 4 trong d6 P() 1a s6 luogng vi khuan sau ? gio sir dung doc t. Sau
bao nhiéu gio thi sb lvong vi khuan X bét ddu giam?
Loi giai

BT PR A T -
(1) = =2 ._..t:[_r L)~ .;ll
(£ +t+4) [+ +1+4)
Xét

=3

Pt)=0=
' =1
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; i =1 Jnll:f} 0,57 E[] fo ) q ,
Ta thay ham so dat cuc dai tai va nén sau  gio thi vi khuan bat
dau giam.

s=——=f +0
Mot vat chuyén dong theo quy luat 2 v6i ¢ 1a khoang thoi gian tinh tir khi vat bat
dau chuyén dong va S 1a quing duong vat di chuyén dugc trong khoang thoi gian d6. Hoi
trong trong khoang thoi gian © gidy, ké tir khi bat dau chuyén dong, van toc 16n nhit cua vét
dat duoc bﬁng bao nhiéu?

Loi giai
. C3
l'[-”:'f:_g'r t12t Vit)=-3t+12=0<1=4
Taco : va c6 bang bién thién
t |0 4 6
v'(t) + 0 —
24
v(t)

max vi¢)=24{m/ 5) t=4.
Vay khi

Mot cira hang ban vai Thanh Ha véi gid ban mdi kg 1a 50.000 dong. Véi gia ban nay thi ctra
hang chi ban dugc khoang 25kg. Cira hang nay du dinh giam gia ban, wdc tinh néu cira hang ctr
giam 4000 dong cho mot kg thi sé vai ban duoc ting thém 1a 50kg. Xac dinh gia ban dé cira
hang d6 thu duoc loi nhuan 16n nhat, biét rang gia nhap vé ban ¢au mdi kg 13 30.000 dong.
Loi giai
X . 30000 <y 50.000 i )
Goi  dong ( ) 1a gia ban vai mai d€ cira hang thu duogc loi nhuan 16n nhat.
(50.000 - x)
Suy ra gid ban ra da giam la dong.

_‘_\[][:_‘7»[][][][] - )
4000

=025-0,0]25.x%
S6 luong vai ban ra di ting thém la

254025001250 =050-0.0125.x

Tong so vai ban duogc la

(650 —0,0125.x)x
Doanh thu cua cua hang 1a
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(050 —0,0125.¢)30000
S tién von ban dau dé mua vai la

Vay loi nhuan cua ctra hang la

(630—0.0125 x)xr— (650 -0,0125.4)30000 = —0,0125 % + 1025 — 19500000

f{x)=—-0,00125c"+ 1025¢— 19500000 = —[1.[1115[:.-.-—41[1[1[1}" FIS12300= 1512300

Ta co:
max f ["} = 1512500 v =41.000
Suy ra khi dong.
N 41.000 ,
Viay gid ban moi can vai la dong thi ctra hang thu dugc lgi nhuén 16n nhat.

Trén manh dat hinh chit nhat 4BCD ¢4 dién tich 25m” , hguoi chu léy mot phﬁn dat dé tréng
co. Biét phan dt trong co nay c6 dang hinh chir nhat véi hai dinh dbi dién 1a 4 va H véi H
thugc canh BD- Hoi s6 tién 16n nhat ngudi chu cAn chudn bi dé tréng c6 (mién t6 dam) 1a bao

nhiéu véi chi phi trdng 6 1a 70-000 gdng/m” 2

A N D
M f2i
B C

A N D
M o

B C
NH DN NH DN

ABAD=25(n) = == = x= NH=x.AB AN = (1= x) 4D
Tace “0AD 25(m -"; AB DA pst AB DA -

T Ay o A p1s, S=ANNH =x(l—x).AB.AD=25x(1-x
Dién tich dat trong co la: : H (1= x)AB.AL Srfl=x)
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Dién tich 16n nhét khi (12 6 nhét ma

§=_15=-2"

Dién tich dat trong co 16n nhat 4 4

T =—70000=437500

S6 tién 16n nhét dé trong co: 4 dong.

Nguoi ta can lam mot cai bé ca c¢6 hai ngan, khong c6 nap & phia trén véi the tich 1

,296 m”

Nguoi ta cat cac tim kinh ghép lai mot bé ca c6 dang hinh hop chit nhat (hinh v& minh hoa) voi

ba kich thuéc la ©P+C. Nguoi ta phai thiét ké cac kich thudc 13 bao nhiéu dé d& ton kinh nhét (

gia str d day cua kinh khong dang ké). Khi d6 hay tinh gia tri biéu thuc 7 =« + b+

<
>
P

Loi giai

I =ghe=1,290
Thé tich bé ca la

Keé ca miéng kinh ¢ giira, dién tich tong cac miéng kinh la

S=uabh+ 2ac+ 3he

S 5§ _ab+2ac+3hc 1 2 3
1,296 e ¢ b oa
Suy ra
¥ 2 3 72
123 l:__:\/l:_
c b a c b ¢ bhoa
Ap dung C6 si cho 3 s0 ta co
abe=1,290 a =15
1 2 3 =.h=]2
n_mn l__E_; L'=ﬂ.("

= n

Déu xay ra khi
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I
L

- 7Y 1.296
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g=lamp=0L2m:c=006m
Vay dé d& ton kinh nhat thi

T=ag+h+e=18+012+06=30
Khi d6

B. BAI TAP TU LUAN

Bai tap 1: Mot chat diém chuyén dong c6 van tdc tirc thoi v(t) phu thudc vao thoi gian ¢ theo ham s6
vit)=—t"+24¢ 4 500 , o L L 4k A A1
- (m/s). Trong khoang thoi gian tir £ =0 (s) dén =3 (s) chat diém dat véan tc 1on
nhét tai thoi diém nao?
Loi giai
t=1

|"=:2~J"_?.

Bai toan tré thanh tim gia trj 1on nhat ciia ham s6 trén [0;5] ta co:
v(0)=500: (243 ) = 004: v(5) = 475

V)= 148 =4 -12)=0 =
Ta co

Vay van toc 16n nhat khi ! = 2V3 =4 gidy.

Bai tap 2: Sy phan huy cua rac thai httu co c6 trong
nudc s€ lam tiéu hao oxygen hoa tan trong nudc. Nong ]

d6 oxygen (mg/l) trong mot hoé nude sau ‘Z gio (f’Z 0
khi mdt lugng rac thai hitu co bi x4 vao ho dugc xap xi

. I
, ‘ rlt)=5-—
boi ham s0 c6 do thi 1a duong cong 9 +1
nhu hinh bén.Véor cac th’(‘yi di@m nao nong dd oxygen 0 t ’ l 2
trong nudc cao nhat va thap nhat? 1 2 3
Loi giai
6.2 &
(=5 1 5¢ _1"[’;}:%:[‘11);:1
M) =0 — o ' 9 1)
Xét ham so 9+ 1 trén [0:4) cod ( )
: _ P . L .. 15t -
lim y(r)=lim| 35— — =5 limp{)=lim|5- — =5
Bang bién thién:
1
t 0 3 +00
.}"F[ﬂ T 0 +

() 5\ /5
0
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mm ||\ )=0 |11111x_u'{1]:5
| P [

Ttir bang bién thién ta thay | va

Bai tip 3: Tinh dién tich 16n nhat S"'"~“ ctia mot hinh chit nhat ndi tiép trong nira dudng tron ban kinh
R=06cm néu mot canh cta hinh chit nhat ndm doc theo duong kinh cua hinh tron ma hinh chir nhat do

nodi tiép.

.

A 0 B
Loi giai
Goi chidu dai AD =2x ygi 0<x<6 = A8 = 30—

fx)=2030—-x . (0;6)

tren

Dién tich hinh chir nhat 1a ¥ = 2¥V 30— y3 x¢t ham sb (x)

f(x)=30-0 - =0 =232
Ta co: V30—

5 - A A P \ J4 X
Bang bién thién ctia ham so J ) nhu sau:

x 0 32 6
f(x) + 0 -
36
fla) | T TR
0 0
36¢cm?

Vay gia tri 16n nhat cua di¢n tich hinh chir nhat dat dugc 1a
Bai tiap 4: Mot ngudi mudn xay mot cai bé chira nude, dang mot khdi hop chu:

nht khong np co thé tich bing 288dm” 413 Py bé 1a hinh chit nhat o chidu

dai gip d6i chiéu rong, gia thué nhan céng dé xay bé 1a 500000 gjng/ m’ Néu
nguoi do biét x4c dinh cac kich thudc cua bé hop i thi chi phi thu€ nhan cong s&
thap nhat. Hoi nguoi d6 tra chi phi thap nhat dé thué nhan cong xay dung bé do
la bao nhiéu?

Loi giai

Goi “" 7 0) 14 chidy rong ciia day bé. Khi d6 chiéu dai ciia day bé 1a 2% 1a chiéu cao cua bé

0,144 Lo 0.864
. . 2x
la X . Khidd dién tich can xay la v
iy . 0,804 0, \(4
Cfx)=2 f'(x)=4r - = 0es v = 0,0
Xét ham so rYooco

Bang bién thién ctia ham sb / (r) nhu sau:
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x 0 0,6 +00
f'(x) = 0 +
+0o +00
f(x) SR s oo i

e i () 70,612 2.
Tir bang bién thién taco ™/ (r)=f{0.0)=2.10

Vay chi phi thip nhét dé thué nhan cong xay bé 1a:

Bai tip 5: Mot nha san xudt can 1am ra nhitng chiéc binh c6 dang hinh tru voi dung
1000cm’ ‘
tich . Mat trén va mat dudi cia binh dugc lam bang vat li€u c6 gia 1,2

2
cm

nghin dong/ , trong khi mit bén cua binh duoc lam bang vat lidu co gia 0,75
ooom’ , C o s
nghin dong/ . Tim céac kich thudc cua binh dé chi phi vat liéu san xuat moi chiéc

binh 1a nhé nhét.

Loi giai

100
. ~(cm)
suy ra chiéu cao la 7-¥

Goi bén kinh cita déy binh la * (€m)- %> 0

. , , Fix)=2.1 2o 4
Chi phi dé san xuat mot chiéc binh Ia: X

T(*) 14 nho nhét

Dé chi phi san xuat mdi chiéc binh 1a thap nhat thi

e 1s00
Xeéthamsé T () ¢ B = (thod min)
Béng bién thién:
x 0 = 12
T'(x) - 0 +
+00 T(12)

Ry, S
(VB

T(x)
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625
. ] S cm .
D¢ chi phi san xuat moi chi€c binh la nho nhat thi ban kinh day cua binh la ¥ <7 va chi¢u
100 .
~(cm)
| 025
IV 2r |

(1

cao cua binh la
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